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GIOI THIEU CHUNG

Xin tran trong gion thiéu tai han doc cuon sdach:
CAC DANG TOAN DIEN HINH 9 - TAP 2

Cuon iach bao gom 2 phan voi 4 chiong:

PHAN DAI SO

Chuong III - HE PHUONG TRINH BAC NHAT HAI AN

Chuong IV ~HAM SO y = ax’ (a # 0) - PHUONG TRINH BAC HAI
MOT AN

PHAN HINH HOC
Chuong III - GOC VOI PUONG TRON
Chuong IV — HINH TRU — HINH NON - HINH CAU

hii dé 1, chii dé 2, ..) theo néi dung chicong

O méi chiwong chita dung ¢dc bai hoc (15
‘inh cua sach gido khoa mai.

Méi bai déu dwcoc chia thanh 4 muc: =L

A. Tom tdt li thuyét: Trinh bay ¢6 trdt tie noi dung kién thic lién quan.

B. Phuong phap gidi todn (hode cdg. Y ' du mauJ

Gom cdc vi du duoc myé’n chon ¢ chon loc n?mm gmp hoan thién kién thitc co
bdn va ndng cac ki ndng gm: Toun

C. Bai tdp luyén tap

D. Huéng dan —Padp 56

Nhit vdy, ¢ moi bai:

1. Voiviéc trinh bay muc tém tdt li thuyét, sé giip cdc em hoc sinh hiéu rdng can

phdi nam vitng nhitng néi dung gi?

2 Tiép do, 161 muc phuong phdp giai toan, sé gitp cdc em hoc sinh hoan thién kién thiic.

3. Pdc biét la néi dung cuia cdc chit y, nhdn xét va yéu cau sau moi vi du sé giiip

cdc em hoc sinh cung ¢6 nhitg thiét sét va cdch nhin nhan, danh gia cdc van dé
ddrt ra.

4 Ngoai ra, con c¢é rat nhiéu vi du duoc gidi bang nhiéu cdach khdc nhau sé gitip

cdc hoc sinh tra nén linh hoat trong viéc lwa chon phuwong phdp giai.

Cuéi cung, cho du da rdt c6 gdng, nhumg thdt khé tranh khdi nhitng thiéu sét bai
hitng hiéu biét va kinh nghiém con han ché, rdt mong nhdn duoc nhitng y kién dong
op quy bdu ctia ban doc gan xa.

Moi y kién déng gdp xin lién hé toi:
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PHAN PAI SO
CHUONG Il - HE HAI PHUONG TRINH BAC NHAT
HAI AN

cHU BE 1 DL SONG TRINH BAC NHAT HAI AN 6
A. TOM TAT L] THUYET

1. DINHNG '
‘Phucmg trinh bac nhat ha1 in la phuung tﬁnh cé dang ax + by C.
ltrong d: T :
& .»:‘,a,b cla hing sdvia;-bkhOng d6ng thbib_ ngkhong.

| sx,ylahaiins6. ek ‘;2 SN

’I’i’rdé ta c6 dinh nghlasau P 1 e
Nshlémcuﬂphwnstﬁnhbﬂcnhﬂlﬁl‘ﬂn Cﬂccﬁpslém(xnyu) (%53 ¥2),... cia
:hménwxv&yﬁloémannnhchM"b‘n@ dophdongmnhthigmmmor:gMg
cila hai biéu thitc J hai vé ciia phuong trg_r[g_bang nhau -

2. CACHGIAI

Méi phuong trinh bac em Tap hop céc nghigm
ctia phwong trinh duge bxé‘:lhg‘%lmu%g % iiﬁf g 2‘% d6 12 mot dudng thing, goi

la dyomg thing ax + by = ¢ (mdi diém W‘m mg ax. $: by =c bléu dién
mot ¢dp nghiém (x; y) ciia phwong trinh).. H-33 |

» Néua#0,bz0 rh:dudngth&ngd‘dldd&th:hdmsdbﬁcnhdt

y-——x+—.

» Néua=0, b¢0rh1dut}ngthtfngddldddthlhdmsd' y:-.ri-)-
461 diomg thcfng song sangvo!OX c#O nﬂng‘wszx né'uc=0

s Néira#0,b=0rhi dwd'ng tﬁang dé cd dang*mx,a -; o i .' G _

délddudngt}uingfongsongvézowéhc:wnﬂngvdzoyng'uc 0 | |
i Dﬂbnsﬂlﬁnsx a-mongphﬁmdsmihnm&

o J

2 Vd:yéuc&ugnéxphumg trinhax+by=c,-mﬂmui.'a13 tlmchx&xbacmg viée:
.= Bién d6i dé chi ra mot vai nghiém cu thé ciia phuong trinh. '
" = Viét duoc céng thirc nghiém téng quat ciia phuong trinh.
-« Biéu dién nghiém clia phuong trinh trén mat phéng toa 4.

CI%TMDS‘}TZ 5
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B. PHUONG PHAP GIAI TOAN

Yidg 1z (Bai 1/tr 7 — Sgk): Trong cdc cdp s6 (-2 ; 1), (0;2), (=1;0), (1,5;:
va (4 ; -3), cdp s6 nao la nghiém cua phuong trinh:
a. 5x +4y=8. b. 3x +5y=-3.
£ Gidi
Dé giai dang todn nay, ta thay c4c gié tri clia cdp s6 di cho vao vé& tréi ci
biéu thic. S6 thit nhit thay vao bién x, s6 thit hai thay vao bién y va tinth to4n.
" Neéu két qua c6 dugc bang v& phai thi cap s6 da cho 1a nghiém cu
phuong trinh.
" Neéu két qua c6 duge khéng bang v€ phai thi cap s6 da cho khémg phai |
nghiém ctia phuong trinh.
a. Xét phuong trinh 5x + 4y = 8.
" Véicaps6(-2;1). Taco:5.(-2)+4.1 =-6 #8.
Do dé, cap s6 (-2 ; 1) khong phai 1a nghiém clia phuong trinh.
" Véicaps6 (0;2). Tacé: 5,0 4.2 =8.
Do d6, cap s6 (0 ; 2) 1a nghiém-etia phuong trinh.
" Véicaps6 (-1;0). Tacé: 5.(-1)+4.0=-5=8.
Do dé6, cap s6 (<1°}0) khéng phai 14 Aghiéii'ciia phuong trinh.
® Véicaps6(1,5;3). Tacé;5.1,5+4.3=19,5=8.
Do dé, cap s6 (1,5 ; 3) khong phi 12 nghiém ciia phuong trinh.
" Véicaps6(4;-3). Tacé: 54 +4.(-3)=8.
Do dé6, cép s6 (4 ; —3) 12 nghiém ctia phuong trinh.
b. Xét phuong trinh 3x + S5y = -3.
® Céc cap (-1;0) va (4 ; -3) Ia nghiém cta phuong trinh.
® Ciccip(-2;1),(0;2)va(l,5;3)khoéng phai la nghiém cta phuomg trinh,
Yidwp 22 Giai phuong trinh: x — 2y = 6.
£ Gidi
Thuc hién viéc bién déi phuong trinh vé dang: x = 2y + 6.
Téi ?ay, cho y céc gia tri tuy y chiing ta s€ tinh duoc gié tri tuong \ing cu:
X, cu thé:
* Véiy=—4=x=2.(4)+6=-2=cap (-2, —4) l]a mét nghiém..
" Veiy=0=>x=2.0+6=6= cap (6; 0) 1a mot nghiém.
Viy c6 thé 14y gid tri tuy ¥, nén phuong trinh c6 v6 s6 nghiém, daing téng
quat cy m la (x =2y + 6, y € R) hoac viét (2y + 6; y).

ﬂ CDTDHIDS9-T

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

¥ Nidn xét:

1. Vi vai tro cia x, y trong phudng trinh la nhu nhau nén co thé giai

>huong trinh theo cach:
x—6
5

Té6i day, cho x cac gia tri tuy y ching ta s€ tinh dugc gia tri tuong g
cuay, cu thé:
+ Vaix=0=y=-3=cdp (0; -3) la mét nghiém.
« Voix=2=y=-2=>cdp (2;-2) ]a mét nghiém.
Vi x co thé 14y gia tri tuy ¥, nén phuong trinh c6 v6 s6 nghiém, dang
Xx—6

Thuc hién viéc bién d6i phuong trinh vé dang: y =

tdng quat cta nghiém la (x; ) yT x-2y=6

2. Tap cac nghiém cia phuong trinh: [0) 6 X
1 ) -
x-2y=6 <:>y=5x—31&m6tdu6ngthéng. 3

Vidp3: Gidi phicong trinh: 0x + 2y =\ T‘2

£S5 Gidi
Thuc hién viéc bién d6iphyemg trinhyé dang; 2y,:m12 < y =6
Téi day, cho x céc gia tri tuy y ta luén nhan dugc y = 6, do d6 cic cap so
(-81; 6), (33; 6), ... déu larnghiémscta phitong:trinh.ine
Vay, phuong trinh c6 vo s6-nghiéms-dang-téng-quit-clia nghiém la (x € R; y =6)
hoac viét (x; 6).
@ Nhdn xét:
1. Vi hé s6 ctia x trong phuong trinh bing 0 nén khéng thé giai
phuong trinh theo x duogc. y,

2. Tap cac nghiém cua phuong trinh: 6 y=6
Ox + 2y =12
& y = 6 1a mot dudng thing song song véi Ox va =
cit Oy tai di€m c6 tung d6 bing 6. - -

Téng qudt: Phuong trinh y = m c6 v6 s6 nghiém dang (x, m), biéu dién trén
mat phang toa dé 1a dudng thing song song véi Ox va cit Oy tai diém c6 tung
d6 bang m néu m # 0, tring v6i Ox néu m =0.
Yidp 4z Gidi phuong trinh: 6x — Oy = 18.
&S Gidi
Thuc hién viéc bién déi phuong trinh vé dang: 6x = 18 <> x = 3.
Téi day, cho y cac gia tri tuy y ta luén nhan duge x = 3, do d6 cac cap s6
(3; 200 & 1989), ... déu 1a nghiém cia phuong trinh.

S9-T2 7
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Vay, phuong trinh c6 vé s6 nghiém, dang téng quét cia nghiém la (3i; y € R
hoic viét (3; y).

@ Nhdn xét: |
1. Vi hé s6 cha y trong phuong trinh bing 0 nén khéng tthé gia
phuong trinh theo y dugc. Y4 -
2. Tap cac nghiém cua phuong trinh: -
6x —0y =18
& x = 3 1a mot dudng thing song song vdi Oy va 3 %
cit Ox tai di€m c6 hoanh d6 bing 3.
Téng qudt: Phuong trinh x = n ¢é v6 s6 nghiém dang (n; y), biéu dién trés
mit phing toa d6 1a dudng thing song song véi Oy va cit Ox tai diém c
hoanh d6 bing n néu n # 0, tring véi Oy néu n=0.

VidwS: (Bdi 1/tr 7 — Sgk): Cho hai phuong trinh x +2y =4 vax —y = 1.V,
hai duomg thdng biéu dién tdp nghiém cia hai phuong trinh dé tré)
ciing mét hé toa dé. Xdc dinh toa dé giao diém ciua hai dwomg thdn,
va cho biét toa dé cua ngladnghiém cia cdc phuong trinh naio.

&S Gidi —Hoc sinh 1 vé hinh

Ta cé: —

* Dudng thing biéu dién tap nghlém cla phuo'ng trinh x + 2y = 4 di qu:
hai diém A(0 ; 2)'va/B(d3@)achmi

* Puong thing biéu dién tap nghiém cua phu‘cmg trinh x — y = 1 di qua ha
diém C(0 ; —1) va B(1%: 0)." "~

Tir d6 thi ham s6, dé dang nhan thay hai dirﬁng thing AB va CD gi:ao nhau

tai diém M(2 ; 1).

ViM e ABvaM € CD nén toa do6 cia M 1a nghiém cia ca hai phuong
trinhx +2y=4vax-y=1.

Yidwp 8 Tim nghiém nguyén cua cdc phuong trinh:

a. x-3y=4. b. 3x+y=6. c. 4x -5y =38.

& Gidi
a. Bién déi phuong trinh vé dang: x = 3y + 4.

Nhan xét rang, v6i VyeZ, taluén c6 x = 3y + 4eZ.

Vay, phuong trinh ¢ v6 s6 nghiém nguyén thoa man (3y + 4; y) véi yeZ.
b. Bién déi phuong trinh vé dang: y = —3x + 6.

Nhan xét ring, véi VxeZ, talubn c6 y = -3x + 6€Z.

Vay, phuong trinh c6 v6 s6 nghiém nguyén thoa man (x; 6 — 3x) v6i xeZ.
c. Bién d6i phuong trinh vé dang:

4x=5y+8@x=%y +2=y+2+-i—. (1)

ﬁ B G CDTDHIDS9-T2
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Datk = %.keZ@y=4k,keZ.

Thiy y = 4k vao (1), taduge: x = (4k + 2) + k =5k + 2.
V4y, phuong trinh c6 v s6 nghiém nguyén thoa man (5k + 2; 4k) voi ke Z.

@ Nhdn xét: Nhu vay, qua vi du trén ching ta da biét dugc mot phuong phap
tim nghiém nguyén cua mét phuong trinh bac nhat hai an.
Yidp?: Chodiwong rhcfng (d):mx —(m+4)y=m.
1. Tim m dé duong thang (d):
a. Cdt hai truc toa dé tai hai diém phdn biét.
b. Song song voi Ox.
c. Song song voi Oy.
d. Song song véi duong thang (A): X +y = 6.
2. Chitng minh rdng khi m thay déi, duong thdng (d) luén di qua
mot diém 6 dinh.

&5 Gudi G h

1. Véi duong thing (d), ta cé a = m; bd *(m +4)vac=
a. Dé (d) cit ca hai truc toa do diéukiénJa:

az0 m# 0
b0 & —(m+4)¢0<:'5{
cz0 m # 0 load
Viy, vdim¢0v&m¢=4,mm*miwdﬁwkmﬁﬁu bai.
b. Dé (d) song song véi Ox diéu kién la:
a=0 m=0
b#0 & (—(m+4)=0,v6nghiém.

fBchMienphi.com
m¢—4 -

cz0 m=#0

Vay, khong t6n tai m dé (d) song song véi Ox.
c. Dé (d) song song v6i Oy diéu kién Ia:

az0 m#0
b=0&<(-(m+4)=0 &m=-4.
cz0 m=#0

Vay, vgi m = —4, thoa man diéu kién diu bai.
d. Viét lai phuong trinh hai duong thang (d) va (A) duéi dang:

m+4 m+4

,voim # —4

(d):y=
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Khi d6, dé (d) song song véi dudng thing (A) diéu kién la:
m
m+4
Vay, v6i m = -2, thoa man diéu kién ddu bai.
2. GiasitM (x,; y,) 12 diém c6 dinh ma dudomg thing (d) luén di qua
&> mx,—(m+4)y,=m, Vm &S m(x, =y, — 1) =4y, =0, Vi

Xo—Yo—1=0 Xo =1
<:>{ 0o~ Yo - { 0 .
-4y, =0 Yo =0

Vay, dudng thing (d) luén di qua diém c6 dinh M(1; 0). ,
Yidp® a. Ldp cdng thice tinh khodng cdch tir géc toa dé dén diwong thang
ax + by +c=0.
b. Ap dung, tinh khodng cich tix géc toa dé dén duomg thing 3x —4y = 10,

=-l&em=—m-42m=—4&S m=-2.

& Gidi
a. Ta xét cac truong hop:
Truomg hop 1: Neua=0vab#0. _

Khi d6, dudng thang c6 dang: by+c 0o y= —% do dé, khoang «éich tir

Truong hop 2: Néu a# 0 va b = 0.
Khi d6, dudng thing c6 dang: ax + ¢ =0 & y = —— do dé, khoaing céch tir

a
-
al |a|’
Truomg hop 3: Néu a, b # 0.
Goi A, B theo thit tu 12 giao diém cua (d) véi céc truc Oy, Ox, ta dluoc::

= Véidiém A:x=0:>y=——;—,dod6A(0, %).

gdc O dén dudng thing bing

goc O dén duong thing bing

* VéidiémB:y=0=x=-=,dodéB(-<, 0).
a

a
Goi H 12 hinh chi€u vuéng géc cia O 1én dudng thang (d).
N
OH®’ OA’ OB’

Trong AOAB vuéng tai O, ta cé:

o
OA.OB bl| a Icl
<=>0H_\/0A2+0B2 - 2 2 =\/_2_2“ ")
C C a“+b
i + S —
Bc \/(b) ( aJ
A CDTDHDSI-T2
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. 2 ’ « - 5 a ™ ""10
0. Goi h la khoang céach tir O dén duong thang, ta cé ngay: h = l I = 2.

V3% +(-4)°
@ Nhdn xét: Cong thite (*) van dung trong truong hop 1 va truong hop 2.
Yidwg 9 Cho hai dicomg thang:
(d):ax+by+c,=0(a, b,=0).

(d,): a,x + b,y + ¢, =0 (a,, b, 0).
Chimg minh rang:

a. (d,) va (d,) cart nhau khi Ll B s
a, b,
b. (d,) va (d,) song song voi nhau khi 8 = " Fe

c. (d)) va (d,) trung nhau khi 2L = ::—' = —.

&5 Gidi I

Nhu ta da hoc & phan truéc, vm har I!lﬁmg thang:
(d,) y =m,X +n, va (d,): y %257~c+n2
ta c6, cc két qua: ‘
. (d)”(dz)anh mgvanf?ﬁny
* (d)=(dy) & m,=m,van, —"2
* (d)N(d)={A} @myp#myg
V'iét lai cac dudmng thang dudi dang,.

d):y=- =L x+ L va(d,):y=— L x+ -
(d):y b, b, (dy):y b, b,
a. (d,) va (d,) cat nhau khi:
a, a, a, b,
-— #——= & — # —  dpcm.
b, b, a, 2
b. (d,) va (d,) song song vdi nhau khi:
& __a (& _b,
I B By 18 b’c»iL:l’L;ti'—,dpcm.
S oty LI T Y
(b, b, (b, ¢,
c. (d)va (d,) trung nhau khi:
(a__a,  [a _b,
J b b bzcﬁﬂ:h:C—‘,dpcm
L LW
b#™®b, by &5
S9-T2 11
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C. BAI TAP LUYEN TAP

Bai 1: Giai cic phuong trinh sau:

a. 4x—y=]_ C. Ox+2y=6.

b. x+2y=0. d 3x-0y=12.
Bai 2: VEé c4c dudng thing c6 phuong trinh sau:

a. 3x-4y=12. c. Ox-y=2.

b. 3x-2y=0. d. 2x-0y=-+4.

Bai3: Kiém tra xem trong céc cap s6: (3, -1), (v2, 1 - +2), (81, -80)., (2, 1).
cap s6 nao la nghiém cua phuong trinh x +y = 1.
Bai 4: Duong thing 2x — y = —4 di qua diém nao trong céc diém sau:

AQ, 4), 5(7'_5,4+J£).C(1 2)D(f_ 243).

Bai 5: Cho dudng thing (d): mx + 2y = 4.
1. Vé dudng thing khi m = 2.
2. Tim m dé dudng thing (d): ,
Cit hai truc toa do0 tai hai dlem phAn biét.
Song song véi Ox. -
Song song véi Oy. —
Song song véi du’b‘ng thang (A) X+ y 6
Cé huéng di lén: nienpl
Cé huéng di xubng
3. Omng minh ring khi'm thaydi; dudng thing (d) luon di qua mot diém «6 dinh.
Bai 6: Chimg minh ring khi_m thay déi, cdc dudng théng sau luén di qua mot diém
c6 dinh.

"".“ O o

a. x+m(y—-1)=2 b. mx+(m—=2)y=m
c. m(x—5)—-2y=6. d. mx—-2y=6.
Bai 7: Tim nghiém nguyeén ctia cac phuong trinh sau:
a. 2x+y=4. d. 3x-2y=4.
. X=Ty=09. e. 3x+y=8.
c. x—2y=3. f. x=2y=3.
Bai 8: Tinh khodng céch tix g6c toa do dén céc dudng thing:
a. 4x+3y+20=0. c. 3x=2.
b. 2x-y=4. d. -2y=1.

D. HUGNG DAN - PAP SO
Bai 1: Dé nghi hoc sinh tw lam phdn biéu dién bdang doé thi.
a. Bién d6i phuong trinh vé dang:
y=4x -1
suy ra, %cap s6 (1, 3), (0, -1), ...Ja nghiém ctia phuong trinh.

Va g trinh c6 v s6 nghiém, véi dang téng quat (x, 4x—1).
L@‘ g CDTDHDS9-T2
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Bién déi phuong trinh vé dang: x = -2y
suy ra, cic cap s6 (0, 0), (-4, 2), ...1a nghiém ctia phuong trinh.
Viy, phuong trinh ¢ v6 s6 nghiém, véi dang téng quat (-2y, y).
c. Bién d6i phuong trinh vé dang: 2y =6 &> y=-3
suy ra, cac cap s6 (0, 3), (81, 3), ...1a nghiém ctua phuong trinh.
VAy, phuong trinh ¢ vé s6 nghiém, v6i dang téng quat (x, 3).
d. Bién d6i phuong trinh vé dang: 3x = 12 & x =4
suy ra, cac cap s6 (4, 33), (4, 89), ...1a nghiém cua phuong trinh.
Vay, phuong trinh ¢ vé s6 nghiém, véi dang téng quat (4, y).
Bai 2: Hoc sinh tu lam.
Bai 3: Ta lan lugt xét:
» Thay (3, —1) vao phuong trinh, ta dugc: 3 + (-1) = 1 < 2 = 1, mau thuin.
Vay, cap (3, —1) khong phai 1a nghiém cia phuong trinh.
. Thay(ﬁ, 1-+/2)vao phuong trinh, taduqc:\ff +1-2 =1e>1= 1, ding.

Vay, cap (\/5 , 1= 2 ) 1a nghiém ctia phuong trinh.
» Thay (81, —80) vao phuong trinh, ta duoc: 81 + (-80) =1 & 1 = 1, ding.
Vay, cap (81, —80) la nghiém cua phuong trinh.
* Thay (2, 1). vao phuong trinh, ta dugc} 2 + 1 = 1 & 3 = 1, mau thuin.
Vay, cap (2, 1) khong phai la nghiém eiiajphuong trinh.
Bai4: Ta lan luot xét:
» Thay A(2, 4) vao phuong trinh du‘o‘ng thng, ta duoc:
22-4= 4 & 0= +4, mau thudn,
Vay, duong thang khéng di qua diémA.
» Thay B(—, 4 + V2 vao phuong trinh dudmg thing, ta duoc:

Jf
1
2 = N V2)= -4 & 4= -4, ding.
Vay, duong thing di qua diém B.
* Thay C(1, —2) vao phuong trinh dudng thfmg, ta dugc:
2.1-(-2)= 4 < 4 =4, mau thuin.
Vay, dudmg thing khéng di qua diém C.

1 :
* Thay D(-—-:—;—-—2 ,=2/3 ) vao phugng trinh dudmg thing, ta duoc:

1

Zﬁ—(—25)=—4@2 ﬁ+2 2\/5

B-0B+2)
& -2V3 +2)+23 = 4 4 =4, diing.
V 4y, dudng thing di qua diém D.
Bai5: Giasit M (X, ; y,) 12 diém c6 dinh ma dudng thing luén di qua:
S mXg + 2y,=4, Vm & mx, + 2y,—4 =0, Vm
x, =0 xo =0

YO=

=4

= M(0; 2).
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MOBEZ  LIp PHUONG TRINH BAC NHAT HAI AN S6

A. TOM TAT Li THUYET

B. PHUONG PHAP GIAI TOAN
Vidwy 1z Gidi hé phuong trinh sau bang dé thi:

4x+3y =12
8x +6y =24
y
£ Gidi \B
Truéc tién, ta vé hai dudng théng 4x + 3y = 12 va
8x+6y=24,d6chﬁ1hlédﬁﬂ1§cﬁahémsdy:—ix+4. A' -
3 O] 3\ «x

Dé vé dé thi ta 14y 2 diém A(O, 4) va B(3, 0).
Hai dudng thing tring nhau nén c6 vé s6 diém chung. Vay, hé c6 v6 s6 nghiém,

mbi t?évtoa doé (x, y) cia mot diém trén duong thang 4x + 3y = 12.

A

CDTDHDS9-T2
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vidwp 2z (Bai4/tr 11 — Sgk): Khong can vé hinh, hay cho biét s6 nghiém cua
moi hé phuong trinh sau day va giai thich vi sao ?

y=3-2x 2y =-=3x
a. : C.

y=3x-1 3y =2x

Jy=—1x+3 Ix-y=3
b ? , d. | ]

1y=—5x+l x_§y=

6 Giai

1. Xét cac phuong trinh trong hé, ta cé:
* Pudng thing y =3 — 2x ¢6 hé s6 géc a, = 2.
®  Pudng thang y = 3x — 1 ¢6 hé s6 géc a, = 3.
Vi a, # a, nén hai duong thang nay cét nhau.
Vay hé c6 mot nghiém duy nhat.

b. Xét cac phuong trinh trong hé, ta cé:

®  Puong thang y = —% X #3 cc@hqis{) #,oc a, =

5,;;;,,”_,_”
*  Puong thang y——lx +1c6 heé s6 sO goc a, ——%.
Vi a, = a, nén hai dlrcn‘ng ihﬁﬁg‘na}' sdﬁg sﬁﬁgiv%t nhau.
Vay hé vo nghiém.
2y =-3x

c. Xéthé:{~ - —— —
3y =2x

Ta co:

* Pudng thing y = —% X 6 hé s6 géc a; =——

_ Du&nglhéngy:%x céhésé’gécaz:%.

Vi a,.a, = —1 nén hai dudng thing nay vuéng géc véi nhau.
Vay hé c6 mot nghiém duy nhat. D€ thdy nghiém dé 1a (0 ; 0).
x-y=3
d. Xét hé: 1

X—-=y=1
3}'

Ta co:
* Pudngthang3x —y=3 < y=3x - 3.

. Duf)fqﬁthﬁngx—ly= 1 y=3x-3.
S9-T2 5
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Ta thay hai dudng thing nay tring nhau.

Vay hé c6 vo6 s6 nghiém.
Yidy 3 Hdy xdc dinh s6 nghiém cua cdc hé phuong trinh sau (miinh hoq
bdng dé thi):
2x -y =-1 x-y=8 3x+6y =6
a. . c. :
X—y=-1 b. {x Y i’ X4+2y=3
2 2
&S Gidi
a. Nhan xét ring:
) e e o R e s B g DA
az 1 bz — l az bz

Vay, hé cé nghiém duy nhat.
Dua vao d6 thi, ta thay hé c6 nghiém duy nhat (0; 1).
b. Nhan xét ring:

EL:L =2v3 bl = -1 =2
a 1/2 b, —(t/ 2 [
a, b C,

Vay, hé c6 v6 s6 nghiém. , |
c. Nhan xét ring: '

a_'=2=3v§£.'..=—6- =3
a, 1 b, 2
3x+6y=6
e Wi B A0 By xx+2y"y=2
a, b, C2

Vay, hé¢ v6 nghiém.
Yidw 42 Hdy xdc dinh sé nghiém cua cdac hé phuong trinh sau (miinh hou

bang dé thi):
. {4x+0y=12- & {x+3y=6 | V4
X-y=2 Ox-y=-2 N N __,(
[ X / a
&S Gidi 9] 2 7 x
a. Nhan xét ring: /
a_'_i_4 a_=-9_=0=>.ﬂ.;th Y,
a, 1 b, -1 a, b, . x-y=2 % =3

Vay, hé c6 nghiém duy nhat.

Dva vho dé thi, ta thdy hé c6 nghiém duy nhat la: { ;
y L.

A 5 CDTDHDS9-T2
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b. Nhan xét rang: Ya
TR VL IR A PN R
a: 0 b2 B 1 az bz I y= 2
Vay, hé c6 nghiém duy nhat. ‘ %
Dua vao dé thi, ta thay hé c6 nghiém duy nhét (0; 2). o) ~C
. r s a 3 ax -y =2 Xx+3y=6
Yidp &z Chung to rang hé phuwong trinh:

x+2y=3

a. Coé nghiém duy nhdt voi a = 3.

b. Vé nghiém voi a= -—% :

Hdy minh hoa bang dé thi.

& Gidi
Ix—=y =2
a. V@i a=3, h¢ phuong trinh c6 dang
x+ 2y 3.
Nhan xét rang:
=23
a 1

Vdy, hé c6 nghiém duy nhét. o mienphi.com
Dua vao d6 thi, ta thﬂy hé co nghlém duy nhat la

{x =1
V4
y=1 I

1
b. V6éi a=-—, hé phuong trinh c6 dang: 0\ X
7 - P 8 g = e
| \ X+2y=3
——X-y=2
T i

2N x+2y=—4
X+2y=3
Nhan xét rang:
d, ="]/2 =_l \QPL =__1=___I_ :ﬂ_=_l?_|_ =_l _-,tc_] =3_
a, 1 2 b, 2 2 a, b, Z e 3
Vay, hé vo nghiém.
ax+y=b
Yidy & Cho hé phuong trinh: ;
a,x+y=b

a.  Chimg minh rang hé luén cé nghiém véi moi a,, a,, b bdt ki.
Hé c6 thé cé vé s6 nghiém duoc khéng ?

[ DAl HOC QUOC GIA HA NOI
DS9-T2 | TRUNG TAM THONG TIN THU VIEN

j e/ 5050 |
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&S Gidi

=-aXx+b d
a. Bién déi he vé dang: {y e ()

y=-a,x+b (d,)
Nhan xét ring, hai dudmg thing (d,) va (d,) ing véi hai phuong trimh tron,
hé luén cit truc Oy (Vi ¢6 hé s6 tr do bing nhau) tai diém I(0, b).
Vay, hé phuong trinh luén c6 nghiém (0, b) véi moi a,, a,, b bat ki.
b. Hé c6 vo s6 nghiém khi: (d,) =(d,) & a, = a,.
Yidy 7z Siz dung ba dinh li da biét tim ba hé phwong trinh tuwong dwong v

. {x-—y=2
hé sau: >
x-3y=8
& Gidi
Ta l4n luot:
. . 3 X-y=2 i_1=1
1. Stdungdinhlil,taduoc: { ° 22 2
X -3y=8

2. Sirdungdinhli2, taduoc: | |

x—y=2 XQy-.=2 x—y=21
x =3y sBunlo(xay)HxsBy)=2 -8 |2y =6

3. Sirdungdinh i 3, ta duoc:

x—y=2"""x=y+2 """ (x=y+2
<= <« ;
Xx—-3y=8 (y+2)-3y=8 ~2y=6
@ Nhdn xét: Trong 13i gidi trén, khi sit dung dinh Ii 2 va dinh li 3 néiu chiin
ta chi cin st ‘dung thém mét lan nita dinh 1i 3 sé thu duo

nghiém cta hé.
Yidy 8 Gidi thich tai sao hai hé phuong trinh sau tuwong duong:

2x~y.=1 2x-y=1
va 3 .
3x -4y =2 X—-y=—
5
& Gidi
Ta c6 thé trinh bay theo hai cich sau:
Cdch 1: Thyc hién phép bién d6i tuong duong:
2x-y=1 + [2x-y=1 5 hgel
& & 3 .
3043(:2 5x-5y=3 x-y=g
,k_ﬁ B CDTDHIDS9-T
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Cdch 2: Su dung dinh nghia:
» Giai hé thi nhat, ta duoc nghiém duy nhat (2, 1).
* Giai hé thu hai, ta dugec nghiém duy nhét (2, 1).
Vay, hai hé phuong trinh la tuong duong.

¥ Nhdn xét: Toi day, ching ta c6 thé khing dinh dugc ring vGi hai hé
phuong trinh tuong duong trong trudng hop c6 nghiém duy
nhat lu6n tn tai hai cach ching minh (st dung cac phép bién
d6i tuong duong va su dung dinh nghia).
Giai thich tai sao hai hé phuong trinh sau tuong duong:
x+2y=2 _ [3x+6y=6
va .
2x+4y =4 4x +8y =8
& Giai
Ta c6 thé trinh bay theo hai cach sau:

= 3 [3x +6y=6
“dch 1: Thuc hién phép bién déi tucmg dmmg {x ke = { d

2x+4y 4 2 4x+8y=8
Cdch 2: Sit dung dinh nghia: Q
= Giai hé thi nhat, ta thay hé c6 vﬁ sﬁ nghlem thoa man (2 - 2y, y).

= Giai hé thit hai, ta thdy hé cé vo s6 nghlém thoa man (2 - 2y, y).
Vdy, hai hé phuong trinh)1atirong dueng.cp! 1

¥ Nhdn xét: Toi day, ching ta c6 thé _kha_ng dinh dugc rdng voi hai he
phuong trinh twong duong trong trudng hop ¢ v6 s6 nghiém
lubn tdn tai hai cach chitmg minh (sit dung cac phép bién d6i
tuong duong va st dung dinh nghia).

Vi dg 10z Gidi thich tai sao c¢dc cdp hé phuong trinh sau tuong duong:

{x—2y=3 X {x—2y=3
a. va

X -2y =4 3x—-6y=12"
3x -2y = =

X =2y 1vh X+y=3 .
6x —4y =3 3x+3y =1

& Gidi
a. Tacd thé trinh bay theo hai cach sau:
= o x=2y=3 x=2y=3
Cdch I: Thuc hién phép bién do6i tuong duong: d — Y i
x=2y=4 3 |3x-6y=12

Cdch 2: St dung dinh nghia:

= Giiai hé thit nhat, ta thdy hé vé nghiém.

« Giiai hé thit hai, ta thdy hé v6 nghiém.

phuong trinh la tuong duong.
Y1’ .
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b. Ta thuc hién:
= Giai hé thit nhat, ta thdy hé v6 nghiém.
=  Giai hé thit hai, ta thdy hé v6 nghiém.
Vay, hai hé phuong trinh 1a tuong duong.
@ Nhdn xét: Nhu vay, véi hai hé phuong trinh tuong duong trong trutding he
v6 nghiém cach 6t nh4t Ia sit dung dinh nghia d€ chimg yminh.

C. BAI TAP LUYEN TAP
Bai 1: Haiy xic dinh s6 nghiém ciia cdc hé phuong trinh sau (minh hoa bang dé thi)

" {x—3y=2- b {4x—3y=0'
2x+y=2 Ix+4y=0
Bai 2: Hay x4c dinh s6 nghiém cua c4c hé phuong trinh sau (minh hoa bangg dé thi)
{x—3y=6 ~ {x—y=6
3x -9y =3 3x-3y=18
Bai 3: Hay xdc dinh s6 nghiém cflz;uzca’tc._h@: phuong trinh sau (minh hoa bangg dé thi)
{x—0y=2 | b {0x+6y=24 |
Ox+4y=8§ x-2y=1

Bai4: Bing d6 thi, chig to ring hé phuong mnh:{; d "
5 ¥ o _ Fim <X —ay=—

a. C6 nghiém duy nh4t véia = 2.

b. Vo6 nghiém véia=

W N

; +2y =
Bai 5: Bing d6 thi, ching té ring hé phuong trinh: PREFEA
2x+4y=6
a. Co vo s6 nghiém véi a = 3.
b. V6 nghiém véi a # 3.
Bai 6: Bing d6 thi, ching t6 réng céc hé phuong trinh sau lu6n c6 nghiém dluy nhat

+2y=9 -2y=
= {x y=8 5 {3x 2y=8
X=n y=m
BAI7 ChoBE g il 4° > T 0

2ax-y=b
a. Chimg minh rdng hé luén cé nghiém véi moi a, b bat ki.
b. Heé c6 nghiém duy nhat khi nao ?

. Hev s6 nghiém khi nao ?
ﬁ 5 CDTDYHDSY-
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2x -y =1
Jai 8: Xac dinh a dé hé phuong trinh sau c6 nghiém: ¢ x +y =2
ax -y=-3

Minh hoa bang dé thi.
Bai 9: St dung ba dinh Ii da biét tim ba hé phuong trinh tuong duong véi méi hé sau:

X+3y=2 b X+y=17
3x +8y=5 " 3x+4y=25
Bai 10: Giai thich tai sao cac cap hé phuong trinh sau twong duong:
2x +3y=17 2x+4y = 8 b 3Xx+y=2 _ [6x+2y=4
, v ;
X+2y=4 y=1 2x+3y=6 ’ y=2
Bai 11: Giai thich tai sao cdc cap hé phuong trinh sau twong duong:
Sxsly=] 4x—-6y=2
T lex-9y=3 " |x-2ysEF
—_ — x__ ——
2y 7 = |
s : @
2x+3y=6 3 3 :
b va i
10x +15y =2 5 4
{)f(@w; uairjmrhmiese#hi com
x-y=1 8x+9y 11. e e s
va Download Sach Hay | Poc Sach Online
2x—-2y=3 l6x+18y 3

Bai 12: Tim gia tri cia m d€ cac cap hé phuong trinh sau twong duong:

2x+3y=7 _ |x+{s3
{x+2y g {2x—y=m'
b, {x+2y—l ‘{x+3y=2
2x+5y=13 3Imx+(m’ +8)y=4m+2

D. HUOGNG DAN - PAP SO

Bai 1: Hoc sinh tie vé hinh.

8
a. x=-—vay=~%. b. x=0vay=0.

7
Bai 2: Hoc sinh tie vé hinh.
a. VO nghiém. b. V6 s6 nghiém dang (x, x—6).

Bai 3: Hoc sinh twvé hinh.
, b. x=9vay=4.

21
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Bai 4: Hoc sinh tw vé hinh.

Ix-y=

a V6ia=2, he phuong trinh c6 dang: { = >
2x-2y=-3
b, -1 1 b
Nha_nxétréngﬁ=%vh = =gl

a,

7"
x-y=1
b. Véia= —, hé phuong trinh cé dang: 2
2X—-—y=-3
Nhanxétrﬁngfl=-§v&l)-'-=_—]=§:>ﬁ=_‘_=1 _c‘_=_l
8 2 b, -=2/3 2 5 By 2 ¢ 3

Vay, hé v6 nghiém.
Bai 5: Tham khao bai tap 4.
Bai 6: Hoc sinh tu vé hinh. 15| & ¢
a. Ta nhan xét vé su cét nhau clia hai-dudng thing x + 2y = 9 (dudng xién)) va x =
(song song véi Oy).

Vay, hé ludn c6 nghiém duy nhét x = n vay = %(9 —n).
b. Ta nhan xét vé sir céit nhau cuia hai duong thing 3x — 2y = 8 (dudng xién) Vi y = |
(song song véi Ox). VAay, hé luén c6 nghiém duy nhat x = -;(2m +8)vay=m.

Bai 7:
y=a’x+b —(d))
y=2ax+b (d,)

Nhan xét ring, hai dudng thdng (d,) va (d,) ing véi hai phuong trinh trong hé lué
ciit truc Oy (vi c6 hé s6 tu do bing nhau) tai diém I(0, b).

Vay, hé phuong trinh luén cé nghiém (0, b) véi moi a, b bat ki.
b. Heé c6 nghiém duy nhat khi:

a. Bién déi he vé dang: {

: #0 0
(d,)cat(dz)c:razathc::»az—2a¢0<:>a(a-2)¢0<:>{a o> {a:&

a—2#0 az?2

-

c. Hé cé6 vo s6 nghiém khi:

d)=d) o oa=2aca’-2a=0a@-2)=0 !
a-2= a=2

4B —
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2x—-y=1 (1)
Bai 8: Takihiéu: <x+y=2 (2).
ax-y=-3 (3)
; : - . . |2x=-y=1 X=]
Xét 2é ohuong trinh tao bai (1) va (2) la: &5 ) (*)
X+y=2 y=1
Dé ke b nghiém, diéu kién la (*) phai thoa man phuong trinh (3), tifc la:
1Ll-1=-3a=-2.

Vay vei a = -2 hé c6 nghiém.
Bai9: Hcce sinh e lam.
Bai 10:
a. Ta cd né trinh bay theo hai cach sau:
Cdch I: Ttuc hién phép bién déi tuong duong:

{2x+3y:7 {2x+3y=7 - £+4y=8
&5 & .
x+2y=4 2 |2x+4y=8  |y=I
Cdch 2: Sidung dinh nghia: sg
*  Gia hé thi nhét, ta duoc nghiém di hﬁ’at(z 1).
» Gia hé thit hai, ta duoc nghiém du 2, 1).
Viy, hai hé phuong trinh la tucmg dm;mg
b. Tacé té trinh bay theo A QU ea#sachmienphi.com
Cdch I: Thuc hién phép bién dél tuong, dlm‘ng s a0
{3x+y 2 = {6x+2y—4' = [6x+2y 4  [6x+2y=4
= = .
X+3y=6 = |6x+9y=18  |7y=14 {y=2
Cdch 2: Sidung dinh nghia:
* Gia hé thi nhat, ta duoc nghiém duy nhat (0, 2).
* Gia hé thi hai, ta duoc nghiém duy nhét (0, 2).
Viy, hai hé phuong trinh la twong duong.
Bai 11:
a. Tacé té trinh bay theo hai cich sau:

Sa=y=l & |F_ 02
Cdch I: Thuee hién phép bién d6i tuong duong: { & 943 i
6x-9y=3 6 |x-—y=—
. _ 27, 2
Cdch 2: Sidung dinh nghia: ‘ e
* ¢
* Gia hé thir nhét, ta thay hé'cd vé s6 nghiém thoa man (x, a1 ).
* Gia hé thit hai, ta thdy hé c6v6 s6 nghiém thoa man (x, X ).
phuung trinh la twrong duong. ,
9-T2 = 23
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b. Ta c6 thé trinh bay theo hai c4ch sau:

L [Sedeil
. v s 2x+3y=6 s |3 2
Cdch I: Thuc hién phép bién ddi tuong duong: = :
10x +15y=2 .2 4
5 4K+6V—-'-S-

Cdch 2: Sit dung dinh nghia:
®  Gidi hé thit nhat, ta thay hé v nghiém.
=  Giai h¢ thi hai, ta thdy hé vo nghiém.
Vay, hai hé phuong trinh 1a twong duong.
c. Tal4n luot:
® Giai hé thit nhat, ta thay hé vé nghiém.
®  Giai hé thi hai, ta thdy hé vo nghiém.
Vay, hai hé phuong trinh la twong duong.
Bai 12:
a. Giai he thit nh4t, ta dugc nghiém duy nhatx =2vay=1.
Do d6, muén hai hé twong duong thi (2, 1) ciing phai 1a nghiém ctia hé con laii, tic la:

2+1=3 3=3 .:,l
7 4 o mEI |

X+y= 3
2x Uyl=3l]
dé thdy, hé trén c6 nghiém duy nhat (2, 1), .
Vay, v6i m = 3 hai hé phuong trinh da cho tuong dll'dng
b. Giai hé thit nhat, ta duoc nghiém duy nhat x = -1 vay = 1.
Do dé, muén hai hé tuong duong thi (-1, 1) cling phai 1a nghiém cta hé con laij, tic la:

Thir lai, véi m = 2hec6dang {

1+3.1=2 2=2
=
3m(=1)+(m? +8).1=4m +2 m’—7m+6=0
. m=1
Sm-m-6m+6=0(mM-1)(m-6)=0& &
i ms=
Thir lai:
Xx+3y=2
3x+9%y =6
dé thay, hé c6 vo s6 nghiém, do d6 m = 1 khéng thoa man..
Vay, v6i m = 3 hai hé phuong trinh da cho tuong duong.
X+3y=2
18x +44y =26

dé thay 6(&11 c6 nghiém duy nhat (-1, 1).

= Véim=1hécédang: {

*  Véim=6 hé cé dang: {

6 hai hé phuong trinh da cho tuong duong.
ﬁ y CDTDHIDSY-T
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O3 (/A1 HE PHUONG TRINH BANG PHUONG

PHAP THE
A. TOM TAT Li THUYET

" Péxay dung duge thult todn giai hé phuong trinh bac nh4t hai 4n bing phuong
ph4p ti€, chiing ta hdy bit ddu véi viéc giai hé phuong trinh sau:
{Zx +y=7"(1) “Buéc 1 Chon phutong trinh (1)

" va biéu thi dn y theo x.

x+3y=11  (2)

_ ?(& phuong trinh (1) ctia hé, ta bién déi: o Thay biéu thic cia y
S B 2%, (3) > vdf)' ph!tfmg‘ rr’t‘nh (2),
 Thay (3) vao phuong trinh (2), ta duge: ToL IR gid tricla
X +3(7=2%x) =11 Bube 3 Thay gté tri cia x vao

e5x=10x=2. » ste; thic trong buoc 1,

' . (T sk efimy.

Tlnj;{ R 7 ; ‘;ﬁ; (3; A ] "“ l ___.Buﬂc 4 Két luén nghiém

Véy, hé c6 nghiém duy nhit (2, 3);__;

Tir 46, dé giai hé phuong trlnh bac nhat hal n bing phuong phép thé, ta
thyc hién theo céc burée sdosnloadsachmienphi.com

Buée 1: Bﬁuﬂqm@tdn(glasux)ﬂm ﬂnluatirmonronghalphtwnguinh

Bubc 2: Thay biéu thit'clia'x vio phirong trinh kia réi im gié tri cta y.

Budc 3: Thay gtﬂ trl cua"‘frvﬁa tim-duoe-vao-biu thic cia x dé tim gid tri

- clhax. _
Buéc 4: K&t lugn nghlem ctia hé phirong trinh.

B. PHUONG PHAP GIAI TOAN

Vindé1: GIAIHE PHUONG TRINH

VYidw 1z Giai hé phuong trinh: {Sx taay =l (1).
2x+y =-1 2)
&5 Gidi
Ta luva chon mét trong hai cach nit:
Cdch 1: (Ta thuc hién phép rit y): Xét phuong trinh (2) cta hé, ta bién déi:
y=-2x-1. 3)
Thay (3) vao phuong trinh (1), ta duoc:
5x+3(-2x-1)=1-x=4x=-4.
Thay x = -4 vao (3), ta du’qc:
y==2(4)-1=
Vay, hé ¢é nghiém duy nhat (—4; 7).

CDTDHDS‘)-T” 25
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Cdch 2: (Ta thuc hién phép rut x): Xét phuong trinh (2) cua hé, ta bién déi: :
1
=5(—y—l). '(4)
Thay (4) vao phuong trinh (1), ta duoc:

1 1 7
5. = (~y=-1D+3y=1—-y=—vy=7.
2(y )+ 3y 2y > y

Thay y =7 vao (4), ta dugc: x = %(—7 -1)=-4.

Vay, hé cé nghiém duy nhit (—4; 7).

> Nhdén xét.

1. Qua vi du trén, cic em hoc sinh hiéu ring d6i vdi phuong phapo the
chung ta ciing c6 thé lrta chon viéc rit x hodc rit y. Tuy nhiém, dé
glam thi€u d6 phitc tap trong tinh toan ching ta thudng chon viéc
riit &n c6 hé s6 nhd nhat trong he, cu thé véi hé trén viec rit 'y tir
phuong trinh (2) la Iua chon t6t nhat.

2. Uu diém cha phuong phép thé, dudc thé hién nhiéu trong bai todm giai
va bién ludn, vi d d6 s6 nghiém ctia hé phu thudc vao s6 nghiém cta
phuong trinh bic nhat mét an thu dudc.

Vidgp 2z (Bai 14/tr 15 - Sgk) Gmn cdc he phttong trinh bdng phuong phdp thhé:

x+yJ/5=0 ‘ 2-3)x -3y = 2-+—5\/_
x+/5 4 3y L LofEachHa 4x+y 4-243

&S Gidi

a. Ky hiéu ciac phuong trinh cia hé theo thit tu 1a (1), (2).

Tir (1), tacé: x = -y /5.
Thé vao (2), ta dugc:

Q) -yV5.45 +3y=1-/5 oy= ‘/_2‘1
Vdiy=£=>x=\/§_5.
Vay nghiém cua hz‘-&(‘\/_2 > ng_]).

b. Ky hiéu cdc phuong trinh cua hé theo thit tir 12 (1), (2).
Tix (2), tacé: y =4 — 2+/3 — 4x. Thé vao (1), ta duoc:
~V3)x-3@-243 -4x)=2+543

<:>(14—J§)x=14—~/§ c:>x=1:>y=—2«/§.
Vay }vm)‘ng trinh c6 nghiém (1 ; -2+/3).

ﬁ B CDTDHDSY-T2
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x+3y=1
(@’ +1)x+6y=2a
trong cac truong hop sau:

& Gidi

a.

a. a=-1l. b. a=0. c. a=1l.
+3y=1 X+3y=1
Véi a = -1, ta dugc hé phuong trinh:{ > & S
2x +6y =-2 X +3y=-1
Dé dang nhan thay hé phuong trinh nay vé nghiém.

x+3y=1 ()

Véi a =0, ta dugc hé phuong trinh:
x+6y=0 (2)

Tu(l),tacé: x=1-3y
Thay vao (2),tadugc: 1 -3y +6y=0&y= -—]3— =>x=2

Vay, hé c6 nghiém (2% -% ).

X+3y=1 x+3y=1

L= ,
2x + 6y 2 x+3y=1
Dé dang nhan thdy hé phitonig trinh Hay66 vose nghiem.

Véi a = 1, ta duoc hé phuong trmh {

Yidp4: (Bai 17/tr 16 — Sgk): Gidi cdc hé phuong trinh bang phuong phadp thé:

{xw/— yf—l b {x 2~/_y
X+y~/_=~/_ - x2+y=l—\/—.
{(«E—l)x—y=ﬁ

x+(ﬁ+1)y=l :

&S Gidi

a. Giai heé: {

xv2-yf3=1 (1)
x+yVv3 =42 )

Tu(2),tacd: x = «/5 —y\@_.
Thé vao (1), ta duoc:

V2(V2 -y3)-y43 =1<:>2—ng —yﬁ = |
oyWo +B)=1eoy= ‘/E;‘E =>x=1.
V6 -3

3 k

Vay, ngh‘:t;m cua hé (1;
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- = 1
b. Giaihé: { 22y =5 @
xV2+y=1-4J10 (2
Tir (1), tacéd: x =22y + /5
Thé vao (2), ta duoc:
\E(Zﬁy+w/§)+y=l—\/1_0®5y=l—2«/ﬁ @y:k’_%@
_22-3/5
——
Vay, hé phuong trinh c6 nghiém(l—zsm : 2ﬁ;3\/§ ).
c. Giai he: V2-Dx-y=2 O
x+W2+Dy=1 @)

T (l)tacé:y= (JE-l)x-JE |
Thé vao (2), ta dugc:

x+(V2 +D[(¥2 —x—-+2]= 1@2:( 3+~/_<::»<_3’+2‘/5 =>y=-—%.
Vay, hé phuong trinh cé ngh1¢m(3+\/_ 2)
2x + by =4
Vidp 52 (Bai 18/tr 16 — Sgk) Cho hé ph;tong trinh: {bx+ d 3 (I
X—ay =-—

a. Xéc dinh c4c hé s6 a va b, biét rang phuong trinh trén cé ngzhiém
1a (1;-2).
b. Xéc dinh cdc hé s6 a va b, biét rang phuong trinh trén cé ngzhiém

Ia(v2 - 1;2).
£ Gidi
Dé gidi dang toén nay, ta thuc hién theo c4c budc sau:
Budc 1: Gia sit hé da cho nhan cap nghiém (x ; y) = (X, ; y,) 1a nghiém. Ddo dé:

2 =4
0 o { X, + by, . an

Buoc 2: Giai hé phuong trinh (IT) véi bi€n a va b.
a. Heé (I) c6 nghiém (1; —=2) nén ta c6:

2-2b=-4 b=1 b=3
IR &> — ;
b+2a=-5 b+2a=35 a=-4

Viy, vE: —4, b = 3 thoa man diéu kién dau bai.

3%; B CDTDHD!SY-T?2
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b. Hé (I) c6 nghiém (V2 —1; Ji)nenncd
2(\/5—1)+b«/_=w J8 =503
(D) &
b(\/i-n—afz- 7-1)-af

bl a0 b
== L=
B2 ~1)~52 = =5 lazsﬁ—z

2
Vay, véi a = S\/2;—2, b=-2-/2 thoa min diéu kién dau bai.

mx +3y=-2 (1)
m’x - 6y =4 (2)

a. Giai hé phuonyg trinh voi m = 2,
b. Tim gid tri ciia m dé hé 6 vo so nghiém.

Yidy 6: Cho hé phuong trinh: {

£ Gidi
Xét phuong trinh (1) cua he, ta_blt:n dfn

y= —(—mx =2). (3)
Thay (3) vao phucmg trlnh (2) ta duoc |
m’x 6. 5(-—mx—2)—4<:>(m +2m)x-—” 4)

a. Vdim=2, phmmg trmh (4) c6 dang 8x =0 c:> x =/0.
Thay x = 0 vam = 2 vao (3) ta duoc:

_—( 20 -Mx- =.

Vay, véi m = 2 hé c¢6 nghiém duy nhat (0; -—i— ).

b. Heé cé v6 s6 nghiém khi:
(4) c6 v6 s6 nghiém <> m’ + 2m =0 < m = 0 hodc m = -2.
Vay, v61 m = 0 hodc m = -2 hé c6 v6 s6 nghiém.

@ Nhdn xét:

I. Nhu vay, trong 19i gidi trén d€ tin dung phép thé trong mot bai toan c6
hai cau hdi chiing ta da thuc hién theo 3 budc:
Bugc 1: Bing phép thé, chuyén d6i tinh chit ctia hé thanh tinh chal

cua phuong trinh.

Budc 2: Thuc hién cau a).
Budc 3: Thuc hién cau b).
e 2 éhmh 1a cach thé hién rat ph6 bién khi hoc lén cao.
,,4. Fh”

PHDSI-T2 29
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2. Chiing ta déu da dugc biét riing, c6 thé thuc hién yéu ciu " 7im m dé haé co
v6 s6 nghiém " bing cach dua trén vi tri twong d6i cua hai dudng tlmang,
cu thé:

Truong hop 1. Vi m = 0, hé phuong trinh c6 dang:

{0.x+3y=—2 Yy
Lo}

Ox-6y=4 y=—-§—.
Truong hop 2 Vi m # 0 thi diu kién dé hé phuong trinh c6 v6 s6 nghi@m la:
m 3 2 1 1
— = =E-— O —==-—&&m=-2
m? 6 4 m

Vay, v8im = 0 va m = 2, hé c6 v6 s6 nghiém.
Luu y- Néu ta khong xét trudng hgp m = 0 ma chi ki€m tra diéu kién dé' he

phuong trinh c6 v6 s6 nghiém: —m—z— =-3=_2
m 6 4
thi khong dugc rit gon m & mAu. Khi d6, ta phai bién d6i nhu sau:
Im=(0
;E—li- =—% = % @% =— -;—QZrn=—m om22-m =0 {m 5
{x +y=1 (1)
Yidp7: Cho hé phuang tr mh ;
wilo X Ry iEmMhi cofd)
Tim m dé:
a. Hé c¢é vé sé'nghiém:
b. C6 nghiém duy-nhdt-Fim ngh:em duy nhdt dé.
£ Gidi
Xét phuong trinh (1) ciia hé, ta bién d6i: y = — x + 1. (33)
Thay (3) vao phuong trinh (2), ta dugc:
mx+2-x+1)=m&S (M-2)x=m-2. (4Y)

a. Hé c6 vo s6 nghiém khi: (4)cé6 vos6 nghitm e m-2=0m=2.
Vdiy, véi m = 2 hé c6 vo s6 nghiém.
b. Heé c6 nghiém duy nhat khi:
(4) co nghiém duynhit & m-220& m # 2.

Vay, véi m # 2 hé c6 nghiém duy nhat va nghiém duy nhat la
(3)
x=1=y=-1+1=0, tirc 12 c6 nghiém (1, 0).

Vidy 8 Cho hé phuong trinh: {x el o

a. Chimg to rang voi moi m hé luén c¢é nghiém duy nhat.
b. Tim gid tri ciia m dé hé cé nghiém (x, y) la mét diém thubc gdc
phan tu thie 1.

A B CDTDHDS9-T2
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&S Gidi
a. Xét phuong trinh (2) cta hé, ta bién déi: y = mx + m. 3)
Thay (3) vao phuong trinh vao (1), ta duoc:
x+mmx+m)=1 & (m + DHx=1 ~m3c>x=l:m .
m- +1
I— 2
Thay x = — vao (3), ta duoc:
m- +1
1-m?’ m(l=m?*)+m(m? +1) 2m
y=m.—; +m= - = — .
m- +1 m° +1 m° +1

Vay, vdi moi m hé luén c6 nghiém duy nhat.
b. Dé nghiém (x, y) 1a mé6t diém thudc géc phan tu thit I, diéu kién la:

l-m~
2 >0 1-m?>0 m?’ <1
10 +1 ED N 0<mcl.
2m 2m.>0 m>0
>0
m?* +1
Vay, v6i 0 <m < 1 thoa man dlé’ﬁ kl@ndau bai.
@ Nhdn xét: -

1. Trong chu dé 9, chung ta da thtrc hién cau a) bing phuong phap cong
va & d6 chung tal ea xét hai tridrig Ao fi'= 0 va m # 0. Con d6i vdi
phuong phap thé thi khong can pham nhu vay, d6 chinh la mot trong s6
nhimg wu diém cla phlrdng phép the's6 voi phuong phap cOng.

2. Véicau b), ching tadastrdung mottrong tac ket qua sau:

* M(x,y) e P)<>x>0vay>0.

= M(x,y) e PIlye>x<0vay>0.
* M(x,y)eP(Ill) &x<0vay<0.
* M(x,y) e POIV) & x>0vay<Q0.

Tiép theo, ching ta s€ quan tam tGi cdc hé phuong trinh dugc giai nho kién
thitc cua hé phuong trinh bac nhét hai 4n (thudng dugc goi la cdc hé phuong
trinh quy vé hé phuong trinh bac nhat hai dn).

Trudce tién, la cac hé phuong trinh duoc chuyén vé hé phuong trinh bac nhat
hai 4n bang céic phép bién déi tuong duong.

R (1)
Yidw 8 Giai hé phuong trinh: {y 3 ;
4x -3y =-2 (2)

&S Gidi

Xét 'g trinh (1) cta hé, ta bién déi: x = —2—3}1 (3)
ﬁﬁbss’ v. 31
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Thay (3) vao phuong trinh (2), ta duoc:

4% _3y=2o8y-9y=-6cy=6

Thay y = 6 vao (3), ta dugc: x = 2—; =4.
Vay, hé c6 nghiém (4, 6).

i g . y=Ixl=1 (1)
Vi dwp 10 Giai hé phuong trinh: ;
2x-y=1 (2)
£ Gidi
Xét phuong trinh (2) ctia hé, ta bién d6i: y =2x — 1. (3)
Thay (3) vao phuong trinh (1), ta duoc:
2%-220 %2l
x-1-lIxl=leIxl=2x-2 o d[x=2x-2 = 1*"? ox=2
2
X==2X+2 X=—
3
Thay x =2 vao (3), tadugc: y = 22 l—
Vay, hé cé nghiém (2, 3). HI
Yi dwp 11z Gidi hé phuong trinh 2x+y=4 ()
idi hé rinh: ,_ ;
& Gidi i
Xét phuong trinh (l) cua h¢, ta bléln ddl y —2x +4. 3)
Thay (3) vao phuong trinh (2), ta duoc:
X =

S5x-8=3

IXx=-2(-2x+4)I=3 < 15x-81=3& (— .
5x-8=-3 X =—

* V6ix=1, thay vio (3), tadugc y = — 2.1 + 4 = 1.
. Vdi“x=ls—l,thayvéo(B).taduqcy=—2.15—]+4=—%.
Vay, hé c6 hai cdp nghiém (1, 2) va (-!Sl, —% i A

> Nhén xét.
1. Nhu vay, vdi viéc st dung phuong phap thé chiing ta da chuyém duoc
hé phuong trinh vé mét phuong trinh chia ddu trj tuyét d6i.
2. Tat nhién, ching ta ciing c6 thé sit dung phuong phap cong dé gidii, bing

. R 2x+y =4 2x+y=4
vieggMuyén d6i he ban diu thanh haihe: { < > . va =
X=-2y=3 X=2y=-3

ﬂ B | CDTPHDSY-T2
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Vi dmp 12z (Bai 19/tr 16 — Sgk): Biét rang du thitc P(X) chia hét cho da thirc x — a
khi va chi khi P(a) = 0. Hay tim cdc gia tri cua m va n sao cho da
thitc sau dong thot chia hét cho x + 1 va x - 3.
P(x) = mx® + (m — 2)x> = (3n - 5)x — 4n.

&S Guii

Ta cé6:

= Pa thitc P(x) chia hét cho nhi thic x + 1 khi:
P(-1)=—-m+(m-2)+(3n-5)-4n=0
<-n—-7=0&n=-17. (D)

®* Pa thitc P(x) chia hét cho nhi thitc x — 3 khi:
P(3)=27m +9(m - 2) - 3(3n - 5) —4n. (2)

Thay (1) vao (2), ta dugc: m = —2; ;

Vay, biéu thifc P(x) = —%2 x>+ Egg x> +27x.+ 28.

. 5 J2x* +3y =17
Yi dp 13z Giai cac hé phuong trinh sauyy | d .
Ix? -2y =6

&S Gidi

. || downloadsachmienphi.comg +3y =17 (1
D{ltu:x?,diéukl@nuzﬂ.Khxdé,h@cédang:{U y (1)

Ju-2y=6 (2)
Xét phuong trinh (1) cua hé, ta bién d6i: u = ;—(1’7 - 3y). (3)

Thay (3) vao phuong trinh vao (2), ta dugc:

1 13y 39
3 (17-3y)-2y=6N Y 73
y 17=39-2y T

Thay y = 3 vao (3), ta duoc: u = %(17—3.3)=4©x2=4©x=i2.
Vay, hé c6 hai cap nghiém (2, 3) va (=2, 3).

Vi dp 143 Gidi hé phucong trinh: Vx+3y=+3x-1
Sx-y=9
£ Gidi
3x-120 x21/3 (*)
Bién ddi hé vé dang: {x +3y=3x-1 ¢ {2x-3y=1 (1)

S5x-y=9 Sx-y=9 (2)

#BC. :
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Xét phuong trinh (2) cia hé, ta bién déi: y = 5x - 9. 3)
Thay (3) vao phuong trinh vao (1), ta dugc:
2x -3(5x-9) =1 13x =26 & x = 2, thoa min (*).
Thay x =2 vao (3),tadugc: y=52-9=1
Vay, hé c6 nghiém (2, 1).
@ Nhdn xét: Trong 13i gidi trén, viéc bién d6i phuong trinh thit nhat ¢ cta hé
chiing ta da sit dung lai phép bién d6i tuong duong da bbiét la:
Jf = Jg f=g20. _
Tiép theo, ching ta sé quan tdm tdi cac hé phuong trinhh duoc
chuyén vé hé phuong trinh bac nhat hai 4n bing phép » At 4n
phu.
Yi dwp 15z Gidi cdc hé phuong trinh sau:
| 8 5
- =7 ,
x-1 y-2 2x° +3y =17
a. 1 . b. ;
3 ¥ 3x>-2y=6
x-1 y-2

-1

\

&S Gidi

a. Diéukiénx#1vay # 2. Dat: {

b
%
o

6u-Sv="7 (1)

Khi dé, hé c6 dang:
3u+2v=-1 (2)

Xét phuong trinh (2) ctia hé, ta bién ddi: v= % (-1 = 3u). (3)
Thay (3) vao phuong trinh (1), ta duoc:

6u-—5.l(—l—3u)=7@27u=9<:>u=l<:> : =—1-<:>x=4..
2 3 x-1 3
Thay u= l vao (3), ta dugc: v = l(—1 —3.1) =—l@—-!— =-]1>y=1.
3 2 3 y-2

Vay, hé cé nghiém (4, 1).
2u+3y=17 (1)

b. Datu =x? diéu kién u 2 0. Khi dé, hé cé dang:
3u-2y=6 (2)

Xét phu trinh (1) ctia hé, ta bién déi: u = % (17 - 3y). (3)

ﬁ 5 CDTDHEDSY-T2
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Thay (3) vao phuong trinh vao (2), ta duoc:

3—(17 3y) -2y =6 ';” 329 oy

Il
i

Thay y = 3 vao (3), ta duoc: u = E(l7—3.3)=4<:>x2=4¢:>x=i-2.
Vay, hé c6 hai cap nghiém (2, 3) va (-2, 3).

Gidi hé ol i Ix=1l+ly-1I=2
ldl ne on rinn:
il S 41x-11431y-11=7

£ Gidi
Ix=1=u _ , =
Pat: ,diéukién u, v 0. Khi dé, he c6 dang: {" V=2 1
ly-1ll=v qu+3v=T7 (2)%
Xét phuong trinh (1) ctia hé, ta bién déi: u=2 —v. (3).

Thay (3) vao phuong trinh (2), ta duoc:

~1=1
42-v)+3v= 7<:>v—1<:>|y II‘-1<::> Y g=i
y—l=-1 y=0

Thay v =1 vao (3), ta duoc:

Tx-1=1 A\
u= 2—l-—1<:>lx—]l=l<:> ¢=>,x .
x—-‘I“-'-‘—l 'x =1}
Vay, hé c6 4 cap nghiém (2, 2),(2,.0),,.(0,2), (0, 0).
3fx—tt2fy=13
Vi dwp 172 Gidi hé phuong trinh: .
2Vx-1-,y=4

&S Gidi

L s x=120 x> u=+x-1
Diéu kién : = . bat: , diéu kién u, v2>0.
y20 y20 = '

3u+2v=13 (1)

2u-v=4 (2)

Xét phuong trinh (2) cuia hé, ta bi€n déi: v = 2u - 4. - 3)

Thay (3) vao phuong trinh (1), ta duoc:
3u+2Qu-4)=137u=21u=3
S Vx-1=3x-1=9&x=10.

Thay u=3 vao (3), tadugc: v=23-4=26 [y =2 y=4.

Va nghiém (10, 4).

Khi dé, hé c6 dang: {
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Vindiz sUD

L . [2x-y=6 2x-y=6
ho hai hé ph trinh: I) va Il
Yidw Mz Cho hai hé phuong trin {3x+y=9 M v {y - (TIY)

Xdc dinh m sao cho hai hé phuong trinh trén tuong duong.
£ Gidi
Giai (T) bing phuong phdp thé, ta dugc nghiém (3; 0).
Heé (I) va (IT) twong duong khi (3, 0) ciing la nghiém cua (II), tic la:
23-0=6
O=m

Sm=0.

Thl'rlai,vé‘im=0h¢(II)cédgng:{zx_y:G N {“3.
y =0 ¥

Vay, véi m = 0 hai hé phuong trinh trén tuong duong.
Yi dwp 18: Vi gid tri ndo cua m thi 2 phuong trinh sau ¢6 nghiém chung
22+ mx—1=0vamx’*=x+2=0.
&S Gidi
Céc phuong trinh di cho c6 nghlem chung khi va chi khi hé sau ci6 nghiém:
2x? +mx—l—0 mx+2y=1 (1)
-x+2=0 | x-my=2 (2)
Xét phuo‘ng trinh (2) cta he, ta ble'n d61 X =my + 2. (3)
Thay (3) vao phuong trinh vao:(1), ta duoc:

m(my+2)+2y=l<:>(m’-i-2)y=l—2m¢:>y=

.Dat x*= Yt ta du‘ac' he: {

1-2m
m?+2

Thay y = :n: ir; vao (3), ta duoc:

1-2m _,_ m(l-2m)+2(m*+2) m+4

m? +2 m? +2 m?+2
2 : m+4 ’ 1-2m 3
Do x“=y, nén ta phai cé: e Sm+6m+7=0
m’+2) m®+2
Sm+)(mM-m+1)=0om+1=0m=-1.
Vay, v6i m = -1 hai phuong trinh cé nghiém chung lax = 1.

X=m.

P Nhdn xét: Loi gidi trong vi du trén, chinh 13 phuong phap hieu qua dé
thuc hién yéu cdu " Tim diéu kién cia tham s6'dé hai pthuong
trinh bdc hai c6 nghiém chung ", dang toan nay chuing; ta sé
con gdp lai trong chuong sau.
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C. BAI TAP LUYEN TAP
Bai 1: S dung phuong phdp thé giai cic hé phuong trinh sau va minh hoa nghiém
bang dé thi.

3x +5y =1 X+y=6
{2x+y . © {2x—3y=12'
{2:{ Jy=—6 q {x+2y=]]
—4x—-6y=12" 5x-3y=3
Bai 2: Giai cac hé phuong trinh sau:
{3x+4y -4 X_y_,
2x+16y~5=0 e 44 B
x—y=5 i+1:8
{(x~2)(y+3)=3+xy' § 3

Bai 3: Xac dinh ham s6 y=ax+ b biét rang dé thi ham s6 clia né di qua diém A (1 ; 2)
va cét truc tung tai diém cé tung do bang L
Bai4: Lap phu’cmg trinh dudng thing dl qua hal diém:
a. AO;3)vaB(l;2). | QA3 19)\aB(2;-D).
b. A(l:6)vaB(2:0). Eill
X +my = ‘1"]
Bai 5: Cho hé phuong trmh
%03y =smiwk i
a. Gidi hé véim = 2.
b. Tim gid tri cia m dé'hé'phaong trink trén c6 nghiém.
Imx—+5y-—=1

Bai 6: Cho hé phuong trinh: y
PE=E {Zx +my =—4

a. Giaihévéim=2.

b. Tim gid tri cia m dé hé c6 nghiém duy nhét.
. ) x-3y=m
Bai7: Cho hé phuong trinh: ;
-3x+9y=-~12
a. Tim gi4 tri cha m d€ hé phuong trinh c6 v6 s6 nghiém.
b. Tim gid tri cia m d€ hé phuong trinh c6 vé6 nghiém.
+2y =5
Bai8: Cho hé phuong trinh: { PR
2Xx+y=m
a. Tim gid tri cia m d€ hé phuong trinh mét nghiém duy nhat.
b. Tim gid tri cha m dé hé phuong trinh c6 v6 s6 nghiém.
c. Tim gié tri cha m d€ hé phuong trinh c6 vé nghiém.
Bai9: Cho hé phuong trinh: {x e die
mx+y=|
Chimg t6 rdng véi moi m hé luén c¢é nghiém.
# tri cia m dé€ hé c6 nghiém (x, y) 12 mot diém thu6c géc phéan tu thi 1.

1DS9-T2 7
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x-y=2

Bai 10: Cho h¢ phuong trinh: .
e i {3x-2y=9

1))

X4c dinh m d€ c4c hé phuong trinh sau twong duong véi hé phuong trinih (I)).

{2x—2y=m " {2x—my=4
3x-2y=9 C(m+Dx-2y=9
Bai 11: Giai cdc hé phuong trinh:
{x+y=2 . {2x—y=1
|2x -3y|=1" - lx-yH2y-1|
|x-y|=12y-11
{2x-y=l '
Bai 12: Giai cic hé phuong trinh:
{lxl—y+1=0 " {|x|+2|y|=3
2x-|y|-1=0" | Ix+5y=2

Bai 13: Véi gid tri nao ciia m thi 2 phuong trinh sau c6 nghiém chung:

mx’+x+1=0 vax’+mx+[1=0.

D. HUGNG DAN - PAP SO

Bail: a. (-3,2). b. (-3,0). c. (6,0). d. (3,4).
Bai2: a. Vo nghiem. b. (Q1/Lgy 054, (%2?6)
Bai 3: Tacé: Wi -

A(1; 2) thudc d6 thi hAm s6 nén2.=a+b. _

(1)

* D6 thi ham s6 cét truc tung tai di€m c6 tung d6 bing 1 khi diém B ((0 ; 11) thuoc

dé thi ham s6 nén 1 = b.

Tix (1) va (2) ta dugc hé phuong tﬁ"h={b_1

Vay,hams6cdntimlay =x + 1.

Baid4: a. x+y=3. b 6x+y=12 c. 3x+y=5.

Bais: a. (3,4). b. m#—-%.

V30

Bai6: a. (11,-13). b. l'l‘l#'—':t—3—-

Bai7: a m=4. b. m=#4.
Bai8: a m=#4. b. Khongténtaim. c¢. m=4.

— 2_
Bai9: a. x=— véy:m l. b. m<-1.

m?+1 m? +1
Bai10: a. m=4. b. m=2.
24 23 22 21

73
BRIAL: & e SSEELTE B O At Ehy
ac 5 va.h (350352 (53 33)

AP
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b=1

(2)

4 3 2 ]
c. (=,=)va((—=,-).
(5 5 (3 3)
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cw¥dE4 A1 HE PHUONG TRINH BANG PHUONG

PHAP CONG

A. TOM TAT LI THUYET

D& xay dung dugc thuat todn gidi hé phuong trinh bic nhét hai 4n bing
' phuong phép cong, chﬁﬂg ta hiy bﬁt dﬁu vé‘l wec gl:h hg phu'ong trinh sau:

{2){ +ty=7" i) . =
| Bién ddi hé so ciia dn x trong hé bdng nhau,
X+3y= ll | * bdng cdch nhan ph:dm,g trinh thit hai voi 2.
Lan luot thuc hn}n caic phép bién d6i h¢ vé dang:
2x+y=7 it Bubc 2 Trir theo vé€ hai ph:m‘ng trinh dé khit dn x va
: thu duge mgt phutomg trinh chi chita y.

2x + 6y = 22
—-Sy =—1 5 ' B“&i 3 Gidi phMg trinh chi chita dn y, dé tim gid
: icua
{2x+y = 'T # $
= P St Bu6c4 Thay gid tri cia y vao phuong trinh con lai,
=3 {;’ 7 I dé' du'gc mot phlta'ng !n‘nh chi chita dn x.
x+y Luu I loadsachi 11.CH
‘ Bl]f'c 5
y=3 Boiosisr f;a;gﬁ?ﬁwzh dRil chiti dn x, réi két lugn
7y o i L DGR LR i L
: = 2
L=
vay. he c6 nghlém duy nhﬂ't 2, 3) oo BB e

. Tix @6, dé giai he phuvng trinh bac nha't hm dn béng phu'ung phﬂp cdng, ta
thltc hién theo céc budc sau:

- Bubc 1: Bién déi aé céc he s6°¢ cua r_n@t dn (gl& mi) cé gui tri tuyet doi
asoge - bang nhau. - |
" Budc 2; COnghoactri'lmngve'cﬁahm huonguinhdékhudnx
Bmﬁc 3: Giai phuong trinh fim gi4 tri ¢ s M ld 3
Bmk 4: Thay gié tri y vita im duge vho mbt trong hlu phuong trinh ban
diu dé tim glémcua X

 Budc 5: Kétluan nghlgm ctia hé phuo‘hg tr'lnh

':I" Chﬁ y: - - : B o 4Tt
. bé cho gon ldi giai, Ehong thuﬂng cac bu’ﬂc 3 va bufic 4 dugc két hop
*lai véi nhau.

T oF 1—1' -
", =
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B. PHUONG PHAP GIAI TOAN

[ GIAIHEPHUONGTRINH
Vidw Iz Gidi cdc hé phuong trinh sau:
{3x+4y=]8. Jx By =1
4x -3y =-1 b. {ﬁx+3ﬁy _ 4JG' )
&S Gidi T

a. Ta lua chon mét trong hai cich h\ﬁ"ﬁ:
Cdch I: Ta thuc hién phép khirx: |-
{3x +4y =18 o} {le +16y = —72 {25y =M

_ <
4x -3y =-1 =do|I2x=%y==3ienph(12x—9y =-9

=) y=3 '
{121( 93-—9

Vay, hé cé nghiém duy nhﬂt (2 3)
Cdch 2: Ta thuc hién phép khir y:

{3x+4y=18 bed {9x+12y=54 @{25:(:50

16x-12y==4  |9x +12y =54

X=2 x=2
& =3 :
{9.2+12y=54 {y=3

Vay, hé cé nghiém duy nh4t (2; 3).
b. Ta thuc hién:

3x -2y =1 1 [\J6x -2y =42 Ny=1142

[J_x+3J—y 4-»/-:% {«f_x+9y—12\/_ {ﬁx—2y=1ﬁ
{Y V2 {x=~/§
Jox-242 =42 y V2

Vay, hé o6 nghiém duy nhiit (V3; v2 ).

ﬁﬁ ST
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@ Nhdn xét: Nhu vay, trong 15i giai trén:
1. Qua vi du trén, cac em hoc sinh hiéu thém ring viéc nhan hé s6 d8 mot an
trong hé c6 hé s6 bing nhau hoic d6i nhau, trong nhiéu trdng hop can
thuc hién phép nhan d ca hai phuong trinh cta hé (trong vi du la 3 va 4
cho méi phuong trinh).
2. O cau b), ta cdn nhan hai phuong trinh cua hé theo thu tu vdi J2 va
V3 méi nhan dugc hé s6 ctia x trong hé la bing nhau.
Trong thuc t&, chiing ta sé gdp dang toan can thuc hién theo hai budc:
Budc 1: Thiét lap hé phuong trinh.
Budc 2: Giai hé nhan dugc trong budc 1.
Vi dgp 23 (Bai 21/tr 19 — Sgk): Giai cdc hé phuong trinh sau:
xﬁ—?:y:l b 5xvV3 +y =242
2x+ys/—=—2- . x«/g—yﬁ=2 .
£ Gidi e
a. Ky hiéu cic phuong trinh ctia hé|theo thit tr 1a (1), (2).
Nhan hai vé ciia (1) véi —+/2, ta-¢6 hé phuong trinh tuong duong:

[y \ -1-V2
~2x+32y = e nloads 2y A NIX Om | &
xay2=2 o xen2=2 | V26

| o =
Vay, hé c6 nghiém duy nhat [ﬁs'ﬁ = ;‘E].

b. Ky hiéu cic phuong trinh cua hé theo thi tu 1a (1), (2).
Nhan hai v& ctia (1) véi v/2 , ta c6 he phuong trinh twong duong:
ISXJE+YJ5=4¢> 6x~/6=6 - x=~/g/6
xv6 —y2 =2 xV6-yV2 =2  |y=-v2/2
Vay, hé cé nghiém duy nhat (Jgfﬁ, —\/5/2).
Yidg 32 Cho hé phuong trinh:
X+my =1
mx-y=-m
a. Chiing td rang véi moi m hé luén cé nghiém duy nhat.
b. Tim gid tri ciia m dé hé c6 nghiém (X,y) thod manx <1 vay<1.
c Tim hé thuc lién hé giiga cac nghiém X va 'y khéng phu thuéc vao m.

'*” SAD S9-T2 .
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£ Gidi
a. Nhan xét ring véi m = 0, hé c6 dang:

{x b = m = 0 hé c6 nghiém duy nhét.

y=0
Véi m # 0, bién déi hé vé dang:
+ =] 2 =1-m?
X +my & (m°+Dx=1-m
m’x —my =-m’ x+my =1
[ 1-m? [ 1-m?
X = 3 1 % = 3
oy m™* o{ m+l
1-m? PR _ 2m
el " m?+1

Tiic 13, v6i m # 0 hé ciing c6 nghiém duy nhét.
Vay, véi moi m hé luén cé nghiém duy nhat.
b. Dé nghiém (x, y) ciia hé thoa manx < },vay < 1, diéu kién la:

l_m 1 ‘ .: VE

i y/, l—m’<m’+l-® m’ >0
2m 2m<m’ +1 (m-1)*>0

L. m- +

m=#0 mi# 0
&b o :
m-1#0 m=1
Vay, v6i m # 0 va m # 1 thoa man diéu kién diu bai.
c. Nhan xét ring:

x2+y2=(l—mz]z+( 2m )2=(1—m2)2+4m2

m? +1 m? +1 (m? +1)?
~m*-2m’ +1+4m’> _ m*+2m*+1_(m’+1)* _
(m? +1)? (m?* +1)? (m? +1)?
Vay, ta thu dugc hé thic x* + y*=1.

@ Cha y:
1. Trong 19i giai cAu a), néu ching ta khong xét riéng trudng hgp 'm = 0
va m # 0 s& vi pham phép bién d6i twong duong.
2. Trong pham vi kién thitc THCS, khé c6 thé giai thich moét cach didy du
cho cic em hoc sinh hi€u dugc tai sao lai c6 dugc nhan xét vé x2 + y2.
Tuy nhién, d6i véi cac em hoc sinh thuc st mudn nang cao kiém thuc

thi hay tham khao cuén Phuong phdp giii toin Pai s6'cia Lé Héng
f do NXB Ha N6i &n hanh.
ﬁ CDTDHDS9-T2
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X +my =2

Yidwp 43 Cho hé phuong trinh: {

a. Giai hé phuong trinh vai m = 1.

mx+y=m+]

b. Chiing to rang vot moi m # £1 hé luén 6 nghiém duy nhat.
c. Tim gia tri ciia m dé nghiém duy nhdt (x; y) cua hé thod mdn

x+y<O.
d. Tim m nguyén dé hé cé6 nghiém nguyén duy nhat.
£ Gidi
a. Vdim=1, hé cé dang:
X+y=2 ) . . R
= hé ¢6 v6 s6 nghiém thoa man (x; 2 — 2).
X+y=2

b. Nhan xét rang v6i m =0, hé c¢6 dang:
X =2 : ,
{ : => m = 0 hé ¢é nghiém duy nhat.
Véim # 0, bién d6i hé vé dang:|

(] 1
2 L 2:_ n .’T= —- m=t] y =
{mx+my ZmQ{(m .T)y} m;-l. il m+1
mX +y =m + Hown|pmxsH yrrrmerihi.com | -
. : , L m+1
X = ——e
m+1 m+1

Tic 1a, voi m # 0 va m # £1 hé cling c6 nghiém duy nhat.
Vay, vé6i moi m # +1 hé luén cé nghiém duy nhat.
c. Dé nghiém duy nhat cia hé thoa man x +y < 0, diéu kién la:

m+2 1 m+3
+ <DE

m+]l m+l m+1
thoa man diéu kién duy nhat nghiém.
Vay, véi -3 <m < -1 thoa man diéu kién ddu bai.

<0 -3 <m<-1,

m+ 1

d. Dé nghiém nguyén duy nhit ciia hé nguyén diéu kién cdn 1a m + 1 12 uéc

cua 1 (g6m c6 £1), ta lap bing:

m + | -1 1
-2 0
=] 1
0 2
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x 3
Vidw 8 Gidi hé phuong trinh: {y 2
3x-2y=35
& Gidi
Diéu kién y # 0.
Ta thuc hién:
.2 2x =3y 2x -3y =0 6x -9y =0
y 2 @3x2—5c> 312—5‘@6:{-4 = 10
Ix—2y=5 e y= A

5y =10 y=2 x=3
— L — L —) .
6x-9y=0 6x-9.2= 0 Y= 2
Vay, hé c6 nghiém duy nhit (3; 2)

@ Nhdn xét: Hin cic em hoc sinkt cung th&y, d dang ban ddu hé phuong trinh
trongwduh&khﬁngphmlahéphuo‘nglnnhb&cnhﬁthman
Tuy nhién, chi ¢An 'mét vai phép bién' déi don glan chiing ta da
chuyén dugc vé he bac nhat hai 4n, d€ tir d6 st dung phuong

phap cOng déhmnghnem.
Vidp 6 (Bai 26/tr 19 - Sgk): Gidi cdc hé phuong» trinh:
{2(x+y)+3(x-y)=4 | " {2(x—2)+3(1+y) =-2 |
(x+y)+2(x-y)=5 3(x-2)-2(1+y)=-3

& Gidi
2(x+y)+3(x-y)=4

a. Giai he: {
(x+y)+2(x-y)=5

Ta c6 thé lva chon mot trong hai cdch gidi sau:
Cdch 1: Thuc hién viéc nit gon cic phuong trinh clia hé da cho réi dua vé hé:

1

Sx—y=4 [Sx-y= 8525
ki &~ il d 4¢=:>< - "
3x-y=5 2x =-1 13
y=—3

AP ¢ S
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Cdch 2: PatdnphuX=x+y;Y =x —y, tacé hé:
2X+3Y =4 2X+3Y =4 2X+3Y =4
o —
X+2Y =35 2X+4Y =10 Y =6

X =-7 +y=-7 [2x=-1
@{ @{” @{ ol 2.

Y:ﬁ X—'y:6 X-}’=6 13

Vay, hé phuong trinh c6 m6t nghiém duy nhat.
b. Tacé:
2(x-2)+3(1+y)=-2 2x+3y =-1
&
3(x-2)-2(1+y)=-3 3x-2y=5
4x + 6y =-2 13x =13 x=1
<~ Lo :
Ox -6y =15 Ox =6y =15 y =-1
Vay, hé phuong trinh ¢6 moét nghi¢émrduy nhat.
Yidp 73 (Bai 27/tr 19 - Sgk): Giai uuhé phuong trinh:
(1 _ ¥ (1 \\ 1 _
y x-2 \y-1
i = 5 owntoadsacnmienpni.fom g 3 =
X - ; pal el Jgped

=1

1

X
3
[ X
&S Gidi

a. batu= i vav= A , ta dua hé phuong trinh vé dang:
X y

9

u-v=1 4u-4v=4 Tu=9 7
= = < < < 9

Ju+4v=>5 3u+4v=>"5 3u+d4v=>, E

7

Vay, hé c6 nghiém duy nhat.

b. Pitu= 5 vav= ——l—l,ta dua hé phuong trinh vé dang:
X - y-
9
u-v=2 3u-3v==6 Su=7 u—g
= — =2 ;
2u+3v=1 2u+3v=1 2u+3v=1 v—i
L5
S9-T2
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Vay, hé c6 nghiém duy nhat.
Vidu 8 Tim gid tri cia m dé cdc cdp hé phwong trinh sau tuong duong;:

o {x+y=7 vﬁ{mx—y=m.

3x +4y =25 x-y=-1

= =1
b. X+3y=2 v X + 2y .
3x+8y =35 2x+my =2

&S Gidi
a. Giai hé thit nhat, ta duge nghiém duy nhat x =3 vay =4.
Do d6, muén hai hé twong duong thi (3, 4) ciing phai 12 nghiém cuia thé con

Flm m=f |
Lai, tic a: {m ma{"‘_ | @ th =2.

S, | =

Ix—y=2
Thi'rlqi,véim=2h¢céd@ng:{x 4
Whloadeasyrsesdl

, & thdy, hé trén c6 nghié:m duy
nhat (3, 4). | | |

Vay, v6i m = 2 hai hé phuong trinh da cho tuong duong.
b. Giai hé thit nhat, ta dugc nghiém duy nhitx =-1vay=1.

Do dé, muén hai hé tuong duong thi (-1, 1) cling phai 1a nghiém cua thé con

.. -1+2.1=1 1=1
lai, tic 1a: <5
2(-1)+m.1=2

S m=4.
m=4
X+2y=1

Thir lai, v6i m = 4 hé cé dang:
2x+4y =2

dé thdy, hé trén c6 V6 so

nghiém, do d6 khéng thoa man.
Vay, khéng tén tai m dé hai hé phuong trinh da cho tuong duong.

@ Nhdn xét: Nhu vay, véi yéu clu " Tim diéu kién cia tham s6 dé hai hé
phuong trinh tuong duong " trong trudng hdp c6 nghiém duy
nh4t ching ta nhat thiét phai thuc hién budc thit lai, bdi Ikhi hé
thir nhat c6 nghiém duy nhat (X, y,) con hé thit hai c6 vé s6
nghiém va nhin (x, y,) lam mét nghiém thi hai hé khomg thé

G dugc goi 1a tuong duong.

‘ CDTPHBP)S9-T2
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Vindé 2: SUDUNG HE PHUONG TRINH GIAI TOAN

Vidp 1z (Bai 26/tr 19 — Sgk): Xdc dinh a va b dé dé thi ciia ham s6'y = ax + b
di qua hai diém A va B trong méi truong hop sau:

a. A(2;-2)vaB(-1;3). b. A(—4;-2)vaB2:1).
c. A3;-1)vaB(-3;2). d. A3 :2)vaB(:2).
&S Gidi
a. Taco:
* A2;-2)e(d):y=ax+be -2=2a+b. (1)
®* B(-1;3)e(d):y=ax+be 3=-a+b. (2)
’ 5
a=-——
2a+b=- =—
Tu (1) va (2), ta co: at 2<:> =3 = 3.
—a+b=3 —a+b=3 -
| 3
s 5 4
Vay, do thi can tim la (d): y = —Ex + L
b. Tacé:
" A(H4; -2)e(d)y-ax+b¢:> —-2 —4a+b. (1)
* B2;Ded:y= ax +bo 1t=7Za+b. 2
F = =— =1/2
Tir (1) va (2), talde: {odhioadsathaignPhiTom o |d®
23+b-1 2a+b—l b=0

c. Tuong ti, ta cé d6 thi can tim la (d): y =—]2— X + % .

d. Tuong tu, ta c6 d6 thi can tim la (d): y =2

@ Chia y: Ching ta déu da biét, moi dudng thing trong mit phing déu c6
phuong trinh dang ax + by = ¢, vdi a, b khong ddng thai bang 0va
mot dudng thing dugc hoan toan xac dinh khi biét hai difm phéan
biét thudc n6. Thi du tiép theo s& minh hoa cach lap phuong trinh
dudng thing di qua hai diém.

Yidwg 2s Ldp phuong trinh diong thdng di qua hai diém A(=2; —6) va B(4; 3).

& Gidi

Gia sir dudng thing c6 phuong trinh ax + by = c, tir gia thiét:
*  A(-2; -6) thudc dudng thang, suy ra:

a(-2)+b(-6)=c<=-2a-6b=c. (1)
. thudc dudmg thang, suy ra:
a4+b3—c<:>4a+3b .8 (2)
47
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Tix (1) va (2), ta c6 dugc hé phuong trinh:
{-2a—6b=c {—2a—6b=c {6a=3c
-~ ~

4a+3b=c 8a+6b=2c 8a+6b=2c
'a—-° ,a_E
& ¢ 2 L A e .
8.5 16l |hm—
w2 j 3

Vay, dudmg thing c6 phuong trinh: %x - %y =ce>3x-2y=6.

Yidw 32 Xic dinh cdc hé s6 a, b cia phuong trinh: ax’—x +b =0,
biét né cé hai nghiém x, = -2 va x, = 3.

£ Gidi
Vi gia thiét:
* X, =-21]a nghiém cua phitong trinh, suy ra:
a(-2)’-(-2)+b=0¢>4a+b=-2. (1)
* X, =312 nghiém ctia phuong trinh; suy ra:
a3’-3+b=0&9a+ b=3. (2)

Tix (1) va (2), ta c6 dugc hé phuong trinh:

4a+b=-2 Sa=S5_ la=1. = la=1
« {lownloadsaghniel = :
9a+b=3 9a+b=3 9.1+4b=3 b=-6
Vay, phuong trinh c6 dang x¥*=x'=6'=0. "
Vidp 4: (Bai 25/tr 19 — Sgk): Ta biét rang mor da thitc bang 0 khi va cthi khi
tdt cd cdc hé s6 ciia né bdng 0. Hdy tim cdc gid tri ciia m va n dé da
thitc sau (véi bién s6'X) bdng da thire O:
P(x)=(3m—5n+ 1)x + (4m - n - 10).

& Gidi
Tacé
3m-5n+1=0 Im-5n=-1
Pa)=0es {0 0 o omon
4m-n-10=0 4m-n=10

| — ~ .
-20m+5n =-50 =17m =-51 m=3
Vay, véi n = 2 va m = 3 thi da thitc P(x) thoa man dé bai.
Yidw 8 Cho da thire: f(x) = ax® — (2 — a)x* + (5 - 3b)x — 4b.
a. Xdc dinh cdc hé s6 a, b cua da thice, biét né chia hét cho x — 3
vax+1.
Vai a, b tim duoc o trén, hay phan tich da thitc f(x) thanh nhéam uz.

ABC ——
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£ Gici
a. Voigia thiét:
= fXx)chia hét x — 3, suy ra:

f3)=0<> a3’ -(2-2a)3 +(5-3b).3-4b=0
<> 36a—-13b =3.

(1)
= fx)chiahétx + 1, suyra:
f-1)=0=a(-1)’-(2-a).(=1)) +(5-3b).(-1)-4b=0
& b=-7. (2)

T (1) va (2), ta cé duge hé phuong trinh:
{36a—]3b=3 {363—13.(-—7)=3 g
=N

= 9 .
b=-7 b=-7 be—7
b. Vdaikeét qua trén, f(x) cé dang
i(x) -——%x -—(2+—)x +(5+21)x+28
=—-22'—x3— 40x +26x+28—(x 3)(x+1)[—2—2x—§).
9 9 9 3

@ Nhin xét: DE thuc hién dugc vi du trén, chung ta da sit dung tdi két qua:
"Moét da rhm f(x) dna hel cho X — a khi va chi khi fa)=0"

C. BAI TE;P LUYE:N TAP

Bai 1: Giai cdc hé phuong trinh sau:

2x+7y=9 2x+ 7y =1
* {BX—y=2' = {3x+5y=—4'
{x+2y=20 q {3x+5y=9
Ix-2y=12 2x -4y =-5
Bai 2: Giai cdc hé phuong trinh sau:
x_2 y3+2x—8=y_3
a. <y 3 . b. y .
x+y=10 x+y=10
Bai 3: Giai cidc hé phuong trinh sau:
§+}—=l ri--L=100
b, ‘x+3 y-2 .
I
(x+3 y-2

49
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Bai4: Chohams8:y=ax +b.
Xic dinh céc hé s& a, b cia ham s6, biét ring d6 thi ham s6 cua né di (qua hai
diém:

a. A(l,3)vaB(@3,?2). b. A(l,-1)va B3, 3).
Bai 5: Lap phuong trinh dudng thing di qua hai diém:
a. A(l,3)vaB(@3,?2). b. A(l1,-1)vaB@3, 3).

Bai 6: Cho phuong trinh: x*—ax + b =0.
X4c dinh cédc hé s6 a, b cia phuong trinh, biét né cé hai nghiém:
a x;=1vix,=3, b. x;,=-3vix;=2.
Bai 7: Cho da thic: f(x) = x* —ax* + bx —a.
Xéc dinh cic hé s6 a, b ciia da thiic, biét n6 chia hét cho x — 1 va x - 3.
. {x +my=0
Bai 8: Cho hé phuong trinh: ;
mx+y=m+]l
a. Chimg té ring v6i moi m hé ludn c6é nghiém duy nhat.
b. Tim gi4 tri cia m dé hé c6 nghiém (x, y)thoAmanx < 1vay< 1.
. {x -my=0
Bai 9: Cho hé phuong trinh: : :
mx —y=mi+ ]
Giai he phuong trinh véim ==L == |
Ching t6 ring vdi moi m # +1 hé&1uds c6 nghiém duy nhat thoa man x —y = 1.
Tim gi4 tri cia m dé nghiém duy nhét (x, y) ciia hé thod man x* — y* < 0.
Tim m nguyén dé h& ¢é/ nighi&m nguyen duy 'nhét!’

o op

D. HUGNG-DAN=DAP SO
Bail: a. (1,1).  bO@.6). c (3,1). A (%,%).

Bai2: a. (4,6). b. (1,2).
Bai 3:
a. Diéukiénx,y=0.

Dat LI u va ! = v, hé duge chuyén vé dang:

X ¥
Su+3v=1 Su+3v=1 -u=4
~ g e
2u+v=-1 —6u-3v=3 Su+3v=I1
. ; :
R | N
< e L < :
5(=4)+3v=1 v=7 _1_=7 y-—l
Ly T

Vay, hé ghiém duy nhat (—% ,l )

:
ﬂ B CDTDHIDSY-T2
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b. Diéukiénx #-3vay=2

Dat =2uva =2v, hé duoc chuyén vé dang:

X+3 y-2

S5u—-9v =50 u=28 Xx+3 56
= & .
Ju+7v=154 ve=11) 9 49

Vay, hé ¢6 nghiém x = ——13%3- vay=

Bai 4:

a. Vai gia thiét:
® A(1, 3) thuoc d6 thiham s6,suyra: 3=a.l +b<a+b=3.
® B(3, 2) thudéc d6 thiham s, suyra:2=a3 +b<>3a+b=2.
Tur (1) va (2), ta c6 duoc hé phuong trinh:

a+b=3 2a = -1
<~ =
3a+b=2 d+b=3

: 1
Vay, ham s6 c6 dang y=—-%x+z s elhamiannhicom

b. Voi gia thiét:

= A(1, -1) thuoc dé thy HARY§6 sty #4! 212314 B> a+ b= —1.

= B(3, 3) thuoc dé thi hamrs6-suyTa—3=a3+be> 3a + b = 3.
Tir (1) va (2), ta c6 duge hé phuong trinh:

a+b=-1 2a=4 a=2 L~ 2
= L Lol .
3a+b=3 a+b=-1 2+b=~1 b=-3
Vay, ham s6 c6 dang y = 2x - 3.
Bai S5:
Gia sir dudmg thing c6 phwong trinh ax + by =c.
a. Vaigia thiét:
= A(l, 3) thu6c dudng thing, suyra:a.l1 +b3=c<a+3b=c.

= B(3, 2) thuéc duomg thing, suyra: a3 +b.2=c<3a+2b=c.
T (1) va (2), ta c6 duge hé phuong trinh:

b__Zc
a+3b=c 3a+9b=3c Tb=2c 7
= =
3a+2b=c 3a+2b=c 3a+2b=c 2c
33"‘2.7:0

Vay, dt thing c6 phuong trinh P?- X + —2‘733( =ce>x+2y=7.

S9-T2

Tron Bo SGK: https://bookgiaokhoa.com

(1)
(2)

(

1

(2)

51



Download Ebook Tai: https://downloadsachmienphi.com

b. Véi gia thiét:
= A(l, -1) thuoc dudmg thidng, suy ra:
a.l+b.(-1)=cea-b=c. (1
= B(3, 3) thudc dudng thing, suy ra:
a3+bl3=co3a+3b=c. ‘ (2)
Tix (1) va (2), ta cé6 duge hé phuong trinh:

_2 T
a-b=c 3a-3b=3c 6a =4c a= 3 3
o — = y
3a+3b=c 3a+3b=c 3a+3b=c 20
3.—3—+3b=c

Vay, dudng thing c6 phuong trinh %x - %y =e&ydx=y= 3

Bai 6:
a. Véi gia thiét:
= x, = 11anghiém cba phuong trinh, suy fra:
I’-al14b=0ca-beT. | (1)
" X, =312 nghiém cta phuong trinh,v’skuy'- ra:
32— a3 +bE0eBakbx%iennhicom (2)
Tix (1) va (2), ta c6 dugc hé phuong trinh:

{a—b=1 Q{2a=8 Q{a=4 @{a=4.
3a-b=9 Ja-b=9 34-b=9 b=3
Vay, phuong trinh c¢6 dang x*—4x + 3 = 0.
b. a=-1vab=-6.
Bai 7: Véi gia thiét:
® f(x) chia hét x - 1, suy ra:

f(1)=0=1-a.1? +b.1-a=0&2a-b=1. (1)
* f(x) chia hét x — 3, suy ra:
f3)=0<3'-a3* +b3-a=0<10a-3b=27. (2)

Tur (1) va (2), ta c6 duge hé phuong trinh:
{2a—b=l {63—3b=3 {4a=24

& &S
10a-3b=27 10a-3b=27 6a-3b=3
a==6 a=6
& .
-3b=3 b=11

CDTPHD)S)-T2
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| ? 5 ’ S > =
CHUPES  GIAI BAI TOAN BANG CACH LAP HE

PHUONG TRINH
A. TOM TAT Li THUYET

D¢ gidi bai toén bing cich 1aph¢phmgmh.ummhmmwcsau
Bue 1: Lap hé phuong trnh.
= Chon céc 4n va xéc dlnh d1éu klﬁn thfch hop cho n. Chu y
phai ghirddonvicliadn
« Biéu thi c4c dai luong chua biét khéc theo 4n.
~« Dua vio céc dir kién va dléu len cia bai todn d€ lap he
. phuong trinh. TR MR TR
Buoc 2: Gidi hé phuong trinh, '
Buéc 3: Thit lai, nhan dinh két qui va traltn
Cic bai todn duogc dua ra thu'éng roi vao mot trong 5 dang sau:
Dang 1:  Bai toAn chuyén dong.
Dang 2:  Bai toén vé s6 va chit's =) }}
Dang 3:  Bai todn vdi nude. |3 28
Dang 4: Bai toan vé ti s6 va qilan hé giita c4c s0.
“Dang 5: Bai toan vé phan trdm — nang sudt.

B. PHUONG PHAP GIAI TOAN
| Vindél: BAITOAN CHUYENDONG =~

Yidwp Iz Mor 616 diedinh di tie A dén B trong mot thoi gian nhdt dinh. Néu xe
chay véi van téc 35km/h thi dén chdm mat 2 gio. Néu xe chay véi
van téc S0km/h thi dén som hon 1 gio. Tinh qudng duong AB va
thoi gian duw dinh di liic dau.

&S Gidi

1. Ldp hé phuong trinh

a. Luwa chon dn

* Goi x la thoi gian du dinh di ldc d4u, diéu kién x > 0.
* Goiy la d6 dai quang duong AB, diéu kién y > 0.
b. Thiét lap hai phuong trinh
Véi gia thiét:
» Néu xe chay véi van t6c 35km/h thi dén cham mat 2 gio, ta dugc:

%=x+2@35x—y=—70. (1)
» Neéu xe chay véi van t6c 50km/h thi dén sém hon 1 gid, ta duoc:
a J
S — =x-150x -y =50. 2
: y (2)
42 53
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c. T (1) va (2), ta cé hé phuong trinh:
35x-y=-70
{SOX -y=50
2. Gidi hé phuong trinh

15x =120 x=8 e s

= = , thoa man diéu kién.
50x -y =50 y =350

3. Két ludn: Vay, quang dudbng AB bang 350km va thdi gian du dinh di ldc

d4u 12 8 gid.

@ Nhdn xét: Nhu vay, trong 15i gidi ctia vi du trén ta thiy:

1. Ching ta lua chon hai 4n x, y tuong img cho hai gia tri cAn tim la 6 dai
quéing dudng AB va thdi gian du kién.

2. Viéc thiét lap cac phuong trinh (1) va (2) dua trén phép so sanlh thoi
gian tdi dich vdi thai gian du ki€n. Tuy nhién, ciing c6 thé 1ap luan

“theo kifu khic, cu thé:
* Néu xe chayvdxvﬁntchSkm/hﬁudénch&m madt 2 gid, hic 1a s6 thoi
gian chay béngx+2,dod6 ,
35(x + 2) =y, (vén téc x thoi gian-=quéng dutng)
* Néu xe chay vdi van t6c 50km/h thi dén sdm hon 1 gig, trc la s6
thoi gian chay bangx<1,de/déienpni.con
. S0(x—1) =Yy, (vn toc x thoi gian = quang dutong)

3. Loi giai dugc trinh bay thanh ba phdn d¢c lap nhau, véi muc dich
minh hoa d€ gitip cac em hoc sinh hiéu dudc cich trinh bay bai toan
theo thuat toan da dugc chi ra. Tuy nhién, k€ tir cac vi du sau chuing ta
khong cdn phan tich nhu vy ma chi yéu ciu cic em hoc sinh klhi doc
phai biét minh dang d buédc nao.

Yidwg 2: Liic 7 gio mét nguoi di xe may khoi hanh tix A véi vén téc 40 km/h.
Sau dé, lic 8 gio 30 phiit, mot nguoi khdc ciing di xe may tic A dudi
theo vdi vdn téc 60 km/h. Hdi hai nguoi gdp nhau lic mdy gior?

(I)

£ Gidi
: : ; ; . 30 17
Ta thuc hién déi don vi: 8 gidy 30 phiit = 8 + e
/
Goi x 12 thoi gian hai ngudi gap nhau, diéu kién x > 1—; :
Goi y 12 d6 dai quang dudng tir A t6i di€ém gip nhau, diéu kién y > 0.

Véi gia thiét:
= Ngudi thit nhét di véi van t6c 40 km/h va xudt phét lic 7 gio, ta duoc:

40(x 7) =y < 40x — y = 280. (1)
A 5 CDTPHD)S9-T2
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= Nguoi thit hai di v6i van t6c 60 km/h va xudt phat lic 8 gio 30 phuit, ta duoc:
17
60(x—?)=yc>6()x-y=51(). (2)

40x-y=280 |x=1 1l =11gio030phut
= *

Tir (1) va (2), ta cé hé phuong trinh:
(I)va(2), ta =P g {60x—y:510

y =180
Vay, ho gap nhau lic 11 gio 30 phut.

@ Nhdn xét: Nhu vay, trong 10i giai cua vi du trén ta thaly:

1. Cho du bai toan ch1 yéu cdu " Tim thoi diém hai ng&fo’; gap nhau
tuong Lrng v3i mot &n xong chiing ta lai lua chon hai 4n (mOt an duac
dé xuat) dé chuyén bai toan vé hé phuong trinh bac nhat hai an. Khi d6:

» Phuong trinh (1) dugc thiét lap dua trén chuyén dong cia ngudi
thi nhat.

* Phuong trinh (2) dugc thiét lap dua trén chuyén déng cia ngudi
tha hai. -

2. Pé hoc sinh tién so sanh, sam day $e 1a 10i giai khi ta lva chon hudng
lap phuong trinh:
Gia sir diém ho gap nhau 1a B.! Gﬂ;rqmang duong AB la x, diéu kién x > 0.
Suy ra:

* Thoi gian ngu‘cﬂ thu’ n.hat dl tu’ A dén B la E

* Thai gian ngu'dl muhmmm&dénﬁ Iam =

Vi ngudi thit nhat di sau ngudi thi hai 1 gio 30 phut nén ta co:
X =X N\ 3x=2x + 180 &£<180
40 60 2
Vay diém gip nhau cua hai nguoi cach A 1a 180 km.
Pé di duoc quang duong nay:

* Nguoi thit nhat phai di mat _1286(_)_ = 4— (gio).

* Nguoi thit hai phai di mat _1383)_ =3 (gid).
Vay, ho gap nhau lic 11 gio 30 phuit.

Yidp 3z (Bai 43/tr 27 — Sgk): Hai nguoi ¢ hai dia diém A va B cdch nhau
3.6km, khai hanh cing mét hic, di ngicoc chiéu nhau va gdp nhau o
mot dia diém cdch A la 2km. Néu cd hai cing giit nguyén vdn téc
nhie trong truong hop trén, nhung nguoi di chdm xuat phat truoc

won kia 6 phit thi ho sé gap nhau o chinh giita quang duong. Tinh

t}% 1 té¢ ca moi nguoi.
MS‘)-T‘Z 55

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

&S Gidi
1
Péi: 6 phiit = — gid.
1:6p 105

Goi x 1a van t6c cua ngudi di nhanh hon (x > 0, don vi: km/h)
y l1a van t6¢c cia ngudi di cham hon (y > 0, don vi: km/h)
Hai ngudi khdi hanh cing mét lic, di nguge chiéu nhau va gap nhaut & mot
dia diém céch A 1a 2km (ngh'l'a 1a cdch B 1a 1,6km). Lic dé6:

® Ngudi di nhanh mat — (h)

® Ngudi di cham mat E (h).
h J
Do d6é, ta c6 phuong trinh: L. = Lb (1)
X y

Néu ca hai ciing giit nguyén van t6¢ nhu trong truong hop trén, nhu'ng, nguoi
di chdm xudt phat truéc nguoi kia 6 phlit thl ho s€ gap nhau & chinh giita: quang
duong. Lic dé:

® Ngudi di nhanh mﬁtH (h)
X
S 1,8 1
=  Ngudi di cham mat;,-—-—‘ﬂ-qr (h)a .
- 4
1,8 18 Ich Onli
vl (2)
X y 10
2_L6
=45
Tir (1) va (2), tacé he: { Y e 277
L8 18 1 (y=2
x y 10

Vay, van téc cua ngudi dl nhanh 12 2,5km/h va van t6c cua ngudi di cthdm Ia
2km/h.

Yidwp 42 Hai cané cing khoi hanh tir bén A va B cdch nhau 85km, di nguoc
chiéu nhau. Sau 1 gi®r 40 phiit thi gdp nhau. Tinh vdn téc riémg ciiu
méi canéd. Biét rdng vdn téc riéng ciia canéd di xudi lén hon vedn té¢
riéng cua cané di nguoc 9km/h va vdn téc nuéc la 3km/h.

£ Gidi
: : . i =gy ’ 40 5
Ta thuc hién déi don vi: 1 gio 40 phit =1 + =B gio.
Goi x 1a t6c riéng cla cand di xubi dong, diéu kién x > 0. Do d6, khi di
xum i véi van téc (x + 3) km/h.

CDTDHE)S9-T2
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Goi y la van toc riéng cua can6 di nguge dong, diéu kién y > 3. Do dé, khi
i nguoc dong né di vai van toc (y — 3) km/h.
Vi gia thiét:
* Van t6c riéng cua cané di xudi Ign hon van téc riéng cua cand di nguoc
Okm/h, ta dugc: x —y =9. (1)
* Sau 1 gio 40 phuit hai can6 gap nhau, ta duoc:

—gr[(x+3)+(y—3)]=85<:>x+y=51. (2)
. . ) . X-y=9 % =3l
Tir (1) va (2), ta c6 hé phuong trinh: = .
Xx+y=351 y =21

Vay:
* Van t6c riéng cua canoé di xuéi bang 30km/h.
*  Vin t6c riéng cta canoé di nguoc bang 21km/h.

¥ Chi y: Neéu thay gia thiét " Van toc rreng cua cané di xubi lon hon van toc riéng

cua cané di nguoe 91("3/1“; bang " Vdn t6¢ cand di xudi lon hon van toc
cané divigitge 9km/h " thi-phetong trinh duge minh hoa bang:

(x+3)-(v- &}:9:&’ x—y=15.

=15 =33
Khi d6, he phushgaRkadaigR 1 0 > o 1777
x+y 51 y=18

w | Porc S3

Vay, ta\ko: Download Sach Hay | Doc Sac
* Van t6c riéng cua cand di xuo{bang 33km/h.
* Van téc riéng cua can6 di ngudc bing 18km/h.

Vidw 53 (Bai 37/tr 24 — Sgk): Hai vdt chuyén déng déu trén mot duong tron
duong kinh 20cm, xuat phat cing mot lic, tie cing mét diém. Néu
chuyén déng ciing chiéu thi cit 20 gidy ching lai gdp nhau. Néu
chuyén déng nguoc chiéu thi cit 4 gidy chiing lai gap nhau. Tinh vin
téc ciia méi vat.

& Gidi
Goi x va y la van téc cua céc vat (x,y > 0; don vi: cm/s)
* Néu chuyén dong ciing chiéu thi cif 20 gidy ching lai gap nhau.
20~

Do dé, ta cé: = 20.
X=Yy
* Néu chuyén déng nguoc chiéu thi cit 4 gidy ching lai gap nhau.
Do dgy ta c6: 1 =4,

y X+y
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—=20
Taich b oh srinks X=-y - 20m = 20x — 20y - X =3n
uon : _
@ c0 T PATERE T 1 20 4 207 = 4x + 4y y=2n
X +y

Vay, van t6c vat thir nhat 12 3n cm/s va vin t6c vﬁt thu' hal l& 21: cm/s.
Vingés BATTOANVESGVACHOSG.

ﬂ_l'._h Tim 56 c¢6 hai chit s6, biét rdng téng cua chu’ sd hang dcm vi wa hai
ldn chit s6 hang chuc bdng 10. Ngoai ra, néu déi ché chit sé" hang
chuc va hang don vi cho nhau thi sé dugc sé méi nho hon si6 ban
dau 18 don vi.

&S Gidi
Goi s6 c6 hai chits6 12 xy = 10x +y, véix,y € N, 1 <x,y <9.
Vi gia thiét:
=  Téng cha chit s6 hang don vi va hai lan chUSOhéng chuc bang 10, ta duroe:

2x +y=10. = (1)
* Néu déi chd chir s6 hang chuc vh hb.ng don vi cho nhau thi s€ dugc s:6 méi

(yx = 10y + x) nhé hon s6 ban/d4u-18 don vi, ta duoc:

Xy — yx -18<::>(10x+y) (10y+x)-18<:>x y=2. (2)
2x+y-10 {x-4
<

, thoa mam diéu
X o yres Ol y=2

Tir (1) va (2), ta c6 hé phu‘cmg trmh {

kién.
Vy, s6 cin tim 12 42.

@ Nhdn xét: Nhu vdy, trong 16i giai cta vi du trén ta thay:

1. Cho du bai toan chi yéu cdu chiing ta di im mot s6 c6 hai chir s6 (diéu
nay cé thé khién hoc sinh hiéu nhdm ring chi c6 moét 4n) nhung cidm hiéu
rdng, s6 cin tim dugc xdy dung tif hai thanh phin. Do d6, ching tta lua
chon hai 4n x, y twong ting cho chit s6 hang chuc va chir s6 hang dion Vi.
Va vi chiing la céc chit s6 dai dién nén phal thuc tap {0,1,2,3,...,9} xong
d day khong thé 1a 0 bdi cac s6 Oy , 0x khdng phai la s6 c6 hai chit 6.

2. Viéc thiét 1ap phuong trinh (1) 1a don gian, con d6i véi phuong trimh (2)
ching ta cin tdi kién thic vé biéu dién s6, cu thé:

y 10x + vy,

xyz = 100x + 10y + z, . . .
Yidp2: Tim mdt s6 ¢ hai chix s6. Biét rang chit s6 hang chuc lém hom chiv
ang don vi 6 don vi. Néu viét xen chit s6 0 vao giita chit s6 hang

B d«, va chit s6 hang don vi thi s6 tw nhién dé tang 720 don vi.

CDTDHD!SS-T2
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&5 Gui
Goi 56 ¢6 hai chit s 1a xy =10x +y, véix,y € N, 1 £x<9,0<y <9,
Vai gia thiét:
= Chir s6 hang chuc 16n hon chit s6 hang don vi 6 don vi, ta duoc:
x—y=6. (1)
= Khi viét xen chir s6 0 vao giita chit s6 hang chuc va chir s6 hang don vi
(duoc s6 x0y = T00x +y) thi s6 tu nhién d6 tang 720 don vi, ta duoc:
(100x +y) = (10x +y) =720 < x = 8. (2)
. ) . X-y=6 X =8
Tu (1) va (2), ta cé hé phuong trinh: = ;
x=8 y=2
Vay, s6 cdn tim la 82.

Vindé3: BAITOAN VOINUGC

Yidgpls Mot mday bom muon bmn day. nuoc vao bé trong mér thoi gian quy
dinh thi méi gio phdi bom 101113 Sau khi bom duoc — 3 bé nguoi cong

nhan van hanh may cho hoa‘r dang voi céng sudt 15m’/h. Do vdy so
voi quy dinh be; dztacbomday trudc 48 phit. Tinh thé tich cua bé.
Ta thuc hién déi don vi 48 phut = ﬁ = A gla
6015
Goi x (gio) 1 thoi gian quy dinh dé bom ddy bé, di€u kién x > 0.
Goi y (m’) la thé tich ca bé, diéu kién y > 0.
Véi gia thiét:
= Mu6n bom ddy nuéc vao bé trong thoi gian x méi gidy phai bom 10m’, ta duoc:
10x =y. (1)

» Sau khi bom duoc —;— bé (titc bom dugc % m’ va t6n 33;0' gio va con lai
_23_y m’), ngudi cong nhan van hanh méy cho hoat déng véi cong sudt
1Sm’/h (tdc 12 t6n g—i’——s gi0). Do vay so véi quy dinh bé dugc bom day

truéc 48 phit (tdc 1a mat x — :—2- ), ta duoc:

Y 2 ex-ty=T2. (2)
éf 3.10  3.15 15
DADSI-T2 .
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Tir (1) va (2), ta c6 hé phuong trinh:
10x =y x=36 . _ . .
- , thoa man diéu kién.
90x -7y =72 y =36
Vay, thé tich ctia bé bing 36 m’.

@ Nhdn xét: Nhu vay, trong 15 gidi ctia vi du trén ta thay:

1. Cho di bai toan chi yéu cdu " Tinh thé tich cia bé", tuong img vdi mot 4n,
xong chiing ta lai ta chon hai &n (mot 4n dugc dé xu4t) dé chuyén bii toan
vé hé phuong trinh bac nhat hai 4n. Khi dé:

* Phuong trinh (1) dugc thiét 1ap dua trén quy dinh chung.
= Phuong trinh (2) dugc thiét lap dua trén viéc thuc hién bom: trong
thuc té.

2. D& hoc sinh tién so sanh, sau day sé la 15i gidi khi ta Ita chon huding lap
phuong trinh:

Goi thé tich ctia bé 13 x (m?), diéu kién x > 0. Suy ra:
*  Thai gian dy dinh d& bom ddy b6 1a: .
" Vi % bé (bing %) bom theo quy dinh méi gid phai bom 10m”® nén
at = .= — (gid).
3 T4\ Bhamomsici

= Véi % bé con lai (bing %), cbng sudt cua may la 15m*/h né&n mat
= =2 (gio)

Vay thai gian thuc t& € bom ddy bé la: 3’% + %

Vi so véi quy dinh bé dugc bom ddy trudc 48 phiit nén ta c6 phuong tirinh:
X (2 + )= £ & o 2x =72 x =36, thod man.

10 ‘30 45’ 15

Vay, thé tich ctia bé nudc la 36m’.
Yidw2: (Bai 32/tr 23 — Sgk): Hai voi midc cing chdy vao mét bé nucic can

. ; B oo o u ol oemae s s aw o _aw
(khéng c6 nuoc) thi sau 43 gio day bé. Néu lic dau chi ma vou thir

A L3 . o ? A . ” . 5 6 . o s A
nhdt va 9 gio sau moi mo thém voi thir hai thi sau - gio nita nuor day

6 HGi néu ngay tix dau chi mo voi thit hai thi sau bao ldu sé ddy bé.
ﬁ B CDTDHDISY-T2
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&5 Gui

Goi x va y 1a thoi gian dé voi thit nhat va voi thit hai chay mét minh thi diy
bé (x > 0; y > 0; don vi: giv).
Do do:

Trong 1 gio voi thit nhéat chay dugc — phén cua bé.

Trong 1 gid voi thit hai chay dugc L phan cua bé.

* Trong | gi& ca hai voi chay dugc Lgs phéin cia bé

X Y
; _pr & 2B o woem wa T
Hai voi cung chay thi trong 4; = 5 gio s€ day bé, nén moi gio hai voi

chay duoc 1 : _Zi = -5— (bé). Do dé tacé phuong trinh: —]- - l = —5- (1)
5 24 x y 24
Néu hic dau chi ma voi thi nha't"v& 9, gi0 sau m&i mo thém voi thit hai thi
6

sau — glO‘ nita méi ddy bé. Do d6 ta cé phlm'ng trinh: R + 20 1

' (2)
24 5
Tu (l) va (2), ta ¢6 hé phuong tnnh
(1.1 5 dofinlohdsat bhi.tom3
YU _xy % sy m
| Sl 9 S e S
9 5 6 ovgjoadach Hay [DBc g Oplin
—+—.—=1 —t—=1 —t+==1
(X 24 5 x 4 x 4
1 1 5 | K 5
_+.._=_

36 +x =4x X =12
Vay, néu voi thit hai chdy mét minh thi sau 8 gid sé ddy bé.
Yidw 3: (Bai 38/tr 24 — Sgk): Hai voi nudc cung chdy vao mét bé khong co
nuoc thi sau 1 gio 20 phiit sé day. Néu mo voi thit nhdt chdy trong
10 phiit va voi thit hai chdy trong 12 phit thi ddy ]—25— bé. Hdi méi
voi chdy moét minh thi sau bao ldu méi ddy bé'?
£ Gidi
Ta c6 thé lua chon mot trong hai c4ch trinh bay sau:
Cdch 1:Thiét ldp dn théng qua gid tri cdn tim.
Goi x 1a thoi gian dé voi I chay mét minh cho ddy bé, diéu kién x > 0. Suy ra
2o e : :
mé g1 VO i‘hay dugc — bé.

61
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Goi y 12 thoi gian dé vdi IT chdy mét minh cho ddy bé, diéu kién y > 0. Suy ra,

méi gidy voi II chay duoc ] bé.
b 4
Ta thuc hién déi don vi:

1
I gior 20 phiit = 1 + % - f;- gid; 10 phit = é- gids 12 phit =  gio.
Véi gia thiét:
* Hai vdi nuéc cliing chay vho mot b€ khoéng c6 nuée thi sau 1 gidy 20 phiit
séda'y,taduqc:i(— —)-1 -1-* l=2 (1)
3 x vy Xx y 4

= Néu m& voi thit nhat chay trong 10 phit va voi thit hai chay trong 12 phit thi
day—bétad o g b L B e -5 (2)
"6'x 5 y 15 6x y 15

Tu (1) va (2), ta c6 hé phuong trinh:

1,13 (6,53
4 6x Sy 4|
Ll 4 %% Hal M
1, 2|
(6x S5y 15 6x Sy 15
e
pat {
1
vV=—o
Sy
' A 1
6“"'5":3' u=— 6x 12 X =2
khi d6, hé cé dang:  SSUEES " g b o
U+V—2 V—l 'l—=i }'=4
L 15 20 |5y 20
Vay, ta dugc:

= VoilIchay trong 2 gid sé ddy bé.
= Vi IT chay trong 4 gid s& ddy bé.
Cdch 2: Thiét ldp dn théng qua gid tri trung gian.
Gia sir méi gid voi I chdy duge x phén bé, diéu kién x > 0.
Gia sir mébi gio voi IT chay dugc y phin bé, diéu kién y > 0.
Véi gia thiet:
= Hai vdi nuéc cling chdy vao mot b€ khong cé nuée thi sau 1 gidr 220 phuit

s€ ddy, ta dugc: %(x+y)=l@4x +4y=3. (3)

4BC —
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= Yéu mao voi thit nhat chay trong 10 phit va voi thit hai chay trong 12

thut thi day = bé, ta dwoc: l.x + l.y = L] < 5x + 6y =4. (4)
15 6 5 15

o ) ) 4x +4y =3
Tir 3) va (4), ta c6 hé phuong trinh: &5 X =

1
Sx+6y =4 E'Y_

1
i
Vay ta duoc:

= /0il chay trong 2 gid sé day bé.

= /i Il chay trong 4 gid sé ddy bé.

@ Nkin xét: Nhu vay, thong qua hai cach giai cta vi du trén ta thay:

1. 73i cach 1, viée lua chon &n thong qua cac gia tri cAn tim gitip cho cach dat
ran dé kha tudng minh. Tuy nhién, chung ta lai phai d6i mat vi mot hé
>hitc tap (3 d6 can st dung phuong phap an phu d€ giai).

2. /i cach 2, viéc lua chon dn théng qua gia tri trung gian cin c6 dudc
1hung kién thirc danh gia dung dé’m xong sé giup chung ta thu dugc mot
1é don gian.

[ Vdndéd: BAITOAN VE Ti SO VA QUAN HE GIUA CAC SO

Yidplzs (Bai 34/tr 24 — Sgk): Nhd Lan 6 mot mdnh vion tréng rau cdi bap.
Vuon dugc danh thanh, xdueu Iuong. moi luéng trong cing mét logi
cdy cai bap Lan tinh rang: Néu tang ‘thém 8 luéng rau, nhumg moi
luéng trong itidi 3 cay +hisé ady toan vigon it di 54 cay. Néu gidm di
4 luéng, nhung moi ludng tréng tang thém 2 cay thi sé rau toan
vuon sé tang thém 32 cay. Hoi vuon nha Lan trong bao nhiéu cdy
cdi bdp?

£S5 Giii

Goix 12 s6 luéng rau ma Lan trong (x € N°)
y 12 s6 cay cai bap ma Lan trong trén méi luéng (y € N°).
Néi ting thém 8 luéng rau, nhuimg mbi luéng tréng it di 3 cdy thi s6 cay
toan vuom it di 54 cay. Do dé, ta c6 phuong trinh:
Xy — (x +8)(y ~ 3) =54 (1)
Né1 giam di 4 luéng, nhung méi luéng trong tang thém 2 cay thi s6 rau toan
vuon sé tang thém 32 cay. Do dé, ta cé phuong trinh:
(x —4)(y +2) -xy =32 2
Tur 1) va (2), ta c6 hé phuong trinh:
Xy —(x +8)(y-3)=54 - 3x -8y =30 - x=50.
(x = 4)(y+2) xy = 32 2x —4y =40 yie= |5

ﬂp cai trong trong vuon nha Lan la: 50 x15 = 750 (cay).
S9-T2 63
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Yidyg 2: (Bai 31/tr 23 — Sgk): Tinh dé dai hai canh géc vuéng cua midt tam
gidc vuodng, biét rang néu tang méi canh lén 3cm thi dién tich tam
gidc dé sé tdng thém 36cm?, va néu mét canh gidm di 2cm, canh kia
gidm di 4cm thi dién tich cua tam gidc gidm di 26cm®.

£ Gidi

Goi x va y 1a do dai cua hai canh géc vudng clia moét tam gidc vuong (x.,y > 0,
don vi: cm).

Néu tang méi canh 1én 3cm thi dién tich tam gidc d6 s& ting thém 36cm’.
Do dé, ta c6 phuong trinh:

(“3)2(”*3)-%:36a(x+3)(y+3)—xy=72 (1)
Néu mét canh giam di 2cm, canh kia giam di 4cm thi dién tich ctia tam giac
giam di 26cm’. Do dé, ta c6 phuong trinh:
xy _(x=2)(y-4)
2 2 |
Tix (1) va (2), ta cé hé phuong trinh;~, |
(x+3)(y+3)-xy=72 sl 3,’,“‘7.33’ =63 L =9
Xy =(x=2)(y—-4)=52 4x +2y =60 y=12
Viy, d6 dai hai canh ¢tia'gée vilbng 1219¢m va 12¢m.

Yidp3: Trong mét trang sdch, néu bér di 4 dong va méi dong bor di 3 ¢ hit thi
cd trang sé bot di 136 chit, néu tang thém 3 dong va méi donyg tdng
thém 2 chit thi cdtrang sé tang 109 Chit. Tinh s6 dong trong trang va
s6 chit cua maoi dong.

=26 xy—-(x-2)(y—-4)=52 2)

& Gidi

Goi x 1a s6 dong trong trang sach, diéukién0<x € N.

Goi y 12 s6 chir trong méi dong, diéu kienO <y € N.

Véi gia thiét:

* Neéu bét di 4 dong (iing vdi viéc b6t 4y chil va trang con lai x — 4 domg) va
mdi dong bét di 3 chir (ing v6i 3(x—4)) thi ca trang s& b6t di 136 cthit, ta
dugc: 4y + 3(x - 4) = 136 & 3x + 4y = 148. (1)

* Néu méi dong tang thém 2 chit ( trang ting dugc 2x chit va méi dong c6
y + 2 chi) va ting thém 3 dong (ting duoc 3(y + 2) chir) thi ca trang sé

tang 109 chit, ta dugc: 2x + 3(y + 2) = 109 < 2x + 3y = 103.(2)
3x +4y =148 x =32

— ;
2x +3y =103 y=13

\Bﬁ séich c6 32 dong va mbi dong c6 13 chi.
#A
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@ Nhin xét: Nhu vay, trong 13i giai cta thi du trén ta thay:
" 1. Lua chon hai an x, y tuong tng vdi s6 dong trong trang sach va s6 chit
tong mdi dong.
2. Viéc thiét 1ap cac phuong trinh (1) va (2) dua trén s6 du khi thém hodc
k6t do d6 can c6 nhan dinh that chinh xac.

| VéindéS: BAITOAN VE PHAN TRAM - NANG SUAT

Yidp & CO6 hai phan xwong, phdn xuong 1 lam trong 20 ngay, phdn xuong 11
lam trong 15 ngay, duoc tdt cd 1600 dung cu. Biét s6 dung cu phdn
xuong I lam trong 4 ngay bdng sé dung cu phan xuwong Il lam trong 5
ngay. Tinh s6 dung cu ciia méi phan xuong dd lam.
£ Gia
Goi : 1a s6 dung cu phan xuong I 1am trong 1 ngay, diukiénO<x € N.
Goi v 1a s6 dung cu phan xuong II 1am trong 1 ngay, diéukiénO<y € N.
Vi zia thiét:
* (i hai phan xudng lam dugc 1600-san phim, ta duoc:

20x+15y-1600<:>4x+3y 320. (1)
* S5 dung cu phan xuong I 1am trong 4 ngay bang s6 dung cu phan xuong
I11am trong 5 ngay, ta duoc: 4x=15¥. (2)
4x . 3y 320 x=50 ..
Tir (1) va (2), ta c6 hé&!phirong trinh;: < , thoa man
4x = Sy y =40

diéu kié. ownload Sach | "

Vay phan xuong I 1am duac 50 san ph&m va phﬁn xuong IT lam duogc 40 san
pham mdt ngay.

Yidp 2 (Bai 45/tr 27 - Sgk): Hai doi xdy dumg lam chung mét ¢éng viéc va
dic dinh hoan thanh trong 12 ngay. Nhung khi lam chung dwoc 8
ngay thi déi 1 dugc diéu déng di lam viéc khdc. Tuy chi con mot
minh déi 11 lam viéc, nhung do cdi tién cdch lam, ndng sudt cua doi
Il tdng gap déi, nén ho da lam xong phdn viéc con lai trong 3,5
ngady. Hoi véi ndng sudt ban ddu, néu méi déi lam mét minh thi phdi
lam trong bao nhiéu lau moi xong céng viéc trén?

&S Gid

Goi ¢, y theo thit tu 1a thoi gian ma méi déi 1am mot minh thi hoan thanh
cong Vi€, vai nang sudt ban ddu (x, y > 0; don vi: ngay).
Tronz mét ngay:

* Poi I hoan thanh dugc L cong viéc.
X

*  Poi Il hoan thanh duoc 1 cOng viéc.
(i b

S9-T2 65
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= (a hai do6i hoan thanh dugc L + L cong viéc.

X Yy
o B 1
Do d6, ta c6 phuong trinh: — + — = — (1)
x y 12
e 1 2
Trong 8 ngay ca hai d6i lam duoc: 8. = = &

S6 cong viéc con lai 1a: 1 - —g- = %
Sau khi déi I nghi, niang suit doi 2 tang 1én gdp doi va ho phai hoan thanh
phéan cong viéc con lai trong 3,5 ngay. Do d6, ta c6 phuong trinh:

1.2 5% (2)

3y

Tir (1) va (2), ta c6 hé phuong tr‘;nh: 4

Vay, néu phai lam m6t minh thi do: I sau 28 ngay s€ hoan thanh comg viéc
va déi Il sau 21 ngay sé hoan thanh cong viéc.

Yidg Mz Mot tdp doan dinh '¢d die dink 'tring ' bink' méi tudn bdt duoc 20 tin
cd. Nhung trong thuc té ho da viegt myic ké hoach 6 tdn mot tu«in nén
chdng nhitng da hoan thanh som mét tudan ma con vicot mite 10 tan
nita. Tinh dinh mitc ké hoach da dinh.

& Gidi

Goi x (tudn) la théi gian thue hién dinh mic k€ hoach, diéu kién x > 0.
Goi y (tdn) 1a dinh mic k& hoach, diéu kién'y > 0.

Véi gia thiét:
= Du dinh trung binh méi tu4dn bét duoc 20 t4n c4, ta duoc:
20x =y. (1)

* Do ho da virgt midc k€ hoach 6 tdn mot tudn (tirc 13, méi tudn danth duoc
20 + 6 = 26 t4n) nén ching nhimg di hoan thinh sém mot tuin ((tic [a,
chi thuc hién trong x — 1 tudn) ma coén vuot mitc 10 t4dn nifa (tic 1:d d4nh
duogc y + 10 tan), ta duoc:

26(x — 1) =y + 10 < 26x — y = 36. 2)

Tir (1) va (2), ta c6 hé phuong trinh:

20x =y x=6 P
— , thoa man diéu kién.
26x -y =36 y =120

V@é‘ dcml.'rc ké hoach di dinh bang 120 tan.

CDTDHDS9-T2
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@ Nhdn xét: Nhu vay, trong 18i giai cda thi du trén ta thay:

1. Cho du bai toan chi yéu cdu " Tinh dinh muc ké hoach dd dinh ", tuong ung
vdi mot an, xong ching ta lai lva chon hai an (mo6t an dugc dé xuat) dé
chuyén bai toan vé hé phuong trinh bac nhat hai 4n. Khi dé:

* Phuong trinh (1) dugc thiét lap dua trén dinh mirc trong ké hoach.
* Phuong trinh (2) dugc thiét 14p dua trén viée thuc hién ké& hoach trong
thure t.

2. D& hoc sinh tién so sanh, sau ddy sé la 15i giai khi ta lua chon hudng lap
phuong trinh:

Goi » (tdn) 1a muc ké hoach da dinh, diéu kién x > 0. Suy ra:

* Thoi gian du dinh la: -2’-‘(-} (tuin).

» Khéi luong thuc t& danh bt dugc trong mot tudn la 20 + 6 = 26
(tdn) va khdi lugng thuc t& danh bit duoc la x + 10 (tn). Suy ra,
thdi gian thuc t& danh bat la e

(tudn).

* Vi tap doan dé hoan thanh cﬁng viéc sdm hon so voi du dinh mot
tuin nén ta ¢é6 phuong trmh
210 - Y - s bx~500=Des =121,
26 20
Vay, tap doan du dirh’ 4R B3t 120 &R
Yidw2: Trong thang 3 hai to tr ong duge 720 cdy xanh. Trong thang 4, 161
vicor nuic 15%, to 11 vieot mitc 12% nén tréng duoc 819 cdy xanh.
Tinh xem trong thang 3 méi t6 trong dwoc bao nhiéu cdy xanh.

&S Gidi

Goi x 1a s0 cay xanh t6 I tréng duoc trong thang 3, diéukién0< x € N.

Goi y 1a s6 cay xanh t6 II trong dugc trong thang 3, diéu kien0<y e N.

Véi gia thiét:

» Trong thang 3 hai t8 tréng dugc 720 cay xanh, ta dugc: x + y = 720. (1)

= Trong thing 4, t6 I vuot mic 15% (tréng duoc x + TIO% x), t6 II vugt mic

12% (trong dugc y + ]—lo%y) nén tréng dugc 819 cay xanh.

15 12
Ta duoc:(x + —x) + (y + — 819 < 115x + 112y = 81900. 9
a (x IOOK) (y ]my) X y= (2)

+y =720 = 420
Tir (1) va (2), ta c6 hé phuong trinh: {x Y {x

& .
115x +112y =81900 |y =300
Vay nvhéng3 t6 I tréng dugc 420 cay xanh va t6 II tréng duoc 300 cay xanh.

S9-T2 67
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Vidg 8 (Bai 39/tr 25 — Sgk): Mot nguoi mua hai loai hang va phdi trd tény
cong 2,17 triéu déng, ké cd thué gid tri gia tang (VAT) wov nuic
10% déi véi loai hang thir nhdt va 8% déi véi loai hang tthit hai.
Néu thué’ VAT la 9% déi vdi cd hai loai hang thi nguoi dé phdi tra
téng cong 2,18 triéu déng. Hoi néu khéng ké thué’ VAT thi nigusi do
phdi trd bao nhiéu tién cho méi loai hang?

£ Gidi

Goi x va y 12 gi4 tién méi loai hang, khong ké thu€ VAT (x,y > 0; don vi:
triéu déng).

M6t ngudi mua hai loai hang va phai tra téng cong 2,17 triéu déng, ké ca
thué gié tri gia ting (VAT) véi mitc 10% d6i véi loai hang thit nhat va 8% doi
véi loai hang thit hai. Do d6, ta c6: 110%x + 108%y = 2,17

Néu thu€ VAT 1a 9% d6i véi ca hai loai hang thi ngudi dé phai tira tong
cong 2,18 triéu déng. Do d6, ta c6: 109%x + 109%y = 2,18

Do d6, ta c6 hé phuong trinh:

{IIOx +108y =217 {1 10x + 108y = 217
L — | (C (=4

109x + 109y =218 X ty=2

N N =

=

Vay, s6 tién ngudi d6 mua méi loai 12 500 000 déng va 1 500 000 déng.
Vidwp 82 (Bai 46/tr 27 — Sgk): Ndm ngodi, hai don vi sdn xudt néng nghiép thu
hoach duoc 720 tdn théc. Nam nay, don vi thit nhdt lam vutot mic
15%, don vi thit hai lam vuot mic 12% so véi ndm ngodi. Do d6, cd
hai don vi thu hoach duoc 819 tdn théc. Hoi méi ndm, mbi don vi
thu hoach duoc bao nhiéu tan théc?
£ Gidi
Goi x, y theo thit tu 12 s6 théc méi don vi thu hoach dugc trong nanm ngoéi
(x, y > 0; don vi: t4n).
Nam ngodi, hai don vi san xudt néng nghiép thu hoach dugc 720 tain thc.
Do dé: x +y = 720.
Nam nay, don vi thit nhét lam vugt midc 15%, don vi thit hai lam vuot mic
12% so v6i nam ngodi. Do d6: 15%x + 12%y = 819.

=720 =420
ool b gt L s
150x +120y =819 |y =300

Vay, trong nim ngodi don vi thit nhat thu hoach dugc 420 tan, don' vi thit
hai thu hoach duoc 300 t4n.

Vi dy 10z Hai 16 sdn xudt phdi hoan thanh 90 sdn phdm. T6' 1 vuot nui: 115% ké

hoach cia t6. T6 TI vuot mitc 12% ké hoach cia t6. Do dé, cai hai t6

duoc 102 sdn phdm. HOi theo ké hoach méi t8 phdi laim bao

5 a;?u sdn phdm.
ﬂ CDTPHES9-T?2
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;6 Giai
Goi x 1a s san pham theo ké hoach t6 I phai lam, diéu kién O <x € N.
Goi y | s6 san phdm theo ké hoach 6 II phai 1am, diéu kién 0 <y € N.
Vi gia thiét:
» Hai td san xudt phai hoan thanh 90 san phdm, ta dugc:
x +y=90. (1

*» To I vuot mitc 15% k€ hoach cua t6 (1am duoc x + %x). T6 11 wvarot

mic 12% ké& hoach cua té (lam duoc y + %—y). Do d6, ca hai té lam
dvrge 102 san phdm, ta duoc:
15 12
X+ —X)+(y+ —y)=102< 115x + 112y = 10200. (2
( 00 )+ (y ™ y) y (2)

Tir (1) va (2), ta c6 hé phuong trinh:

X+y=90 X=40} . .. .
<> { |=| () thoa man diéu kién.
115x + 112y =10200 y=5{3 i
Vay, theo ké& hoach: —

* T5Iphdilam 40 san phdm. =~
« T3 11 phai 1am 50 sdn phani. > 11¢!

C. BATTAPLUYEN TAP
Bai 1: Tim s6 tu nhién c6 hai chit s6. Biét téng cac chit s& bing 8, néu déi vi tri hai
chit s6 cho nhau thi s6 tu nhién dé ting 1én 18 don vi.
Bai 2: Tim s6 tu nhién cé hai chir s6. Biét ring s6 d6 bang téng cic chit s6 cia né
cong vaGi ¢ va s6 d6 ciing bang hai l4n hiéu cla hai chif s6 cia né céng véi 20.
Bai 3: Tim s6 tu nhién c6 hai chit s6. Biét chif s6 hang chuc 16n hon chit s6 hang don
vi 1a 5, né1 viét xen chir s6 0 vao giita chir s6 hang chuc va chif s6 hang don vi thi s6 tu
nhién d6 ting 630 don vi.
Bai 4: Tim hai s6 biét tdng cua chiing bang 156, néu 14y s6 16n chia cho sé nho thi
duoc thuong 1A 6 va s6 dula 9.
Bai 5: (5 hai doi thi cong tir hai phia cia mét quang dudng dai 2400m. Méi ngay doi
I 1am ducc 40m, d6i IT 1am duogc 60m. Hoi méi déi lam dugc bao nhiéu mét dudng.
Biét ring *hoi gian hai déi 1am 1a nhu nhau.
Bai 6: Tong tudn ddu hai t6 san xu4t dugc 1500 b6 quin 4o. Sang tudn thit hai, t6 A
virot muic 25% k€ hoach, t6 B giam 18%. Do d6, trong tudn ndy ca hai té san xu4t duoc
1617 bo. Hoi trong tudn ddu méi té san xudt duoc bao nhiéu bo ?
Bai 7: Mot can6 di xuéi tir A dén B véi van t6c trung binh 1a 30 km/h sau dé di
nguoc laitir B.vé A. Tinh quang dudmg AB. Biét thoi gian di xuéi it hon théi gian di
e 12 4@&& va van téc dong nudce 1a 3 km/h.
DHIDS9-T2 69
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Bai 8: Mot ngudi di xe dap du dinh di hét quang dudng AB véi van t6¢ 10 km/h. Sat
khi di dugc nira quang dudng véi van téc du dinh nguoi 4y nghi 30 phit. Vi muén dér
B kip gi¢ nén ngudi dy phai di véi van t6c 15 km/h trén quang duong con lai. Tink
quang duong AB. _

Bai 9: Mot ngudi di xe dap quang dudmg AB dai 80 km. Sau 1 gio 30 phiit thi mo
ngudi di xe mdy ciing di quang duong AB va da dén B sém hon ngudi di xe dap 1 giv
Tinh van t6c méi xe biét van téc xe médy gdp 2,5 14n van t6c xe dap.

Bai 10: Hai ngudi tho cing 1am mot cong viéc trong 16 gid thi xong. Néu ngudi thi
nhit 1am 3 gid va ngudi thit hai 1am 6 gid thi chi hoan thanh dugc 25% céng viéc. Hol
néu |am riéng thi méi ngudi hoan thanh céng viéc dé trong bao 1au?

Bai 11: M6t can6 chay trén séng trong 7 gid, xubi dong 108 km va ngurge dong 63
km. M6t l4n khic, can6 ciing chay trong 7 gid, xu6i dong 81 km va nguogc dong 84
km. Tinh vén t6c dong nuéc chay va van téc that cia cand. Biét van téc that cia canc
khong déi.

Bai 12: Mot 6t6 di quang dudmg AB vdi van t6c 50 km/h, réi di ti€p quamg dudong BC
véi van t6c 45 km/k. Biét quang dudng téng cong dai 165 km va thoi gian 6t6 di trén
AB it hon thei gian di trén BC 12 30 phit. Tinh thoi gian 6t6 di trén méi quang dudng.
Bai 13: Hai dia diém A va B cich nhau 56 km. Liic 6 gi&s 45 phiit, mot nguai di xe day
tir A v6i van t6c 10 km/h. Sau dé 2 gid, motingudi di xe dap tir B véi van t6c 4 km/h.
Hoi dén miy gid ho gap nhau va chd gapnhau céch A bao nhiéu km ?.

Bai 14: Hai mdy bom cing bom nuéc vio mét bé thi sau% gits thi ddy bé. Néu may

bom I bom trong 10 phiit, may bom II bom trong 6 phiit thi hai may bom duoc 1—70-be’.
Héi méi may bom lam viéc 'mot' minh mat bao nhiéu gio thi ddy bé?

» ~ » ~*
D. HUONG DAN - BAP SO
Bai 1: Goi s6 c6 hai chits6 12 xy = 10x +y, véix,y e N, 1 <x,y <9.
Véi gia thiét:
* Téng ciia cic chil s6 bing 8, ta duoc x +y = 8. (1)
® Néu déi vi tri hai chif s6 cho nhau (E = 10y + x) thi s6 tu nhién dé tang lén 18
don vi, ta du'oc

yX — xy—18c=>(10y+x) (10x+y)=18 > x-y=-2. ?2)

=8
T (1) va (2), ta c6 hé phuong trinh: {x y

%x=3 , ;
=3 , thod mén diéu kién,
X=-y=-=2 5

y —
Vay, s6 cén tim 1a 35.

Bai 2: Goi s6 c6 hai chits6 12 xy=10x +y, v6ix,y e N,1<x<9,0<y <09.
Véi gia thiét:
= S6 d6 bing téng c4c chil s6 ciia né cong véi 9, ta duoc:

10x+y X+y+96o%=9ox=1. (1)
AB CDTDHDS9-T?
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* S6do ciing bang hai lan hiéu cua hai chir s6 ciia né cong vaéi 20, ta dugc:

10x +y =2(x —y) + 20 ¢ 8x + 3y = 20. (2)
%= x=1 ey
Tir (1) vir (2), ta c6 hé phuong trinh — , thoa man diéu kién.
8x +3y =20 y=4

\ay, s6 can tim la 145.
Bai :: Goi s6 c6 hai chitsé1a xy =10x+y,véix,y e N, 1 <x<9,0<y<9.
\6i gia thiét:
=  Chir s6 hang chuc 16n hon chit s6 hang don vi 5 don vi, ta duoc:
x—-y=35. (1)
Khi viét xen chir s6 0 vao gitta chit s6 hang chuc va chir sé hang don vi (dug
s6 x0y = 100x + y) thi s6 tr nhién dé tang 630 don vi, ta duoc:
(100x +y) — (10x +y) =630 <> x = 7. )

\ . ) o el B .0 x=17
Tir (1) va (2), ta c6 hé phuong trinh: o )
X= y=2
Vay, s6 cin ‘tlm 1a 72. '
Bai 4: Goi hai s6 cAn tim la x va ¥ um x> y
Véi gia thiét:

* Tdng cua chiing bang 156, taducc x+y—156 (1)
= Néu lay s6 1dn chid cho)$6 nhéthi duoo thirong 13 6 va s6 du 1a 9, ta dugc:
x—6y+9<:>x 6y-9. (2)
x+y—156 x =135
Tir (1) va (2), ta cé hé phumg Irmh. = '
X - 6y 9 y=21

Vay, hai s6 can tim la 135 va 21.

Bai 5: Doi I 1a duoc 960m va déi IT 1am duoc 1440m.

Bai 6: Goi x 1a s6 bo quén 4o t6 T san xuat duoc trong tudn diu, diéu kién 0 < x € N.
Goi y 1a s6 bd quén 4o t6 II san xuit duge trong tudn ddu, diéu kién 0 <y € N.
Véi gia thiét:

* Trong tuin d4u hai té san xuit duoc 1500 bd quén 4o, ta duoc:
X +y = 1500. (1)

* Trong tuin thy hai, t6 A viuot miic 25% ké& hoach, t8 B giam 18%. Do d6, tron
tudn nay ca hai t6 san xuat dugc 1617 bo, ta duoc:

(x+120—0 X) + (y—%y)—l6l7c:>125x+82y—161700 )

=3 ;
125x + 82y =161700 y =600
Vay, tropgstudn ddu t6 1 san xuat dugec 900 b6 quén 4o va t6 II san xuat dugc 60

3 5 . . x+y=1500 X =900
Tir (1) va (2), ta c6 hé phuong trinh:
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Bai 7: Ta thuc hién d6i don vi: 40 phiit = % = -§— gio.

Goi x 12 thai gian di xu6i dong, diéu kién x > 0.
Goi y 12 do dai quang dudng AB, diéu kién y > 0.
Véi gia thiét:
®* Cané di xudi tir A dén B véi van téc trung binh 1a 30 km/h, ta duoc:
30x =y. (1)
= Khi di nguoc dong, chiu tic dung cua dong nudc véi van téc dong nudc la 3
km/h (nén van t6c con lai 30 — 3 = 27 km/h) va thoi gian di xuéi it hon thoi

gian di nguge 12 40 phiit (thdi gian di nguge bing x + %), ta duoc:

27(x+%)=y<:>27x—y=—18. 2)

30x=y @{x=6

Tir (1) va (2), ta c6 hé phuong trinh: g
(1) va (2), ta c6 hé phuong tri {m_,,:_m y=180

Vay, quang dudng AB béng 180 km.-
Bai 8: Thuc hién déi don vi 30 phiit = %% =?'!~ .
Goi x (gidy) 12 thoi gian du dinh, diéu kién x > 0.
Goi y (km) 12 d¢ dai quang, duding; diéu kiénay > 0;
Véi gia thiét:
*  Van t6c trung binh 12710 km/h; ta'diroc) 10%: (1)

=  Sau khi di dugc nira quing dudng (bing -32-’-) v6i van t6c d6 (thoi gian di bing
2_);6 gid) thi nghi 30 phiit (bing % gid). Quing dudmg cdn lai (bing %),

ngudi 6 di bing 6t6 véi vAn téc 15 km/h (thdi gian di bing -zl]g gid) dé diing

1y

v6i du dinh, ta duge: 2 + — + 2 =x &> 12x -~y =6. )
20 23
10x = =3
Tir (1) va (2), tacé hé phuong trinh: { .« ° e { - .
12x-y=6 y =30

Vay, quing dudng ngudi d6 phai di 1a 30 km.

Bai 9: Huong dan:
Goi van t6c ciia ngudi di xe dap 1a x (km/h), diéu kién x > 0.
Goi van t6c cia ngudi di xe may 12 y (km/h), diéu kién y > 0.
Véi gia thiét:

'gﬁxc mdy gap 2,5 14n van t6c xe dap, ta duge: y = 2,5x. (1)
ﬁ CDTDHDS9-T2
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, ; . 80
= Thoi gian nguoi di xe dap di hét quang duong bang — .
X

‘ . 80
= Thoi gian ngudi di xe may di hét quing dudng bing —

DoEé,mduqo:-s—O=8—0~—2-IC::>E—E=—-I-. (2)
X y 2 X y 2
2.5x =y
T 1) va (2), ta cé hé phuong trinh: {16 16 1, hoc sinh tu lam.
X Yy 2

Bai 10 Goi x va y 1a thdi gian ma mbi ngudi 1am riéng thi hoan thanh cong viéc
(x, y >); don vi: gio). Do dé:

| ;
* Trong | gidy ngudi thit nhat 1am dugc — phéan céng viéc.
X

: :
* Trong 1 gid ngudi thif hai lam dwoc —phan cong viéc.

* Trong 1 gior ca hai ngudi cung lam-dugc — + — phdn cong viéc.
X Yy
Haingudi tho ciing 1am méteng Vi trong/ 164 thi x6ng. Do db, ta c6 phuong trinh:
1 1 1 . i '
e — = —LWNLoads>ach Hay | ol (l)
x y 16 ..
Néu nguoi thir nhat 1am 3 gio va ngudi thi hai lam 6 gio thi chi hoan thanh dugc
3
25% = l cong viéc. Do dé ta cé phuong trinh: — + —6— = —1- (2)
4 X -y 4
Tir (1) va (2), ta cé hé phuong trinh:
1,11 (3,3_3 ([3_1
1x y ]6@4:{ y 16 |¥ 16 ®y=48-
3 6 1 3 6 1 3 6 1 x =24
—_———= - — _—— —_——,—= —
x y 4 x y 4 x y 4

Viy, néu |am mot minh thi ngudi thit nhat phai 1am trong 24 gid va nguoi thit hai
phai lam trong 48 gio.

¢
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CHUONG I-HAMSO y = ax?, (a #0) 7
PHUONG TRINH BAC HAIMOT AN sO

i 3 HAMSO y = ax?, a#0

A. TOM TAT Li THUYET

¥

A

O, .\,
B. PHUON > GIAI TOAN

Vidy ks Hdy néu tinh chdt bignthién ciia cde hams6 sau:
1
a. y= 8X%. DownloadSach Hay|Poc saciPonle _'5 x’.

£ Gidi

a. Xéthams6y=8x*céa=8>0,dodé:
* Ham s6 nghich bién trong R_.
= Ham s6 déng bién trong R..

b. Xéthéms6y=—%'x2céa=--% <0, do dé:

= Ham s6 dng bién trong R_.
= Ham s6 nghich bi€n trong R,.
Yidyp 23 Cho ham sé.y = %xz.
a. Hay lap bang tinh cac gia tri f(—4), f(-2), f(0), f(2)., f(4) va rir
ra nhdn xét.

Tim x, biét f(x) = 1, f(x) =2 —+/3 .

;Bc N
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&5 Giii
a. Talap bang sau:
X =« | =2 ] O 2 4
-
Fe X’ 8 | 21 D] 2| B
Tirkét qua trén, nhan thay rang:
f(—4) = f(4) va f(-2) = f(2), tic 1a f(—x) = f(x).
b. Taladn luot xét:

f(x)=1<:>—;-x2=l<:>x2=2<::>x= iﬁ.

f(x)=2—ﬁ<:>%x2=2—\/§

&xX=22-43)=4-23 =3-23 +1=(V3 - 1P x=+-3 -1)
Yidg3: (Bai 2/tr 31 — Sgk): Mot vat roi o do cao so voi mat dat la 100m
Quadng duong chuyén déng-s,(mét) cita vdt roi phu thuéc vao tho
gian t (giay) bdi cong thitS == 4t
a. Sau 1 gidy, vdt nay tdchmdr ddt bao nhiéu mét? Tuong tu, sau -
giciy?
b. Hdi sau bao lau vat nay tiép dar?
a. Sai 1 gidy, vat roi di dugesquang dudng 13: $=4 x 17 = 4 (mét).
V4, sau 1 giay, vat cich-mat-dat-mét-khoangla: d = 100 — 4 = 96 (mét).
Sat 2 gidy, vat roi di duoc quang dudng 1a: S = 4 x 2 = 16 (mét).
V¥, sau 2 gidy, vat cich mat dat mot khoang 1a: d = 100 — 16 = 84 (mét).

b. Thii gian vat nay ti€p dat la: t = E = 1’%9— =5 (gidy).

Vi, thoi gian tir hic bat ddu roi dén lic vat nay ti€p dat 1a 5 giay.
Yidgp4s Cho ham s6'y = (2m —4)x* véia=2m -4 20
Tim gid tri ctia m dé-
a. Ham s6 nghich bién véi x > 0.
b. Cogidatriy=9khix=3.
c. Ham sé ¢6 gid tri nhd nhat la 0.
d. Ham sé c¢é gid tri lém nhdt la 0.
£ Gdi
Him s6 di cho c6 dang y = ax® véi a =2m — 4 # 0.
a. IHim s6 nghich bién véi x > 0 khi va chi khi:
a<Pfse>2m-4<0&m<2.
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b. Thay x =3 va y =9 vao ham s6, ta duoc:
9=(2m-4)3 e m-4=lem=>.

Vay, véim = g- thoa mén diéu kién dfu bai.

c. Dé ham s6 c6 gid tri nho nhat 12 0 diéu kién 1a:
2m-4)x*202m-4>0m> 2
Vay, v6i m > 2 ham s6 c6 gid tri nhd nhdt 12 0.
d. D€ ham s6 c6 gi4 tri 16n nhat 1 0 diéu kién 1a:
2m-4)x’<0&=2m-4<0m<2.
Vay, v6i m < 2 ham s6 c6 gia tri 16n nhét 1a 0.

@ Chia y: Trong 19i gidi cau c) va d), chiing ta da sir dung tinh chat x* > 0.
Yidp 52 Cho ham s6: y = f(x) = ax?, véia #0.
a. Chimg minh rdng f(kx) = k*(x).
b. Timk dé hé thitc trong cdu a) con diing véi ham s6"
y=g(x)=ax’+b,vaib #..0 ]
£ Gidi |
a. Tacé6: f(kx) = a(kx)? = ak’x = k’(ax) sz(x) dpcm
b. Ta xét: g(kx) = a(kx)’ # b= ak*x:abn |
() m kax? 4 by mal i+ B
Vay, dé c6 g(kx) = KCg(X), didu Kign 13!

b5#0

ak’x’+b=ak’x*+ bk’ b=bk’ © k=1 k=1+I.

C. BAI TAP LUYEN TAP
Bai 1: HAy néu tinh chat bién thién cua cac ham s6 sau:

a. y=3x" c. y=(@d-2y3)%
b. y= —2 x>, d y= (m? + 1)x%
2 e. y=(m-1)x%

Bai 2: Cho ham s6 y = 2x%.
a. Hay lap bang tinh céc gi4 tri f(=5), f(=3), f(0), f(3), f(5) va rit ra nhan xét.
b. Tim x, biét f(x) = 8, f(x) =6 - 4/2 .
Bai 3: Cho hams6y = (m?—3m + 2)x%
Tim gi4 tri cha m dé:
a. Ham s6 déng bién véi x > 0.
b. Cégidtriy=8khix=2.
c. H pco gid tri nho nhat 12 0.
d y c6 gid tri 16n nhat la 0.

A CDTDHDS9-T2
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Bai4: (Bai 3/tr 31 — Sgk): Luc F ctia gi6 khi théi vuébng géc vao cdnh bubm ti 1& thuan
v6i binh phuong van téc v clia gié, tic 1a F = av? (a 1a hiang s6). Biét ring khi van téc gié
bing Zm/s thi luc tdc dong 1én canh buém clia mét con thuyén bing 120 N (Niu—ton).
a. Tinh hang s6 a.
b. Hoi khi v = 10m/s thi luc F bing bao nhiéu? Cung cau hoi nay khi v = 20m/s?
c. Biét rang cdnh buém chi c6 thé chiu dugc moét dp luc 16i da 1a 12000N, hoi con
thuyén cé thé di duogc trong gié bao véi van téc gié 90km/h hay khong?

D. HUGNG DAN - PAP SO
Bai 1:
a. Xétham s6y=3x’céa=8>0,do dé:
* Ham s6 nghich bién trong R_.
= Ham s6 déng bién trong R..

b. Xét ham séyz-%xzcé a=—% <0, do do:

* Ham s6 déng bién trong R..
* Ham s6 nghich bién trong R,. |:]
c. Xéthamsdy= (4~ 2\5))( coa—4 2\/5 > 0, do dé:
* Ham s6 nghich bién'trong Ra.! [ hi.con
* Ham s6 dong bién trong R
d. Xéthamsdy= (m® + 1)x’ c6a=m’ +l>0 ‘dode:"""
* Ham s6 nghich bién trong R_.
* Ham s6 d6ng bién trong R,.
e. Xétham s6y=(m - 1)x*cé.a=m - 1, xét hai truong hop:
Truomg hop I: Neum —-1>0< m> | thi:
* Ham s6 nghich bién trong R_.
* Ham s6 dong bién trong R..
Truomg hop 2: Néum-1<0< m< 1 thi
* Ham s6 d6ng bién trong R_.
s Ham s6 nghich bién trong R,.
Bai 2:
a. Talap bang sau:

X =51 =3 O 3 5
y = 2x* 50 | 18 | O 18 | SO

77
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b. Ta lan luot xét:

fx) =8> 2x’=8x =4 x= 12

f(x)=6-4v2 <>2x*=6-4\2

&x'=3-2J2 =2-22 +1=(V2 -1 x=+2 -1).
Bai 3: Ham s6 di cho c6 dang y = ax” véia=m? -3m + 2 2 0.
a. Ham s6 déng bién véi x > 0 khi va chi khi a> 0, tic 1a:

[(m-1>0
m-2>0

& m< | hoicm> 2.
m-1<0
1 m-2<0

Vay, véi m < 1 hoic m > 2 ham s6 déng bién véi x > 0.
b. Thayx=2vhy=8v?10hﬂm s6, ta duoc:
8=(m’-3m+2).2’& m’=3m=0< m=0hoicm=3.
Vay, v6i m = 0 hodc m = 3 thoa man diéu kién ddu bai.
c. Dé&ham s6 c6 gi4 tri nh6nhatlhﬁdléuklénlh
(m?-3m+2)x*20 & m?-3m+2>0 < m < 1 hodc m> 2.
Viy, v6i m < 1 hodc m > 2 ham s6 ¢d gid tri nho nhét 1a 0.
d. Dé& ham s6 c6 gia tri 16n nhat 12 0 diéu kién 1a:
(m?-3m + 2)x* sO¢>m 3m+2<0¢:>(m 1)(m-2)<0
{m 1>0
m-2<0 ownload Sacn |
L — > 1<m<l
m-1<0
| (m-2>0
Vay, v6i 1 <m < 2 ham s6 ¢6 gi4 tri 16n nhat 1a 0.
Bai 4:
a. Khi van t6c gié bang 2m/s thi luc tic dong 1én cianh buém cliia mét con thuyén
béng 120 N. Do dé, hing s6 a la:

F 120
a= V—z = 2—2 = 30.
b. Khi van téc gié bang 10m/s thi luc tic dong l&n cdnh buém clia mot con thuyén la:
F = 30.10? = 3000 (N).
Khi van téc gi6é bing 20m/s thi luc tdc dong lén cdnh buém clia m6t con thuyén [a:
F = 30.20% = 12000 (N).

90000
. Déi: 90k = —— =25m/s.
& 1 m/h 3 m/s

Khi van téc gi6 bing 90km/h thi lyc tic dong 1én cinh buém clia mot con thuyén la:
F = 30.25% = 18750 (N).
Viy, co Uuyén khong thé di dugc trong gié bdo véi van t6¢c 90km/h.
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"HU BE 2 R .
POTHIHAMSO y = ax?, a# 0
A. TOM TAT Li THUYET
1. POTHI HAM Sﬁy:ax’,wﬂa#o

w.a

m“l. 12V;; "'.' =

® Cap diém B,, B, c6 hoanh 46
, ,-_.NGCéCdiémBh Aho Aszz c0

P4 thi clia ham s6 y = ax?, véi a # 0 1a mot dudng Parabol:

. cadmhmgdctoadoom 0. |

C6 truc d6i xing Oy. - |

Néu a > 0, 43 thi ham s6 e ma r:wnuc hoanh va nhan diém O 12
diém "thdp nh4t".

Néu a < 0 dé thi him s6 nim phia duéi truc hoanh va nhan diém O la
~ diém "cao nh4t".

"CACH VE DO THI

Pé vé d6 thi ham s6 y = ax?, aatOtadlla‘ySdném
e Diém O(0; 0). -
# . Cap diém A,, A, c6-hoanh d6 déi xiing qua 0.

_Equao

Eﬂp ng tanlﬂn&nxddﬂucuahﬁmgo

B. PHUONG PHAP GIAI TOAN

Vidplz Chohamsé'y = %xz

a. Védé thi ham s6
b. Cdc diém A0; 0), B(2; 1), C(%; %), D(3: 4) c6 thudc db thi

cita ham s6 khéng ?

& Gidi M
a. DéE vé d6 thi ham s6, ta 14y 5 diém: 4 . P B,

= Dié€m 0(0; 0). d :

e Cip difm A,(=2; 1), A2 1). ANDA

= Cap diém B,(—4; 4), B,(4; 4). -4 024

« N6i cic diém B, A,, O, A,, B, theo dudng cong ta

ahafl dyroc dé thi ciia ham s6.
SHDS9-T2 7
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b. Thay toa d¢ c4c di€ém A, B, C, D vao ham s6, ta nhan thdy:
= Cic diém A, B, C thu6c d6 thi ham s6.
= Diém D khong thudc dé thi ham s6.
Vidgp 2z (Bai 6/tr 38 — Sgk): Cho ham s6'y = f(x) = x*.
a. Védo thi ham sé dé.
b. Tinh cadc gia tri f(-8) ; f(—1,3) ; £(=0,75) ; f(1,5).
c. Dung dé thi dé uéc luong cdc gid tri (0,5)%; (-1,5)%; (2,5)%
d. Dung dé thi dé woc luong vi tri cdc diém trén truc hoanh biéu
dién cdc s6 3 ; 1.
&S Gidi
a. Tac6 bang gid tri twong ing:
X -3|-2|-1]0(|1{2]3
y=x | 9| 4| Li-=J 4] 9
Biéu dién cic cip gi4 tri tuong iing trén mat phéng toa d6 va néi cic diém
dé lai véi nhau, ta dugc dudng cong: gox 13) parabol Hoc sinh tu vé hinh.
b. Tacé: HB
f(-8) = (-8)* = 64 —  f(-1,3)=(~1,3)*=1,69;
£(~0,75) = (-0, 75)2 0,5625 ; f(1,5) = (1,5)* = 2,25.
c. Dé uéc luong gié tri (0,5)?, ta thirc hién theo cac budc sau:
® Tir diém (0,5 ; 0)trén.truc;hoanh, ké dudng thing song song véi truc
tung cat (P) tai A.
" Qua A, ké dudng thing song song véi Ox va cit Oy tai diém c6 tung do
nam giita 0,2 va 0,3.
Vay, uéc luong gi4 tri (0,5)° 12 khoang 0,25.
Tuong ty, uéc luong gid tri (-1,5)*122,2;
wéc luong gid tri (2,5) 12 6,2.
d. Dé uéc lugng vi tri cdc diém trén truc hoanh biéu dién s6 /3 , ta thuc hién
theo céc budc sau:
* Quadiém (0; 3) ké dudng thing song song véi Ox, cét (P) tai D.
" Qua D, ké dudng thing song song véi Oy, cit Ox tai diém D'.
* Diém D' trén d6 thi biéu dién s6 /3 .
Dé uéc luong vi tri céc diém trén truc hoanh biéu dién s6 /7, ta thuc hién
theo céc budc sau:
* Quadiém (0 ; 7) ké dudng thing song song véi Ox, cit (P) tai E
® Qua D, ké dudng thing song song vé6i Oy, cat Ox tai diém E'.

. iﬂi’ trén d6 thi biéu dién s6 /7 .
ﬁ CDTDHDSY-T2

Tron Bo SGK: https://bookgiaokhoa.com




Download Ebook Tai: https://downloadsachmienphi.com

Yidgp 3: (Bai 10/tr 39 — Sgk): Cho ham sé:

y =-0,75x
Qua doé thi ham soé dé, 4y
hdy cho biét khi X tang nr 4-3-2 0O 234
-2 dén 4 thi gia tri nho X
nhat va gia tri lon nhat _3
cria 'y la bao nhiéu?
£ Gidi %1

D6 th ham s6 y = —0,75x* 1a mot
parabol mur hinh veé.
Qua ¢6 thi ham s6, ta thdy, khi x
tang tir -2 dén 4 thi:
® Gatrilén nhatcuay la:
Maxy = 0 khi x bang 0.
®  Ga tri nho nhat cua y la:
Miny = -12 khi x bang 4
Yide4:s Cho ham s6-y = (m - 1)x}|
a. Xdc dinh m dé dé thi ham s6 di qua diém A(1; =1). Vé do thi
ham s6 vita tim dugg.
b. Tim diém thudc par -abol néi r'én ¢o hoanh do bang S.

c. Tim diém thudc parabol.ndi-tréniué tung dé bdang — 4.
d. Tim diém thugc parabol ¢é tung dé gip déi hoanh dé.
£S Gidi
a. D6 th ham s6 di qua diém A(1; —1), khi va chi khi:
— =(m-1).12m - Il m=0:
Véi nr = 0, ham s6 c6 dang: (P): y=— x*.
Dé€ védo thi ham s6, ta 14y 5 diém:
=  Diim O(0, 0).
« Codiém A,(=1; -1), A(1; -1).
» Ca diém B,(-3; —4), B,(3; —4).
N6i cx diém B, A,, O, A,, B, theo dudng cong ta nhan dugc d6 thi ciia ham s6.
b. Goi dém thudc Parabol (P) c6 hoanh d6 bang — 4 1a B (5; b), suy ra:
bz=5=b=-25.
Vay, ¢iém cén tim 1a B(S; — 25).
c. Goi dém thuéc Parabol (P) c6 tung d6 bing —4 14 C (c; —4) , suy ra:

81
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d. Goi diém thudc Parabol (P) c6 tung d6 gdp d6i hoanh d6 1a M(m ; 2m), suy ra:
Jm=-m*e>m*+2m=0< mm+2) =0 {"FO .
m= -2

Khi dé:

* Véim =0, ta dugc géc O(0; 0).

*  Véim=-2, ta duoc diém M(-2; —4).
- Vay, c6 hai diém 1a géc O(0; 0) va diém M(-2; —4) thoa man diéu kién di
Yidwy 82 Cho Parabol (P) c6 phuong trinh y = 2x*.

a. Trén ciung mot hé toa dé vé Parabol (P) va cdc duomg than
x=-2,x=0,x=2,y=8.

b. Parabol (P) cdt méi duomg thang trén tai mdy diém ? Xdic dinl
toa dé cdc giao diém do.
c. Puong thing x = m ¢4, thé khong cdt Parabol (P) hodc ca
Parabol (P) tai hai-diém|phdn biét khéng ? Vi sao ?
d. Bién ludn theo n wm ;?udng déi cua duong thdng y = n vé
Parabol (P). -
£ Gidi o
a. Ta l4n luot thuc hién?""
V& Parabol (P) bing cich 1dy 5 diém:
0(0; 0),  A,(-1; 2) va Ay(1; 2),
B,(~2; 8) va B,(2; 8).
* Pudng thing x = -2 song song véi Oy va
cét Ox tai diém c6 hoanh d¢ béng -2.
*  Pudng thing x = 0 chinh 12 truc Oy.
* Pudng thing x = 2 song song v6i Oy va cit Ox tai diém c6 hoanh d¢
bing 2.
* Pudng thing y = 8 song song v6i Ox va cit Oy tai di€ém c6 tung do bing 8.
b. Ta thdy ngay:
* Parabol (P) cit duong thing x = -2 tai diém B,(-2; 8).
= Parabol (P) cit dudng thing x = 0 tai géc O(0; 0).
= Parabol (P) cit dudng thing x = 2 tai diém B,(2; 8).
. (P) cat dudng thing y = 8 tai hai diém B,(-2;8) va B,(2; 8).

ﬁ CDTDHDSY-T:
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c. Nian xét rang:
= Parabol (P) khong thé khong cat duong thang x = m bdi ham s6 y = 2x% cé
tap xac dinh la R.
= Parabol (P) khong thé cit duong thang X = m tai hai diém phén biét poi
y = 2x* la mot ham s6 (v&i méi x chi cé duy nhat 1 gia tri cia y).
d. Dra vao do thi, ta co:
= Néu n < 0 thi duong thang y = n khong cat Parabol (P).
* Néu n =0 thi duong thing y = n va Parabol (P) c6 diém chung O(0, 0).
= Néu n > 0 thi duong thang y = n cét Parabol (P) tai hai diém phan biét.
Vidy @ (Bai9/tr 39 — Sgk): Cho hai ham s6'y = % xX’vay=-x+6
a. Védo thi cua cdc ham sé nay trén cing mét mdt phdang toa do.

b. Tim toa dé cdc giao diém ciia hai dé thi dé.
& Cidi " Ya
a. Dithicichamséy = EK va

y=—x+6tréncungm0tmat |
phang toa do. wnloaa:
b. Hai dé thi giao nhau tai hai .
diémA(-6; 12) vaB(3;3).
Thar lai:
®* Piém A(-6 ; 12), tacé:

12= % (=6)? = —(=6)+6-(diing).

" PiémB@3;3),tacé: 3 = -;—.32 = -3 + 6 (ding).

Yidy 7z (Bai 55/tr 63 — Sgk): Cho phuong trinh:
x’-x-2=0
a. Giai phuong trinh.

b. Véhaidéthiy=x*vay=x+2trén
cting mot truc toa do.

c. Chimg td rdng hai nghiém tim dwoc
trong cdu a? la hoanh dé giao diém

o g"’ . cua hai do thi.
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£ Gidi
a. Tac6:1-(-1)-2=0
Do dé, phuong trinh ¢6 nghiém x =-1 va x = 2.
b. VEhai dé thi y = x* va y = x + 2 trén cling mét truc toa do.
Hoanh d6 giao diém cua hai d6 thi 1a nghiém cia phuong trinh:
XX=x+2oxt-x-2=0.
Vay, hoanh d6 giao diém cua hai d6 thi 1a —1 va 2 chinh 1a nghiém cua
phuong trinh da cho.
Vidy & (B 54/tr 63 — Sgk): VE dé thi ciia hai ham s6-y = % xIvay =

trén cung mgt hé truc toa do.

a. Qua diém B(0 ; 4) ké duong thdang song song véi truc Ox. N6 car
dé thi cua ham sé'y = %xz tai hai diém M va M'. Tim hoanh d¢é
cuaMvaM. ]

b. Tim trén dé thi cua ham S0y = -—% x? diem N ¢6 cung hoanh dé

voi M, diém;N) cécing hodnhidé yéi M. Dm:’mg thang NN' ¢6
song song voi Ox khdng” Vi sao? Tim tung dé ciia N va N' bang

hai cach: chOnli |
- Udc luong-trén-hinh-ve: VA y= 5 x*
- Tinh todn theo céng thirc. M\ 4|8 }M'
£ Gidi
D46 thi hai ham s6 y = %x" vay = —%xz
d6i xing nhau qua truc hoanh.

Qua diém B(0 ; 4) ké dudng thing
song song véi truc Ox cit d6 thi cia ham

s6y= %xz tai hai diém M va M.

T M ké MH song song véi Oy cét Ox tai

H c6 toado (-4 ; 0).
Tir M' ké MK song song v6i Oy cat Ox tai K c6 toa do (4 ; 0).
Vay, toa do M(—4; 4)vaM' (4; 4).

ﬁﬂc S
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- . -+ a5 - ] o) - 3 ¥ - ~ ” Ly '
b. Trén dé thicuahamsdéy = = x~ diém N co cung hoanh d6 voi M, diém N

c6 cung hoanh d6 véi M’

Ma do thi ciia hai ham s6 trén déi xing vdi nhau qua Ox, nén N va N' ¢6
cung tung do.

Do d6, dudng thang NN' song song véi Ox.

That vay:

- Tung do6 cua N va N' udc luong trén hinh vé la bang —4.

- Kiém tra bang tinh todn: y = -—% (~4)’ = —

Vidw 93 (Bai 5/tr 37 — Sgk): Cho ba ham sé: y = %xz; y=x?; y=2x"

a. Vé do thi ciia ba ham sé'trén ciing mét mdt phdng toa do.
b. Tim ba diém A,, B,, C, ¢6 cting hoanh dé x = —1,5 theo thit tu
ndam trén ba dé thi. Xdc dinh tung do tuong vimyg cua chiing.
c. Tim ba diém A,, B, C¢é-ciing hoanh do x = 1,5 theo thit tw
nam trén ba do thi. K{Efml U‘H tinh déi ximmg cua A, va A,, B, va
B,, C, vd/C,. Elall
d. Vi méi ham sé trén, kaytﬁni gid tri cia x dé ham s6 dé cé gid
tri nhd nhat, | o
aowntoadsacnmienpni.com
L5 Gidi ;
a. D6 thi clia ba ham s6 frémcang'motméacphingtoa do ~ Hoc sinh i vé.
b. GiasiwrA, € (d): y= ; x’;B, € (d,): y=x"; C, & (d,): y = 2x* cling c6

hoanh do6 la x =-1,5.
Do do:

* PiémA,cétungdola:y= %(--1.5)2 =1,128.

*  Diém B, c6 tung d6 Ia: y = (=1,5) = 2,25.
* Piém C, c6 tung do 1a: y = 2(-1,5)* = 4,5.
Vay A(-1,5; 1,125); B(-1,5; 2,25); C(-1,5 ; 4,5).

c. GiasirA, e (d): y= -%—x"; B, e (d): y=x*; Ce (d): y = 2x* chng cé

hoanh dé6 la x = 1,5.
Do dé:

» DiémA,c6tung do la:y= 1(1,5)2 = 1,125.

: , c6 tung do 1a: y = (1,5)° = 2,25.

ﬁlﬁvse) T2 85
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* Piém C, c6 tung d6 la: y = 2(1,5)* =4.5.
Vay A(1,5 ; 1,125); B(1,5 ; 2,25); C(1,5 ; 4,5).
Dé dang nhan thdy,
= A, va A, d6i xiing nhau qua truc tung.
= B, va B, d6i xiing nhau qua truc tung.
= C, va C,déi xitng nhau qua truc tung.
d. Ca ba ham s6 trén déu cé gia tri nhé nhit y = 0 khi x = 0.
Vi dw 108 Cho cdc ham s6°
y=f(x)=x} y=gx)=x*-6,y=h(x) =x*+5.
Tim tdp xdc dinh cua ba ham sé trén.
. Voix=-2;0;1; 2; 3 hdy tinh cdc gia tri tuong umg f(x), g(x), h(x).
c. C6 nhdn xét gi vé gid tri cua cdc ham sé f(x), g(x), h(x) éng voi
ciang mét gid tri cua bién sé X, tir d6 dua ra két ludn vé dé thi
cdc ham s6'y = g(x) va y = h(x).
d. Vi gid tri nao cua X 'thi céic ham s6 nhdn gid tri nho nhat ?

o P

&S Gidi

a. Ba ham sé trén déu cé tap x4c dinh 1a R.
b. Ta lap bang:

X -, ] 0
f(x) 4 0
gx) | -2 \v6 | -5 [ -2
h(x) 9 5 6 9 14
c. T bang, ta nhan thay véi bat ki hoanh d6 nao thi

* Tung do tuong ting clia diém trén A6 thi ham s6 y = g(x) cling nho hon tung do
tuong ting ctia diém trén dé thi ham s6 y =f(x) 1a 6 don vi.

* Tung do tuong ting clia diém trén dé thi ham s6 y = h(x) ciing 16n hon tung do
tuong iing ctia diém trén dé thi ham s6 y = f(x) 1a 5 don vi.

Vay, ta thdy ring néu da c6 dugc d6 thi hdm s6 y = x* thi:

= Béng phép tinh ti€n dé thi nay theo truc Oy
xuéng dudi 6 don vi, ta nhan dugc dé6 thi |
s6y =x*—6.

* Bing phép tinh ti€én dé thi nay theo truc Oy
lén trén 5 don vi, ta nhan dugc d6 thi ham s6
y=x+35.

d. Véi x =0 thi cdc ham s6 nhan gi4 tri nho nhat va
= Hamgp y = f(x) = x* c6 gi4 tri nho nhét béng 0. el
»  y = g(x) = x> — 6 c6 gi4 tri nhé nhit bing —6. -6

ﬁ CDTDHDS9-T2
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»  Hims6y=h(x)=x’*+5 cé gid tri nhé nhat bang 5.
¥ Nhdr xét: Nhu vay, d€ vé dudc d6 thi ham s6'y = ax? + b, ta thuc hién:
*  Véd6b thihamsOy = ax’.
* Tinh tién d6 thi nay theo truc Oy b don vi (Ién trén néu b > 0,
xu6ng dudi néu b < 0) ta nhan dugc d6 thi ham s6'y = ax” + b.

C. BAITAP LUYEN TAP
Jai 1: Cho ham s6 y = f(x) = — 2x*%
i 1
a. Tirh f(1), f(g).

b. V&dé thi ham s6.
Tin tap hop diém thudc dé thi ham s6 c¢6 hoanh do béng 4.
Ching minh rang ham s6 ¢6 gid tri nho nhat 12 0.

- 2 - =1
Bai 2: Hmchoc:ichémsﬁy:EX*,

1.1
1=-1
[ ol

a. Védo thi ham sé. e

b. Ci:diém A 0), B (36)/C¢R¢ % 5532 11 56 846¢ 06 thi cila ham s6 khong?

Bai 3: Cio him s6: y =\ 129« load Sach Hay|Doc Sach Online
a. Ko sat tinh don diéu clahamrsgr————
b. Tin gi4 tri cia m va n dé cic diém A(1 ; m) va B(n; 125) thuoc d6 thi ham s6
tréa.

Bai4: Cio hamsé: y =(m + 1)x”.
X dinh m dé dé thi ham s6 di qua diém A (1 ; 2).

a.
b. Véd6 thi ham s6 vira tim duoc.

c. Tin diém thudc parabol néi trén cé hoanh do bang 2.
d. Tm diém thudc parabol néi trén c6 tung do bing — 8.
e. Tin diém thudc parabol c6 tung d6 g4p ba hoanh do.

Bai 5: Cio ham s6:
y = (2m - 1)x%
a. Xic dinh m dé diém A (- 1 ; 2) thudc dé thi ham s6.
b. - Vi do thi ham s6 vira tim duoc.
Tin diém thu6c parabol néi trén c¢6 hoanh dé bang S.
Tm dlém thudc parabol néi trén c6 tung d6 bing — 7.
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CcHU BE 3

PHUONG TRINH BAC HAI MOT AN s6&

A. TOM TAT Li THUYET

5 STy i

| cdc phuong trinh sau duoi dang
ax’ + bx + ¢, réi xdc dinh|cdc hé s6'a, b, ¢ cia chiing:

a. 5x’+2x=4-x.

b. %xz ] zxd.ow_t;lgﬁd,saé;hmienphi.com

c. Ix:4+'x — [Wnl__qawcxh H_a‘loﬂoc SachOnline

d. 2x*+m’=2(m - 1)x , m |a hang s6.

& Gidi
a. Tacé:5x*+2x=4-x<=5x*+3x—-4=0.
Cichésé:a=5;b=3;c=-4.
b. Tacé: 1xz+’.2,x—7=3x-!--l-¢.‘.»—x R —
S & S

Cﬁchgs&a:}-;b:—l;c:—g.
5 2
c. Tac6:2x2+x—\/§=ﬁx+l¢>2x2—(ﬁ—l)x—\/§-—l=0
Céch@sd:a=2;b=l—\/§;c=- 3 -1.
d. Tacé: 2x*+m?=2(m - 1)x & 2x* = 2(m - 1)x + m°.
Cichésb:a=2;b=—2(m-1);c=m

Vidp 2: (Bai 12.c, 12. a/tr 42 — Sgk): Gidai cdc phuong trinh:
0,4x*+1=0. b. x*-8=0.

gBG comopso
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£ G
a. Bién déi phuong trinh vé dang: x* = 5 < 0, nén phuong trinh v6 nghiém.

b. Bién doi phuong trinh vé dang: x* =8 & x = +22.
Viay, phuong trinh c6 hai nghiém phan biét x = +2.

@ Nhdn xét: Nhu vay, véi phuong trinh khuyét b dang: ax? + ¢ =0 ¢ x* = .4
a
« Néu- >0 thi phuong trinh c6 nghiém x = + 1’—5 :
a a
*  Néu-— <0 thi phuong trinh v6 nghiém.
a
Yidp 3z (Bai 12.d, 12. e/tr 42 — Sgk): Giat cdac phuong trinh:
a. 2x*+ J2x=0. b. —0,4x*+1,2x =0.
&5 Giii T
a. Bién déi phuong trinh vé dang
=0 b— |x=0
x1(2\c+\f§)=0<:>|:2 \/_2. 0<:::» 1
1aubdXFNE F L ST
UUVIRILUaUsdLlliiiieti \ ﬁ
Vay, phuong trinh cé hai nghiém 'phdnbigt X =0 va x = —-J—_—
b. Bién déi phuong trinh vé dang:
x=0 x=0
—0,4x(x-3)=0& & ‘
Xx=3=0 Xx=3
Vay, phuong trinh cé hai nghiém phan biét x =0 va x = 3.
@ Nidin xét: Nhu vay, vai phuong trinh khuyét c dang:
x=0 x=0
ax’+bx=0e>x(ax+b) =0 — :
ax+b=0 x=-b/a

Phuong trinh luén ¢6 hai nghiém phan biétx =0vax = .. 4
a

Vi dwp 4z (Bai 13/tr 43 — Sgk): Gidi cdac phuong trinh:

a. x°+8x=-2. b. x*+2x =

W | —

Hdy céng vao hai vé ciia méi phuong trinh ciing mot s6 thich hop dé
gf mot phuong trinh ma vé'trai thanh mét binh phuong.
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£ Gidi
a. Tacé:
xX}4+8x=-2x*+24x+4=2+4=x+4)7=14
@x+4=i~/ﬁ <::>x=—4is/1_4.
Vay, phuong trinh c6 hai nghiém phéan biét x = —4 +J14 .

b. Tacé:
2 I 2 1 2_ 4
x+2x=§©x +2x+1=§+l <=>(x+l)=§
¢>x+1_+2.J__ _+£_]

Vay, phuong trinh c6 hai nghiém phan biét x = i% - 1.
Yidy 52 Gidi cdc phuong trinh:
a. x’-2x-3=0. b. 2x*-5x + 3 =0.

&S Gidi

a. Bién ddi phuong trinh vé dang tlch thco céc céch:
Cdch I: (Sir dung phép tach theo a): Tae6:

x}=2x-3 =3x*-2x*-2x-3= (3x — )= (2x* + 2x)
= 3(x? Loy 2x(x+1)=3(x~1)(x+1) 2x(x + 1)
(x+1)[3(x--1) 2x] = (x + 1)(x — 3).

X~3= O¢$[x=3

Khi d6, phuong trinh c6 dang+(x— 3)(x+1)-0<:>[ _—
X =

Vay, phuong trinh c6 hai nghiém phan biét x =3 vax =-1.
Cach 2: (Su dung phép tach theo b): Ta cé:
x}=2x-3 =x24x-3x-3=x*+x)-(Gx +3)
=x(x+1)-=-3x+1)=(x+ 1)(x-23).

. . x-3=0 X =3
Khi d6, phuong trinh c6 dang: (x - 3)(x+ 1) =0 & _— [ — .
X+1=

Vay, phuong trinh c6 hai nghiém phan biét x =3 va x = -1.
Cdch 3: (Sw dung phép tdch theo c): Ta cé:
x}=2x=3=x2=-2x-2-1=(x*=-1)-(2x+2)
=x-DE+D-2x+D=x+1Dx-1-2)
=(x+ 1)(x =-3).
, . [x—3=0 [x=3
Khi dé, phuong trinh c6 dang: (x = 3)(x + 1) =0 =

x+1=0
Vay‘ pv'ng trinh c6 hai nghiém phan biét x =3 va x =-1.
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Cdch 4 (Sit dung phép tach tao hing ding thirc): Ta cé:
C=2x=-3=x*-2x.1+1-4=(x-1)"-4
=x-1-2)x=-1+2)=(x-3)(x+1).

x-3=0 =3
Khidé, phuong trinh ¢6 dang: (x —3)(x + I)=0©[ g el & ':x :
X+1=

Vay. phuong trinh c6 hai nghiém phan biét x =3 vax = -1.
b. Biér doi vé trdi clia phuong trinh vé dang tich theo céc cich:
Cach | (Sit dung phép tdch theo a): Ta c6:
2XI-S5x +3=5x=-3x2=-5x+3=(5x*-5x) - 3(x* - 1)
=5x(x—-D-3x-Dx+1D)=x-1)(5x-3x-3)

=(x —1)(2x - 3).
x=1=0 i
Khidé, phuong trinh cédang: (x - 1)(2x -3) =0 ] 3.
2x-3=0 X =—
Vay, phuong trinh c6 hai nghnémphﬁnblét x=1vax\= —;- .
Cach 2 (Sw dung phep tavhithéod)s Tadedienphi.com
2x2-5x + 3= 2x? —2x 3x+3—(2x —2x)—(3x-3)
= 2x(x — 1) 3(x - 1) (x - 1)(2x #/3).
T L
Khidé, phuong trinh cé dang: (x - 1)(2x - 3) =0 & > 0
2x=3=0 X =—
2
V 4y, phuong trinh cé hai nghiém phan biét x =1 vax = % ;
Cdach 3 (St dung phép tach theo c): Ta cé:
2X2-5x+3=2x*-5x+5-2=(2x*-2) - (5x = 5)
=2x-DEx+1)=-5x-1)=x-1)2x+2-5)
=(x = 1)(2x = 3).
x-1=0 X =1
Khidé, phuong trinh c6 dang: (x = 1)(2x - 3) =0 & &5 3.
2x —3 = O X =—
2
5 PR . : 3
Vay, pang trinh c6 hai nghiém phan biét x =1 vax = &
S9-T2 91
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Cdch 4: (Sir dung phép tdch tao hdng ddng thitc):
Ta co:

2 2
2x2—5x+3=0¢$x2—§-x+ 4 =0®x2—2.£x+ [2) = (E) _3
2 2 4 2

4 4
"
S|IX——| =— 4 4 ] e
16 5 1
X——=—— x=1
s 4 4

3
Vay, phuong trinh cé hai nghiém phdn biétx =1 vax = S

Cdch 5: (St dung phép tdch tao hdang dang thirc): Ta cé:
2x2-5x+3=016x-40x + 24 =0 & (4x)’-24x5+25-1=0

3
o @x-5P=1e =0 [
4x-5=—t— |

Vay, phuong trinh ¢6 hai nghi@ni,»ph'anr.biét x=1viaE ;— .

¥ Nhdn xét: Nhu vay, véi phitong trinhrkhong khuyét: ax’ + bx + ¢ =0
ta lva chon mét trong hai phuong phap:
Phuong phdp 1.  Bién'déi think phuong trinh'tich: a(x + m)(x + n) = 0.
Phuong phdp 2.  Bién déi-thanh-phuong-trinh-dang: a(x + m)’ =n.
Va phuong phap 2 luén dugc wu tién, bdi phuong phép 1 chi cé thé dugc thuc
hién trong trudng hgp phuong trinh c6 2 nghiém (ma nhu ching ta da biét
mét phuong trinh bac hai ¢6 thé v6 nghiém, c6 1 nghiém ho¥c 2 nghiém).
Trong céac cach 4 va cach 5 cua céu b) da chi ra cho ching ta hai cach bién
d6i phuong trinh vé dang A% = m, trong trudng hgp hé s6 a khong phai la
sd chinh phuong. _
Yidp 8 Cho phuong trinh: 2x*~mx —m + 1 =0.
Tim m dé phuwong trinh ¢6 mét nghiém la 2 va gidi phuwong trinh dé.
&S Gidi
Phuong trinh nhan x = 2 lam nghiém khi:
22’-m2-m+1=03m=9&m=3.
Véi m = 3, phuong trinh cé dang:
x-2=0

2x:=-3x-2=0x-2)2x+1)=0& = |-
2x+1=0 X=——

- 8o ——
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. : 1
Viy phuong trinh c6 hai nghiém phan biét x =2 va x = =5

@ Nhin xét: Trong 10i giai trén, s4 di bién d6i dugc ngay:
2x'=3x=-2=(x=-2)2x + 1)
do chiing ta tan dung két qua trudc d6 1a " Phuong trinh c6 nghiém
x =2", suy ra da thizc 2x*— 3x — 2 chia hét cho x —
Yidw @ Cho phiwong trinh: x*—(m+ Dx+m=0.
a. Xdc dinh cdc hé sé'a, b, ¢ ciia phuong trinh.
b. Giai phuong trinh véi m = —1.
c. Gidi phuong trinh vei m = 0.
d. Giai phuong trinh véi m = 3.
£ Gid
a. Tacdngay:a=1,b=—(m+1),c=m.
b. Véim = -1, phuong trinh c6 dang:
C-(-l+Dx+(-D)=0x’-1=0 ax’=1x=¢%1.
Vay véi m = —1 phuong trinh c§ ha: ngphlém phan biét x = *1.
c. Vdim =0, phuong trinh c6 dang:|

,.,._,..0 x =0
P?-x=0x(x-1)=0 & — :
-~ x=1=0 x =1
Vay véi m = 0 phuong' tnh'c6 hai nghiem phan Bietx=0vax=1,
d. Véim= 3phu’0ngtrmhcodangx—4x+3 0 x*—4x+4=4-3
x—2=1 = |x=3
>x-2) =1l — 2
Xx—2=-1 x=1
Vay véi m = 3 phuong trinh c6 hai nghiém phan bié¢tx =3 vax = 1.

@ Nhin xét:

1. Viéc néu ra vi du trén gitp cac em hoc sinh 6n tap dugc lai cac kién thic co

tan trong chu dé nay, bao gém:

*  Xac dinh cAc hé s6 ciia phuong trinh bdc hai trong cu a).

* Giai phuong trinh bac hai khuyét b trong cau b).

* Giai phuong trinh bac hai khuyét ¢ trong cau c).

' Giai phuong trinh bac hai ddy &4 trong cau d) bing viéc bién d6i vé
dang binh phuong.

2. Qua 19i gidi cha cac cdu b), ¢), d) ching ta thdy ngay rdng trong ba
tudng hop nay phuong trinh déu c6 nghiém x = 1, nhan dinh nay sé
gitip chiing ta c6 thé trinh bay 15i gidi gon hon, cu thé:
Z-m+x+m=0x*-x-mx+m=0 & x(x-1)-m(x-1)=0

x—-1=0 X =]
MDD oOox-1Nx-m=0& = ‘
. x-m=0 X = m
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Khi do:

* V&im =-1, phuong trinh c6 nghiém x =1vax=-1.
® V6im =0, phuong trinh c6 nghiém x =1va x=0.

® V6im =3, phuong trinh c6 nghiém x =1va x =3.

C. BAI TAP LUYEN TAP
Bai 1: Viét lai cdc phuong trinh sau duéi dang ax® + bx + c, réi xac dinh cac hé s6 a,
b, ¢ cia chiing:
x?—3x—2=x+2. c. 3x*+2x+3-x=0.
4x*— 8x = 3x* - 5. d. mx?+2mx - 3m = x* -mx.
Bai 2: Cho phuong trinh: x>~ (4m + 1)x +4m =0.
Xéc dinh cic hé s6 a, b, c ciia phuong trinh.

A

a
b. Giai phuong trinh v6i m ——%,m =0,m=1.

c. Tim m dé phuong trinh c6 hai nghiém phan biét x, va x, sao cho x, + x, =9,

d. Tim m dé phuong trinh c6 hai nghiém phan biét x, va x, sao cho x, = x2.
Bai 3: Giai cic phuong trinh sau: - :

a. 4x’-1=0. | Jix +6x = 0.

b. (m’+2)x*+1=0. d T\
Bai 4: Giai cdc phuong trinh sau bang 5 céch:

a. xX*+2x-3=0,, , . . . d. x24S5x+4=0

b. 4x*+3x-7=). ~ e 22+5x+3=[

c. 3x*+2x+1=0. o fo . =Tx2 4+ 5x 4+ 12 =0.
Bai 5: Giai cic phuong trinh sau: ' |

a. x2-2x-4=0. c. xX*+x-3=0.

b. 2x*+4x+1=0. d. 3x*-5x+1=0.

Bai 6: Cho phuong trinh: mx*~ (2m + 1)x +4 =0.
Tim m d€ phuong trinh c6 m6t nghiém 12 % va giai phuong trinh dé.
Bai 7: Cho phuong trinh: ax* + bx + ¢ = 0, véi a # 0.

a. ‘Chimg minh ring néu a + b + ¢ = 0 thi phuong trinh ¢6 hai nghiém x=1vax = =,
a
b. Chimg minh ring néu a — b + ¢ = 0 thi phuong trinh c6 hai nghiém x = -1 va

c
X=—-—.
a

Bai8: Cho phuong trinh: ax> + bx + ¢ =0, véia #0.
Bing viéc bién ddi phuong trinh vé dang A? = m hdy chiing minh réng:
a. Néu b’ - 4ac > 0 thi phuong trinh c6 hai nghiém phan biét.

b. Néu b?—4ac = 0 thi phuong trinh c6 nghiém x = ~ 5
a

c. lﬂ— 4ac < 0 thi phuong trinh v6 nghiém.
ﬁ CDTDHDSY-T2
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D. HUGNG DAN - PAP SO
Bai I:
a. Chiayén phuong trinh vé dang: x> —4x -4 =0
smmraa=1,b=-4,c=-4.
b. Chayén phuong trinh vé dang: x*~8x +5=0
swwraa=1,b=-8,c=5.
c. Chiyén phuong trinh vé dang: J3 x4+ ( J2 - D)x+3=0

suy raa=\/§,b=\f§ -1.6=3.

d. Chayén phuong trinh vé dang: (m — 1)x* 4 3mx = 3m =0
swraa=m-1,b=3m,c=-3m.

Bai 2:

a. Tacéngaya=1,b=—-4m-1,c=4m.

b. Bi¢n déi phuong trinh vé dang tich bing cach:
X’-x—4dmx +4m =0 x(x=1)-4m(x—-1)=0

[x—1=0 [ =]
SX-DE-4m)=0& =S .
X-4m =0 Xx=4m

Kh dé - :,Jf
; u; 1
= Vgim= —% , phuong trinh cos,_@'ghmé x=1vax=+l.

= Vgim=0, phuofng trinh ¢6 nghiém x =1 va x =0.
= Vgim=1, phmrng frinki (€G AghI@ Tk &TPVA X &4,

c. Déphuong trinh ¢é hai nghiém phan biét x, va X, sao cho x, + x, =9, diéu kién la:

4m = |
&
1+4m =9

Viy, véi m = 2 thoa man diéu kién dau bai.

4m =8 m=2

d. D¢ phuong trinh c¢é hai nghiém phan biét x, va X, sao cho x, = x2, diéu kién la:

il (m=1/4

dm=1" | mz-l— <:>m=—l.
2 4 4

=(m)" A m=%1/4

Viy, véim = —& thoa man diéu kién d4u bai.

Bai 3:
a. Bitn déi phuong trinh vé dang:

4x2=l<:>xz=—1—<:>x=:tl.
4 2

Vi, phqcmg trinh c6 hai nghiém phan biét x = i%

if
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b. Bién déi phuong trinh vé dang:

(m*+2)x*=-1 & x?

= < 0, v6 nghiém.
m°+1
e

Bién déi phuong trinh vé dang:

(ﬁ 6)=0 x=0 x=0

x(V3x+6)=0 = :
Px+6=0 x=-23

Vay, phuong trinh c6 hai nghiém phan biét x = 0 va x = -2+/3
d. Bién déi phuong trinh vé dang:

(m?+ DHx*-3x=0x[(m*+ Dx -3] =

x=0 x=0
> L= 3
[(m2 +Dx-3=0

X=
m? +1
Vay, phuong trinh c6 hai nghiém phan biét x =0va x = - 1
m- +
Bai4: a. x=1vax=-3. b: x=l_véx=-—1. c. x=1vax=——

d x=-tvax=/L e x=11%&f-2.
Bai 5: -

f. X\& -lvﬁx——-—l—g.
a.

Bién déi phuong trinh vé‘d@_g; I

x—2x+1—1+4<:>(x—1)2—5<:> = x=|+\/§-
fl 5
Vay, phuong trinh c6 hai nghiém phan biét x =1 J_
b. Bién déi phuong trinh vé dang:
& x__—2+\/§
2X+2=4+2 -
I +8x+d=4-20Qx+2P=26 | o .
2x+2=—2 x__—2—\/5
B 2
Vay, phuong trinh cé hai nghiém phén biét x = _Ziﬁ.
c. Bién d6i phuong trinh vé dang:
/B rx_-l+s/l-3_
2x +1=4/13 - -
I +dx+1=1+120x+ 1) =13 |7 = e
x+1==13 | _-1-413
s 2
Vay, phugpg trinh cé hai nghiém phan bi¢tx=ﬂ.
ﬁﬂ CDTDHDS9-T2
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d. Bié d6i phuong trinh vé dang:
36x*+ 60x +25=25-12 < (6x -5/ =13
—__5-1-\/’]3
6x~-5=—13 _5-13

X
6

5+13
e —

V&, phuong trinh cé hai nghiém phan biét x =
’ ; 4 ; ;
Bai 6: Phuong trinh nhan x = 1 lam nghiém khi:

m(%) -—(2m+1).; +4=016m-122m+1)+36=0

&> 8m=24m=3.
Vé&im = 3, phuong trinh c6 dang:

HUJ'-P-

3x—-4=0 X
Lo 2

I -Tx+4=0& (3x —4)(x _1)

~
Il

Vay, phuong trinh ¢6 hai nghiém phén biét x = 5 ix=],

Bai 7:
a. Véigia thiét:
a+b+c=0&&c==a-b.
" Khidé, phuong trinh c6 dang:
ax’+bx-a-b=0ax’=D+bx=1D=0

x-1=0
Sx-1)(ax+a+b)=0&
ax+a+b=0
x=] x=]
& -.a_.b Lo c -
X = X==—
a a

C

VAy, phuong trinh c6 hai nghiém phan biét x=1vax =

0

b. Lam tuong tu nhu cau a).

b’ -4ac

5 2
Bai 8: Huwong ddn: Bién d6i phuong trinh vé dang: [x -—?b-) - 3
a a
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cav ot 4

CONG THUC NGHIEM CUA PHUONG
TRINH BAC HAI

A. TOM TAT Li THUYET

B. PHUONG PHAP GIAI TOAN

Vindé1l: GIAI PHUONG TRINH BAC HAI
Phuong phap
Ta 6 thé st dung mét trong bén phutong phap sau:
Phuong phdp 1. Bién d6i thanh phuong trinh dang:
a(x +m)*=n(az0).
Phuong phdp 2. Bién d6i thanh phuong trinh tich:
a(x + m)(x +n) =0.
Phuong phdp 3. Dung c6ng thitc nghiém cta phuong trinh bac hai.

Ta xét cac truong hop:
* Néu A >0, phuong trinh c6 2 nghiém phén biét:
= ﬂ Va X, = __E:_..‘J_.—é_

: 2a 2 2a

ﬁﬂa —
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= Néu A =0, phuong trinh c6 nghiém kép:
b
X =X= ——2-; '
* Néu A <0, phuong trinh vo nghiém
Luu y: Néu c6 b =2b’ ta sirdung t6i A’ =b’* — ac.
= Néu A’ >0, phuong trinh 6 2 nghiém phan biét:

X, = __b_jﬂ va X, = ﬂ
a a
= Néu A’ =0, phuong trinh c6 nghiém kép:
X| = K:,_ - —E.

a
* Néu A’ <0, phuong trinh vé nghiém.
Phumg phdp 4. Trong truong hop déc biét:
* Néua+b+c=0, phuong trinh c6 nghiém:
g c
x=1pyax=—.
51 = B2
* Néua- b/# ¢= 0, phuong trinh c6 nghiém:
x=-Tvax=-S.

Vidg i (Bai 15/tr 45 “'SgK)“Khong' phdi'gidi phiéomg trinh, hay xdc dinh cdc
hé s6 a, b, c, tinh biét thir A va xdc dinh s6 nghiém cua méi phuong

trinh sau: |
a. 7x*-2x+3=0. b. 5x2+2J76x+2=0.
C. %x2+7x+ % =0.. d Lx*-12x-21=0.

&5 Gici
a. Phwngtrinhcé:a=7;b=-2;¢c=3
A=(-2)?-4.73=-80<0hoic A’ =(-1)!-7.3=-20<0.
Vay, phuong trinh v6 nghiém.
b. Phwngtrinhcé:a=5;b=2410 ;c=2
A=(2410)2=4.52=0hoic A’ = (410 )* - 5.2 =0.
Vay, phuong trinh c6 1 nghiém kép.

c. Phwong trinh c6: a--2- ;b=7;5c¢c= %

A=(7)- ‘4»—1-3 —-E > 0.
Z 3 3

\% g trinh c6 2 nghiém phan biét.
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d. Phuong trinhcé:a=1,7;b=-1,2;c=-2,1
A=(-1,2)-4.1,7.(-21)=1572>0.
Vay, phuong trinh cé 2 nghiém phén biét.
Vidwp 2t Gidi phuong trinh: — 6x*+ 7x -2 = 0.
£ Gidi
Ta c6 thé thuc hién theo céc céch:
Cdch 1: (Sit dung céng thitc nghiém téng qudt): Tacba=—6,b=7,c=-2, suy ra
A=T'-4.(-6)(-2)=49-48=1= JA = 1.
Do d6, phuong trinh c6 hai nghiém phan biét:

-7+1 1 -7-1 2
X, = =— ,X\= — =—
-12 : -12 3

Vay, phuong trinh c6 hai nghiém phan biét x, = %, X, = %

Cdch 2: (Sit dung phép déi ddu trude khi ding cong thitc nghiém téng qudt): Viét
lai phuong trinh dué6i dang: 6x>—7x +2 = 0.
Tac6a=6,b=-7,c=2, suyraA-:(—?f—4.6.2=49—-48 =1=JA = 1.
7+1 1 7-1 2
=

Do d6, phuong trinh c6 hai nghiém phambiét: x, = e

Vay, phuong trinh cé hai ’ngh‘iérﬁ phén Bi@t‘i,é % X, =

W[

P Nhdn xét:

1. Trong 1&i gidi cua vi du trén, cho du cung la viéc sit dung cong thirc
nghiém t8ng quat nhung ching ta thiy ngay cach giai 2 s& tranh duoc
nhitng sai s6t khong déng c6 vé dau trong khi tinh toan.

Do dé6, khi gidi mot phuong trinh bac hai, ta cdn chi ¥ bién déi vé
phuong trinh c6 hé s6 don gian nhat tuong duong véi phuong trinh d6 dé
viéc tinh todn gon hon. Chang han, nhu trong phuong trinh trén c6 hé s§

a <0, ta nhan ca hai v€ clia phuong trinh véi —1 dé dugc phuong trinh c6
hé s6 a > 0. Chiing ta s€ minh hoa thém moét vi du nita.

2. Céc em hoc sinh hay giai phuong trinh trén bing phuong phap phan tich.
Yidw 3 Gidi phuong trinh: x> +2x -3 = 0.
& Gidi

Ta c6 thé thuc hién theo c4c cich:
Cdch I: St dung kétquaa+b+c=0

Tacé:a+b+c=1+2-3=0,

suy rag\ﬁ trinh c6 hai nghiém phan biétx, =1, x, =-3.

CDTDHDS9-T2
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Cdch 2: Stt dung cong thic nghiém téng quat:
Tecéa=1,b= 2,c=—-3,suyra
A=2-41(-3)=4+12=16= JA =
D» d6, phuong trinh ¢6 hai nghiém phan biét:
-2+4 -2-4
=1,%= =-3.
2 ) 2
Viy, phuong trinh c6 hai nghiém phan biét x, = 1, x, = = 3.
Cdch 3: St dung céng thic nghiém thu gon:
Tacoa=1,b=2=b"=1,c=-3,suyra:
A'=1-1.(3)=4= A" =
Do dé, phuong trinh cé hai nghiém phan biét:
-1+2 -1-2
=],x,= —=-3.
1 i ]
Viy, phuong trinh c6 hai nghiém phan biét x, = 1, x, = — 3.
Cach 4: Su dung phuong phap phan(tich da thic th&nh nhan tir:
x24+2x -3 =0£x? —x+3X+&P®c$x(x—l)+3(x—l) 0
=1=0 x=1
& (x—-1DEXH3I) Oa[ ._0 |:x——3‘

Viay, phuong trinh c6 hat nghiém phﬁn blét x, =1, x, 5-3.
Cdch §: Su dung phuong p_,.,_p bién doi A’ =
xX'+2x-3=\Qx’ +2x+1—l+3©(x+1) =4

%] =2 x=1
= o> ,
X+1=-2 X=-3

Vay, phuong trinh c6 hai nghiém phan biét x, =1, x, = - 3.
Yidp 4s Gidi cdc phiong trinh:

X =

X\ =

4
a. §x2—5x+3=0. b. V2x*-2J3x-124/2 = 0.
£ Gidi
a. Thuc hién viéc quy déng mau s6, phuong trinh cé dang:
4x* - 15x +9 =0.

Tacéa=4,b=-15,c=9,suyra

A=(~152-449=225-144=81 = JA =09.
Do do, phuong trinh c6 hai nghiém phéan biét:
1549 15-9 3

=3,X2=——=—-

8 4

X, =

Vay, phm‘ng trinh ¢6 hai nghiém phan biét x, =3, x, = % ;
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b. Nhan hai v€ cia phuong trinh véi V2,12 dugc: 2x*- 2/6x-24= 0.
Tac6a=2,b=—2\/g =>b’=—~/g,c=—24, suy ra
A= (-6 )2 -2.(-24)=6+48 =54 = JA =36.
Do d6, phuong trinh c6 hai nghiém phéan biét:
‘= J€+23J€ 228 .= JE—23JE B,
Vay, phuong trinh c6 hai nghiém phan biét x, = 246, X, = -6

@ Nhdn xét: Nhu vay, trong 18i gidi ctia vi du trén:
1. V&i phuong trinh trong cdu a), d€ tranh viéc tinh toan véi he
s6 1a phan s8 ching ta da thuc hién phép quy déng; (thuc
chat 14 nhan hai vé& cua phuong trinh véi 3).
2. V&i phuong trinh trong cAu b), d€ tranh viéc tinh toidn voi
tat ca cac hé s6 déu la s6 v6 t ching ta da thuc hiém phép
nhan hai vé& cua phu:mg trinh véi /2 .

Yidw S Gidi phuong trinh: \/. x+(J_ ~1)x - 2=0.

&S Gidi
Ta c6 thé thuc hién thco cic céch |
Cdch I: Thuc hién viéc quy déng miu'ss, phitong trinh c6 dang:

X+ (V2 -1)x=2(2-1)=0x+(3-2/2)x+2-22 =0
Tac6a=1,b=3—2s[2_,c=2—2ﬁ,suyra
a—b+c=1-(3-2v2)+2-2+2 =0.
Do d6, phuong trinh c6 hai nghiém phan biét: x, =1, x, = 242 —2.

Vay, phuong trinh ¢6 hai nghiém phan biét x, =1, x, = 242 ~2.
Cach 2: Thuc hién nhan lién hop, phuong trinh c6 dang:

V2 +1 X4+ (V2 =Dx=2=0 (V2 + DX+ (2 =1)x—2=0
W2 -2 +1)
Tacéa=\/5+l,b=\5—1,c=2,suyra

a-b+c=+2 +1-(J2 -1)+2=0.
Do d6, phuong trinh c6 hai nghiém phan biét:

3 22 -1)
J2+1 2<D2+1)

vaé pvhg trinh c6 hai nghiém phan biét x, = 1, x, =2+/2 -2.

X, =1,x,= =242 -2.
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Yidp@: Xdicdinh sé nghiém cua cac phuwong trinh sau:

a. x’—-mx-1=0. b. x>+ (m+4)x +4m=0.
c. 4x*+ 12mx +9m’ = 0. d. x>’ +2x+m?+2=0.
&5 Giai
a. Vdi phuong trinh,tacéa=1,b=-m, c=-1, suy ra:

A=(-m)P-4.1.(-1)=m’+4>0.
Do dé, phuong trinh cé hai nghiém phéan biét.
b. Vi phuong trinh,tacéa=1,b=m+4, c=4m, suy ra:
A=(mM+4)?-414m=m*+8m+ 16— 16m=m’-8m+ 16 = (m —4)*> 0.
Do do6:
*» Véi m =4 thi phuong trinh c¢6 nghiém kép.
*» V&1 m # 4 thi phuong trinh ¢6 hai nghiém phan biét.
c. Véi phuong trinh, tacé a=4,b = 12m, c = 9m’, suy ra:
A =(12m)’ —4.49m’ = 144m’ — 144m* = 0.
Do do, phuong trinh c6 nghiém kép.
d. Véi phuong trinh,tac6a=1,b=2,¢c=m"+2, suy ra:
A=2"-41.(m*+2)=—4m’ 4 <O
Do dé, phuong trinh vo nghiém. f‘? (QJ H

@ Nhdn xét:

l. Nhu vay, bang viéc xac dmh dudc dau cia A trong cac phuong trinh co
tham s6 chiing ta'dd dttd fa 161 ket 104n righiem cho phuong trinh bac
ha1 va day chinh la bai toan xu6j. Cac bai toan ngudc (7im diéu kién
cua tham s6 dé pblrohg trinh vo nghfém, co nghiém kép, co hai nghiém
phén biéd) dugc thuc hién theo chiéu ngudc lai.

2. Ta biét ring vdi phuong trinh ax? + bx + ¢ = 0.¢6: A = b*- 4ac
tit 46, néu ac < 0 (doc la a va c trai dau) thi A = b*-4ac > 0, tic 1a phuong
trinh luén c6 hai nghi€ém phan biét.

Viéc st dung két qua nay, trong nhiéu trudng hop sé gitip giam dugc
cac phép tinh khéng can thiét.
Yidp 7z Gidi va bién ludn phuong trinh: x* — 4mx + 3m* = 0. (1)
&S Gidi
Ta cé: A’ = (—m)’* = 3m’ =-2m’< 0, v6i Vm.
Khi dé, ta xét hai truong hop:
Truong hop 1: V6i A’ =0 -2m* =0 m =0.
Khi dé, phuong trinh cé nghiém kép x = 0.
Truomg hop 2: Véi A’ <0 & - 2m* <0< m 0.
Khi dé, phuong trinh v6 nghiém.
Vay, ta duoc:
* V61 my= 0, phuong trinh c¢6 nghiém kép x = 0.
61 m#= 0, phuong trinh vé nghiém.
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O e . N

Cho phuomg trinh: x* — 2(m — )x —-m*—m - 1 =0. _
a. Gidi phuong trinh véi m = 1.
b. Tim m dé phuong trinh cé nghiém.

£ Gidi
a. Véim = 1, phuong trinh cé dang: x* -3 =0e> x*=3 <> x =++/3.

Vay, véi m = 1 phuong trinh c6 hai nghiém phan biét x = +43.
b. Dé phuong trinh c6é nghiém, diéu kién 1a:
A20e(m-1P-m*-m-1)20
S2m-m+220&2(m - %)’+ %20, luén ding.

Vay, vg#hoi m phuong trinh luén c6 hai nghiém phan biét.

CDTDHDS)-T2
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@ Nhdn xét: Trong 15i giai cua vi du trén:

1 O cau a), voi m = 1 ching ta nhan dugc mét phuong trinh bac hai
khuyét b, do d6 ching ta thuc hién viéc tim nghiém bing phép bién doi
tuong duong.

2 Ocau b), ching ta nhan thay rding A' > 0 vdi moi m, do d6 cau b) con c6
thé dugc phat biéu dudi dang "Ching minh rdng véi moi m phuong
trinh luén co hai nghiém phén biét".

3. Ching ta c6 thé ching td dudc A' > 0 véi moi m bing cach bién déi:

A=(m—1)2+m2+m+1=(m—1)2+(m+-12—)2+%>0,Vm.

Yidw 2: Cho phuong trinh: mx* —=2(m + 1)x + m + 2 = 0.
a. Giai phwong trinh voim = 1.
b. Chitng minh rang véi moi m phicong trinh luén c¢é nghiém.

&5 Gidi

Ta lua chon mét trong hai cich lrlnh bﬁy sau:
Cdach I: (Thuc hién tudan tie): Ta cé:—
a. Vgim =1, phuong trinh ¢6 dang: x =4x 4 3 =0

Nhan xét rang a+ b +c= 1 4+ 3 0 do do phtrdng trinh c6 hai nghiém

Vay véim = l phuamg trmheohat nghiém phén blct X;=1vax,=3.
b. Ta xét hai trudng hop:
Truong hop 1: V6i m = 0, phuong trinh c6 dang:

-2x + 2 =0 < x = 1, tic la phuong trinh c6 nghiém.
Truonghop 2: Véim#0,tacé: A’=(m+ 1)) -m(m+2)=1>0
do dé6, phuong trinh c6 hai nghiém phan biét.

Vay, véi moi m phuong trinh luén c¢6 nghiém.
Cdch 2: (St dung phép ddnh gid): Nhan xét rang:
a+b+c=m-2(m+1)+m+2=0

do d6, phuong trinh c6 hai nghiém x, = 1 v x, = 12

m
a. Véim = 1, phuong trinh c6 hai nghiém phén biét x, = 1 va x, = 3.
b. Ta thdy ngay v6i moi m phuong trinh luén c6 nghiém x = 1.

@ Nhdn xét: Nhu vay, trong cach 2 bing viéc danh gia dudc:a+b+c=0

5 m} . " «? ”
% . ching ta da nhan dugc mot 13i giai rat gon.
k; r

e W
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Yidy 3z Cho phuong trinh: X* + 2mx +4m -3 =0.
Tim m dé phuong trinh ¢6 nghiém kép va chi ra nghiém kép dé.
&S Gidi
Vé6i phuong trinh,tac6a=1,b=2m = b’
A’=m’-1.(4m - 3)=m’-4m + 3.
Phuong trinh c¢6 nghiém kép khi va chi khi:
=0eom’-4m+3=0m,=1hoicm=3.

=m, ¢ =4m - 3 suy ra:

Khi dé:
1
* Véim= 1, phuong trinh c6 nghiém kép x = ~ =-1.
= Véi m = 3, phuong trinh cé nghiém kép x = —% =-3.

@ Nhdn xét: Trong 13i gii ctia vi du trén:
1. Khi thuc hién gidi phuong trinh m? —4m + 3 = 0 ching ta da si dung
tinh chata + b + ¢ = 0 d€ nhan dytge ngay hai nghiéemm=1va m =3.
2. Khi tim nghiém kép ing véi mdigia tri cia m, chiing ta thay m vao céng

thicx=-— =-m —
a
Yidp4: Cho ba s6 duong a, b, c va phuong trinh:, ..
a b c 5
x2 — 2x ~ - - + - =0.

b3k Haygpcgach e /2
Chitmg minh rdang phucmg trinh-luén-e6-nghiém, tir dé xdc dinh diéu
kién cia a, b, ¢ dé phuong trinh cé nghiém kép.

&S Gidi
Tact A'=1+—tpb 8 b ¢ 3
b+c c+a a+b 2 b+c c+a a+b 2
Nhan xét rang:
a b C b
+ + = +D+(— + 1)+ +1)=3
b+c c+a a+b (b+c ) (c+a ) (a+b )
_(a+b+c)( o= 1 - : )-3
b+c c¢c+a a+b
l[(a+b)+(b+<:)+(c+a)][ l + 1 - - ]-3
2 b+c c+a a+b
>13 33/(a+b)(b+c)(c+a) .3 1 ~3
2 @+ b)(b+c)(c+a)
9 3
=-——3=-—-— *
G : E (*)
A CDTDHDSY-T2

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

b 3
& E + - ¢ -=—20A"20.

b+c c+a a+b 2
Véy, phuong trinh luén c6 nghiém.
B¢ phuong trinh ¢é nghiém kép, diéu kién la:

A =0 dau dang thic xay ra tai (*)
a+b=b+c=c+a
X8 I ] < a=b=c.

a+b b+c c+a
Vay, véi a = b = ¢ phuong trinh ¢6 nghiém kép x = 1.
Yidy 52 Cho phuong trinh: (m = Dx*+2(m+ Dx+ 1= 0.
a. Giai phuong trinh voi m = 2.
b. Tim gia tri cua m dé phuong trinh ¢é hai nghiém phdn biét.
c. Tim gid tri cia m dé phicong trinh ¢6 moét nghiém.

&5 Gidi
a. Véim =2, phuong trinh cé dang 3x*+ 6x + 1'=.0.

Tacé: A’'=3"-3= 6= \/_
Do d6, phuong trinh cé hai nghlém phﬁn biét: x —3-;\[6,}(2: #

Vay, vgim =2 phuongmnhcéhalnghiém ﬁ]‘iﬁﬂ"?’biet:

~3+46 2326, 00
3\ —3 |

b. Tac6: A’=(m+ 1) -m?’-1=m*+2m+1-m?4 1 =2m + 2.
Dé phuong trinh c¢6 hai nghiém phan biét, diéu kién la:

az0 m? —=1#0 m = +1
& — S —-1l<m=#1.

X =

A'>0 2m+2>0 m> -1
Vay, vdi — 1< m # 1 phuong trinh cé hai nghiém phén biét.
c. Tadixétcéac tru'b‘ng hop sau:
Truomghop I: Neum*- 1= 0&Sm=+1.

Khi dé:
* Véim = 1, phuong trinh c6 dang:

0x*+4x+1= 0> x = - % I3 nghiém duy nht.

* Véim = -1, phuong trinh ¢6 dang: 0.x* + 0.x + 1 = 0, vé nghiém.
Tritong hop 2: Neum’ - 120 m#+ 1.
Diéu kién dé phuong trinh c6 mét nghiém la:
A’'=0& 2m+2=0<¢ m=- 1, khéng thoa man diéu kién.
Viy, v 5- = | phuong trinh c6 mo6t nghiém duy nhét.

S9-T2 107

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

@ Nhdn xét: Trong 15i gidi cAu b), néu ta chi xét diéu kién:
A>0 2m+2>0om>-1
thi v&i m = 1, phuong trinh (1) trd thanh phuong trinh bac nhat:

4x+1= 0<:::>x——l
4

la nghiém duy nhat.
Yidwp 8 Cho hai phuong trinh:
x2-mx-2=0, (1)
x’—x +6m=0. (2)

Tim giad tri ciia m dé phuong trinh (1) va phuong trinh (2) ¢é it nhdt
mot nghiém chung. Biét m la mét sé nguyén.
£ Gidi
Ta c6 thé trinh bay theo hai céch sau:
Cdch I: Gia st X, 1a nghiém chung cua hai phuong trinh.

Dodé
Xo' = MXo—2=0 (1)
Xo. = Xo+ 6m =0 H I (2°)

Lay (1°) trir (2°), ta duoc: xo( m+1)—2 6m=0< (1 —m)x,=6m+ 2.
Ta xét hai truong hop; dcachmie m
Truong hop 1: V6i 1l —=m = 0¢:>m-1
Thay vao (1) va (2), tadwoc: ¢ V| Do
(Hext-x=2=0, cdlnghxemx,-ZvAx,_— - 1.
(2) & x* = x +6=0, v6 nghiém.
Suy ra, m = 1 khéng thoa man.
6m+2

l-m

Truomg hop 2: V6i 1 —m #0 < m # 1, ta duge X, =

Thay x, vao (2°), ta duoc phuong trinh 4n m:
(6m+22 6m + 2
l—m) " 1-m
& 6m’ +30m* + 24m + 2m + 2 =0 < m(6m’ + 30m + 24) + 2(m + 1) =0
omm+1)(m+4)+2m+1)=0 (m+ 1)[m(m +4) + 2] =
m+1=0 [m=—1

m=-21+2 (loai)

+6m=06m’+30m*+26m+2=0

&S m+ Dm?’+4m+2]=0
m>+4m+2=0

Thir lai, véim = — 1, ta c6:
(1) & x* + x =2 =0, c6 hai nghiém phan biét x, = -2 va x, = 1.
(2) & x* = x + 6 =0, c6 hai nghiém phan biét x, = — 2 va x, = 3.
Vay, v = — 1, hai phuong trinh c6 mét nghiém chung.
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Cdch 2: Cac phuong trinh da cho c6 nghiém chung khi va chi khi hé sau c¢é nghiém:
2
{x -—mx-2=0

X! =Xx+6m=0

-—mx-2=0 -y==-2 (1
Pat x’=y, ta dugc hé: P — =g ( ). (I)
y-x+6m=0 X—-y=6m (2)
Xét phuong trinh (2) cia hé, ta bién déi: y = x — 6m. (3)

Thay (3) vao phuong trinh (1), ta duoc:
mx—-Xx+6m=-2< (m-1)x =-6m - 2.
Truong hop 1:Véim-1=0&m=1.

Khi do, hé (I) c6 dang: {x 2 , vO nghiém.
X—-y=6
Suy ra, m = 1 khong thoa man.
Truomg hop 2: Véi 1 —m#0& m# 1, taduoc x = 6]m +2.
-m

Thay x = Om +2 vao (3), ta duqr;:Ei

6m+2 . _ 6m + 2 <6mP—m) 6m? 2
1 —m {E'IE:'{';:: :f1'f:’l11i?’ii7iﬂf'i-= . »rll__ m .
Do x’=y, nén ta phai co: oo EHRHLE

2 . .
6 DavwRload Sach Hay | Doc Sach Online
( m+2) =M®3m3+15m2+13m+1=0

l-m 1—m
Sm+ DM+ 12m+1)=0m+1=0&m=-1.
Vay, v6i m = —1 hai phuong trinh c6 nghiém chung 1a x = 1.
Yidg 7z Chimg minh rdang:
a. Nghiém cia phuong trinh ax® + bx + ¢ = 0 ciing la nghiém ciia
phuong trinh —ax* = bx - c = 0.
b. Hai phuong trinh ax* + bx + ¢ =0 va phutong trinh ax* —bx +c =0
cung ¢6 nghiém hodc ciing vé nghiém.

&S Gidi
x(=1)

a. Nhanxétring: ax’+bx+c=0 < -ax’-bx-c=0
do d6, nghiém cuia phuong trinh ax® + bx + ¢ = 0 ciing 12 nghiém ciia phuong
trinh —ax’ —bx —c = 0.
b. Nhan xét rang, hai phuong trinh: ax> +bx +c =0 vdaxX’—bx +c =0
cling c6 biét s6: A = b* — dac.
Vayahéi phuong trinh cling c6 nghiém hoac ciing vé nghiém.
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Yidyp 8 Cho hai phuong trinh:
xX’+ax+b=0 (1)
x’+cx+d=0. (2)
Biét rang ac 2 2(b + d). Chimg minh rang it nhat mot trong hui
phuong trinh ¢é nghiém.
& Gidi
Goi A,,), A, theo thit tr 12 biét s6 clia phurong trinh (1) va (2), ta cé:
Ay, =a’—4b; A, =c’-4d.
Nhan xét rang:
Apt+Ay=a’—4b+c’—4d =(a’+c?) —4(b+d)
22ac-4Mb+d)24(b+d)-4(b+d)=0.
A+ 4,520
<> It nhat mot trong hai A,,,A ,, khéng am
&> It nhat mot trong hai phitong trinh c6 nghiém, dpcm.

@ Nhdn xét: Trong 18 giai ctia vi-du-trén, ching ta da stt dung két qua:
A+B20< ton talm¢t$0 khong am.

Ngoai ra, ching ta con co: =i

1. A+B<0 t6n tai mdtsoarn
Két qua nay dugg, st dung @€ iching -minh "it nhat mot trong ha
phuong trinh vé nghiém ".

2. A.B <0 ¢ hai s6trdi dait.ich Hay jch Onlin
Két qua nay duge-sit-dung-dé chtmg mmh "Chi c6 mét trong hai

phuong trinh c6 nghiém ".
3. A.B >0 < hais6 cung dau.
Két qua nay dugc s dung d€ chimg minh "Hodc cd hai phuong trinh
déu c6 hai nghiém phan biét hodc ching cung vé nghiém .
Yidw 8 Chimg minh rdng it nhdt mét trong hai phuong trinh sau ¢é hai
nghiém phan biét:
x’+2mx +3=0 (1)
x4+ 3x +2m = 0. (2)
£ Gidi
Goi Ay, A theo thif tr 12 biét s6 cua phuong trinh (1) va (2), ta c6:
Ap=m’=-3, A,;=9-2m.
Nhan xét ring:
A(,,+A(2)=m2—3 +9-2m=m’-2m +6=(m-1)*+5>0.
2 > 0 < It nhat mot trong hai AyA ) duong

&at mot trong hai phuong trinh c6 hai nghiém phan biét.
ﬂ 5 CDTDHDS9-T2
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Yidy 10z Chiing minh rang it nhat mét trong hai phicong trinh sau vé nghiém:
x*+2x —6m =0 (1)
x’+4x +m’+15=0. (2)
&5 Gidi
Goi A, A, theo thit tu la biét s6 cia phuong trinh (1) va (2), ta c6:
Ay,=1+6m, Ap=4-m’-15=-m°-11.
Nhan xét rang:
Ayt Ay=1+6m -m’—11=—m’-6m +9)— 1 =—m-3)'—1<0.
<> A+ Ay, < 0 < It nhat mot trong hai A ;,,A,, am
<> [t nhat mot trong hai phuong trinh v6 nghiém.
vandé 3;: NGHIEM NGUYEN VA NGHIEM HUU TI CUA PHUONG
TRINH BAC HAI
Phuong phap
Véi a, b, ¢ 1a cac s6 nguyén, xét phuong trinh: ax’+ bx +c=0. (1)
vdi yéu cau tim diéu kién dé phuong trinh (1) c6 nghiém nguyén hay
nghiém hitu ty. Khi dé ta st dung két qua cta hai dinh ly sau:

Pinh Iy 1: Diéu kién can va du dé: ph {_'fg trinh (1) 6 nghiém hitu ty la biét s¢
A 1a mét s6 chinh phirong. H|

Dinh ly 2: Néu x0=£ véi (p, g)=}l la nghif}m hiru ty cua (1) thi q la wdc cua a vi
q downloadsachmienphi.com

p la udc cua c.

Yidy bz Tim cac s6 nguyén ade pfurm:g tr mh X2-(3+2a)x+40-a=0
6 nghiém nguyérr.

&5 Gidi
Phuong trinh ¢6 nghiém nguyén khi A =4a’+ 16a — 151
1a s6 chinh phuong, tic la:
42+ 16a— 151 =K véike Z & (Qa+4)*-kK*=167 v6ik € Z.
< 2a+d4+k)Ra+4-k)=167véik € Z.

[[2a+4+k=1 0
o ) 2a+4-k =167
Vi 167 la s6 nguyén t6, nén:
2a+4+k=-1
(ID)

| |2a+4-k=-167

= Xéthé (I),suyra:4a+ 8 =168 < a=40

Vi a = 40, phuong trinh cé dang:
x*—83x=0¢> |, I1acéc nghiém nguyén.
x =83
RTHHDS9-T2 11
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= Xéthé (II),suyra:4a+8=—-168 <> a=-44
Vé6i a = —44, phuong trinh c6 dang:
=1
x}-85x+84=0=> [x g4’ 1a cac nghiém nguyén.
X =
Vay, tén tai hai gi4 tri a = 40 vA a = —44 dé phuong trinh c6 nghiém nguyén.
Vidg2: Chimg minh rdng néu phuong trinh: x*+ ax + b=0.
voi a, b la cdc s6 nguyén, cé cdc nghiém hitu ty, thi cdc nghiém dé
la nhitng 56 nguyén.

£ Gidi
; ’ ; . —at+a’—4b
Nghiém cuia phuong trinh di cho la: x,,= > ;
Do céc nghiém 12 hitu ty nén a’— 4b phai 12 s6 chinh phuong, tic 1a:
a’-4b=k’ ke Z. (1)

Xét hai kha ning xay ra d6i véi a

a. Giasiralas6 1¢, khidé tir (1) suy rak lé.

b. Gia sir a 12 s6 chédn, khi dé tir (]) suy ra k chén.
Viy a, k cing tinh chén , 1é. -

Suy ra-a+ va’> —4b 12 mot s6 chﬁn fitc x, , 1a nhimg s6 nguyén.

C. BAI TAP LUYEN TAP
Bai 1: Giai cic phuong trinh sau:

a. 4x*-6x+7= 0. c. x’+4x -12=0.
b. 9x*-6x+26= 0. d x*+8x-10= 0.
Bai 2: Giai cic phuong trinh sau:
a. x’-lx—l= 0. C:—Sx*= x+i= 0.
2 2 49
b. -l-xz-lx—1=0. d. E-x2+—l-:vc+l=0.
3 2 5 3 15

Bai 3: Giai cdc phuong trinh sau:

a. x’-(2+ 2)x+242=0. c. V2x1-5x+32 =

b. o J8 = b d V6x+223 432 x+24=0.
"Bz J_
Bai 4: Giai va bién luan c4c phuong trinh sau:
a. xX*+4x-3m= 0. c. X*+2mx-4= 0.
b. x’—4x+4—m’=0. d xX*-(m-2)x+m?’= 0.

Bai 5: Cho phuong trinh: x* = 3mx — 6m? = 0.
a. Giai phuong trinh véi m = 1.
é phuong trinh v6 nghiém.
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Bai 6: Cho phuong trinh: 5x* + 2mx — 3m = 0.
a. Giai phuong trinh véim = 1.
b. Tim m dé phuong trinh c6 nghiém kép.
Bai 7: Cho phuong trinh: xX*+3x-(m’-2m+1)=0.
a. Giai phuong trinh véi m = 1.
b. Tim m dé phuong trinh c6 hai nghiém phan biét.
Bai 8: Cho phuong trinh: x> = (m - 1)x =m’+ m-1=0.
a. Giai phuong trinh véi m = 3.
b. Tim m dé phuong trinh cé hai nghiém phén biét.
Bai 9: Cho phuong trinh: mx* = 2(m -2)x + m -3 =0.
a. Tim m dé phuong trinh c6 nghiém.
b. Tim m dé€ phuong trinh c6 hai nghiém phan biét.
Bai 10: Cho phuong trinh: mx* + (m + 1)x — 2m = 0.

a. Giai phuong trinh véi m = -—% :

b. Tim gid tri cua m dé phuong trinh ¢6 nghiém.
Bai 11: Tim gia tri cia m dé cic phu’cmg trmh sau c6 nghiém kép:
a. mx’-2x+6m=0.
b. mx*+10x + 1=0,
Bai 12: Tlm gid tri cia m dé€ cac phlrcrng u:mh sau vo nghiém:
a. mx*’+2(m-3)x+m= 0.
b. (m-2)x*-2(m- 2)x~m ANls:
Bai 13: Cho phuong trinh: mx*— (m + l)x + 1 = 0
a. Giai phuong trinh véi m =895 /| DocSa
b. Ching minh ring véi mg; m phl.m‘ng l‘.rmh luﬁn cé nghlem
Bai 14: Cho phuong trinh: mx* = (3m + 1)x + 3 = 0.
a. Giai phuong trinh véim = 2.
b. Chitng minh ring véi moi m phuong trinh luén ¢é nghiém.
Bai 15: Cho phuong trinh: mx*+ 2(m—=1x=2=0.
a. Gidi phuong trinh véi m = 3
b. Tim m dé phuong trinh c6 mét nghiém.
Bai 16: Chimg minh rang véi moi m phuong trinh sau luén c6 nghiém:
mx’—=Gm+ Dx +2m+2=0.
Bai 17: Chimg minh rdng véi moi m phuong trinh sau luén cé nghiem
m(m-Dx*-=2m-1x+1=0.
Bai 18: Cho hai s6 duong a, b va phuong trinh: x* — 2x — % -~ E +3=0.
Chimg minh rdng phuong trinh luén cé nghiém, tir d6 x4c dinh diéu kién cua a, b
dé phuong trinh c6 nghiém kép.
Bai 19: Cho a, b, ¢ la d6 dai ba canh cua tam gidc. Ching minh rang phuong tr‘mh
oy x*-2x —ab(a+b-2c)-bc(b+c—-2a)-calc+a-2b)+ 1=

cg nghlém Khi dé tim diéu kién cta a, b, c dé phuong trinh ¢ nghlém kép.
gb
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Bai 20: Gia sur a, b, c 12 ba canh cia mot tam gi4c. Chitng minh rang phuong trinh:
b*x*+ (b?+ c? — a®)x + c*= 0 vo nghiém.
Bai 21: Cho hai phuong trinh: x>’ -mx+2=0; x*-4x+m=0
Tim m d€ hai phuong trinh trén c6 it nhat mot nghiém chung.
Bai 22: Cho hai phuong trinh: X+ x+a=0va x*+ax+ 1=0.
a. Véi gid tri ndo ciia a thi hai phuong trinh c6 nghiém chung.
b. Véi gid tri nao cua a thi hai phuong trinh tuong duong.
Bai 23: Tim céc s6 nguyén a dé phuong trinh x*>~ 3ax + 3 —a = 0 c6 nghiém nguyén.
Bai 24: Tim c4c s6 nguyén a dé phuong trinh: ax’—(a+3)x +a+2=0
¢6 nghiém nguyén.
Bai 25: Tim cic s6 nguyén a dé phuong trinh (a + 1)x* — 3(a + 1)x + 4a = 0 c6 nghiém
nguyén.

D. HUONG DAN - PAP SO

Bail: a. V6 nghiém. b. Vo nghiém.

c. X,=2vax,=-6. _d. x,=—4+/26 vax,= 4 - J26.
Bai2: a. x,=1vﬁx2=—%. :_b.j_x},=2vhx2=—%.

cx—x—l .&-)c—— v.%nx—l

A TR S | )
Bai3: a. x,=2vax,=+2. b xX=t3 vAax,=—v2.

o

C. x|=ﬁVAX2='732=;. | =._'2\/§‘VEX2=_2\/E.

Bai 4:

a. Tacé:A’=4+3m.
Khi dé, ta xét ba trudng hop:

Truong hop 1: Véi A’>0¢4+3m>0@m>-—§.
Khi d6, phuong trinh c6 hai nghiém phan biét:

X, ==2+ Ja+3m vax,=-2 - m
Truong hgp2: V6iA’=04+3m=0Sm=——
Khi d6, phuong trinh cé nghiém kép x = -2,
Truomg hop 3: VéiA'<0<::>4+3m<0<:>m<—-;1.

Khi dé, phuong trinh vé nghiém.
Vay:

= Véim>-——, phudng trinh c6 hai nghiém phan biét:

ax, 24+ J84+3m vax,=—2— J4+3m
ﬁB CDTDHDS9-T2
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; 4 .
= Vdim= . phuong trinh c6 nghiém kép x = -2.

= Vdim< ~i;~ , phuong trinh vé6 nghiém.

b. Tacé: A’=4—(4-m’)=m’20, véi Vm. Khi dé, ta xét hai truong hop:
Triomghop 1: Vi A’=0m =0 m=0.

Khi dé, phuong trinh cé nghiém kép x = 2.
Trieong hop 2: Vi A’>0& m* >0 m=0.

Khi d6, phuong trinh ¢6 hai nghiém phan biét: x, =2+ mvax, =2 -m.

Vay:

= V& m=0, phuong trinh cé nghiém kép x = 2.

= Véi m# 0, phuong trinh c6 hai nghiém phan biét: x, =2+ mvax, =2 - m.
c. Tac6:A’=m?*+4>0,véi Vm.

Do d6, phuong trinh luén cé hai nghiém phan biét:

X, =-m+ Vvm®*+4 vix,=—-m—JVm’ +4.
d. Tuong tu clu a).
Bai 5: g ;
a. Véi m= 1, phuong trinh c6 dang: x*+3x + 6 = 0.
Tacs:A=3+6=15=>JA = JJ3.= |

Do do, phuong trinh c6 hai nghiém Phaﬂ biet: x, = 3 +;,/E e 3 ._;/E

b. Dé phuong trinh v6 nghiémy-diéu-kién-la: \
A < 0 9m? + 6m* < 0 & 15m* < 0, vé nghiém.
Vay, khiong tén tai m dé phuong trinh vé nghiém.
Bai 6:
a. Véim= 1, phuong trinh c6 dang: 5x* + 2x =3 =0.
Taco:a-b+c=5-2-3=0

do d6, phuomg trinh cé hai nghiém phan biét x, = -1 vax, = % ,

Vay, v6ii m = 1 phuong trinh ¢6 hai nghiém phan biét x, = —1 va x, = % .

b. D& phuong trinh cé nghiém kép, diéu kién la:
A=0Sm+15m=0 mm+15)=0<m=0hoicm=-15.
Vay, véii m = 0 hoac m = —15 phuong trinh c6 nghiém kép.
Bai 7:
a. V&im= |. phuong trinh c6 dang: x* + 3x =0 < x(x +3) =0 <> x =0 hoac x = -3.
Vay, véri m = 1 phuong trinh c6 hai nghiém phén biét x, =0 va x, = -3.
b. DE& phuong trinh c6 hai nghiém phan biét, diéu kién 1a:
A 9+m’-2m+1>0¢ (m-1)"+9>0, luén ding.
>i m phuong trinh luén c6 hai nghiém phan biét.
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Bai 8:
a. Véim =3, phuong trinh c6 dang: x* = 2x =7 =0.
Tac6A’=12+7=8= JA =242.
Do d6, phuong trinh c6 hai nghiém phan biét: x,= 1 +2v2 ,x,=1-22.
Vay, véi m = 3 phuong trinh c6 hai nghiém phan biét: x,= 1 +2/2 %, =1-22 .
b. DéE phuong trinh cé hai nghiém phén biét, diéu kién la:

2
A>0mMm=-1 +m-m+1>0m-1)>+ (m—%) + % > 0, lu6n diing.

Viy, véi moi m phuong trinh luén c6 hai nghiém phén biét.
Bai 9:
a. Xét hai trudng hop:

Truong hop 1: Véi m = 0, khi d6 phuong trinh c6 dang: 4x =3 =0 <> x = %.

Vay, m = 0 thod man diéu kién c6 nghiém.
Truomg hop 2: Véi m # 0, khi dé dé phurong trinh ¢6 nghiém diéu kién la:
A'20(m-2-m(m=-3)204-m20m<4d
Vay, v6i m < 4 phuong trinh c6 nghiém. |,
b. Dé phuong trinh c6 hai nghiém phan blat dléu kién 1a:

az0 m#0
<:>m<4.
A>0 4-m>0

Vay, v6i m < 4 phuong trinhicé haicaghiémephan biétn
Bai 10:

a. Véim= -% , phuong trinh c6é dang:

—}-x’+(——;- +l)x—2(—%)=0<::>x2—x-2=0<:>x,=——1 vax,=2.

Vay,vdim=--;- phuong trinh c6 hai nghiém phan biét x, = —1 va x, = 2.

b. Xét hai truong hop:
Truomg hogp 1: V6i m = 0, khi d6 phuong trinh c6 dang x = 0.
Vay, m = 0 thoa man diéu kién c6 nghiém.
Truomg hop 2: Véi m # 0, khi d6 dé phuong trinh ¢6 nghiém diéu kién la:
A20 & (m+ 1)?+2m? 20, luén ding.
Vdy, véi moi m phuong trinh luén c6 nghiém.
Bai 11:
a. Phuong trinh c6 nghiém kép, diéu kién la:

a#0 m # 0 ]
= eom=t —,
A'=0 " |1-6m?=0 J6

Viy, c- + L phuong trinh cé nghiém kép.
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b. Phrong trinh ¢6 nghiém kép, diéu kién Ia:
{a £ jmz %0
&y
|A'=0  |25-m?=0
Viy, véi m = + 5 phuong trinh ¢6 nghiém kép.
Bai 12:
a. Xét hai trntong hop:
Truwomg hop 1: Vi m = 0, khi d6 phuong trinh ¢c6 dang: —6x = 0 < x =0.
Vay, m = 0 khong thoa man diéu kién v6 nghiém.
T'riecmg hop 2: Véi m # 0, khi d6 dé phuong trinh v6 nghiém diéu kién la:

om=15.

A< (m-3-m<09-6m<0om> -2—

Vay, voi m > % phuong trinh v6 nghiém.

b. Xét hai truong hop:
Truomg hop 1: Voim -2=0& m=2.
Khi d6 phuong trinh ¢6 dang: — 2 = 0, mu thuén.
Vay, m = 2 thoa man diéu kién v6 g}uém '
Truomg hop 2: Véi m # 2 ichi dé dé phu gﬂ?ﬁ‘ll' 'v6 nghiém diéu kién la:
A< (m=-2) +m(m - Z)Eﬁ:@'Lm—Z)(m—2+m)<0
S(mM-2)2m-2)<0e 1 <mc2.
Vay, v6i | <m < 2 phuengtrinhvésaghigmenphi.com
Bai 13: Nhan xét ring: a+b+C"m -m - l + 1 —0

Online
do do, phuong trinh luén cé hal nghlém xl = l vé x2 = —.

pit!

a. Véim =2, phuong trinh cé nghiém x, = 1 vax, = % ;

b. Ta thiy ngay, vé1 moi m phuong trinh luén c6 nghiém x = 1.
Bai 14:
a. V&im =2, phuong trinh c6 dang: 2x* - 7x + 3 = 0.
Tacé: A=(=7)—4.23=25= VA =5.
-5

Do dé, phuong trinh c6 hai nghiém phan biét: x, = 14—- = % Xy = ! : -
Vay, véi m = 2 phuong trinh cé hai nghiém phan biét x, = %, X;=3.

b. Ta xét hai truomg hop:
Truomg hop 1: Véi m = 0, khi d6 phuong trinh cé dang:

-X + 3 =0 < x = 3, titrc |1a phuong trinh ¢6 nghiém.
Truomg hop 2: Véim #0.
Taxé: A=(Bm+ 1) = 12m =(3m - 1)’>0, vi moim # 0
<> phuong trinh lu6n c¢6 nghiém.
Vay, vgimoil m phuong trinh luén cé nghiém.

S9-T2
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Bai 15:
a. Véim= /3, phuong trinh c6 dang: /3 x*+ 2(+/3 = 1)x —2=0.
Tacé: A = (V3 -=1)'+23 =4= JA =2.
Do d6, phuong trinh cé hai nghiém phan biét:
Y e ey e O L 0 O Y
' J3 BT V3

Vay, v6i m = /3 phuong trinh c6 hai nghiém phan biét x, =

~B-1 . =
Ji ,x,—-\/S_’ 1.

b. Xét hai trudng hop ciia m.
Truong hop 1. Véim=0
e -2x-2=0& x=-1.
Truong hop 2. Vi m # 0.
Phuong trinh (1) c6 nghiém duy nhét
SA =0 m-1)"+2m=0S m*+ 1 =0 v6 nghiém.
Vay, v6i m = 0 phuong trinh cé nghem duy nhét.
Bai 16: Hoc sinh tu lam.
Bai 17: Hoc sinh tu lam.

BAl1S: Tack: A= 142+ 2 3.2 3
b a b a
Nhan xét ring: ownloadsachmienphi.com
3+£22f3_2=2. .chonli (*)
b a ba
i D _aNaarso, |
b a

Vay, phuong trinh luén c6 nghiém.
Dé phuong trinh c6 nghiém kép, diéu kién 13;
=0 ¢ dau ding thitc xay ra tai (*)
a_b

& —=—oa’=b’ea=b,via, bduong.
a
Vdy, v6i a = b phuong trinh c¢6 nghiém kép x = 1.
Bai 19: Ta cé:

A’=1+ab(a+b-2c)+bc(b+c—2a)+ca(c+a-2b)-1
=ab(a + b - 2c) + be(b + ¢ — 2a) + ca(c + )
Ta di chitng minh
A’ >0 <> ab(a+b—2c) +bc(b+c—2a)+ca(c+a—2b) >0
a+b-2c b+c-2a c+a-2b
. + " + 20

Cc
—+—+—-+—+—+—26 (*)
b b

ABG —
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Ap dung bat dang thic Cési cho VT, ta duoc:

a b b ¢ ¢ a Ja bbcca
- = — # — — b — B f—i—i——~—i— =6, dpem.
¢ ¢ a a ccaabb
Vay, phuong trinh luén c6 nghiém.
Pé phuong trinh ¢6 nghiém kép, diéu kién la:
<> d4u ding thirc xay ra tai (*) - = b = L =222 c>a=b=c
¢c ¢ a a b b
Vay, v6i a = b = ¢ phuong trinh c6 nghiém kép x = 1.
Bai 20: Ta cé:
A = (b*+ ¢ —a?)? — 4b’c? = (b*+ ¢ — a* — 2be)(b*+ ¢? — a’ — 2bc) 4
=[(b-c)-a’[(b+c)—a’]=(b-c—-a)b—c+a)b+c—a)b+c+a)
b-c—-a<0
_ . » b-c+a>0
Vi a, b, ¢ la d6 dai ba canh cua mot tam gidc nén:
b+c-a>0
b+c+a>0
do d6 A <0, tic 1a phuong trinh v6 nghiém:—
Bai 21: Xi hiéu hai phuong trinh theo Fltrm}” (1) va (2).
Gia «r x, la nghiém chung cua hai trinh.
DO ds: L_S
oo — Mxy+20 - (1)
3! —4x,+me=0 downloadsachmienphi.com (2"

Lay{l)tm(2)tadu0c xo{—m+4)+2 m = 0<:>(m 4)Xo =2 —m.
Ta xet hai trudng hop: | A
Truong kop 1: Véi m — 4 = 0 &>-mr=4— —
Thaym =4 vao (1) va (2), ta duoc:
{l)<:>x2—4x+2=0,c62nghi¢mx,=2,—\5 vax,=2+ \5
2) < x* —4x + 4 =0, 6 nghiém kép x = 2.
Suy a, m = 4 kh6éng thoa man.

2
Truong bop 2: Véim -4 20 m #4, taduocx,,——nl.

m-—4
Thiay x, vao (1), ta duoc phirong trinh 4n m:

r2_ 2 _
—_'%) — ’: +3=0esm’ -3 —19m +36=0
.m - m -

m-3=0 m=3
~:>(m—3)(m2—l2)=0¢:>{ [

& ;
m’-12=0 |m=123
Thur ai:

*» \G&im=3, tacé:
(1) & x* = 3x + 2 =0, c6 hai nghiém x, = 1 va x, = 2.

(2) & x*—4x + 3 =0, c6 hai nghiém x; = 1 va x, = 3.
ag v6i m = 3, hai phuong trinh c6 mét nghiém chung x = 1.
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& Véim=2\/§,tac6:

(1) <> x* =23 x +2=0, c6 hai nghiém x,,= /3 + 1.

(2) < x* - 4x + 2+/3 =0, c6 hai nghiém:

Xs=2-(J3 -1)=3-3

w2+ {3 =D=1% 3.

Vay, véim =2 J3 , hai phuong trinh c6 mét nghiém chung x = 3o+

* Véim=-243,tacé:

(1) & x*+ 23 x + 2=0, c6 hai nghiém x,, =—+/3 * 1.

(2) < x* —4x — 2/3 =0, c6 hai nghiém:

x,=2-(V3 +1)=1-43

x=2+(3 +1)=3+3.

Vay, véim=2 V3, hai phuong trinh c6 mét nghiém chung x = 1 — J3.
Vay, v6i m = 3 hoac m = +2+/3 hai phuong trinh ¢6 nghiém chung.

Bai 22: Ki hiéu hai phuong trinh theo thitria (1) va (2).
a. Gia str hal phlrcmg trinh ¢6 nghiém chung Xox khi dé:

X; +axo+1=0

Ldy (3)—(4), ta dwoc: (1lsa)(xg=Iby=0eiea =i ot x,= 1.

=  Véia= 1, tathdy:
(1) & x? +xo#1=0,v6 nghiem:c/
(2) & x* + x +b-=0,vO-nghiém.
Vay a = 1 khong thoa man.
= Véaixy=1,thayvao(3)dugc: 1 + 1+a=0a=-2.
Thir lai, véi a = -2, ta duoc:

(3)
(4)

(1) & x* +x -2 =0, ¢c6 hai nghiém x, = 1 va x,=-2.

(2) © x*-2x + 1 =0, c6 nghiém kép x = 1.
Tic 13, hai phuong trinh c6 mét nghiém chung 1a x=1.
Vdy, v6i a = -2 thoa man diéu kién ddu bai.

b. Hai phuong trinh tuong duong néu xay ra mét trong hai kha nang sau:

Khd ndng 1: Moi nghiém cua (1) déu 1a nghiém cia (2) va nguoc lai.

Khd ndng 2: Hai phuong trinh (1) va (2) déu v6 nghiém.
Theo két qua cau a) kha nang thit nhat khong thé xay ra.
Vay, chi c6 thé 1 hai phuong trinh déu v6 nghiém, tic 1a:

A, <0 1-4a<0 1
& —<a<
A(z)<0 a’-4<0 4

Vay, vdi — <a<2hai phuong trinh da cho twong duong.

ABC
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WOBES {16 THUC VIET VA CAC UNG DUNG

A. TOM TAT LI THUYET

Nfu phuong trinh: ax*+ bx + ¢ =0, véia =0

b
b i S=X,+X, =——
cé hi nghiém X, va x, thi: &
oF A e P oy iy, = S
a

B. PHUONG PHAP GIAI TOAN
Vindé 1. NHAM NGHIEM CUA PHUONG TRINH BAC HAI
Phicorg phap
B thuc hién viéc nham nghiém (néu c6 thé) cho phuong trinh:
x*+bx+c=0
ta thzc hién theo cac budc: o
Buoc 1: Thiét lap hé thuc Vletchocac nghiém x; va x;: {:‘ :x_; b
Bugc 2: Thuc hién phép phan tich c thanh tich cua hai thita s6, c = m.n.
Vi méi cip thua s phén tich dudc, ta tinh ngay m + n, khi do:
a. Néu m#n=~b,chuyénssang budc 3.
b. Néu m +.n#=b, thuc hiénlai budc 2.
Budc 3: Vay, phuong trinh c6 hai nghiém la x, = m va x, = n.

@ Chu y:
1. Thudt toan trén co tinh dungva dudc hiéu nhu sau:
* Néu tim dugc mét cip (m, n) thoa man diéu kién m + n = -b thi dimg
lai phép thur va dua ra 10i két luan.
* Neéu cac cdp (m, n) déu khf)ng thoa man thi dimng va trong truang hap
nay dugc hiéu la khéng nham dugc nghlém
2. Ching ta da biét hai trudng hop dic biét cia phuong trinh ax? + bx + ¢ =0 la:

* Neé&ua + b+ c=0 thi phuong trinh c6 nghiém x; =1va x, = i
a

* Né&ua-b+c=0 thi phuong trinh ¢6 nghiém x, = -1 va x, = -
a

Yidw 1z (Bai 26/tr 53 — Sgk): Dung diéu kiéna+b+c=0hodca—b+c=0
dé tinh nhdam nghiém ciia méi phwong trinh sau:
a, 35x’-37x+2 0. b. 7x*+ 500x - 507 = 0.

'ij: & x’—49x - 50 = 0. d. 4321x*+21x —4300=0.

SHDS9-T?2 121

PR B

Tron Bo SGK: https://bookgiaokhoa.com




Download Ebook Tai: https://downloadsachmienphi.com

&S Gidi
a. Tac635-37+2=0.

; . 2
Theo hé thitc Viét, phuong trinh c6 nghiém lax, =1 va x, = 3

b. Tac6: 7+ 500 — 507 =0.
Theo he thiic Viét, phuong trinh c6 nghiém I x, = 1 v x, = _5-3-7_ .
c. Tacé1l-(—49)-50=0.
(=50)

Theo hé thitc Viét, phuong trinh c6 nghiém la x, = -1 vax, = - Rk 50.
d. Tacé 4321 —-21+(—4300)=0
Theo hé thic Viét, phuong trinh c¢é nghiém 1a x, =—1 vax, = _(_—_;%%Ol = %%?—

Vidwy 23 (Bai 26/tr 53 — Sgk): Tinh(nhdm\nghiém cia cdc phuong trinh:
a. 1,5x-1,6x+0,1=0: (O]
b. 3x~ (1= 3)x - T=07
c. 2=t 2 352+ 3)50,

d. (rn—l)xz—_(2m+_3)x+m.+4=0,v6‘im¢l.

&S Gidi
a. Tac61,5+(-1,6)+0,1=0.

Do dé, phuong trinh c6 nghiémx=1vax = % = %
b. Tacé 3 —[-(1-3)]+(-1)=0.

Do d6, phuong trinh c6 nghiém x = -1 va x = :15

c. Tac6(2-+3)+23 +[-2+ +3)]=0.

Dodé,phuangn'inhcénghi¢mx=]vhx=—2+ﬁ = —7-443.
2-+/3

d Tacbo6(m-1)-2m+3)+m+4=0

Do d6, phuong triinh c6 nghiém x = 1 va x = =44

m=]

Gnh bay cdch nhdm nghiém cho phwong trinh x> — 5x + 6 = 0.
ﬁ CDTPHDSY-T2
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&5 Gidi
Ta thdy A= 57— 4.1.6 = 1 >0 do dé, phuong trinh luén c6 hai nghiém x, va
e Xyt Xy =8 .
X, thoa man: ma2+3=>5.
X, X,=6=23

Viy, ta thdy ngay phuong trinh c6 hai nghiém x, =2 va x, = 3.
Yidw 4z Trinh bay cdch nhdm nghiém cho cdc phuonyg trinh sau:

a. —‘x2—13x+48=0, b. %x2—2x+3=0.

&S Gidi

a. Viét lai phuong trinh du6i dang: x* + 13x — 48 = 0.

X, +x, =-13

X,.X, =48 = 3.(=16)
Vay, phuong trinh c¢6 hai nghié

b. Viét lai phuong trinh duéi dang

X, +x, =8

Khi dé: >ma3.+ (-16) =-13.

Vﬁ X2=—'16.
Xx+12=0.

,ma2+6=8.
Xy Aa ‘lzdbg\rmoadsachmmnphi com

Vay, phuong trinh cé hai nghiém x, =2 va x, = 6.
) DownloadSachHaleocSachOnlme
@ Nhdn xét: Vi du trén, dudc néu ra v8i muc dich khuyén cach em hoc sinh

hay thuc hién viéc chuyén déi phuong trinh ban ddu vé dang
don gian nhat trudc khi thuc hién c6ng viéc nhdm nghiém dé
l:ranh dudc nhung sai sot khOng dang co.

Khi do:

Yidwy 1z (Bal 26/tr 53 Sgk) T:m hai s6 uvav tr ong moi I uofng hap sau:
a. u+v=32 uv=231. b. u+v=-8,uv=-105.
o aﬁ u+v=2 uv=9,
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&S Gidi
a. Tacé:u+v=32 uv=231.
Do dé, u va v l1a nghiém cua phuong trinh:

X, =16 ++/25 =21
x, =16 -4/25 =11

Vay, ta cé hai cap nghitmu =21 vav=11 hoaicu=11 vav=2l.
b. Tacé:u+ v=-8,uv=-105.

x’-32x+231=0¢&

Do dé6, u va v 12 nghiém ctia phuong trinh: x> + 8x — 105 =0 < :' - 715
5
Vay, ta cé hai cap nghiému=-15vav=7hodcu=7vav=-15.
c. Tacé:u+v=2 uv=9.
Do dé, u va v 1a nghiém ctia phuong trinh: x* — 2x + 9 = 0 (v6 nghiém)
Vay, khong tén tai cap u, v nao thoa man diéu kién trén.
Yidy 2: Tim cdc canh cua hinh chu‘ nhar biét chu vi bang 30m va dién tich
bdng 54m?>. ,

& Gidi

Goi d6 dai hai canh cua hinh chtt nhat lauvav, diéukiénu, v>0.
Véi gia thiét:
= Hinh chit nhat c6 chi Vi b&ng 30m, ta duoc
2+ Vv)=30=u+v=1S, (1)
= Hinh chit nhat cé dlen tich bang 54m ta duoc uv = 54. (2)
u+v=15
u.v =54
tic 13, u va v 1a nghiém cia phuong trinh bac hai:
X’—15x+54=0&x,=6vax,=09.
Vay, hinh chir nhat c6 hai canh la 6m va 9m:
@ Nhdn xét.
1. Trong 18i gidi trén, véi hai nghiém x, = 6 va x, = 9 chiing ta c6 thé gan u cho
x; con v cho x, hodc ngugc lai chi ¢6 diéu ca hai cach gan nay déu cho dap
s6 vé mot hinh chit nhat. Tuy nhién, trong nhiéu trudng hgp vdi mbi phép
gan nhu vy chiing ta s& nhan dugc mét nghiém (vi du (u, v) 1a toa 46 cda
mdt di€m) ctia hé phuong trinh.
2. Nhu vay, diém c6t yéu cta ing dung nay la chuyén viéc " Giai mot hé
phuong trinkh " thanh viéc " Giai mot phuong trinh ".
Yidw 32 Giai cac hé phuong trinh sau:

{x+y=2 " {x+y=4

0 Xy =-3 xy =1
A B CDTPDHDS9-T2
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&S Gui
a. T hé phuong trinh, suy ra x, y 1a nghiém cua phuong trinh:
: a-b+e=0 |, =] x=-lvay =3
t" =2t-3=0 < = . ;
t,=3 X =3vay =-1

Vay, hé phuong trinh c6 hai cap nghiém (=1, 3) va (3, —1).
b. Tuhé phuong trinh, suy ra x, y la nghiém cua phuong trinh:

ll=2——\[§ x=2—\/_3-viiy=2+\/§
t,=2++3 - [x=2+ﬁvay=2—ﬁ'
Viy, hé phuong trinh c6 hai cap nghiém:
(2 - ﬁ;2+ ﬁ)vﬁ(Zﬁ- \/5;2—- \E).
@ Nhdn xét: Nhu vay, trong vi du trén:

. Jcau a), chi mang tinh minh hoa cho phuong phéap chuyén d6i tir hé
phzmng trinh thanh phuong trinh. Bdi vi, chung ta thdy ngay phép
chuyén d6i nay khéng hiéu qua khi ma c6 thé nham dugc nghiém ngay

X+y=2 4

2 -—4t+l=0<:>[

tir hé d6, cu thé: {

Xy =-3

2. O cau b), vi hé khﬁmg&é mxﬂmdmnghnem nén viéc chuyén déi la
hoan toan phu hdp

x +y -12

Yidwp 4z Gidi hé phirong r.m#&,
Xy =—4

& Gidi
Bién déi phuong trinh thit nhat clia hé vé dang:
syi-Brp= il & mrPode [x+y=2 |
X+y=-2
Khi doé:
XxX+y=2
xy =4
suy ra X, y 1a nghiém cua phuong trinh:
t,=1- V5 [x=1—\/§véy=l+\[5_
S1445 x=1+VSvay =1-+/5

+y=-2
e V6i xa y = —2, ta nhan duoc he: {x y_4
-0 5 Xy =

* V6ix +y =2, tanhan dugc hé: {

t2—2t—4=0<:>[
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Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

suy ra X, y la nghiém cua phuong trinh:
¢ m=l=alh [ g = [ =l8 Bry=s=L#sl5
S =-1+J5&y=~1-45
Vay, hé phuong trinh cé bén cdp nghiém:
(1= 55 1+ 4/5), 1+ ¥5:1-45),
(o] = of87 =1 5 Yl =1 oS 3 =L =5 ),

@ Nhdn xét: Nhu vay, trong vi du trén, ching ta cin sit dung phép bién ddi
hiing ding thitc sau d6 diing phép th€ d€ nhan dugc hé phuong
trinh co ban.

Ngoai ra, trong nhiéu trudng hgp chiing ta con can sit dung
tdi &n phu. Vi du sau sé minh hoa diéu nay.

Yidwp S Gidi hé phuong trinh: {

t’+2t—4=0<:>[

3&/;+3 y=4
Xy =27 '
£S5 Gidi

3 f ]
Dat: {u =¥z &> {u3 * Khi d6, h¢ phuong trinh ¢6 dang:

V=3\/; vi =Yy

u+v=4 Uokw = 4' usy s 4o0m
=
'y =27 (uv)’ -27 luv=3

suy ra u, v 1a nghiém cta phuong tnnh

8=be=0 tI =1 u=1vav=3
-4t+3=0 < &
, =3 u=3vav=l
Ux =1vaify =3 [x=1vay=27
J;-Bvﬁ\/_—l x=27vay=1
Vay, nghiém cia hé da cho 1a (1; 27) va (27; 1).
@ Nhdn xét:

1. Trong vi du trén bing viéc sit dung hai 4n phu chiing ta da chuyén
dugc mot he vo H vé dang chudn d€ c6 thé chuyén né vé mot phuong
trinh bac hai.

Tuy nhién, cho di 15i gidi nay 12 tudng minh nhung ching ta c6 thé thuc
hién gon hon ma khéng cén sir dung téi 4n phu, cu thé:
Xét phuong trinh thit nhat cia heé:

Vx +3fy =t (Vx +1y P=ox+y+3ixy (Vx +1fy) =64

G x +y =28,
A 5 CDTDHDS)-T2
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= p X+y=28
\ay, hé c6 dang:
xy =27
N ‘o ? ti = ]
s1y ra X, y la nghiém cua phuong trinh: t* - 28t + 27 = 0 < —

\ay, nghiém cua hé da chola (1, 27) va (27, 1).

2. Nhu vay, bdng viéc st dung hé thirc Viét ching ta da biét cach chuyén
mot hé phuong trinh thanh mot phuong trinh bac hai dé€ giai. Tuy
rhién, d6 van chi la phép bién d6i mo6t budc, ching ta hay thu quan
tim tdi so d6 bién d6i sau:

Phuong trinh <> Hé phuong trinh <> Phuong trinh
Vi du sau sé& minh hoa diéu nay.

Yidup & Giai phuong trinh: \/VX +9-x + \{Vx +9 +x =4.
& Gid

Diév kién x > 0.
_|u =\/Jx +94Ux
Dat:

. vV = \/2]){ +9 + ‘\/;
+nh {ﬁuafv — 4

Khi 16, phuong trinh duge chuyén thanh he: .

=0 <us vva uv=+Jx+9-x =3.

Suy ra v, v 12 nghiém cuaphUUng lrmh A

a-b+c=0 [tl =1 {u:] - \/\}x+9—\[;=l

P-4t+3=0 & =
t, =3

V3 VVx+9 +4/x =3
Jx+9-Jx =1 - = ) )
:{ x+9+J_=9:>_2JI_ 8 Vx =4 & x=16.

Vay. phuong trinh c6 nghiém x =16.

@ Chi y: Cubi ciing, trong vi du ti€p theo ching ta s& trinh bay mot vi du
vé hé c6 chita tham s6.
2 2

Vidw Cho hé phuong trinh: {" Ty =m

x+y=6
a. Gidi hé phuong trinh véi m = 26.
b. Xdc dinh m dé hé vé nghiém.
c. Xdc dinh m dé hé c6 nghiém duy nhat, xdc dinh nghiém daé.

Y Xdc dinh m dé hé ¢6 hai nghiém phan biét.
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& Gidi
X+y=6
+y)? =2xy =
Bién déi hé phuong trinh vé dang: aid RPN 36 —m
X+y=6 Xy =
2
; ; 5 ; 36-m
khi d6, x, y 12 nghiém cla phuong trinh: t* — 6t + —5 - 0. (1)

a. Véim =26, phuong trinh (1) cé dang:
20— 12t410=0e |1 7L o [FTIRY I
t,=5 x=5vay=1
Vay, véi m = 26 hé phuong trinh c6 hai cap nghiém (1, 5) va (5, 1).
b. Hé v6 nghiém
<> (1) vo nghiém < A'(,<0&m-18<0& m<18.
Vay, v6i m < 18 hé phuong trinh v6 nghiém.
c. Heé cé nghiém duy nhat
< phuong trinh (1) c6 nghié
SANy=0om-18=0&
Khi dé, hé c6 nghiém x =y = 3.

Vay, v6i m = 18 hé phuong trinh c¢6 nghiém duy nhat x =y = 3.
d. Hé c6 hai nghiém phan'biét) oadsachmienphi.com
<> phuong trinh (1) c6 hai nghiém phén biét
& Hyy> 0 e i~ TRIGESTRSHgocSoch i

CDTDHDSY.T2
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Viduls Cho phuong trinh: 3 x*=15x + 3 =0.
a. Chimg to rang phuong trinh cé hai nghiém phan biét x, va x,.

1 1
b. Tinh gid tri ciia biéu thic A = — + — .

X, X,
5 Gm'i

a. Nhan xét ring: A= 152 -4.4/3.3=225-12/3 >0
do dé, phuong trinh c6 hai nghiém phén biét x, va x,.

b. Hai nghiém x, va x, ciia phuong trinh thoa man: <

Tiabin oo ld 52 _ 53

ST X% \/5
@ Nhdn xét: Nhu vay, voi yéu cdul tfong cdu b) cua vi du trén néu ching ta di
tinh cu thé cac X, va X3 16i'thay vao biéu thirc A thi sé phai thuc
hién viéc don gian bidu-thite chita cin rat phurc tap Trong khi, sur
dung hé thuc Viét chung ta da c6 du'qc mt}t 16 gidi rat gon
Yidp2: Gid sit phuwong trinh:|ax* bxl# ¢ 00
cO hai nghiém x,, x2 Hay Iap phu’ong rrmh co nghiém nhu sau:
a. —xlva—xz WA yiu sl L 1

c. — va —,
b. x, va Kz. K, X,

=3,

£S5 Gidi

b
S=x,+Xx, =——
Phuong trinh cé hai nghiém x,, x,, suy ra: ; -

C
a

a. Tacé: {(—x, R )=

(—x )(_x2)=P

suy a —x, va —-:vc2 langhlem cia phuong trinh: £+ St+ P =0.
X, +x;=82-2P

b. Tacé. .
X, X7 =p?

suy ra x> va x> 1a nghiém ciia phuong trinh: - (S? — 2P)t + P*= 0.
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Lt 2
ke X P
c. Tacé: «
1.0 .
X, x, P

suy ra L va 2, 12 nghiém cta phuong trinh: t* - Et +
X, X, P

Yidwls Cho phidng trink: x2— 2mx + 2m — 2 =0.
‘a. Tim m déphuong trinh!vé huiyrighiém x, va x,.
b. Tim hé thicc lién hé giita X, va X, khéng phu thuéc vao m.

Download Sach Hay|PocSachOnline

& Gidi
a. Nhanxétring: A’=m’-2m+2=(m-1)>+1>0
do dé, phuong trinh c6 hai nghiém phan biét x, va x,.

. ; ) . ¢ {xl +X, =2m
b. Hai nghiém x, va x, cia phuong trinh thod man: ;
X, X, =2m -2
Tir hé trén, bang céch thay 2m & phuong trinh thit nhét vao phuong trinh thit
hai, ta dugc: x,.x, =X, + X,— 2 & X, + X~ X;.X, = 2.
D6 chinh 1a hé thitc lién hé giita x, va x, khéng phu thuéc vao m.

@ Nhdn xét: Nhu vay, véi yéu cdu trong cu b) cha vi du trén néu ching ta
di tinh cu th€ cac x, va x, ri thuc hién cac phép thir dé tim ra
dugc mot hé thirc lién hé giita cac nghiém khong phu thuéc
vao m thi sé phai thuc hién kha nhiéu lin va quan trong hon
ca la khong cé dugc dinh huéng chinh xéc. Trong khi, st dung
hé thirc Viét ching ta da c6 dugc mot 1oi giai rat gon.

Yidp2: Cho phuong trinh: x* = 2mx —m?=0.
hé thitc lién hé giita cdc nghiém cua phuwong trinh khéng phu

AB& —

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

£ Gudi
Nhan xét rang: A’ =m’* + m’ =2m’> 0
do d6, phuong trinh c6 hai nghiém phan biét x, va x,.
; ; A 3 X) +X; =2m
Hai nghiém x, va x, cua phuong trinh thoa man: {x g gt
Bl S

Tu hé trén, bang cich nit m tir phuong trinh tha nhat roéi thay vao phuong

2
B X, + X 3
trinh thir hai, ta dugc: x,.x2=—{ ‘2 2] < (X, + X)) +4x,x,=0.

P6 chinh la hé thic lién hé gia x, va x, khéng phu thu6c vao m.

@ Chit y: Trong dang toan trén viéc tim diéu kién d€ phuong trinh c6 hai
nghiém x, va x, la bit budc phai co. Va dé tranh cho cac em hoc
sinh mic phai thi€u sét nay, thudng thi bai toan dua ra cau hoi
tim diéu kién trudc.

Yidu3:s Cho phiong trinh: (m - Dx>*=2(m - 4)x + m-5=0.

a. Xic dinh'm dé phuony Efink ¢6 hai nghiém.
b. Tim hé thitc lién hé gu?a cac nghiém cua phiuong trinh khong
phu thuéc m.

& Gidi dov -
a. Dé phuong trinh c6 hai nghlém x, va 4 X, dléu klén la:
0 m-1#0""" & S
a¥ .~ =} l #1n s E ; (*)
A'>0 2m-11<0 2
Khi d6, phuong trinh c¢é hai nghiém x, va x, thoa man:
m-—
m--5 ' ®
Xl J(3 T
-1

Khir m tir h¢ (I) ta duoc: 2(x, + x,) — 3x,x,= 1, d6 chinh 1a hé thiic cin tim.

@ Chii y: Trong nhiéu trudng hop, viéc khit tham s6 tit hé (I) cdn st dung cac
hiing d&ng thitc, d¥c biét la cic hiing ding luong giac, cu thé: "
a. sin‘a + cos’a =1.
b. tana.cota =1.
Vidp 4t Cho phuong trinh: x* — 2xsina + cosa. — 1 = 0.
a. Chimmg minh rdng véi moi o phuong trinh luén cé nghiém.
Tim hé thitc lién hé giita cdc nghiém ma khéng phu thuéc vao o.
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&S Gidi
a. Tacé: A =sin’a —cosa + 1 = sina + (1 —cosa) 20, Va.
Vay, v6i moi a phuong trinh luén cé hai nghiém x, va x,.

; : X, +X,
X, + X, =2sina sinQ =

b. Tacé:
X,.X, =cosa—1
cosa=X,.x, +1

sin’ a+cos’ a=1 S
=5 [%) + (XX, + 1)*=1

d6 chinh 12 hé thic cén tim.
Vidw 52 Cho phuong trinh: x* — 2xtana — 1 — cot’a = 0.
Tim hé thic lién hé giita cdc nghiém cua phuong trinh khéng phu
thuéc o.
£ Gidi
ina # 0
Diéu kién: {s“‘“ .
cosa. # 0 UL
Truéc hét ta cin di tim o dé phuong trinh c6 hai nghiém x, va x, 1a:
A’ 20 < tan’o + 1 + cot’a 2 0, luon diing.
Suy ra, phuong trinh c6’hai nghiém X,, x, thoa man:

{x,+x,=2tana. @ tana'="

X,.X,=—1—-cot’a
2 cot’a=-1-x,.x,

=

lana.cola=1 2
(x' 4 x’) (~l=xx,)=1
d6 chinh 12 he thitc c4n tim.
Vidw 8 Cho phuong trinh: (1 + m*)x*-2mx + 1 - m*=0.
a. Chimg minh rdng véi moi m > 1 phuong trinh luén cé nghiém.

| b. Tim hé thitc lién hé giita cdc nghiém ma khéng phu thudc vao m.
& Gidi
a. Tacé: A=m’-(1+m)H(1-m)=m*+m?’-1>0,Vm>1.

Suy ra, v6i moi m > 1 phuong trinh luén cé hai nghiém x,, x, thoa man:

X, + X m

! 2 1+ m? I
— 2 ’

. _l m
1+ m?

A - CDTDHDS9-T2
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b. Khirm tir h¢ (I) bang nhan xét:

l+m~ | +m

2 2 2
(x,+x3)2+(x,x2)2=( ij) +{]_m2] = | &SR+ %)+ (%) = 1.

dé chinh la hé thic can tim.

Véndé§: XET DAU CAC NGHIEM
Phuong phdp

Ding he t!ﬁfc Viét ta c6 lhé xét da'u"dl.rvc céc nghlém Xy va xg clia
phuongtrinh ax?+ bx +c¢ =0, v(naaQOduab:enkétqué |

1. Phtm‘ngl:rinhcohmnghlém tralda'ux,<0<x2¢:>P= - <0.

a

AZO

2. Phuong trinh c6 hai nghlém cung da'ua {P> 5
" _ S A20
3 Phuongl:rinhcéhainghie :i@mgo<xlsxzc> P>0.
) $>0

3% (A20
duwn adsachmlenpin CORY: i
4, Phtm‘ngtnnhcohaln iém dam x;$x, <0 {P>0 .

Dawnl wﬂSath! y.Do” HOs ine! £.18< 0

Yidy I: Cho phwongtrinh: X =2x +m* +5=0.
Chimg to rdang néu phuong trinh ¢é hai nghiém thi hai nghiém dé
déu duong.
&S Gidi
Gia s1 phuong trinh cé hai nghiém x, va x,, khi dé:
X, +X,=2>0
T e = X,, X, >0, dpcm.
X, X, =m +5>0
@ Nh¢n xét: Nhu vay, trong 10i giai cua vi du trén chung ta da danh gia
duoc phuong trinh c6 hai nghiém duong, dua trén:
X;.X; > 0 = x, va x, cung dau.
x; + X, > 0 = x, va x, cung ddu duong.
Yidw 25 Cho phuong trinh: x* = 2x + m = 0.
Tir m dé phuong trinh 6 hai nghiém. Khi dé, tuy theo m hdy chi ra
5 l]au cua hai nghiém cua phuong trinh.

DS9-T2 133

Tron Bo SGK: https://bookgiaokhoa.com




Download Ebook Tai: https://downloadsachmienphi.com

£ Gidi
Pé€ phuong trinh c6 hai nghiém, diéu kién la:
AN2021-m20em<l.
i . . . {x,+x2=2>0
Khi d6, hai nghiém x, va x,, thoa man: ‘
XXy =10
Dé chi ra d4u clia hai nghiém cua phuong trinh, ta xét:
* Né€u0<m < 1, phuong trinh c6 hai nghiém duong.
* Néum =0, phuong trinh c6 hai x, =0 va x, = 2.
= Néum <0, phuong trinh cé hai nghiém trdi ddu va nghiém duong c6 gia
tri 16n hon gi4 tri tuyét d6i cia nghiém am.
Vidw 3: Cho phuong trinh: x*-=2(m+ 1)x—m +1=0.
Xic dinh m dé phuong trinh:
a. C6 hai nghiém trai ddu.
b. C6 hai nghiém duong phan biét.
£ Gidi |
a. Phuong trinh c6 hai nghiém trdi datx;< 0 < x,
SP<0o-m+1<0eom>1s
Vay, v6i m >1 phuong trinh cé hai nghiém tréi d4u.
b. Phuong trinh c6 hai nghiém'duong phan bi¢t0 <x, < x,
A'>0 m’+3m>0 |
&> {P>0={1-m>0 <0<m<l1.
S>0 2(m+1)>0

Vay, v6i 0 < m < 1 phuong trinh c6 hai nghiém duong phan biét.
Yidwg 42 Cho phuong trinh: (m - 1D)x*+2m+2)x +m—-1=0. (1)
Xdc dinh m dé phuong trinh:
a. C6 mot nghiém.
b. C6 hai nghiém cung ddu.
£ Gidi
a. Xét hai truong hop:
Truong hop 1: V6 i m — 1 =0 (thic m = 1) phuong trinh c6 dang:
6x =0 < x =0, 1a nghiém duy nhét cua phuong trinh.
Truomg hop2: V6im =120 m= 1.
Khi d6, dé phuong trinh c6 mot nghiém, diéu kién 1a:

A‘=0®(m+2)2—(m—1)(m—1)=0@6m+3=0<:>m=-—%.

Vaél Vc =] hoaic m = —% phuong trinh c6 mot nghiém.

Tron Bo SGK: https://bookgiaokhoa.com

CDTDHDS9-T2



Download Ebook Tai: https://downloadsachmienphi.com

b. B¢ phuong trinh ¢6 hai nghiém cung dau, diéu kién la:

+320
A'>0 vy |
< im-1 S>-——<m=#l.
P>0 >0 2
m-—1

Viy, voi -—;— <m # | phuong trinh c6 hai nghiém cung dau.

Yidy5: Cho phuong trinh: mx*=2(3-m)x +m-4=0.
Xic dinh m dé phuong trinh:
a. C6 hai nghiém doi nhau.
b. Co6 ding mot nghiém am.
&5 Gidi
a. Phuong trinh c6 hai nghiém déi nhau khi va chi khi:
m-4

0
P<O0 i =
{ = — < th=a"

S=0 3—m _6
Vay, v6i m = 3 phuong trinh c6 hal nghtém trdi dau.
b. Xét hai truong hop:

Truong hop 1: Véim =0.

Khi dé, phuong trinh ¢ dang-—ﬁx— 4=0<::> X=—%, thoa man.

Truomg hop 2: V6im # 0" ach Hay | Doc Sach Onling
Khi d6, dé phuong trinh cﬁdﬂﬂgmﬁt nghmn am, diéyl kién la:

x <0=x,
X, <0< x;
& X, <0<x,
L,=x2<0
—-x2<0
m-4=0
-f(0)=‘-—0 2(3 m) 2 ~
e 1P <h) — &S |0<cmcd.
m
=l “2m+9=0 |m=2
-b/2a<0 L 2
3-m
<0
|l m

Vay, véi m e (0, 4]U % ) phuong trinh c6 diing mot nghiém Am.

S9-T2
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1 =Tty 4 [
] o, [ - | S
._‘ b - # J *
LA 4 2
o TR, * [
e 'A..ﬂi el ks flal'r e
|
AE—

iR o = e n L A y FL bt ” . b 5
Vidg 1z (Bai 62/tr 64 — Sgk): Cho phutong trinh: 7x* + 2(m — 1)x —m* =0,
a. Vdi gid tri nde e thilphicomgitrink ¢ nghiém?
b. Trong truong hop fh:tonﬁ trinh ¢6 nghiém, dung hé thirc Vier,
hdy tinh t6ng Cac" binh phuong hai' hghiém cia phiuong trinh do

theo m.

&S Gidi

a. Phuong trinh c6 nghiém Khi va chi khi: A'20 < (m — 1)’ + 7m* >0, Vm
Vay, v6i moi gid tri cha m phuong trinh luén c6 nghiém.

b. Goi x, va x, l1a nghiém cua phuong trinh, ta cé:

_ _ .2
X, +X,= =Sl = ) Va XX, = —
7
Ta cé:
4(1-m)? -m? 18m?* —8m +4
X7 +X) = (X, + X))’ — 2x,.X, = ‘(—4'6")— s r7n = 29 :

Vidy2: Cho phiutong trinh: (m+ 1)x*=2(m—-1)x +m-2=0.
Xdc dinh m dé phwong trinh 6 hai nghiém x,, x, thod man:
4(x, + x,) = 7x,X,.

ABG ——
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&5 Gidl

Pé phuong trinh ¢4 hai nghiém x, va x,, diéu kién la:

az0 1#0
o — i & -1#2m <3, (*)
A'20 3-m=0
2(m-1)
Khi d6 phuong trinh ¢6 hai nghiém x, va x, thoa man: ";+
XXy = s
m + |

2(m—1) =7 m-2

m+ 1 m+1

Suy ra: 4(x, + X,) = 7X,X, < 4. <> m = —6 thoa man (*).

Vay, vdi m = —6 thoa man diéu kién diu bai.
Yidu 3z Xic dinh m dé phuong trinh: mx> =2(m+ Dx+m+1=0
6 hai nghiém x, va x, thod man x; +x; = 2.
&5 Gidi

Trudc hét, diéu kién phuong trinh c&hai nghiem x, va x, 1a:

0 0 ""_‘,"'_'ﬁi_“"
a# - m # o e .
A20  [mA120

Khi dé phuong trinh c6 hai nghlém i:,{ va xzthoﬁmﬁn ;
— : m +

2
4(m4;l) __2(m+1) =2<::>m=—g.
m m 3

Tacé: x| + X3 =2 (X, PRP— 2%, X, =2 &

Vay, véim = —% thod mén diéu kién du bai.

Yidp 4t Cho phuong trinh: x* = 2kx — (k = 1)(k = 3) = 0.
Chiing minh rdang véi moi k, phuong trinh luén ¢é hai nghiém phdn

i e 1
biét x, , X, thod madn Z(x, + X,)+ XX, — 2(X,+ X,) + 3=0.

£ Gidi
Tacé: A'=k*+ (k—-1)k—-3)=2k*-4k+4=2(kk-1)*+2>0, Vk
suy ra phuong trinh luén cé hai nghiém phan biét x, , x, thoa man:
X, +X, =2k
=—(k-1)(k-3)

X

S9-T2 137

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Khi dé: %(x, + X,)2+ XX, — 2(X, + X,) + 3

%(Zk)’—(k—-l)(k 3) - 2.2k +3 = 0, dpcm.

Yidw 8 Gid sit phuong trinh: ax*+bx +c=0
¢6 hai nghiém X,, X,. Chimg minh rdng hé thitc b’ + a’c +ac’= 3abc la
diéu kién cdn va dit dé phuong trinh ¢6 mét nghiém bdang binh
phuong cua nghiém con lai.

&S Gidi
S=:|t,+:ltz2 =—-ll

Theo gia thiét ta dugc: =, 1))
P=x,x, = =
a

Xét biéu thiic: _ |
P=(x, - x3)(x/% x}) = XX H@i[K; — (x] +x3)

=X X+ X! x5 = [(x,+ X))t =3%iX,(X, + X,)]

c c? b’ c bl 1..b>+a’c+ac’ —3abc
=-+_-_*.§..+3___.=—~ :
a a’ a a a a

C. BAI TAP LUYEN TAP
Bai 1: Trinh by cdch nhdm nghiém cho céc phuong trinh sau:

a. x*-—10x+16=0. c. x*-8x+65=0.
b. x*+9x +18=0. d x*+9x-22=0.
Bai 2: Trinh bay cdch nhdm nghiém cho céc phuong trinh sau:
—x?_ . =
a. —-x*-23x-132=0. & -l—x2+£x+6-0
b. 3x*+9x -162=0. 14 7

Bai 3: Tim hai canh ctia hinh chit nhat biét chu vi bing 24m va dién tich bang 27m’.
Bai 4: Giai cdc hé phuong trinh sau:
x+y 20 b {x+y=—2l
Xy =54

A'Bcg b N

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Bai 5: Giai cdc hé phuong trinh sau:

X+y=4 I(x+y)=2
a. 9 . b. 1
x)’=*z xy=—§
Bai 6: Giai cdc hé phuong trinh sau:
{x+y=4 b {xz+xy+yzzl
(x? +y)(x’ +y’) =280 C o lx-y-xy=3

Bai 7: Giai cdc hé phuong trinh sau:

.
x2+y? =128

‘_J;+\/;=4

'JE_*-J_;_—_?__.{.I
C:. Ay X \/E i

[ X4/XY +yﬁ=78

X + Xy +y-=m+ 2
Bai 8: Cho hé phuong trinh: ¢ | HE— .
Xy+xy =m+1
a. Giai hé phuong trinhlvéime=e3achmienphi.com
b. Xéc dinh m dé hé c6 nghiém duy nhat.
xX“+y =2(1+m
Bai 9: Cho hé phuong trinh: i el
(x+y)' =4
a. Giai hé phuong trinh véim = 1.
b. X4c dinh m dé hé c6 ding hai nghiém phan biét.
X+y+Xy=m+]|

Bai 10: Cho hé phuong trinh: { y y :
X‘y+xy'=3m-5

a. Giai hé phuong trinh véi m = % ;

b. Xac dinh m dé hé v6 nghiém.

. Xéc dinh m dé hé c6 mo6t nghiém duy nhat.
d. Xidc dinh m dé he c6 hai nghiém phan biét.
x+y+x'+y* =8
xy(x+l)(y+l)=m'
a. Giai hé phuong trinh v6i m = 12.

b. Xic#inth m dé hé c6 nghiém.

Bai 11: Cho hé phuong trinh: {

S9-T2

Tron Bo SGK: https://bookgiaokhoa.com

VX +y? +2xy =82 " {\/x+y+\[x—y=4

139



Download Ebook Tai: https://downloadsachmienphi.com

Bai 12: Cho phuong trinh: J2x2-43x+4=0
a. Chimg to rang phuong trinh c6 hai nghiém phan biét x, va x,.
b. Tinh gid tri cla biéu thiic A = L + LS A
X X,
Bai 13: Cho phuong trinh: 2 x*- 2/6 x -8 =0
a. Ching to ring phuong trinh c6 hai nghiém phan biét x, va x,.

b. Tinh gi4 tri clia biéu thirc A = L + Lz :

2
X X,

Bai 14: Tim m dé phuong trinh: x’—2(m + 1)x +2m +2 =0
c6 hai nghiém x,, x,. Khi dé hay lap phuong trinh ¢é nghiém nhur sau:

a. =-2x,va -2x,. ;P & 1
' ¥ d —va—,
b. 3x, va 3x,. X, X2
" c. =X] vAa-X; €. X;+X; VA —X,.X,.

Bai 15: Tim m dé phuong trinh: mx?* — Z(m-l- 3)x +m+1=0
c6 hai nghiém x,, x,. Khi d6 hay lap phtm‘ng trinh c6 nghiém nhu sau:

a. ""X| Va "_x?_ l 1
. X VAX;. | e._x+x véxx

Bai 16: Tim m dé phlm‘ng trmh mx’ 2(111 +Dx+2= 0
c6 hai nghiém x,, x,. Khi dé hdy lap phuong trinh cé nghiém nhu sau:
a. —3x,va-3x,. c. X va 3y

b. xr“x: Vﬁ xle. d x2+x2 Vé xl xl
- I 2 1 2"

Bai 17: Cho phuong trinh mx? — 2mx + 3 = 0. Tim hé thiic lién hé giifa cdc nghiém
ctia phuong trinh khéng phu thuéc m.

Bai 18: Cho phuong trinh x> = 2(m + 1)x = m + 1 = 0. Tim hé thic lién hé gii¥a hai
nghiém x, va x, cia phuong trinh ma khong phu thudéc vao m.

Bai 19: Cho phuong trinh: x? — 2xcosa. + sina — 1 = 0.

a. Ching minh ring v6i moi o phuong trinh luén c6 nghiém.

b. Tim hé thirc lién hé gilra cic nghiém ma khéng phu thudc vao a.
Bai 20: Cho phuong trinh: x? — 2xcota. — 1 — tan’a. = 0.

Tim hé thic lién hé giira cic nghiém cua phuong trinh khéng phu thudc a.
Bai 21: Cho phuong trinh: (1 + m?)x* = 2(m* - 1)x + m = 0.

a. Tim m dé phuong trinh luén c6 nghiém.

b. ﬁ thirc lién hé giita cic nghiém ma khong phu thudc vao m.
ﬁ CDTDHDSY-T2
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Bai 22: Cho phuong trinh:
x*+2x +m=0.

Tim m dé phuong trinh ¢6 hai nghiém. Khi dé, tuy theo m hay chi ra diu cua hai
nghiém cla phuong trinh.

Bai 23: Cho phuong trinh: x> —4mx + 1 = 0.

Tim m dé phuong trinh ¢6 hai nghiém. Khi d6, tuy theo m hay chi ra d4u cua hai
nghiém ctia phuong trinh.

Bai 24: Cho phuong trinh: mx? — 6x + m = 0.

Tim m dé phuong trinh c6 hai nghiém. Khi dé, tuy theo m hay chi ra dau cua hai
nghiém cua phuong trinh.

Bai 25: Cho phuong trinh: mx* — 8x + 1 =0.

Tim m dé phuong trinh cé hai nghiém. Khi dé, tuy theo m hay chi ra d4u cta hai
nghiém cua phuong trinh.

Bai 26: Cho phuong trinh: x*=2(m +7)x + m* =4 =0.
Xic dinh m dé phuong trinh:
a.  C6 hai nghiém trdi ddu.
b. C6 hai nghiém cung dau.
Bai 27: Cho phuong trinh: (m — 1)x* + 2(m +. 2)x +m-1=
Xéc dinh m dé phuong trinh:
a. C6 hai nghiém am phan biét? dsachmienphi.com
b. Cé hai nghiém duong phan biet,
Bai 28: Cho phuong trinh: (m — 1)x 4 2mx +m + l =0.
Xdc dinh m dé phuong trinh:
a. Co6 hai nghiém am phén biét.
b. C6 hai nghiém déi nhau.
Bai 29: Gia sir phuong trinh: ax’+bx +c=0, véia =0
¢6 ding mét nghiém duong, goi nghiém d6 1a x,. Chimg minh ring:

a. Phuong trinh cx*+ bx + a = 0 ciing c6 diing mot nghiém duong, goi nghiém dé
la x,.

b. X+ X2 2.
Bai 30: Tim m dé phuong trinh: x*+ 2mx + 4 = 0 c¢6 hai nghiém x,, x,. Khi dé:

a. Tinh theo m gi tri c4c biéu thitc E = \[x—,+\/€ vaF= {/x_,+{‘fx_2

b. Tim m sao cho x| +x3; = 32.

2 2
¢. Tim m sao cho [—’i‘—) +(§—3—J = 47.
X, X
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Bai 31: Gia sir phuong trinh: ax?+ bx + ¢ = 0 c6 hai nghiém x,, x,. Chimg minh ring
hé thic: (k + 1)’ac — kb?= 0, véi k # 0 1a diéu kién cén va di dé phuong trinh c6 mot
nghiém béng k 14n nghiém cdn lai.

D. HUGNG DAN - PAP SO
Bai 3: 3m va 9m.
Baid: a. (9,11)va(11,9).
b. (=3, —18) va (=18, -3).

Bai 5:
a. Tir hé phuong trinh, suy ra x, y 1a nghiém cta phuong trinh:
9 tlz—l x:—l&y=2
t —-4t-—=0& 2 o 2 2
4 ) —
' 2 7 N2
& 4 ; . 9 9 1
Vay, hé phuong trinh c6 hai cédp ngh;_@mi (-5 ; E) va (-2- ] ) -

Vay, hé phuong trinh c6 hai cap nghiém (1, —%) va (-% 1)
Bai 6:
X+y=4 )
(x*+y))(x* +y’) =280 (2)
Bién déi phuong trinh (2) vé dang:
280 = [(x + y)* — 2xy][(x +y)’ — 3xy(x + y)] =(16 — 2xy)(64 — 12xy)

xy=3
xy=31/3"

ABG orors
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5 . x+y=4
= Vaixy =3, hé co dang: 3
Xy =

suy ra, thi x,y la nghiém phuong trinh:
x=1&y=3

t=l
-t+3=0& &>
t=3 x=3&y=I

B 31 ) x+y=4
= Vi xy= —, hé co dang:
3 xy=31/3

: 31 :
suy ra, thi x, y l1a nghiém phuong trinh: t® — 4t + e 0, v6 nghiém.

Viy, hé co hai cap nghiém (1, 3) va (3, 1).
x?-tx+t’ =1

b. bDitt=-y, ta duoc:
X+t+xt=3

X+t=S ) "
Pt P diéu kién S* 4P >0, ta duoc:
X

Y (8=-
§-3P =1 éi@" 5 {P~8 e 2
T 28+38-10=0sp = \ o, J TS
S+P=3 [S=2 S=\1 xt=]
downloadsachmienphi.conp =]

khi dé x, t la nghiém cua ppu’cmg trinh .
z -—22+1-0<:>z—1::‘>:x'-t-l<:>x-l&y-—l

Vay, hé phuong trinh c6 nghiém duy nhat (1, —1).
Bai 7:
a. Diéukiénx, y>0. (1)
S=x +
bat: \/;,diéu kien S,P>0va S*-4P>0.
P

Khi d6, hé phwong trinh ¢6 dang:

\ﬂ&+\/§)2—2\/§]2 —2xy +4[2xy =82

Jx + y=4
2 _ 2 _ 2 —
@{J(S 2P)" - 2P +2P 8‘5::»\/!'2—32P+128=8—Pap=4
S=4

Q{S . {j-_\{: 4C>\/;=\[;=2<:>x=y=4.

Vay, hv\gmém x=y=4.
143
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o -xsy<xsuyrax 0.
x-y20 y<Xx

Viét lai hé phuong trinh du6i dang:
JX+y+{x-y=4 a{\/"ﬂ’*\ﬁ"y:“

(x+y)? +(x-y)* =256

+y20 2 -
b. Diéu kién: {x y @{y .

%(x+y)2 +%(x—y)2 =128

us= ,/x -
Dat: y,véi u,v20.
v=,X-Yy
Ta duoc :
u+v=4
u+v=4 u+v=4
<> & <fuv=0
{u‘ +v* =256 {uv(uv -32)=0
uv=32
u+v=4 u+v=4
=3 )] hoic (- (1)
uv =32 v, =0

*  Giai (T): ta thdy u, v 1a nghiém ciia phuang trinh: t* — 4t + 32 = 0, vé6 nghiém.
= Giai (II):

<
=4 = | Xx=y=0._ -y =
Mo u=s4&v; 0@ \ y ing x=y=8
n=0&v=4 '/'x+y'=0» x=8&y=-

o=y =4

Vay, hé phuong trinh cé hai cip nghiém (8, 8) va (8, -8).

c. Diéukiénx,y>0.
(X +¥)+(~\/xy) =
(x +y).(~xy) =-78
suy ra x +yvh—\/x_y‘ 1a nghiém ciia phuong trinh:
t, =13 {:x+y—13 [x+y-13

~Jxy=—6 | xy=36

Viét lai hé dusi dang: {

—7!—78=0¢:>[

suy ra x, y 1a nghiém cia phuong trinh:
X,=4&y, =
=9&y,= 4

Blﬁwng trinh ¢6 hai cap nghiém (4, 9), (9, 4).
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X+y=8

, diéu kién S’ = 4P > 0.
Xy=P

Bai 8: Dat: {

: ; : (x+y)+xy=m+2 S+P=m+2
Viét 1ai hé dudi dang:
(x+y)xy=m+|

&5
SP=m+l
khi dé 3, P la nghiém cua phuong trinh:

=1
12—(m+2)t+m+]=0¢:>[

t=m+]
Xx+y=1 . _ . §
<> X, y la nghiém cua f(u)=u"-u+m+1=0. (N
|Xy =m+1
="
X+y=m+] R _ . g
| < X, y la nghiém cua g(u)=u"—(m+1)u+1=0. (2)

Xy =

a. V6 m=-3,taduoc:

,, =17 @E-1&y=2
NDeu-u1-250 = )
A u=2 |- :ﬁ=2 &}’3—1
(2)<:>u +7u+l-—q =] &Sx=y=-1

down uafimrhmife;ephi cr}m

Viy, véi m = 3 hé phuong trinh c6 3 cap nghlém (-1, 2), (2,/+1) va (-1, -1).
b. Hecé mot nghiém duy rhat" 0adSach Hay[DocSach Online

(1) vo nghiém & (2) c6 nghiém kép
< | (2) vo nghiém & (1) c6 nghiém kép
_(1) & (2) c6 nghiém kép u,
A, <0 [ (-4m-3<0
3 m=]
A, <0 m’+2m-3<0
& & & 3
A, =0 -4m-3=0 m=—2
A=A, =0 m?+2m-3=-4m-3=0
| m+l | (m=0
3 3
Vay, v6i m = | hoac m = —— hé da cho c6 nghiém duy nhat
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Bai 12:
a. NhanxétringA’=(2y3) 4. V2 =12-4V2 >0
do d6, phuong trinh cé hai nghiém phén biét x, va x,.

b. Hai nghiém x, va x, ciia phuong trinh thoa mén: {

TacsA= Lyl Xitx N6 _ 5
xl xz xlxz 2\/_
Bai 13: Lam rtugng tie bai tdp 1.
Bai 14: D€ phuong trinh c6 hai nghiém x, va x,, diéu kién la:

A20m+1)Y-2m-220m’21 < Iml > 1.

. : _ , o 1X +x, =3 +1)
Khi dé, hai nghiém x, va x, thoa man:< |,
| (R, =2m +2
a. Taco: (—le ) * (—-2){2) = '_2(x| +x1) = ’4(m +1)
(-2x,).(=2x,) = 4x xz = 8(m + l)

suy ra —2x, va —2x, la nghlem clia phuong tnnh €+ 4{m + Dt+8m+1)=

(3x,) + (3x,) =9(xy +x, )= 1 8(mid)

b. Tacé:
{(3)(, )-(3x,) =9x, x5 =18(mr+1)

suy ra —2x, va —2x, 1a nghiém ctia phuong trinh: t* — 18(m 4 1)t + 18(m + 1) = 0.

{(—xf)+ (=x3) =~(x} + x3) =—{(x, +x,)* = 2x,x,] = —4m’
c. Tacé:
(=x])(—x2)=x1.x3 =(x,x,)" =4(m +1)’

suy ra —X; va—X; la nghiém cta phuong trinh: t*+ 4m’t + 4(m+1)*=

2
d. Ta;c<5:<:.cl X2 XiXa
L 11
X

%X, T 2m+2

L
.K

1 .
suy ra — va L 12 nghiém cta phuong trinh: € —t +
X, X, 2m+2

{(x, +X,)+(=X,X,)=0
e. Tacé:
(X, +X,).(~X,X,) =—4(m +1)?

suy 65 —X,.X, 12 nghiém cua: t* — 4(m+1)* = 0.
A CDTDHDPS9-T2
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Bai 17: Trudc tién, dé phuong trinh c6 hai nghiém x, va x,, diéu kién la:
a#0 m # 0 m 23
& &5 :
A'=20 m’-3m=>0 m<0
X, +X,=2

Khi d6, phuong trinh c6 hai nghiém x, va x, thoa man: 3
X, X, =—
Bl m
Va tir hé trén, ta c6 ngay hé thic x,+ x,= 2, chinh la hé thic can tim.
Bai 18: Trudc tién, dé phuong trinh ¢6 hai nghiém x, va x,, diéu kién 1a:
] 2 2 m 2 0
A20(m+1)+m-1&Sm +3m20& ;
m<-3
Khi dé, phuong trinh c6 hai nghiém x, va x, thod man:
{xt +X, =2(m+1) {x, +X,=2m+2 -+
— |

= X+ X+ 2x,X;, = 4,
XX, =1l-m

22X, =2-2m

chinh la hé thic can tim. v

Bai 19: HR =4

a. Tacé A' = cos’a —sina + 1 = cos’a +(1—— sina) > 0, Vo
Viy, v6i moi a phuong trinh luén cé hai nghiém x, va x,.

T downloadsachmienphi.com

X, +X, =2coso COS( = ——— sin" @+cos” a=l xl +x2 5
o 2 =1 —2—' +(x.x2+1) = ]

X,.X, =sina—1 g
sina =x,.X, +1

dé chinh 1a hé thirc c4n tim.
Bai 22: D€ phuong trinh c6 hai nghiém, diéu kién 13: A’ >0 1-m20&m< .
— ) ) : X, +x,=-2<0
Khi d4, hai nghiém x, va x,, thoa man:
X, X, =m
Dé€ chi ra diu ciia hai nghiém ctia phuong trinh, ta xét:
* Néu0<m< 1, phuong trinh c6 hai nghiém am.
* Néum =0, phuong trinh ¢6 hai x, =0 va x, = -2.
* Néum <0, phuong trinh c6 hai nghiém trdi ddu va nghiém duong cé gid tri nho
hon gi4 tri tuyét d6i cia nghiém am.

Bai 23: Dé phuong trinh c6 hai nghiém, diéu kién1a A’ >0 <> 4m’— 120 < Iml > % :

o ) . . |x+x,=4m
Khi d¢, hai nghiém x, va x,, thoa man .
ﬁ X, X, =1>0
S9-T2 147
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Dé chi ra ddu cia hai nghiém cua phuong trinh, ta xét:

* Néum2 -;— , phuong trinh c6 hai nghiém duong.

* Néum< —% , phuong trinh cé hai &m.

Bai 24: Dé phuong trinh c6 hai nghiém, diéu kién la:
a#0 m=#0 m#0
= & ;
A'20 9-m*20 -3<m<3
. . ' . . ’ - xI + x2 =
Khi dé, hai nghiém x, va x,, thoa man: m.
X, X, =1
Dé chi ra d4u clia hai nghiém ctia phuong trinh, ta xét:
= Néu 0 <m < 3, phuong trinh ¢é hai nghiém duong.
* Néu -3 <m <0, phuong trinh cé hai nghiém am.
Bai 25: Dé phuong trinh ¢6 hai nghi¢ﬁ1§, digu kién 1a:

a0 m=#=0 H I
- & 0Em<l6.
A'=20 16—-m=20

Khi dé, hai nghiém x, [vaxj) thoacman: | o

Dé€ chi ra ddu clia hai nghiém ctia phuong trinh, ta xét:
* Neéu 0 <m < 16, phuong trinh c6 hai nghiém duong.
* Néu m < 0, phuong trinh c6 hai nghiém trdi ddu va nghiém duong c6 gia tri nho
hon gié tri tuyét d6i cia nghiém am.
Bai 26:
a. DéE phuong trinh c6 hai nghiém tri dau, diéu kién 1a:
P<0om-4<0om’<do Iml<2.
Vay, véi Iml < 2 phuong trinh c6 hai nghiém trdi dau.
b. DéE phuong trinh c6 hai nghiém cing déu, diéu kién la:

{A'E:O {(m+7)’—(m2-4)20 {14m+5320 - r—
o o 14 .

<~
P>0 m’-4>0

2
m- >4 —

Vay, véi -2 <m < — 2 hodc m > 2 phuong trinh cé hai nghiém cung dau.

c
ﬂ B CDTDHDSY-T:
J
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Bai 27:
a. Dé phuong trinh ¢6 hai nghiém 4m phén biét, diéu kién la

m-=1#0
az0 -
<A'>0 - {(m+2) —(m=-1)(m-1)>0 S
m 2
P>0 1>0
S<0 -M(O
m—1

Vay, vdi m > | phuong trinh ¢6 hai nghiém 4m phan biét.
b. Dé phuong trinh ¢6 hai nghiém duong phan biét, diéu kién la

. (m—=1#0
az0 .
A5 (m+2)Y —=(m-D)(m-=1)>0 1
) S 4 S-—<m< .
P>0 1>0 2
S>0 _M>O
) m-—1

Vay, véi —-‘]2— <m < 1 phuong trinh c§hai nighiém duong phén biét.

Bai 28:
a. Dé phuong trinh cé hai nghiém am pl'téjrjnﬂ, diéu kién la

m-—1 :0_ | _
a#( m? =m0 dd§3dg hmienpni.com
A'>0
< e {MH _ Bownload Sach HagsH &t &nlin
P>0 m =1
S<0
: - <0
. m-—1

Vay, vo1 0 < m < |1 phuong trinh c6 hai nghiém 4m phén biét.
b. Dé phuong trinh ¢ hai nghiém d6i nhau, diéu kién la
m+1

<0
P<0 .
< oM ! &m=0
S=0 2m
—s2 )
m -1
Vay, véi m = 0 phuong trinh c6 hai nghiém déi nhau.

Bai 29:
i. Theo gia thiét ta duoc:
ac < 0 < phuong trinh cx*+ bx + a = 0 ciing c¢6 ding mot nghiém duong.
Do x, la nghiém clia phuong trinh ax?+ bx + ¢ = 0 suy ra:

axf +bx,+c=0 G- a+b(—l-—)+c(L1)=0.
xI xI

Tic 1a, 1a nghiém duong cia phuong trinh cx’+bx +a=0, nén X;= L

xl
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b. Tacd ngay: x,+ x,=x,+ R 22, dpcm.
1
Bai 30: D€ phuong trinh c6 nghiém x, va x,, diéukién A A>0 &> m* - 420 & Iml > 2.
; ; . . . X +%x,=-2m
Khi dé, hai nghiém x, va x, thoa man:
X, X, =4

a. D€ céc biéu thiic E va F c6 nghia thi phuong trinh phai c6 hai nghiém khéng am,
tifc iing véi m < 2.
Khi dé:

E‘=(Jx_,+ \/z)’=x,+x2+2,/xlxz =-2m+2J4 =4-2moE=v/4-2m .
P=(4x, + %, =%, +x, +24xx, =4-2m+244 ©F=J4-2m+v2 .
b. Tacé: x} + x? =(x,+x,)* — 2x,x,=4m’ - 8.
X, +x; =(x} +x3)-2x7 x2 =(4m* - 8)*-32.
Do d6: x* +x =32 & (4m?> = 8) — 32 = 32 & (4m’ - 8)* = 64

4m?’-8=8 4m* =16 H{m=+2
4m’ -8=-8 4m* =0 == [| m=0(loai)

Vay, véi m = + 2 thod man diéu kién d4u bai.

2 2
c. Tacé: (%) +(_x_2\ ST 2 (4m = 8) 732,

\X:/ \&%/ | | 16

.\ ri\y2 ownload Sa 2_ o -. X

'\XZJ \xl) 16
4 ¥ =28 2=36

& @m? -8 =784¢5 | . o | & m=13

4m2 —-8=-28 4 =-20 lQal

Viy, vé6i m = £ 3 thoa man diéu kién d4u bai.

+X,=-b/
Bai 31. Theo gia thiét ta dugc: {x, s =

I
X,.X, =c/a
Xét
P = (x, — kxp)(X; — kx;) = x;X, —k(x} + xJ) +k*x,x,
= x|x; k[(xl + x;)z — lex:] + kZX|x2
2 2
_——k[%——z] kz_ (k+l)azc kb _
a a a a
X, —kx, =0 x, =kx,
SP=06 (x, —kx)(x; - kx))=0& ¢:> , dpcm.
X, ~kx, = X, =kx,

#BC —
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CHUBES  bLUONG TRINH QUY VE PHUONG TRINH

BAC HAI

A. TOM TAT Li THUYET

 Bien adi phttdng trlnh vé dang"

Hm

Pl %g ng .

Yidw Iz Giai cdc phuong trinh sau:
a. (Bai36.a/tr 56 — Sgk): 3x* - 5x + 1)(x* — 4) =

b. (Bai 39.a/tr 57 — Sgk): (3x>=Tx—10)[2x*+ (1 — V5 )x + /5 —3] =

&5 Gici s
2 | @ —sx+120 (1
a. Tacoé: (3x"=5x + ])(x2—4)=0gr X+ (1
K -4z0 @)
downloadsachmierip i_m.nk[_
*  Giai (1), ta dugc: It 5% ) %Qﬁ?w {Jn'me‘f6
_2-13
6

= Gidi (2), taduoc: x*—4=0&x =+2.
Vay. phuong trinh c6 4 nghiém.
b. Tac6:

3x2 - Tx — 10)[2x* + (1 = /5 )x + J_ -3]1=0

10

x==lvx=—

_ [3-7x-10=0 - 3
x4+ (1=VSx+y5-3=0 | J5-1+130-10V5

1 4

Vay phuong trinh c6 4 nghiém.
Vidw 2 Gidi cdc phuong trinh sau:
a. (Bai 36.b/tr 56 — Sgk): (2x*+ x —4)> - (2x = 1) =0.
6(Béi 39.d/tr 57 — Sgk): (x* + 2x — 5)* = (x* — x + 5)%
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&S Gidi
a. Taco: (2x*+x-4)"-(2x-1)*=0
S[RxE+x-4)-2x-DIRx*+x-4)+2x-1)] =
& 2x2-x-3)2x*+3x-5)=0
I 5
X==lvx=——
2

[2:(’ .
L] ~

2 -
2x“ +3x-5=0 x=1vx=§-

Vay, phuong trinh c6 4 nghig-m.
b. Tacé: (x’+2x—5)‘=(x2—x+5)’<:>(x2+2x—5_)’—(x2—x+5)2=

10
2 3x-10=0 ==
SBx-10)2x*+x)=0& : —
2x° +x =0 _ 1
x=0v x=——

Vay; phucog trish o6 Jghigm. (7

2

Vidwas (BAi39.c/tr 57— Sgk): Gidi phitong -
&S Gidi
Bién déi phuong trinh vé dang:
(x* - 1)(0,6x + 1)-‘x(06x+ 1)¢::>(06x+ Hxi-x-1)=0
0'6x+1=0 vALdad Sacn Hay |oc Sach Unline
[xz—x—l=0 x=—l+j§vx=_——;‘/_

hutm trmh c6 3 n : hlem

Wi ) 5
Vide Is (Bi 37.d/tr 56 — Sgk): Gidi cdc phuong trinh sau: 2x* + 1 = ;I? ~4
& Gidi
Patx?=t20, taduoc: 2t +'1 = % -420+5t-1=0
_5.JE i

4
o X =———
i L ' W ot LEE)

" 4 2

v g trinh c6 hai nghiém. _
A CDTDHDSY-T2
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Yidp2;: (Bai59/tr 63 — Sgk): Giai cdac phuong trinh sau:
a. 2(x*=2x)’+3(x*-2x)+1=0.

1Y’ 1
b. |x+—| -4|x+—]=3=0.
X X

&S Gdi
9 2 t=_l
a. Dz‘zx‘—2x=t.Taduqc:2r+3t+l=0¢:>{ :
t=-1/2
Talan luot:
*» Voit=-1=2>x"-2x+1=0x=1.
- V6it=-—%—:>2x2—4x+1=0¢$x=2i2ﬁ..
Véy, phuong trinh c6 ba nghiém.
=]

X =g

Talan luot:

b. Dit [x+l) =t. Ta duoc: t2—4t+3=0<:>[

= 1 & x*Ex+1 = 0 (v6 nghiém).

3+.5
s

» Voit=1=>x+

><l-—- > | -

Viy, phuong trinh c6 hai'nghiém. " AL
Vidp 3 (Bai 40/tr 57 — Sgk)-Gidicde phmg trinh sau:
a3 +x)=2x*+x)-1=0. b.(x*-4x+2) +x*-4x-4=0.

c. x - Jx =57 ... —ip. 2L =5
x+1 X
&S Gidi
a. Patx’*+x=t tadugc: 32 -2t-1=0
_ 2 i _-—l+\/§
t=1 x“+x=1 x2+x—l=0 X = 5
T 1<, S|, — :
=-3  |¥+x=-3  [3x’+3x+1=0(vn) ~J~f8
X =
; 2

Vay, phuong trinh c6 hai nghiém.
b. Patx* —4x+2 =t tadugc:  +t-6=0

[t=2 x?—4x+2=2 x2—4x=0 [x=0
=N = = & .
x!—4x+2=-3 x’—4x+5=0 (vn)

rgng trinh c6 hai nghiém.

"'-'hl._ Ty '&")
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c. Dat Jx =120, ta dugc:

= —1 (loai
tz—6t—7=0@[t VHOR) o I i e 3580,

t=7
Vay, phuong trinh c6 mét nghiém.
d. Diéukiénx#0;x#-1

Bt~ w0t dager b 10/ w3 oo 3 10=0

x+1 t
X =5
= B = +1
L~ e =4 x+1 <> B ¢.::v.i(=—E hodc x = —— .
t=-2 X _, X ==2(x+1) 4 3
| x+1

dy, phuong trinh c6 hai nghiém.

JAL PHUI

W 5
R

Vidw ks (Bai 57.c, 57.d/tn 63+ Sgk): Gidi cdc phuiomg trinh sau:
x | 10-2x x+0,5  7x+2

a. X =2 1} xzDg.z)*oédSathHaleo:tSa'ci‘;Osgwe'_I Tl 9X2 -1 :
&S Gidi
a. Diéukién: x 20, x # 2.
Ta cé:
L X= —i-\/ﬁ
X o i =10-Zxex+2x-10=0e .
x-2 x"-2x x=-+11

Vay, phuong trinh cé hai nghiém.
b. Diéukién: x # :I:% ;

Tace: 2303 _TX42 .\ (4 05)Bx—1)=Tx +2
3x+1 9x° -1
i 1
X=——
& 3% =65x-25=0c 6x = 13x -5 =0 53.
X ==
L 3

V g trinh cé hai nghiém.

A CDTIHDSY-T2
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Vi dy 22 (Bai 35.b, 35.c/tr 56 — Sgk): Giai cac phuong trinh sau:

X +2 6 4 —x*—x+2
a. +3= ——. b. = ;
X-5 2- x+1  (x+D(x+2)
&5 Gilii
a. Tap xdc dinh: x #5, x # 2. Ta c6:
C+ 2
L 3= SX+2)2-x)+3(x =52 -x)=6(x-3)
x=-5 2—-Xx
x=4
S4xi-15x-4=0& 1.
X=——
4

Vav phuong trinh c6 hai nghiém.
b. Tap x4c dinh: x # —1, x # —2. Bién déi phuong trinh vé dang:
) 5 X = -2 (loai)
4x+2)=—X"—-X+2X +x+6=0 3
Vayv phuong trinh c6 mét nghlém

@ Chii y: Trong mot vai trudng hqip, viéc quy déng mau s6 khéng phai la giai
phap t6i uu, dic biét khi quy ddng chiing ta nhan dugc moét phuong
trinh bac cag hgn, 2,/ trong, nham; trm;mg hop nhu vay ching ta
thudng nghf tdi nhitng phuong phap glam bac cho phuong trinh va
mot trong s/ dé Ja phutong phéap dit an- phu Vi du sau s€ minh hoa

nhéan dinh nay. :
. x:+2 x?+2 5
Vidw 32 Giai phuong trinh: - =—.
prieons x?-2x+2 x*M+2 2
£ Giii
Lo |xP=2x+2#0 x # —1
Diéu kién: & . ™)
x> +3x+2#0 X #—2
Nhin xét ring x = 0 khong phai 1a nghiém cia phuong trinh. Chia ca tir va
T
miu cta VT clia phwong trinh cho x # 0, ta dwoc: _ _ E_ ==,
2 2 2
X=2+— Xx+3+—
X X
Dat=x+ : , khi d6 phuong trinh duoc chuyén vé dang:
X
t t 5 t(t+3)-t(t=2) 5
e — = — = —
_?2" t+3 2 (t=2)(t+3) 2
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o ot e S2A=(t-2)(t+3) > -t-6=0
(t=2)(t+3) 2
— +2—3
t=3 b x?=3x+2=0 x =1
<~ t__2¢:> 5 ~ 3 'C:> _2.
- c+2=_2 X" +2x+2=0 loai X =
X

Vay, phuong trinh cé hai nghifmx =1 vax=2.

> Nhén xét:

1. Nhu v4y, véi bai toan trén néu chiing ta lua chon huéng quy déng miu
s6 thi s&¢ nhan dugc mot phuong trinh bac 4 va viéc gidi phuong trinh
nay phu thudc rdt nhiéu vao ky ning doan nghiém cung phép chia da
thitc d€ chuyén phuong trinh vé dgng tich. Tuy nhién, mo6t cdu hodi
thudng dugc cac em hoc sinh d3t ra d day 1a " Tar sao lai c6 thé’ngbr ra
dugc cdch c}ua cho x réi d4t 4n phu nhuw vAy ?", cAu trd 18i cé thé dugc
khang d;nh d dang phu’crng trinht6ng quat:

ax? +mx +c ax? +px+v¢;
+ =0.

ax’ +nx+c  ax’ +gx+c
Ta c6 thé Iua chon phep ch:a ca tit va mﬁu cho x ( ho¥c x*) réi dat 4n

phut—ax+—(hoﬁct a+ )

Y tudng trén dugc mo r@ng, cho phudng trinh dang:
mx |

P+ bx+ B\ 2 +ex+d

2. Viéc lua chon 4n phuy, trong hdu hét cac trudng hgp lubn cln tdi nhimg

bién d8i dai s6 d€ lam xuAt hién dang cia &n phu va d€ thuc hién t6t

cOng viéc nay cac em hoc sinh ludn phai that linh hoat va sang tao. Vi
du sau s& minh hoa nhén dinh nay.

4x?
Gidi phuong trinh: x* +
Yidup4: Giaip g trin ot
&S Gidi

Diéukién: x +2#0 & x #-2. (*)
Viét lai phuong trinh duéi dang: :

2 2
x2+( = ) =5& | x- ek =5-2x. s
X+2 X+2 X +2

Aﬂ —
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4

Diatt= , khi dé phuong trinh duoc chuyén vé dang:

X +2
t+4t-5=0¢ t=1hoact=-5.

2

x=-1

* Véit=1, taduoc: G
p —

=1<::>x2=x+2<::>x2—x—2=0¢:>[
X +2

s Véit=-S5,tadugc— ~ =-S5 x’=-5x- 10 x*+5x+10=0,vn.
X+ Z

Vay, phucmg trinh ¢6 hai nghiém x =—-1 vax =2.

GIAI PHUONG TRINH BAC BA
Phwmgphap Wi '
Bégmphudngu-lnhax+bx +ex+d= 0 i o)
tathtrchlen cac butge:: T e &L
Buéc 1: DPoan nghiém x, cua (1)
dec 2; Phan tich (1) thanh
=X, _
b, i3 s
R-xg+ Hcf) \3&} [g(x) = Ak 4B K0, =0 (2)
Budc 3 Gla: (2) rdl két luﬁn {téngluém cho phudng trinh.

o Chﬁj lowiloadsachmian E:cum
I Du doannghlém ua v ocacgi((éq A sau:

& Né'ua+b+c~5d\ g;h!gl);Qnghlgmxtne i
b Néua-b+c-d=0thi(l)conghiemx==1. =

_. (8 N@u a, b c, d nguyen va (1) co nghlém hitu ty thi P q theo tha

mléuaccuadvaa

g N&'uaci*bd’(a,daeﬂ)t}ﬂ(l)céngh;emx.__g 4

2. V6i che phtrdhg trinh ¢6 chita tham s8 c6 thg coi tham s6 Ia in aé thuc
hién viéc phan tich da thite. : . ]

Yidw Iz Gidi cdc phiong trinh sau:
a. 2xX°+x*=5x+2=0. b. 2x’+x+3=0.
&5 Gici
a. Nhén xétrang: a + b + ¢ + d = 0 do d6 phuong trinh cé nghiém x = 1.
Biér déi phuong trinh vé dang:

[x =1
x-1=0
x=D2x2+3x—2) =0 FPY .
_ 2x2+3x-2=0 7
_x=-2
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Vay, phuong trinh c6é ba nghiém phanbiétx =1, x= -2, x = % :
b. Nhan xét ring: a — b + ¢ — d = 0 do d6 phuong trinh c6 nghiém x = —1.
Bién déi phuong trinh vé dang:

1=0
x+1)2x2-2x+3)=0e | Sx=-1.
2x"=-2x+3=0

Vay, phuong trinh c6 nghiém duy nhét x =-1.
Yidy 2: (Bai 57/tr 63 — Sgk): Gidi cdc phuong trinh sau:

a. 1,2x*-x2-0,2x =0. b. 5x*-x*-5x +1=0.
&S Gidi
a. Tacé:
1,2x> - x*-0.2x =0 < x(1,2x2-x-0,2) =0
— x=0
&> b
12x?-x-02=0 x=1vx=—g

Vay, phuong trinh c6 ba ngluém
b. Tacé: I
5x—x2=-5x+1=05-5x -+ 1 =0 5x(x*- 1) - (x*-1)=0
Kéach=m0npiixsdl
& 3
5x-1=0 x=1/5
Vay, phuong trinh c6 ba nghlém |
Yidwp 8: Gidi cdc phuong trinh sau:
a. 3x’-8x*=-2x+4=0. b. X+ x2-x42 =242 =0.

SX-DBx-1DN=0 [

£ Gidi
a. Nhan xét ring: a = 3 c6 uéc 1a £1, £3 va d = 2 c6é uéc 1A %1, +2 do dé
phuong trinh néu cé nghiém hitu ty thi chi cé thé 1a mot trong cac gid tri +1,
12,42, 42,

3 3

Nhan thay x = % langhiém ciia phuong trinh.

Bién déi phuong trinh vé dang:

3x-2=0 X = e
= 3

(3x—2)(x2—2x—2)=0@[ A :
x‘-2x-2=0 x=li~[5

Vay, p Zﬁgmnhcébanghlemphanbletx—g x=1-43,x=1+43.

A B CDTDHDS9-T2
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b. Nhan xét ring: ac’ = 1.(-v/2)' = —=242 = bd’ do dé phuong trinh c6
nghiém x = -% =2.

Bién déi phuong trinh vé dang:
~2=0
(x—ﬁ)[x2+(~/5+l)x+2]=0<::> X J_ ¢:>x=\/§.
XX+ W2+Dx+2=0

Vay, phuong trinh ¢6 nghiém duy nhét x = V2.
@ Chi y: Khi da thanh thao céc phuong phap nham nghiém cac ban hoc sinh
khong can néu nhan xét trong 19i giai cho méi phuong trinh.
Vi dw 43 (Bai 39.b/tr 57 — Sgk): Gidi cdc phuong trinh sau: x* + 3x> = 2x — 6 = 0.
&5 Gidi
Ta co:
3 2 ) |:X +3=0 ‘:X
X +3x'-2x-6=0(x+3)(x’-2)=0& | , =
x°-2=0
Vay, phuong trinh ¢6 3 nghiém. -| r}f
Yidw 52 Cho phuwong trinh: x* — @m+1)x> +3(m +4)x —-m-12=0. (1)
a. Giai phuong trinh véi m = —12.
b. Xic dinh ™ & plikons tvink ¢6'3 Aghiém phdn biét.
Bi€n déi phuong trinh vé dang; |
x=D*-2mx+m+12)=0

x=-1=0
et . (D
[g(x)=x2—2mx+m+l2=0 (2)

X1
Ll
a. Véim =-12, hé (I) c6 dang: | | o |x=0
X* +24x = 0 2
X =-

Vay, phuong trinh c6 ba nghiém phan biétx =1,x =0, x = - 24.
b. Phuong trinh c6 3 nghiém phan biét khi:
Phuong trinh (2) ¢6 2 nghiém phén biét khac 1

A.>0 m’-m-12>0 m< -3

= — — .
g)=0 13-m=#0 4<m=#13

Vay, véi m < -3 hodc 4 <m # 13 phuong trinh c6 ba nghiém phén biét.

@ Chi y: Néu phuong trinh c6 chita tham s6 m, ta c6 thé coi m la &n, con x
tham s8. Sau d6 tim lai x theo m.
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Yidy 6 Xic dinh m dé phuong trinh:
m’x® = 3mx*+ (m?>+2)x—-m =0, véim = 0. (1)
¢6 ba nghiém phdn biét.
£ Gidi
Viét lai phuong trinh vé dang: (x> + x)m* = (3x*+ )m + 2x =0
Coi m 12 4n, con x 14 tham s6, ta duge phuong trinh bac 2 theo m.
Giai ra ta dugc: m - hodcm = 12x ;
X x“+1
Do dé phuong trinh dugc chuyén vé dang:
mx—-1=0
f(x)=mx’ -2x+m=0

(mx—l)(mx2—2x+m)=0©[

Phuong trinh cé ba nghiém phan biét

& Phuong trinh f(x) = 0 c6 hai nghiém phan biét khdc —
m

az0 m=#0 ~ 3
& <{A'>0 =3 l—m*i@ TN
. Imikl
f(-1/m)=#0 m-1/
Vay, véi me( - 1, 1)\{0} phuong trinh c6 ba nghiém phén biét.

@ . .4 downloadsachmienphi.com ¢ e
Chia y: Néu cac phuong phap nham nghiém khéng c6 tac dung ta c6 thé

thit van dung kién thitcivé phanstichyda thirc.
Vidu 7 Gidi phuong trink—x—=3x33—+Tx—3 =0.
&S Gidi
Bién déi phuong trinh vé dang:
()X =x23 =2x3 3 +6x+x=4+3 =0
& x}(x-V3)-2xB(x-V3)+x-3)=0

A= 2x43 4 1) =0es | *V3 =0 [“ﬁ -
<(x )(x X +1) Lz_2x~\.f§-fr]=()¢> x =342

Vay, phurong trinh c6 ba nghiém phan bietx = 3, x = V3 + /2.

T B 65 L T R T B 0 SV R A VN 0N 0 (o B T S 1 1 (PP 5 P ;
1P :s ii A S S A G o : ,_‘ Eﬂ;?‘; ;'f"‘:{‘ﬁ;i'ﬁ_ ‘_ﬁ,?&!\f 3
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Bute3: Gidi (2) 4¢ im nghiém t‘, tit dé suy ra 2 nghiém x cho phuong

trinh.
'«"'_ Chliy Ne'u phuo‘ngl:rinh (2)c6ngh1¢mt¢.20thi phu’dng trinh (1) c6
% nghitmx =1 S
]CLIIL.I] (Bal 56/tr 63 - Sgk) G!a: cdc phzfo’ng tr mh sau:
a. 3x*-12x2+9=0. b. 2x*+3x*-2=0.
c. x*+5x*+1=0.
&S Gidi
2
T 2 t=1 > il —1 | x =+]
a. Patx’=t20.Tadugc: 3t° - 12t +9=0¢& | 5 L5
t=3 x"=3 X =S

Vdy, phuong trinh da cho c6 4 nghiém.
b. Patx’=t20. Ta duoc:

t=L12
22+3t-2=0& _ =>x2=l =>x=i-J—5
t=-2 (loap)— 2 2
Vay, ohuong trinh da cho c6 2 nghiém! |
=ﬂ<o (loai)
c. PatxX=120.Taduoc;’+5t+1=0&1 . 2
t=-——2——<0 (loai)

- =1

Vay, ohuong trinh vo ngﬁiem: |
@ Chi y: Ta ciing c6 th€ dua ra nhan xét d€ két ludn phuong trinh vo

nghiém nhu sau:
D& thay: x* + 5x*20 = x* + 5x* + 1 >0.
Viay, phuong trinh v6 nghiém.
Yidp 2: Cho phuong trinh: mx*—=2(m - 1Dx*+m-1=0. (1)
Tim m dé phutong trinh:
a. CO6 nghiém duy nhat. b. C6 hai nghiém phan biét.
c. C6 ba nghiém phan biét.  d. Cé bén nghiém phan biét.
£ Gidi
pit t = x* v6i diéu kién t 2 0. Khi d6, phuong trinh duoc blén déi vé dang:
f)=mt? =2(m—-Dt+m-1=0. (2)

Ta xé hai truong hop :
Truong hop 1: Véim =0, ta duogc :

Oeo2t-1=0o1t =%¢:’ x2=%<:> x=:ti.

7z

V 1n =0 phuong trinh c6 hai nghiém phan biét.
S9-T2 ' 161
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Truomg hop 2: Véim #0.
a. Phuong trinh (1) ¢6 nghiém duy nhat

2m-1)
S<0 =y
<> (2) conghitm t,<0=t,& = om=1.
P=0  |m-1_,
m

Vay, v6i m = 1 phuong trinh c6 nghiém duy nhat.
b. Phuong trinh (1) cé hai nghiém phan biét
& (2)cénghiemt, <0<, &P<0e&mm-1)<00<m< 1.
Vay, v6i 0 £ m < 1 phuong trinh c6 2 nghiém phan biét .
c. Phuong trinh (1) c6 ba nghiém phéan biét

A'> 0 l—ml>0
& (2)cénghiem0=t, <, <> {P=0& {— =0  vo nghiém.
m
S>0
: 2(m—1)>0

b |
| .
Vay, khéng t6n tai m dé phuong trinh ¢6 3 nghiém phan biét .
d. Phuong trinh (1) ¢6 bén nghiém p 1€t

downloadsachmienphifcom

A'> 0 l-m>0
& (2) c6 nghidm OV ¥pidhiaglogad opme L Jiy oy 1 <0,
m
[S >0 /
2(m~=1) 50
m

Vay, v61 m < 0 phuong trinh ¢6 4 nghiém phan biét .
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Khi do, phuong trinh (2) c6 dang e gt

R e T (2) &att+bt+c—-2a=0. W (3)
Dang 2: (Hmbhg trinh phan hoi quy) D€ glé1 phuUng trlnh
- ax*+ b’ +ex’~bx+a=0. (1)
Ta thuc hién theo cac budc: il R

Bugc1: Nhan xét r&ng x = 0 khong phgu la ngluém cﬁa phuong
' tr]nh Chia ca hai v& ctia phu'dng trinh cho xf#ﬂ, ta, dutt;!c. .

a(x + —-) +b(x - —) +c= 0 o (2)

A
A
A
-

B:téfcz-'BAtt—x—-l- suy rax +—-12+2 0%
L _x x ‘11‘

&S Gidi
Nhan xét rang x = 0 khong phdi 12 nghiém ctia phuong trinh. Chia ca hai vé
ctia phuong trinh cho x*# 0, ta dwoc:
1 1 1

; 1 | l
X==X=-1-—+—=0 xX*+—=)-=(x+-)-1=0.
2 2x  x° ( xz) 2( x)

Pat t= x + —, diéu kién [t| 22, suy ra x* + — == 2.
X X
1 Gt 1
Khi @ phuong trinh cé dang: ' — —t-3=0 & 3 & x+—=2
2 t=-§(loa_u) X

axt-+l1=08x=1.
Vay, ohuong trinh cé nghiém x = 1.

ii phuong trinh: x*+3x’ - —:?x -3x+1=0.
ﬂg)-ﬁ 163
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&S Gidi
Nhan xét rang x = 0 khong phai 1 nghiém ctia phuong trinh. Chia ca hai vé
ctia phuong trinh cho x*# 0, ta dugc:
35 3 1 1 1 35

X+3x- = -+ 5 =0 E+—=)+3x-—)-— =0.
4 x x? x* X 4

Ditt = x—l,suyrax2+% =t2+2.
X X
Khi d6 phuong tr‘mh c6 dang:

t+2+3t- T =042 +12t-27=0

3 1 3 1
== i il =2& e
“=7 |1*7777  [2x*-3x-2=0 o

= =4 L= L= :
L2 [x-L1o_92 [2x*+9x-2=0 | —9:tJ_

27 2 | _x—32 | ST

Vay, phuong trinh c6 bén nghiém phan biét:
xl=2’x2=_%,x3-4=____—9i‘\/ﬁ,

4 .. v v 1"
@ Cha y: Vi du ti€p theo minh hoa cho dang md réng véi diéu kién cho cac
hes6la = = (ﬂ) :
a \b . ,

Yidw 3z Gidi phuong trinh: 2x* — 21x* + 74x* - 105x + 50 = 0.
£ Gidi

Nhan xét rang x = 0 khong phai 12 nghiém ctia phuong trinh. Chia ca hai vé
ctia phuong trinh cho x*# 0, ta dugc phuong trinh frong duong:

2Axt+ 2)=21(x + 2) + T4=0
X X

Datt=x+£,suyrax2+g =t2-10.
X X

t = 6 (loai)

Khi d6, phuong trinh trén c6 dang: 2t* -21t+ 54 =0 & [t 9/9

" Véit=6,taduge: x+ > =6 x —6x+5=0c>x, =1 vAx,=5.
X

. Véit=%,taduqc:x+£=% &2 -9%+10=0 x,=2;x4=§.
X

Viy, p vg trinh c6 b6n nghiém phan biétlax, =1,x,=5,x, =2, x,= ; ;

A B CDTPHDS9-T2
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@ Chit y: Nhiéu phuong trinh & dang ban ddu khong phai la mot phuong
trinh héi quy hay phan héi quy, tuy nhién véi phép dat an phu
thich hop ta c6 thé chuyén ching vé dang héi quy hodc phan héi
quy, tit d6 ap dung phuong phap da biét dé giai. Ta di xem xét
hai vi du sau.

Yidwp 4z Gidi phwong trinh:

(x =2+ (x=2)(5x* = 14x + 13) + 1 =0. (1)

&5 Gidi

Nhan xét rang day khong phai 1a mot phuong trinh hé6i quy, tuy nhién néu
dat An phu thich hop ta s&€ c6 mot phuong trinh hoéi quy.
That vay, dat y = x — 2, phuong trinh dugc bién déi vé dang:
vy 4+y[S(y+2)Y 14y +2)+ 131 +1=0
Sy +5y"+6y + 5y + 1 =0. (2)
Nhan xét rang y = 0 khong phai 1a nghiém ctia phuong trinh. Chia ca hai vé
ctia phuong trinh cho y*# 0, ta duoc| pﬁucmg trinh tuong duong:

(y* +—)+5(y+—-)+6 0
y y J

1 |
Pitt=y+ -, suyra Mok tpagddet@aienphi.com
y y

t=-1

Khi d6, phuong trinh trén c6 dang: t* + 5t +4 =0 < [t .,

. Véit=—l,tadlIQC:y+l =-1& y* -y +1=0, v nghiém.
y

» Véit =-4, ta duoc:

y,=-2- = —/3
y+—]-=—4<:>y1+4y+1=0<:> J- . J_
y =—2+J_ =3
Vay, phuong trinh cé 2 nghiém phan biétlax, = —xE x,= 3.
Yidwp 8 Gidi phuong trinh: (x> —x)* = 2x(3x —=5) -3 =0.
£S Gidi

Nhan xét rang day khong phai 12 mot phuong trinh phan héi quy, tuy nhién
néu dat 4n phu thich hop ta s& c6 m6t phuong trinh phan héi quy.
That vay, dat y = x — 1, phuong trinh dugc bién déi vé dang:
[(y+ 1P =(y+DI-2(y+ DBy +1)-5]-3=0
o ylot 2y’ = Sy* -2y + 1 =0.
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Nhan xét ring y = 0 khéng phai 12 nghiém ctia phuong trinh. Chia ca hai vé
ctia phuong trinh cho y*# 0, ta dugc phuong trinh tuong duong:

(' + )+ 2y - =) -5=0
y 4

Datt=y—§,suyray2+ Lz =t*+2.

1=
Khi d6, phuong trinh trén c¢6 dang: ?+2t—3=0¢ [t l
= Véit=1, tadugc:

1
y-;=l<:>y2—y-l=0c:>y,.2=

1+/5 3445
. .

QxLz: 2

= Véit=-3, ta duoc:

T

Vidw bs Gidi phuong trinh: (x + 4)(x + S)(x + 7)(x + 8) = 4.
£ Gidi
Viét lai phuong trinh duéi dang: (x* + 12x + 32)(x* + 12x + 35) =4,
Patt=x>+12x +32,suyrax’+ 12x +35 =t + 3.
Khi d6, phuong trinh trén c6 dang:

g

(t+3)=4=t2+3t-4=0 [ ,
t=

®= Véit=-4,taduoc:

iGx2+12x+32=-4©x2+12x+28=0©x,2=-—6i2s5.

CDTPHDS9-T2
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= Vait=1, taduogc:
X2+ 12x+32=1 X+ 12x+31 =0 x,,= 6+ 5.
Viy, phuong trinh c6 4 nghiém phan biét la
X, =—6+242 va x,,=-6+45.
@ Chit y: Dang phuong trinh trén dugc md rdng tu nhién cho 16p phuong trinh:
(a;x + a))(byx + by)(c;x + ¢))(d;x + dy) =m
; a.b
voi diéu kién:
{a,.b2 +a,.b, =d;.c, +d,.c
khi do6 ta datt = (a;x + a,)(b;x + b,).
Yidwp2: Giai phuong trinh: 2x - 1)(x = 1)(x =3)2x +3)= -9
&S Gidi
Viét lai phuong trinh duéi dang: @2x2=3x + N(2x*-3x-9)= -9
Pit t = 2x* = 3x + 1, suy.ra2x’ — 3x - 9 = t=110.

Khi dé, phuong trinh ¢6 dang: (( -9 =10t+9=0 [

t=9
X, =0
* Véit=1,tadugc: 2x*-3x+1=12%-3x=0 ,
downloadsachmienphi.com X, =3/2
. Véit=9,tadu'qc:D load Sach Hay | Boc Sach Onli
owntoaa s>acn nay oc Sach Online
+
2x% = 3% + | =9 Dd—Bx—B=> X4 = > ‘[_
: s +
Vay, phuong trinh c6 4 nghlem phan blét lax, =0, x,= %, 1= -3—4\{?-_3-
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glodgl )

Yidg I3
&S Gidi

Dé_itt=x+4—;6 =x+5,suyra:{

i
ik

Gidi pannx (x ry ‘ = 82.

x+4=t-1
X+6=t+1
Khi dé6, phuong trinh dugc chuyén vé dang:
t-1D*+t+1)=822t + 12686 +2 =82
t=4
==10
" Végit=4,tadugc: x+ 5 =44
= Véit=-10,taduoc: x +5
Vay, phuong trinh ¢6 2 nghiém | ’
Yidg2: Cho phuong trinh: (x + D)*+ (x + 3)* =2m. (1)
a. Gidi phuong trinhyoi =1, b o
b. Timm dé pﬁkfang trggziecé ]hazﬂggfzi'ém}hdn biét.

‘6 Gidi Download Sach Hay|Poc Sach Online

@t‘+6t2-—40=0<:>[

£

D@tt=x+%—2 =x+2,suyra{

x+1=t-1
X+3=t+1
Khi d6, phuong trinh (1) duoc chuyén vé dang:
t-D*+t+1)=2me2t*+ 128 +2=2m
Stt+68+1-m=0. 2)
Pit u = t?, diéu kién u > 0.
Khi d6, phuong trinh (2) dugc chuyén vé dang:
fu)=v*+6u+1-m=0. (3)
a. Véim = 1, ta duoc:
v¥+6u=0& {u:O
u=-6 (1)
Vay, véi m = 1 phuong trinh ¢6 nghiém x = - 2.
b. Dé phuong trinh cé hai nghiém phan biét, diéu kién la:
(3) c6 hai nghiém trdiiddu & P<0&= 1 -m<0e&m> 1.
Vay, véi m>1 phuong trinh cé hai nghiém phén biét.

ABC —
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Yindé9: SUDUNG PHUONG TRINH BAC HAI GIAI PHUONG TRINH
CHUA DAU TRI TUYET POI

Phuong phdp

Vi cac phuong trinh chita ddu tri tuyét do6i, cé thé duge chuyén vé
phuong trinh béc hai bing mot trong céc cach sau:

GichI: Sur dung céc phép bién d6i trong dtrdng, bao goém:

f(x) = g(x)
f
Il = g0l & (075

g i {f(x) >0
f =
|f(x)| = g(x) < {[f(x) =g(x) hodc f(x) (g)(x)
| f(5) = -g(x) { Sk
f(x) = g(x)

Gach 2 Str dung phu’o‘ng phép dat &n phu e
andc tién chiing ta quan tAm t5i phuong h'lnh chita ddu tri tuyet

d6i dugc chuyén vé phu’dng trinh. hal bﬁng phuc!ng phap bién d6i
tuongdwong, S
Yidy 1z Giai phzrmig tr mh x* - % — 2[ |x"+ 2x|.

&S Gidi

Phuong trinh tuong dU{mg vén

x2-2x-2=x2+2x 2x'='—l HIRKE —1 x:——]—
L= 3 = 5 o e
X% -2x-2=AN -2x 0 =

X =l=

Vay, phuong trinh c6 ba nghiém phan biét x = -%, x=41.

@ Nhdn xét: Nhu vay, vi du trén da minh hoa cho phép bién d6i tuong duong
thit nhat cua phuong trinh chita du trj tuyét d6i.
Yidwp 2: Gidi phuong trinh: |x*+ x| = = x*+ x + 2.

&S Gidi
Phuong trinh twong duong véi:
~x'+x+220 -18x82 [-1€x52
X! +x=—Xx"4+x4+2{[2x) =2 &{|x'=1 &x==x1.
[x1+x=x2—x—2 [2:(:—2 [x:—l

Vay, phuong trinh cé hai nghiém phan biét x = + 1.
@ Chit y: 45 4c vi du tiép theo, sé minh hoa viéc sit dung 4n phu dé chuyén
huong trinh chita dau tri tuyét d6i vé phuong trinh bac hai.
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Yidg3: Gidi phuong trinh: (x — 1)’ +4jx — 1| +3=0.
&S Gidi
batt=|x — 1|, diéu kién t > 0.
Khi dé, phuong trinh duogc bién déi vé dang:
t=-1 (1)

t+4t+3=0& .3 oSt=3

x—1=3 x=4
=} :
X=1=-3 =-2

hcé2nghiémlax =4 vax=-2.
- -

S|x-1=3&

Vay, phuong trin

JL

luyen ve phuon TN Da
Yidgp Iz Giadi cdc phuong trinh:

a. Vxi—-4x+5 =+x+1. b. AX*—2x+3 =42x* -7x+9 .

& Gidi
Phuong trinh dugc bién déi tuong duong thanh:
120 x=- 1
4 =
C—dx+5=x+120{ o ifx=1o|"
x'=5x+4=0 X =
% =
Vay, phuong trinh cé nghié¢m x =1 vax =4.
Phuong trinh duogc bién ddi tuong duong thanh:
xXX=2x+3=2x*-7x+920
2 (x=1)'+220
x“=2x+320 X =2
; S x=2 L= :
x‘=5x+6=0 =3

x=3
V g trinh c6 nghiém x =2 vax = 3.
A CDTDHDSY-T2
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& Nhan xét: Trong vi du trén:

?
it - - iy -~ - ¥ .. -
O cau a), chung ta lua chon diéu kién x + 1 > 0, vi ¢6 cam giac n6 don

gian hon diéu kién x* — 4x + 5 > 0. Tuy nhién, thuc té ta thay di¢u kién
x*—4x +5201a don gian hon vix* = 4x + 5= (x =2)*+ 1 > 0, lu6n ding
Va trong truong hop nay, ching ta khong c4n kiém tra lai nghiém.

Yidg 2: Gidi phuwong trinh: 2x’ +x -3 =x - 1.
&5 Gidi

Phuong trinh duge bién déi tuong duong thanh:

x—1>0 X 21
: — 1 oSx=1.
2x +x=-3=(x-1) x'+3x—-4=0

Vay, phuong trinh ¢6 nghiém x = 1.
Yidg 3z Gidi phicong trinh: X +4 - JI=x-=1-2x.

&S Gidi ih; P~
x+420 Niﬁi'
Diéukién: {1-x20 & 4i§ E
l_zx —gp- ““r; fj :[iws E EH com

Phuong trinh viét lai dll'Ul dang

I=x + m::b‘ of

XFE &I J=001T5x) = 2x + 1

xz—l

2x +120 . .
Tla-0a-20=@x1 A R
~X)(l -2 =2l 2% +7x =0 A

X = ——

2

Viy, phuong trinh c6 nghiém x = 0.

O cau b), ching ta lua chon diéu kién x* — 2x + 3 > 0, vi diéu nay luon dung.

¥ Chi y: Cac vidu ti€p theo, sé minh hoa viéc st dung &4n phu d€ chuyén

phuong trinh chita cin vé phuong trinh béc hai.
Yidw 42 Cho phuong trinh: 2(x* - 2x) + Vx* -2x-3 — 9 =0.
& Gidi

biéukién: x> -2x-320 < {x23

% L=1

Viét lai phuong trinh duéi dang : 2(x* = 2x = 3) + Vx? -2x-3 -
D3 2 .2%x-3, t30.

$9-T2
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Khi dé, phuong trinh cé dang:
t=1

St=1oVx=-2x-3 =1

W+t-3=0&
t=-g(loai)

& x*-2x-4=0x=11% /5 thoa man diéu kién (*).
Vay, phuong trinh cé nghiémlax =1+ J5 .

C. BAI TAP LUYEN TAP
Bai 1: Giai cdc phuong trinh sau:
1 1 9(x*+x+1) _7(x+l) _

a. - = 1. b. - 0.
x=-1 x+I X =x+1 X -1
Bai 2: Giai cdc phuong trinh sau:
2— —_—
a X 2x-1 _ 21 ~ 0.
6 X° ~2x | &y
ke, = 2 + 1 _ 2""15 j .
X“=3x+3 X" -3x+4 2(x*-3x+5)
Bai 3: Giai cic phuong trinh sau: Ll
. 2x'+5x+8 , 2x7bk3xi+-8 Sach Hay | oc sac 5x.2w+6x+9+5x2+10x+9 _
C2xP43x+8 2% + Txeh B —Sx2 +4X+9  S5x2+TX+9
Bai 4: Giai cic phuong trinh sau:
2 _ 2
" 1»:2 3x +2 ¥ = 2x o b, 2xz +x+3 + 23x il
X“+5x+2 x"-5x+2 2x"=Tx+3 2x"+6x+3
Bai 5: Giai c4c phuong trinh sau: )
2 2
x4+ 9x 2 -8=0. b. 4x?+ = 2 -5=
(x+3) (2x +1)
Bal 6: Cho phuong trinh: —— 4 —2— =3,
x-b x-a

a. Tim a, b dé phuong trinh c6 hai nghiém phan biét.
b. Tim a, b d€ phuong trinh c6 nghiém.
Bai 7: Giai cic phuong trinh sau:
a. 4x’-9x*+6x-1=0. d 2x’+7x*+7x+2=0.
b. 2x’+x*=5x+2=0. e. 2x’-9x+2=0.

c. 2x’U3=0. f. 8x’—-4x?+10x-5=0.
ﬁ 5 CDTDHDS9-T2

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Bai 8: Giai phuong trinh sau, biét rang phuong trinh c6 mét nghiém khéng phu thudc
vioa,bvab>0: x’-Qa+ Dx*+(@*+2a-b)x-(a’—b) =
Bai 9: Cho phuong trinh: mx* + 3m - 4)x* + BGm-7)x + m -3 =0.

a. Giai phuong trinh véi m = 3.

b. Xac dinh m dé phuong trinh c¢6 3 nghiém phan biét khong duong.
Bai 10: Cho phuong trinh: x* = 2mx*+ mx +m -1 =0.

Xac dinh m dé:

a. Phuong trinh cé ding 1 nghiém.

b. Phuong trinh c¢6 2 nghiém phéan biét.

c. Phuong trinh ¢6 3 nghiém phan biét.
Bai 11: Cho phuong trinh: x* — 2mx* + 2m? = 1)x = m(m? - 1) = 0.

Xdac dinh m dé:

a. Phuong trinh ¢6 3 nghiém phan biét.

b. Phuong trinh c6 3 nghiém phan biét duong.

c. Phuong trinh ¢6 3 nghiém phén biét am.
Bai 12: Xac dinh m dé€ phuong trinh:

x'—(m+ 1)x*= (2m2—3m - 2)x+2m(2m— 1) =

c6 2 nghiém phan biét.
Bai 13: Cho phuong trinh: 2x* + 2(6m = l)x - 3(2m - Dx=3(1 +2m) =0.

Tim m dé phuong trinh c6 ba nghiém phan biét c6 téng binh phuong bing 28.
Bai 14: Giéi céc phuong trinh:

a. x*=10x" + 35x! - SORWRH2@:aCHMIETR Nk QBx* — x? + 54x — 72 = 0.

c. x—2x -6x*+8x +8 = U _ d Zx 13x +20x*-3x -2=0.
Bai 15: Giai cic phuong trinh?’ v hay o9

a. x'-3x’-4x-3=0. B X = 4ax’ +3x’-2x -1 =0.

Bai 16: Cho phuong trinh: mx* — (m + 2)x* + 2(1 = 2m)x>+ 4(2 + m)x — 8 = 0.
a. Giai phuong trinh véi m = 2.
b. Xac dinh m dé phuong trinh c6 diing 3 nghiém phan biét.
c. Xéc dinh m dé phuong trinh c6 4 nghiém phan biét.
Bai 17: Cho phuong trinh: mx* — 6mx’ + (2 + 11m)x* —6(m + 1)x + 4 =0.
a. Giai phuong trinh véi m = 1.
b. Xéc dinh m dé phuong trinh c6 diing 2 nghiém phan biét.
c. Xdc dinh m dé phuong trinh c6 diing 3 nghiém phan biét.
d. Xéc dinh m d€ phuong trinh c6 4 nghiém phan biét.
Bai 18: Cho phuong trinh: x* —4mx® + 4(m” - 1)x+ 12x -9 = 0.
a. Xdc dinh m dé phuong trinh c6 diing 1 nghiém.
b. Xdc dinh m dé phuong trinh c6 diing 2 nghiém phan biét.
c. Xdc dinh m dé phuong trinh c6 diing 3 nghiém phan biét.
d. Xdc dinh m dé phuong trinh c6 4 nghiém phan biét.
Bai 19: Giai cac phurong trinh sau:
a. x'-x2-2=0. c. x*-3x*+2=0.
b. _4x‘ +1=0. d. x*-4x*+1=0.
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Bai 20: Cho phuong trinh: x* —2(m + 1)x* + 2m + 1 = 0.
Tim m dé phuong trinh c6 4 nghiém phan biét.
Bai 21: Giai cic phuong trinh:

x—J2x+3 =0. b. 3x+4 - J2x+1 = JVx+3.

c. 5x-1-+3x-2=Vx-1.
Bai 22: Giai cic phuong trinh:

a. xt+ Jx2+11 =31 b (x +5)(2-x)=3x>+3x.
JE+D(2-x) =1+2x-2x%
Bai 23: Giai cic phuong trinh:

VX2 =3x+3 + Vx> =3x+6 =3. b.V2x2 +5x+2 —22x* +5x -6 =1.

Bai 24: Giai phuong trinh:

A VXP43x+2 —2V2xP+6x+2 =—+/2.
d x? —l+\}x+ - "'_,:,v =
| Xx+1

Bai 25: Giai phuong trinh (x — 3)(x + l) +4{X 3) - = -3,
X -

Bai 26: Giai phuong trinh: 2\/(l+x 3\1‘"1-—)( + \/(1 ~x)* =0, véin chén.

Jownload Sach Hay | Bgc Sach Onlipe »
D. HUGNG DAN - DAP SO
Bai 1.
a. Diéukién x # £1. Bién d6i phuong trinh vé dang:
x+l-(x-D=x-1Nx+l)=2=x*=-1
& x2=3 ¢ x = £+/3 , thoa man diéu kién .
Vay, phuong trinh ¢6 hai nghiém x = +/3 .
b. Diéukiénx # 1.
Bién déi phuong trinh vé dang:
2
9(::z sx+D) _7(x+D) o
X" =x+1 x-1
S99’ -1)=7(x*+ 1) © x’ = 8 & x = 2, thod min diéu kién .
Vay, phuong trinh ¢6 nghiém x =2.
Bai 2.

x=DE*+x+1D)=7x+Dx*=x+1)

x#0
Xx#2

aBC conmay
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Pat t = x* — 2x, phuong trinh duoc bién déi thanh:

=T Hl___cht_;] :1@1(1—1):6<:>13~l—6:(}
t

Viy, phuong trinh c6 hai nghiém x = -1 vax = 3.
b. Datt=x’-3x + 4, phuong trinh dugc bién déi thanh:

5
—“—+l= - S+ ) +20t=Dt+ 1) =151t = 1) > 9° =19t +2=0
t—=1 t  2(t+))
t=% x{=3x+4=2 x*-3x+2=0 1
&> [ €5 | & . 5 <:>|: .
t=— X' =3x+4=— X" =3x+—=0 x=2
9 9 9

Viy, phuong trinh c6 hai nghiém x = 1 va x = 2.
Bai 3. Chia ca tir va mau cho x hoac x°.
Bai 4. Chia ca tir va miu cho x.
Bai 5. Thém vio hai lan tich (2ab).
Bai 6.
a. az0vab=#0vaa#tb.
b. Véi moi a, b khong déng thoi bang khong.
Bai 7. downloadsachmienphi.com

-
=

a. Bién d6i phuong trinh vé dang: (X, M{Hﬁ’f}zfﬁ M tlhE 0 < [

x=1/4
Vay, phuong trinh c6 hai nghiém x =1 vax = %
x=]
b. Bién déi phuong trinh vé dang: (x = D(2x*+3x -2)=0& [x=1/2.
X==2

Vay, phuong trinh c6 ba nghiém x =1, x = % vax =-2.

c. Bié&n d6i phuong trinh vé dang: (x + N(2x* - 2x +3) =0 x =-1.
Vay, phuong trinh c6 nghiém x = —1.

x=-1
d. Bié&n d6i phuong trinh vé dang: (x + 1)(2x* +5x +2)=0& [ x=-1/2,
Xx=-2

: 1
Vay, phuong trinh c6 ba nghiém x = -1, x = ~o va x = -2

a8,
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Xx=2
e. Bién d6i phuong trinh vé dang: (x — 2)(2x* +4x - 1) =0 < 546 -
X=
2
. -2+6
Vay, phuong trinh cé ba nghiém x =2, x = ZJ_ 2
f. Bién déi phuong trinh vé dang:
1
8x’ —4x*+10x - 5=0 (2x - 1)@x*+5)=0x = =
Viy, phuong trinh c6 nghiém x = % :
x=1

Bai 8. Bién ddi phuong trinh vé dang: (x — 1)(x* —2ax +a*-b) =0 & ,
x=atz \/E

Vay, phuong trinh cé ba nghiémx=1,x=a+ Vb .
J. Bién déi phu’cmg trinh vé dang:
(x + D[mx*+2(m-2)x + m - 3] 0

x+1=0 1 = K
g(x)=mx’+2(m-2)x+ m_—_3 =_0 (2)

x=-1
x+1=0

a. Véim = 3, hé (I) cé dang:!{ e lex1s 278 m
3 +2x 0 x=0

VAy.phuongtrmhcébanghlémph&nbtétx=—l x=0, x——%.

b. D€ phuong trinh c6 3 nghiém phan biét khong duong
& (2) c6 2 nghiém phén biét khong duong (x, < X, < 0) khac -1

(2 %0 m#0
A" >0 4-m>0
P20 o{M3,0 o3sm<s
S<0 -
_m—2<0
g(-1)#0 =
1#0

Vay, véi 3 < m < 4 phuong trinh cé ba nghiém phén biét khéng duong.
Bai 10. Huong ddn: Bién déi phuong tr‘lnh vé dang:
(x = D[x? —(Zm— 1)x —m+ l] =

Bb)) x’=2m-=Dx-m+1=0 (2)

M

CDTDHDS9-T2
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a. Phuong trinh ¢6 ding 1 nghiém:
[(2) vé nghiém
| (2)nghiém kép bing 1
b. Phurong trinh ¢6 2 nghiém phén biét:
[(2)c6 hai nghiém phan biét va nhan x =1 lam 1 nghiém
| (2)nghiém kép khidc 1 '
c. Phuong trinh ¢6 3 nghiém phan biét:
¢> (2) c6 hai nghiém phan biét khac 1.
Bai 11. Huong ddn: Bién déi phuong trinh vé dang:

>

o

3 : Xx-m=0
X-mx-mx+m'-1)=0& , o ) (T)
g(x)=x"-mx+m -1=0 (2)
a. Phuong trinh c6 3 nghiém phén biét:
<> (2) c6 hai nghiém phan biét khac m.
b. Phuong trinh ¢6 3 nghiém phan biét duong:

<> (2) c6 hai nghiém phan biét dlro‘ng khéc mvam > 0.
c. Phuong trinh c6 3 nghiém phan biét 4im;__ |

<> (2) c6 hai nghiém phan biét Am khﬁc m vam < 0.
Bai 12. Huong dan:
Bién d6i phuong trinh vé dang:
(x + m)[x? - (2m + DR D@ CSpj=oie
[x+m—0 S o F o R, TS B G R
gX)=x"-2m+Dx+2(m-1D=0_(2)
Phuong trinh c6 2 nghiém phan biét:
- [(Z)CG hainghiém phan biét vanhan x = —m 1am nghlem
(2)nghiémképkhic—m

Bai 13. Bién d6i phuong trinh vé dang:
(x = 1)[2x*+ 12mx + 3(1 +2m)] = 0.

=]
= .
[f(x) =2x* +12mx +3(1+2m)=0 (2)
Truéce hét, phuong trinh (1) c6 ba nghiém phan biét
<> phuong trinh (2) c¢6 hai nghiém phan biét khéc 1

—

l+ﬁ
A, >0 I6m? -12m-6>0 |7 g
e L e} s .
f(1)#0 17+6m#0 17 [esind T
—_——Exmc<
[ 6 6
S9-T2 177
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. X, + X, =—6m
Khi dé6: (2) cé hai nghiém phan biét x,, x, thoa man: 3(1+2m) -
X, X, = -—-—2-——-
Téng binh phuong hoanh d¢ cic cuc tri bang 28
& x2+x:+12=286 x7 4 x; =27 & (X, +X)* —2x,x, = 27
m=]

1 ;
m —_E (h

Viy, véi m = 1 thoa man diéu kién ddu bai.
Bai 14:
a. Nghitmx=1,x=2,x=3,x=4. b. Nghifmx= -3,x=2,x=3,x=4.
1

c. Nghiém x = +2, x = 1++/3 . d.Nghi@mx=2,x=§,x=21\/§.

& 36m*-3(1 +2m) =27 &

Bai 15:
a. Bién déi phuong trinh vé dang: |- -
(x*-2x* + 1) - (¢ +4x+4)=0¢::>(x—1)’—(x+2) =

X" -x-3=0
& (x* - x - 3)(x? +x+l) 0<:>
[x +X+1 0 (vé6 nghiém)
1413
2 . "\ - e

Vay, phuong trinh c6 hai nghiém phén biét x, , = L ;/ﬁ ;
b. Hucdmg ddn: Bién d8i phuong trinh vé dang:
x* -4’ +4x) - (P + 2+ D=0 -2x)'-(x + 1)’ =
Bai 16: Bién déi phuong trinh vé dang:
(x-1=0
x-2=0
x+2=0
| mx-2=0 (*)
Bai 17: Huong dadn: Bién d6i phuong trinh vé dang:
x-1=0
x-1Dx=-2)(mx’*-3mx+2)=0& | x-2=0
mx’ -3mx+2=0 (*)

Bai 18: Hzcdffn: Bién déi phuong trinh vé dang (x* — 2mx)* — (2x — 3)? =0.

A B CDTPHDS9-T2
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Bai 19:

a. Datt=x?, diéu kiént 2 0.
Khi d6, phuong trinh duge bién déi vé dang:

t=—1 ()

5 oxl=2ox,=1V2.

t'-t-2=0& [
Viy, phuong trinh ¢é hai nghiém phan biét 1a x, , = ++/2 .
b. Datt=x’ diéukiént > 0.
Khi d6, phuong trinh duogc bién déi vé dang:
t=1 x’=1 e |
& e 1.

42-5t+1=0& 1
4 2

t= x2=

il
4
. . . 1
Vay, phuong trinh c6 bén nghiém phéan biét lax,, =%l vax,;, ==+ 5
c. Datt=x? diéukiént >0.
Khi d6, phuong trinh duoc bién déi[vE dang:

2 t= xR ) [ x =1l

Vay, phuong trinh ¢6 b6ronghiém phan bigtola x;; =l va x;, =+ J2 .

d. Datt=x* diéukiént 2 0. |
Khi d6, phuong trinh duoc' bién"déi vé dang et

(=23 [k‘:z-ﬁ” =12
X==x

& o
t=2+\/§ x2=2+\/§ 7 35

Vay, phuong trinh c6 bén nghiém phéan biét la:

X2 =:t\’2—\/§ VaX;,=1 2+ﬁ .
Bai 20: Dat t = x?, diéu kién t > 0.
Khi dé, phuong trinh dugc bién déi vé dang:
t=2(m+ Dt+2m+1=0.
Phuong trinh ban ddu c6é b6n nghiém phan biét
<> phuong trinh (2) c6 hai nghiém phan biét duong 0 < t, <t,
A'>0  [(m+1)*=2m-1>0
<S>0 & <2(m+1)>0 @—l <m=#=0.
P>0 2m+1>0 2

t’—-4l+l=0<::>|:

- : o . ;
Vay, vi' #~ <m # 0 phuong trinh cé bén nghiém phan biét.

AER
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Bai 21:
a. Phuong trinh dugc bién déi tuong duong:
0 >0 .
X2 X
J2x+3 =x & < =] & x=3.
{2x+3=x’ {x’-—2x-3=0 [
x=3
Vay, phuong trinh c6 nghiém x = 3.
3x+420 ;
b. Diéukién: {2x+120=>x2- =
x+320

Phuong trinh dugc chuyén vé dang:
43 +V2x+1 = Bx+4 ©x+3)+@x+ 1) +2 J(x +3)2x +1) =3x +4
Xx=-3
& J(x+3)2x+1) =0 S Ex+3)2x+ D=0 | &S x= -

.
X=—= 4
2

Vay, phuong trinh cé nghiém x = _%

5x-120
c. Diéukien: {3x-220 &walpadsachmienp!
R=laY . . e
Bién d8i phuong trinh vé dang; |
J5x—1 = Jx—1+ 3x-2 & 5x—1=x-1+3x-2+2/(x-1)3x-2)

©x+2=2(x-1)3x-2) & (x+2)’=4(x-1)(3x-2)

S -24x+4=0x=2(vix= % loai).

Vay, phuong trinh ¢6 nghiém la x = 2.
Bai 22: Hudng ddn:

a. Viét lai phuong trinh duéi dang: x* + 11 + Vx? +11 = 20.

Ditt= vx?+11, diéu kién t > /11 Khi d6, phuong trinh c6 dang: £ + t = 20 = 0.
b. Viét lai phuong trinh dudi dang: — (x? + 3x — 10) = 3Vx? +3x .

batt = m ; (iiéu kién t > 0. Khi d6, phuong trinh c6 dang: t* + 3t — 10 = 0.
c. Vit lai phuong trinh du6i dang: V1+x-x* =2(1 +x —x%) — 1.

bat =6 x —x* , diéu kién t 2 0. Khi d6, phuong trinh c6 dang 2t* —t - 1 = 0.
A B CDTPHDSY-T2
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Bai 23:
a. Bat t=x* = 3x + 3. Khi d6 phuong trinh ¢6 dang:
Jt +Jt43 =3t+t+43+42J1(1+3) =9 Jt(t+3) =3 -1t

3—-t20 I£3 : =]
P , & St=1leox* =-3Ix+3=1
t(t+3)=(3-1) t=1 X=2

Wiy, phuong trinh ¢6 hai nghiém x =1, x = 2.
Bai 24: Hoc sinh tie lam.

] >0<j‘:x>3 *)

x <-1

Bai 25: Diéu kién:

Piatt=(x - 3) ysuyra(x=3)(x +1) =t

= Vii t= -3, taduoc:(x - 3)

X458 o
&
{x —2x—12 0 ;

s Viit= -1, taducc

x—3<0
(x=3)x+1)=9
ox=1- \/ﬁ

—liJ_

-3 vowil
(x )x-—3_
x<3 J§
<> &5 Sx=A - .
x-2xX0M4=0  |x=1%+5

Vay, phuong trinh ¢6 hai nghiém x =1 = 3 vax=1-45.
Bai 26: Nhan xét rang x = £1 khong phai la nghiém cta phuong trinh, chia ca hai vé&

ctia phuoag trinh cho (1-x)* # 0, ta duoc: 21’]:}: —31’::’( +1=0

Nhan xét rang: JHX J =1, nén néu dau:,n’ dléu kién t > 0, suy
1-x Vl+x 1-x

- s g
ra f— = l Khi dé, phuong trinh c6 dang:
I+x

f==1
2‘—}-+1=0<::>2t2+t—3=0<:> i
t t =-3/2loai

= Vi t--l ta duoc: nJl+ =1es -l-i-’—c-=lc:-l+x=l-x-<::>x=0.
l—x l1-x
@5)59-1‘2 181
&

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

cwi®€7  GIAITOAN BANG CACH LAP PHUONG
TRINH

A. TOM TAT Li THUYET

i ¥ i

B. PHUONG PHAP GIAI TOAN

q ;

wr

[}

Yidp Iz Mot doan xe vdn tdi du dinh diéu s6 xe cing loai dé véan chuyén 40
tan hang. Lic sdp khdi hanh, doan xe duoc giao thém 14 tin nita.
Do dé phdi diéu thém 2 xe cang loai va méi xe ban ddu phdi cho
thém nita tdn nita. Tinh s6 xe phdi diéu theo du dinh.
£ Gidi
1. Ldp phuong trinh
a. Lua chon dn
* Goi x 12 s6 xe phai diéu theo du dinh, diéu kién 0 < x € N.
b. Thiét ldp hai phuong trinh
Véi gia thiét:
-=  Véi x xe van chuyén 40 t4n hang, suy ra méi xe phai chd sé hang theo

dgv bing 22 .
BY
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Vi doan xe phai nhan thém 14 tan hang nén s6 hang lic sau la:
40 + 14 = 54.
Vi doan xe phai diéu thém 2 xe nén s6 xe lic sau la x + 2 va mdi xe

phai chd s6 hang lic sau bang

Xx+2

Vi méi xe phai chd thém nira tdn nén ta c6 phuong trinh:
40 1 54
i Bl —

X 2 x+2

2. Giai phuong trinh

x, =10

BOX +2)+X(x+2)-108x =0 x*-26x+160=0 & &
X =

3. Kétluan: Vay, s6 xe du dinh phai diéu 1a 10 xe hoic 16 xe.

@ Nhdn xét: Nhu vay, trong 15i giai ctia vi du trén ta thay:

Chiing ta lua chon 4nx cho glat;ugin tim la s6 xe phai diéu.
Viéc thiét lap phuong trinh ma‘tgé@ phép so sanh khéi lugng méi xe
phai cha. HR P

Loi giéi duoc trinh bay tl'lérfﬁ&%ipha\n d6c lap nhau, véi muc dich
minh hoa d€ gitip cic em hoc sinh hi€u dugc cach trinh bay bai toan
theo thudt toan da dirdcc i’raTuyi nhiéﬂ,i(ig;h&r cac vi du sau chung ta
khong cdn phan tach nhu vay ma chi yéu cau cac em hoc sinh khi doc
phai biét minh dang 0 budc nao.

_—

Yidp 2: (Bai 65/tr 65 — Sgk): Mot xe lica di tit Ha Nét vao Binh Son (Quang

Gidi

Nydi). Sau dé 1 gid, mét xe lica khdac di tiw Binh Son ra Ha Noi vai
van téc lon hon vdan téc cua xe lia thit nhat la Skm/h. Hai xe gap
nhau tai mét ga o chinh giita quang duong. Tim vdn téc¢ cua méi xe,
gid thiét rang quang duomg Ha Noi — Binh Son dai 900km.

Goi x 1a van téc cua xe lira di tir Ha N6i (x > 0; don vi: km/h)
Van toc xe ltra di tir Binh Son la x + 5.

Hai xe gap nhau tai moét ga & chinh giita quang duong.

Do dé, ta c6 phuong trinh:

20 B0 oy 450G ¥ 9) = 4505 £ X(E+S)
X X+5

x =45

&>x2-5x-2250=0& .
x = =50 (loai)

Vay, v )c cua hai xe Itra 12 45km/h va 50km/h.

4
S9-T2 183
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Vidp3: (Bai 52/tr 60 — Sgk): Khodng cdch giita hai bén séng A va B la
30km. Mt cané di tir bén A dén bén B, nghi 40 phiit ¢ bén B roi
quay lai bén A. Ké tr liic khdi hanh dén khi vé téi bén A hét it cd 6
giv. Hay tim vdn téc cia cané trong nudc yén ldng, biét rang vdn
téc cua nudc chdy la 3km/h.
£ Gidi
Déi: 40 phiit = -;l gid. -

Goi x 12 van t6éc cuia can6 di trong nudc yén lang (x > 3; don vi: km/h).
Suy ra, van tic clia cand di xuéi theo dong nuée 2 x + 3 va di nguoc dong la x - 3.
Ta c6 phuong trinh:

30 30

9 x=12
+ 3 =6 4x’-45x-36=0&

X =-3/4 (loai)

x+3 x-3

Vay, van t6¢ thuc cia cané 1a 12km/h.

Vidyp 4: (Bai 43/tr 58 — Sgk): Mér-xudnyg du lich di tir thanh phé Ca Mau dén
Ddt Miii theo mét duomg-séng dai 120km. Trén ducmg di, xubng cé
nghi lai 1 gi& tai thi tran Nam Cdn. Khi vé, xuéng di theo duong
khdc dai hon duong lic di la 5 km véi vdn téc nhd hon van téc lic
di la Skm/h. Tiinh vdn téc cug; xuong lic di, biét rang thoi gian vé
bdng thoi gian di.

£ Gidi
Goi van téc lic xudng diTAX (X>5, don Vi: km/h).
Suy ra, van t6c lic xuéng vé 1a x — 5 (km/h).

Thoi gian chay xuéng lic di (khong ké thdi gian nghi) 12 Lol X
X
125
Thoi gian chay xubng lic vé 1a :
x —
Ta c6 phuong trinh:
125 120

+ 1 125x =120(x - 5)+x(x 5)
x-—S X

@x’—le—600=0®[x_30 iy
x = =20 (loai)
Vay, van t6c cua xuéng lic di 1a 30km/h.
Yidy 82 Hai bén séng A va B cdch nhau 40 km. Cung mét lic voi cané di
xudi tir A c¢é6 mot chiéc bé tréi tir A véi van téc 3km/h. Sau khi dén B
6 trd vé bén A ngay va gdp bé khi da tréi duoc 8 km. Tinh vin

B g riéng cia cand. Biét vdn téc ciia cané khéng thay déi.

CDTPBHDS9-T2
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&S Gidi

Mot chiéc beé troi véi van toc 3 km/h, tire 1a vay van téc dong nudce la 3 km/h.
Goi van t6c riéng cua cand la x (x > 0, km/h).
Tur gia thiét, suy ra:
* Van t6c cand di xudi dong la: x + 3.
* Van téc cand di nguoc dong la: x — 3.

40

x+3

Khi di tir B trd vé A, cané gap be da troi duoc 8 km, suy ra:

Vay thoi gian cano di xudi tir A dén B la:

+  Thoi gian dé be troi duoc 8 km Ia: g

» Quing dudng tir B dén chd gap be 1a: 40 — 8 (km)
32

Vay thoi gian can6 di tir B dén ché gap be la:

Nhan thdy ring, cand va bé cling khoi hanh mot lic va thdi gian chuyén
dong cta hai vat dén ché gap 1a nhu, nhau
Vay ta cé phuong trinh: | A H
40 32 8
& F. P 120(x 3) H 96(x +3) - 8(x + 3)(x — 3)
x+3 x-—3/ 3
& 8x? -216x=0=>x=27. ,
Vay, van t6c thuc clia cand 1427 km/h.
Yidp 8 Mot nguoi di xe mdy, trén quang dzrpng AB dai 120 km vét vdn téc

dinh truéc. Sau khi-di-duge % guimp-dwomg Wi vdn t6c d6, nguei ldi

xe tang vdn téc thém 10 km/h trén qudng duong con lai. Tim vdn téc
du dinh va thoi gian xe ldn bdanh trén duong. Biét nguoi dé dén B
som hon du dinh 24 phiit.

£S5 Gidi
Ddi 24 phiit = % = — (gio).
Goi van téc du dinh cia nguoi di xe mdy la x (x > 0, km/h).
Suy ra, thoi gian du dinh dé di hét quang duong AB la: l—i—q (gi0).
Véi gia thiét:
« Thdi gian ngudi di xe méy di hét % quing dudng (twong dng véi

—1—2-(—)- =40 km )la - (gm)
3 X
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. % quing dudng cdn lai ngudi d6 tang van t6c thém 10 km/h nén thoi

(gid).

» Do ngudi dé dén B sém hon du dinh 24 phiit nén ta cé phuong trinh:
120 40 80 2

2 80
' uoi di iy di hét — quang duong la:
gian nguoi di xe mdy di s quang g -y

X X x+10 5
& 120.5(x + 10) =40.5(x + 10) +80.5x + 2x(x + 10)
o 2x2+20x+4000=0e | *=0
x ==50 (loai)

Vay, ta duogc:
- Van t6c dir dinh 1 40 km/h va thdi gian du dinh I3 14%0 = 3gid.
= Thoi gian xe lan bénh trén duémg 1a thoi gian du dinh trir thoi gian dén
s6m bang: 3 — —2- = 2 (giv) = 2 gw 36 phut

Yindé2: BAI ToAN VE s6 VAGHESGV: e

Yidg 1z (Bai 41/tr 58 - Sgk) Trong lic hoc nhom ban Hung yéu cau ban
Minh va ban Lan moi ngt(o'l chon mot s6 sao cho hai sé nay hon
kém nhau la 5 vq tich ¢ia chiing phdi bang 150. Vdy hai ban Minh
va Lan phdi chon nhung s6 nao?

£ Gidi
Goi x 1a s6 Minh chon, thi s6 Lan chon la x - 5 (x € R)
x=-10
x =15
Vay, Lan va Minh c6 thé chon mét trong hai cap s6 (10 ; 15) hoac (=10 ; —15)
¥ Chit y: Ta ciing c6 thé goi cac s6 cAn tim la x va x + 5.
Két qua ta ciing c6 hai c3p s6 (10 ; 15) hodc (10 ; —15) thoa man
diéu kién dé bai.
Vidw 22 Tim hai s6 biét hiéu ciia chiing bing 8 va téng cdc binh phuong ciia
chiing bdng 424,

Ta c6 phuong trinh: x(x - 5) = 150 & x*=5x - 150=0 & l:

£ Gidi
Goi s6 thit nhat 13 x.
Véi gia thiét:
ié#®a chiing bang 8 nén ta c6 s6 thit hai 1a x + 8.

4C
‘ 5 CDTDHDSY-T2
}
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= Tong binh phuong ctia hai s6 bang 424 nén ta c6 phuong trinh:
x, =10

XX+(x+8)P1=4242x* +16x-360=0 & s
X, =—

Vay, 1a duoc:
= Néu so6 thit nhat 1a 10 thi s6 thit hai bang 18.
» Néu s6 thit nhat 1a =18 thi s6 thit hai bang —10.

& Nhdn xét: Nhu vay, trong 13i gidi ctia vi du trén ta thay:

1. Cho dii bai toan yéu cdu chung ta di tim hai s6 (diéu nay c6 thé khién
hoc sinh hiéu theo hudng can hai an) nhung can hiéu ring, s6 thi hai
dugc xac dinh théng qua s6 thi nhat (bdi hiéu gita ching bang 8). Do
do, chiing ta lua chon an x cho s6 thit nhat va dé thay s6 thi hai la x + 8.

2. Viéc thiét lap phuong trinh la don gian, khi da c6 dudc hai s6 can tim.

3. VJinhan dinh trong 1, bai toan co thé durgc giai thong qua hé hai an x,
y vdix la s6 thunhdtvay la qé*kh-&hal) cu thé;

* Hiéu cua chung bing 8 nén: x}-ﬂ y‘ 3 @ (1)
* Tong binh phudng cta hai s6 béﬁ-gfﬁ% nén: x* + y* = 424. (2
= 8
Tu (1) va (2), ta co héphirang] trinky, {, e Y o,

Hoc sinh tu giai bing cdeh’ chuyén ?v’*@phtﬁﬁ%g ‘trinh bac hai.

Vidgp 3: (Bai 64/tr 64 — SgK): Bai todn yéu cau tim tich ¢ua mot s6 dwong voi
mot s6 lom hon né 2 don vi nhung ban Qudn nham dau bai lai tinh
tich ciia mét s6 dwong véi mét s6" bé hon né 2 don vi. Két qua cua
ban Qudn la 120. Hoi néu lam diing dau bai da cho thi két qud phai
la bao nhiéu?

£ Gidi

Goi x 1a s6 duong cin tim.
Theo Quan thi x thoa man phuong trinh:

x =12

x =—10 (loai)

Vay, 6 duong c4n tim d6 1a 12 va néu lam ding thi két qua la:

12.(12 + 2) = 168.

Vidgp 4: (Bai 44/tr 59 — Sgk): D6 em tim dicoc mét s6 ma mét nuwa cua né trie
di mét nita dom vi r6i nhan véi mét nita cia né bang mét nita don vi.

G
4

xx-2)=120=x*-2x-120=0
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&S Gidi
Goi x 12 s6 phai tim. Ta c6 phuong trinh:

V4y, c6 hai s6 thoa mén diéu kién.
Yidy 82  (Bai 45/tr 59 — Sgk): Tich cia hai sé tu nhién lién tiép Ion hon téng
cia chiing la 109. Tim hai sé6 dé.
&S Gidi
Goi x 12 s6 tu nhién thi s6 k€ ti€fpciand lax + 1 (x € N).
Ta cé phuong trinh:
=11
xx+D=x+x+1+109x*-x=110=0& . ,
x = =10 (loai)
Vay, hai s6 tu nhién lién tiép cAn im 1311 va 12.
Yidy 8 Mot lop hoc duge nha triomg phdt phdn thidng ba ldn va chia déu
cho cdc em hoc sinh. Ldn-thitnhdt chia hét 66 quyén vo nhung vdng
5 em, ldn thit hai chia hét 125 quyén vd nhung vdng 2 em con ldn
thit ba thi khonyVERg e ndb S CHiaOREt 216 quyén vd. Biét n-
hoc sinh ¢6 mdt cd ba ldn da nhdn dugc s6 vd (trong lan ba) bang
t6ng s6'vd dd nhan trong hai lan dau. Tinh s6 hoc sinh.
£ Gidi
Goi s6 hoc sinh 12 x (x > 0, em). Trong 14n phét phan thudng thit nhat:
— S0 hoc sinh dugc nhan vé1a: x — 5.

-~ Va mdi em dugc nhén: :
x —

Trong 1an phédt phan thuong thit hai:
— 86 hoc sinh dugc nhan va la: x — 2.
125
X=-2
Trong 14n phéat phin thudng thit ba:
— 86 hoc sinh dugce nhan vo la: x.
216

— Vamébi em duoc nhan: —.
X

ABC —
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Biét mot hoc sinh ¢6 mat ca ba 14n da nhan dugc s6 vo (trong lan ba) bang
tdng s6 vo di nhan trong hai 1n diu nén ta c6 phuong trinh:

86 028 A e TS S B T 5)
Xx—35 X —2 X

16
2 =— (Il
> 25x% — 755x + 2160 =0 > | X =5 103D
x =27

Vay, trong 16p c¢6 27 em hoc sinh.

Vindé3: BAI TOAN VOI NUGC

Yidw ds C06 hai voi nudc. Nguoi ta ma voi thit nhat cho nudc chdy ddy mor
bé can roéi khod lai. Sau dé ma voi thir hai cho nuwoc chdy ra hét véi
thot gian ldu hon so véi thoi gian voi mét chdy la 4 gio. Néu cung
md cd hai voi thi bé ddy sau 19 gid 15 phit. Héi voi thir nhdt chdy
trong bao ldu méi ddy bé khivoi-hai khod lai.

&S Gidi
77

Ta thuc hién déi don vi: 19 gid 15 phﬁt = 19—0 = ¥

Goi thoi gian voi thit nhét chay day be lh x (gio), diéu kién x > 0.
Suy ra, mbi gidy voi mbPEHAY vﬁarbé?awqé':?-ﬁ-*»(bé)‘

Véi gia thiét: ownload $4 0 Onlin
* Thoi glan voi thi ha; chay can bé la X +4 -suy ra mdi gio voi hai chay

ra duoc: 4 (bé).

X+
» Néu mo ca hai voi thi sau 19 giy 15 phiit méi ddy bé, suy ra méi gid ca

4
= — (bé).
77 (0©)

hai voi cuing chay thi duoc:

77/4
Tir do, ta c6 phuong trinh:

l-— : =4 STIx+4)-T77x-4x(x+4)=0
x x+4 77
& 4x*+16x-308 =0 & [ =

x-——ll(loal)

Vay, sau 7 gi0 thi voi thit nhat chay ddy bé khi voi hai khéa.

@ Chu y: Trong bai toan trén, cac em hoc sinh can heu y:
=  Voi thit nhat chdy d€ cho nutdc vao bé.
4 Voi th hai chdy d€ 1dy nudc tit bé ra.

bl
L
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Do d6 khi 1ap phuong trinh ta phai 18y thdi gian cua voi thit nhat

trir thdi gian cda voi thit hai: 1.2 .4
x x+4 T1°
Con trong trudng hop ca hai voi cing chay vao bé thi ta co:
l : 1 = _4.._ -
X X+ 4 77

B T T

o B4 ]
&*ig A

§W¥% ii';:?'_ pﬁﬂv %§% &EE‘@. 'h!tﬁn‘ I&L}_ - ‘ L ‘

Viduy 13 (Bél 46/tr 59 — Sgk): Mot manh ddt hinh du( nhar o dten tich 240m

Néu tang chiéu réng 3m va gidm chiéu dai 4m thi dién tich mdnh
ddt khéng doi. Tinh kich thudc ciia mdnh ddt.

£ Gidi
Goi x 12 chiéu dai hinh chi¥ nhat (x > 4; don vi: mét)
Suy ra, chi€u rong hinh chit nhat 1a 210—
X
Ta c6 phuong trinh: T h
240
(x —4) [-— 3] =240 <> (X|—4)(240 + 3x) = 240x
X = 20
< 3x% - 12x - 9607 0| .
e [x U6 (loal)

Vay, hinh chif nhat céchiéu. dai 13 20m, va.chiéu rong 1a 12m.
Yidw2: Tinh chiéu dai va chiéu réng cia mot hinh chit nhat. Biét hinh chit
nhdt dé c6 chu vi bang 340m va dién tich bang 7200m’.
£ Gidi
* Goi chiéu dai ctia hinh chif nhat 1a x (x > 0, m).
* Goi chiéu rong cia hinh chitnhatlay (0 <y < x, m).
Do hinh chit nhat d6 c6 chu vi bing 340m va dién tich bing 7200m? nén ta
2Ax+y)=340 _ {x+y=170
xy = 7200 xy =7200
Theo dinh li Viét, x va y 1a nghiém cua phuong trinh:
X =80
X=90
Vay, hinh chir nhat cé chi€u dai bing 90 m va chiéu réng bing 80 m.
@ Nhdn xét: Nhu vay, trong 18i gidi ctia vi du trén ta thay:
* Véi hai gia tri phai im chiing ta Iwta chon né cho hai 4n tuong img. Tir
d6, cin di thiét 1ap mot hé hai phuong trinh theo hai 4n d6.

- ong trinh dugc giai nhd heé thic Viét.
A CDTPHDSY-T2
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Yidg 3: (Bai 66/tr 64 — Sgk): Cho AABC ¢6 BC = 16cm, ditong cao AH = 12cm
Mot hinh chit nhat MNPQ ¢6 dinh M thuéc canh AB, dinh N thuoc
canh AC con hai dinh P va Q thuéc canh BC. Xdc dinh vi tri ciia dién
M trén canh AB sao cho dién tich cia hinh chit nhdt dé bang 36cm’.

&S Gidi
Ta ¢6: Synp = MN.NP = MN(AH — AK) = MN(AH - AK) = 36 (1)
s o AANIN v« AKBE bz S0 M _AK. % &
: AB BC AH
=% NI =k NC =16k " £
AK = k.AH = 12k

Thay vao (1), ta duoc:

16k(12 — 12k) = 36 < = B H C

- el Q P
Viy, diém M can chon trén canh A--Bsaoch i R hoac — 23 =£.
" AB 4 ° AB 4

Yidyg 7z Cho mét thita rudng hmh tifn?'fnhur mot nguot di theo chiéu dai hé
| phit 5 gidy, di theo chiéu 7ong hét 39 gidy. Nguwoi ta lam mét 16
di umg quanh thiia rugng rong 1 5 m rh: dién tich con lai la 5526
m?. Tinh kick fResOéike thizd dar.) 1

Déi:1 phiit 5 giay = 65 gis&y

Goi chiéu dai cua thira ruéng 1a x (x > 0, m).

Goi chiéu rong cua thira ruéng la y (y > 0, m).

Mot ngudi di bo theo chiéu dai hét 65 gidy, theo chiéu rong hét 39 gidy nén
65 5

tacé tise: 2= =2 (1)
y 39 3

Nguoi ta lam mot 16i di xung quanh thira ruéng rong 1,5 m do dé:
— Chiéu dai con lai la: x - 2x1,5 =x - 3. :
- Chiéurdngconlaila:y-2x1.5=y-3.
Biét dién tich con lai 12 5529 m? nén ta c6 phuong trinh:
(x - 3)(y - 3)=5529 (2)
T (1) va (2) ta ¢6 hé phuong trinh:

Sy
AR (3)

[ (x#B)(y —3) =5529 (x=3)(y-3)=5529 (4)
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Thay (3) vao (4), ta duoc:
[S?y - )(y -3) =5529 & (5y - 9)(y - 3) = 16587.

y =60

& 5y?-24x - 16560 =0 < 276 = x = 100.
y=——5-—- (loati)

Vay, thua rufmg cé chiéu rbng bang 60 m vﬁ chléu albing )m.__
e 0 & “ =3t .) ;.Té TeH f t. !l gﬂ{\ hhi' %» -_._, LA Fle

Yidwp 1z (Bél 63/tr 64 - Sgk) Sau hai ndm, sé ddn cua mér rhanh phé rang nr
2 000 000 ngudi /én 2 020 050 ngudi. Hoi trung binh méi nam ddn
s6 cuia thanh phé dé tang bao nhiéu phdn tram?

& Gidi

Goi x 12 ti 1é tang dan s6 hang nam cia thanh phé (x > 0, don vi: %).
Suy ra, s6 dan ting sau nam thi nhat 1a 2000000x.
Do dé, sau nam thit nhat s6 dan thanh pho 1a:
2000000 + 2000000x = 2000000(1) + x).
Sau nam thit hai, s6 dan cia thanh phé 12 2000000(1 + x)x.
Ta c6 phuong trinh: 2000000(1 + x) + 2000000(1 + x)x = 2020050 <> x =0,5.
Vay, trung binh méi nam dan s¢ cia thanh phd d6 tang them 0,5%.

Vidp 2: (Bai 49/tr 59 — Sgk): Hai déi tho quét son mét ngbi nha. Néu ho cing
lam thi trong 4ngayxong viéd) Néuho'lam riéng thi méi déi phdi
lam trong bao nhiéu-ngay-déxong-viéel—

£ Gidi

Goi x 12 thoi gian riéng déi I hoan thanh céng viée (x > 0, don vi: ngay)
Do d6, thoi gian déi IT 1am riéng 12 (x + 6) ngay.
Trong 1 ngay:

®= P0oi I hoan thanh 4 cong viéc.
x -

®  Poi I hoan thanh

cong viéc.
X+6

= Ca hai doi cing am thi hoan thanh i- cong viée.

=6
Tir 85, i o6 phvamg tinh; — +—— m L esnP=2x~W=0e5 | |
X x+6 4 X =—4 (loai)

Vay, néu phai 1am riéng thi déi I hoan thanh céng viéc trong 6 ngay va doi

IT hoan thvtrong 12 ngay.
A 5 CDTDHDSY-T2
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Yidw3:s Muon lam xong mét viéc cdn 480 cong tho. Nguoi ta c6 thé thué mot
trong hai nhém tho A hodc B. Biét nhém A it hon nhém B la 4 nguoi
va néu giao cho nhém B thi céng viéc hoan thanh som hon 10 ngay
so voi nhém A. HGi s6 nguoi cia méi nhém.

&5 Gidi
(Go1 s6 nguoi cua nhom A la x (x > 0, nguoi).
Suy ra, s6 ngudi ciia nhém B la: x + 4 (nguoi).
Vi gia thiét:

= Neéu thué nhém A thi thoi gian hoan thanh cong viéc la: ﬂ
X
at Fd . L . u 5 . \ 480
* Néu thué nhém B thi thai gian hoan thanh cong viéc la: o
X +

* Do nhoém B hoan thanh sém hon so v6i nhém A la 10 ngay nén ta co

phuong trinh: 230 _ 103 AB(x+4) - x(x + 4) - 48

X X44

12
:| [x ¥ -16 (loai)
Vay, nhém A c¢6 12 nguoi va nhém B c6 16 ngudi.

@ Chi y: Voivi du treHOHE BE 3o 115 88 Nt nhom A va y 1a s6 nguoi
nhém By Baudo ta thict1ap edehéphyong rinh:

5-:18—0x =4480 E=
= ;

SxP+4X-192 = Od{

y X
Vidp 4: (Bai 42/tr 58 — Sgk): Bdc Thoi vay 2 000 000 déng cua ngan hang
dé lam kinh té gia dinh trong thoi han 1 ndm. Lé ra cuéi ndm bdc
phdi trd cd vén lan lai. Song bdc da duoc ngan hang cho kéo dai
thot han thém 1 nam nita, s6 lai cua nam dau duogc gop vao vai vén
dé tinh ldi ndm sau va ldi sudt vdn nhu cii. Hét hai nam phdi trd tdt
cd la 2 420 000 déng. Hoi lai sudt cho vay la bao nhiéu phan tram
trong mét nam?
£ Gidi
Goi x la 141 xuét vay ngan hang trong mé6t nam (x > 0, don vi: %)
Béc Thai vay 2 000 000 déng ctia ngan hang dé 1am kinh t€ gia dinh trong
thoi han 1 nam. Do dé, tién 1ai cia nam thi nhat 1a 2000000x
Vay, ca tién vay va tién lai phai tra sau 1 nam la:
+ 2000000x = 2000000(x + 1).
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S6 tién ca von 14n 1ai sau nam thi hai la:
2000000(x + 1) + 2000000(x + 1)x = 2000000(x + 1)?.

Do dé, ta c6 phuong trinh:
10
X=—
21 100
2000000(x + 1)* = 2420000 <> x* +2x-—ﬁ-0<:> -
X =——— (loai)
s 100

Vay, Bic Thaoi vay véi 1ai sudt 10%.
Vidp 52 Mot t6 sdn xudt theo ké hoach phdi lam dugc 720 sdn pham. Néu
tang ndng xudt lén 10 sdn pham méi ngay thi so véi giam ndang xudt
di 20 sdn phdm mdi ngay thoi gian hoan thanh ngdn hon 4 ngay.
Tinh ndng xudt dv dinh.
£S Gidi
Goi niang xuét du dinh 12 x (x > 0, san phdm/ngay).
Néu tang nang xudt 1én 10 san phﬁ.m mdi ngiy thi thdi gian hoan thanh
720 ~ H

x+10"
Néu giam nang xuit di 20 san phﬁm mébi ngay thi thoi gian hoan thanh cong
720 - .
x—-20
Do thoi gian chénh léch 13 4 ngay nén;ta c6 phuong trinh:

20, 4= 72 s Tn=20yF AKX F 10)x - 20) — 720(x + 10)

x+10 x —20

cong viéc la:

viéc la:

x =80
x = =70 (loai)
Vay, nang sudt du dinh 12 80 sdn phdm mot ngay.

<:>4x2—40x-22400=0<::>[

C. BAI TAP LUYEN TAP
Bai 1: Tim hai s6 biét hiéu ciia chiing bing 5 va téng cdc binh phuong ctia chiing
bing 125.
Bai 2: Tim hai s6 biét téng clia ching bing 25 va hiéu cic binh phuong ctia ching
ciing bing 25.
Bai 3: Lic 7 gio sang m6t 6t6 khai hanh tir A dé dén B cach A 120 km. Sau khi di

duogc % quang dudng 6t6 dimg lai 20 phiit dé nghi réi di cham hon truée 8 km/h. Oto
dén B lic v Hoi n6 nghi hic may gio ?
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Bai 4: Mot nguoi di tir A dén B ro6i lai tro vé A. Lic vé di duge 30 km ngudi do nghi
20 phut. Sau khi nghi xong, nguoi d6 di véi van téc nhanh hon trude 6 km/h. Tinh van
toc hic di. Biét quang duomg AB dai 90 km va thoi gian di bang thai gian vé ké ca nghi.
Bai 5: Mot nguoi di xe dap tir A dén B céch nhau 33 km véi van téc xdc dinh. Khi tir
B vé A nguéi dé di bang duong khac dai hon dudng trude 29 km nhung véi van t6e
lon hon van téc¢ hic di 3 km/h. Tinh van téc hic di. Biét thoi gian vé nhiéu hon thai gian
dila 1 gio 30 phat.
Bai 6: Mot 616 di tir A dén B réi quay trg vé A ngay. Sau khi 6t6 di duoc 15 km thi
mot ngudi di xe dap tir B vé A. Tinh van téc moéi xe. Biét:

—  Quing duong AB dai 24 km.

— Van t6c 616 nhanh hon xe dap 37 km.

— 016 quay trd vé A sém hon xe dap dén B 1a 44 phiit.
Bai 7: Mot 616 du dinh di quang dudng AB dai 60 km. Trong mét thai gian nhat
dinh, trén nira quang duong AB do dudng x&u nén 6t6 chi di véi van toc it hon du dinh
6 km/h. Dé dén B diing du dinh, 6t6 phii di quing duong con lai véi van téc nhanh hon
van toc du dinh 10 km/h. Tinh thoi gian du dinh di hét qu.'ing duong.
Bai 8: Mot 16 lao dong hoan thanh dao-dip 8000 m’ d4t trong mot thdi gian nhat
dinh. Néu méi ngay vuot mitc 50 m’ thi| lé la@ d{mg hoan thanh ké hoach sém 8 ngay.
Tinh thai gian du dinh.
Bai 9: Mot nong truong phal trong 75 tmimg voi nang suat da dinh oir truéc. Nhung
trong thuc t&, khi bét tay vao tréng rimg thi méi tuén nong trudng tréng thém duoc 5
ha. Do vay, ho da hoan thanh)céng) vi¢c-sémyhon duf dinhy 1 tudn. Tinh nang suat du
dinh cia nobng truong.
Bai 10: M6t khu vuron hinh chimnhatsed chu | vio 280 imy Nguoi ta lam mét 161 di xung
quanh khu virom réng 2 m. Dién_tich con lai 1a 4256, Tinh chiéu dai va chiéu rong cta
khu vuon.
Bai 11: Hai voi nuéc cung chdy viao mo6t bé nuéc can néu ea hai voi cing chdy mot lic
thi sau 4 gio thi ddy bé. Néu timg voi chay moét thi thdi gian vdi I chay nhanh hon voi
IT 14 6 gio. Hoi mbi voi chdy mot minh thi sau bao lau ddy bé.
Bai 12: Hai vdi nuéc cung chay vao bé trong 6 gidy 40 phiit. Néu chay riéng timg voi
mot thi méi voi phai chdy trong bao lau méi ddy bé. Biét ring voi thit hai chay lau hon
voi thif nhat 3 gid.

D. HUGNG DAN - PAP SO
Tham khao cdc vi du co ban trong phdn phuong phép giai toén.
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PHAN HINH HQC
CHUONG Il - GOC VOI PUONG TRON

HOBEl  C6c G TAM-56 PO CUNG
A. TOM TAT Li THUYET __

s PR WY TS £ FIvags

e

B. PHUONG PHAP GIAI TOAN

Vidwp 1z (Bai 1/tr 68 — Sgk): Kim gior va kim phit cia déng hé tao thanh mot
géc d tam c6 sé do la bao nhiéu dé vao nhimg thoi diém sau:
a.3gid. b.Sgiv. c.6gd  dl2gd. e 20 gy

& Gidgi
a. 90°. b. %xS:lSO". c. 180°. d. 0° e 316;—°x4=120°.

Vidg2: Cho duomg tron (O, R), ddy AB =R. Tinh s6 do hai cung AE.

&S Gidi
Xét AOAB, ta c6:
OA =OB = AB =R < AOAB déu = AOB = 60°.
Tu dé6, ta duoc: A 3

6) clia cung 16n AB bing 360° — 60° = 300°.

A B CDTPHDS9-T2
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Yidp 33 (Bai 5/tr 69 — Sgk): Hai tiép tuyén cua duong tron (O) tai A va B car
nhau tai M. Biét AMB = 35°.
a. Tinh s6 do cua géc o tam tao boi hai ban kinh OA, OB.
b. Tinh s6'do méi cung AB (cung lém va cung nho).

&5 Gidi
a. Taco: AOB+ OBM + BMA + MAO = 360°

Do d6: AOB=360° — 90° — 90° — 35° = 145°.
b. Tacé: sdAB,,, = 145°.

sdAB,, =360° - 145° = 215".
Yidu4: Cho duong tron (O), géc o tam AOB = 120°, goc o tam AOC = 30".
Tinh sé do cung BC.

&S Gidi C

Ta c6 hai truong hop: A B
Truong hop 1: Diém C nam trén cung lén AB.

Khi d6: sdBC =sdAB + sd AC £/120%+ 30° = 150°.
Truong hop 2: Diém C nam trén cung| ’nﬁhi AB

Khi d6: sd BC = sd AB - sd AC £420% - 30° = 90°.

= Nhan xét: Nhiéu em hoc sinh. khl thue hten vi du trén chi xét mot trong
hai truong hdp, dé tranh mic phal nhu'ng thiét sot kidu nay

can hoc thudg that ki dinh nghiavé goc o tam.
Yidp 5 Cho AABC 6 A=--B-=P.-Ducng-tron (0) néi tiép tam gidc tiép
xtic voi AB, AC, BC theo thictw o D, E, F.

B

s, A
a. Tinh s6 do cung nho va cung lon DE.
b. Tinh s6 do cung nhé va cung lén EF . = E
&S Gidi
a. Xét tit gidc ADOE, ta cé: B F C

DOE =360"-A - D —E =360"— o — 90° - 90° = 180° —
Vay, ta duoc:
* S6 do (d6) chia cung nhé DE bing 180° - a.
« S6do (d6) ciia cung 16n DE bing 360° - (180° - a) = 180° + c.
b. Trong AABC,tacé C =180°— A - B =180°—a - P.
Xét nr gidc CEOF, ta cé:
EOF =360°— C — F —E =360°- (180° - o — B) — 90° — 90° = ot + P.
Vay, ta dugc:
» S0 do(do) cua cung nho EF bang o + B.

‘ﬁ{(ﬂﬁ) cua cung lén EF bang 360° - (a + B).
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Vi dwp 8 Chitng minh rdng néu mot tiép tuyén song song véi mot day thi tiép
diém chia déi cung cdng day.

&S Gidi 0
Goi I 12 ti€p diém, néi OI cit AB tai M, ta cé: M
OI L xy (tinh chat cua ti€p tuyén) A 8
Mit khic:AB//xy = OI L AB X O

=> IA =1B, tinh chit duong kinh vuéng géc véi mot day.

@ Nhdn xét: Vi du trén 1a mot trudng hop dic biét cda dinh Iy hai cung
chin giita hai day song song.
Yidgp 7z Cho duong tron (O) duomg kinh AB va mét cung AC ¢6 sé do nho
hon 90°. Vé ddy CD vuéng géc véi AB va ddy DE song song voi
AB. Chitng minh rang:

a. AC = BE. b. Ba diém C, O, E thing hang.
£ Gidi
a. Tac6 AB vudng g‘éi vé‘igD nén; : #
AC=AD= AC'=AD. |:|i(000 (1) Al B
Ta c6 AB song song v6i DE néniz| D( i
AD=BE = AC = BE. (2)

Tix (1) va (2) suy ra AG = BEdsachmiel n
b. Tacé: O, + 0, =180°(hai géc ké bi), O, =0, (vi AC = BE < 180°)
= 0, +0, =180° =.C, O, E thing hang.

C. BAI TAP LUYEN TAP
Bai1: Cho duong tron (O, R), ddy AB=R+/2 . Tinh s6 do hai cung AB.
Bai 2: Cho AABC cé A = 70°. Dudng tron (O) ndi tiép tam gidc ti€p xic véi AB, AC

theo thi tu & D, E. Tinh s6 do cung nho DE .
Bai 3: Tir mot di€ém A & bén ngoai dudng tron (O) vé hai tia ti€p tuyén AM va AN,
ching tao véi nhau mét géc a.

a. Tinh s6 do (d6) ciia cung I6n MN .

b. Timot diém I trén cung nho MN , vé tiép tuyén véi duong tron cit AM va AN
14n lugt tai B va C. Tia OB va OC cét dudng tron ldn lugt tai D va E. Chimg

minh ring s6 do cua cung nhd DE c6 gi4 tri khéng déi khi diém I chay trén

cung nho MN .
Bai4: Cho dudng tron (O) va day AB. L4y hai diém M va N ném trén cung nho AB chia

cung nay théng ba cung bang nhau AM = MN = NB. Cic bin kinh OM va ON cit AB

t@lc? g minh ring AC = BD va AC > CD.

CDTDHDS9-T2
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Bai §: Cho duong tron (O, R) va mot day AB sao cho s6 do cua cung I6n AB giap doi
cung nho AB. Tinh dién tich AAOB.

. ‘ ' 3
Bai 6: Cho hai duong tron dong tam (O, R) vi [0; -R—-\T/;J Tiép tuyén ctua duong

tron nho cat duong tron I6n tai A va B. Tinh s6 do cua hai cung AB.
Bai 7: Cho C la mot diém nam trén cung AB cua duong tron (O). Piém C chia cung AB
thanh hai cung AC va CB. Chimg minh ring sd AB = sd AC + sd BC.
Bai 8: Cho AABC. Goi O la tam cia duong tron di qua ba dinh A, B, C.
a. Tinh s6 do cac goc ¢ tam tao bai hai trong ba ban kinh OA, OB, OC.
b. Tinh s6 do cdc cung tao boi hai trong ba diém A, B, C.

D. HUONG DAN - PAP SO
Bai 1. Xét AOAB, ta cé:
OA’ + OB’ = R? + R? = 2R? =AB* <> ADAB vuong can tai O

= AOB=90". e—
T dé, ta duoc: A B
= S6 do (d6) cua cung nho AB bar}g, 99'3. A
»  S6 do (dé) ctia cung l1én AB bfmg 360° - 90° = 270°. F
. E
Bai 2. Xet nr gidc ADOE, 3685 hadsachmien phi.compf1}/
DOE =360°~A-D —E I\ A
= 360° —70° DYQNe2gpPck HagPoc SachOnlineB C
Viy, s0 do (do) cua cung nho DE bang 110" B M
Bai 3. 7.0
a. Xét nt giic AMON, ta c6: A 4
MON =360°—A - M-N X
=360° — ot — 90° — 90” 180° - CX

Khi d6, s6 do (d6) ciia cung 16n MN bang: 360“ ~(180° — o0) = 180° + .
b. Nhan xét ring:

= BM va Bl la hai ti€p tuyén nén BOM = BOI = BOI= % MOl .
* CN va CI 14 hai tiép tuyén néen CON = COl = COl= % NOI .

Khido:DOE=§““01+(’56"I=-;-1\7[_61 +%1T16‘1 =%(1\71"6“1+N"61)

1 .
MON = (180’ - @) = 90 - % c6 gid tri khong d6i.

<> g6'do clia cung nho DE c¢6 gia tri khong déi.
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Bai 4.

a. Xét hai tam gisc AOAC va AOBD, ta c6: AOC = AOD, vi AM =NB
OA = OB, ban kinh dudng tron

OAC = OBD, vi AOAB cn tai O
Do d6: AOAC = AOBD = AC = BD, dpcm. T
: : A B

b. Trong AOAD c6 OC la tia phan gi4c, do dé: Y NS
AC=OA>0A=I = AC > CD, dpcm. N
CD OD ON

Bai 5. Vi gia thi€t "Sé do cua cung lom AB gdp déi cung nho AB", suy ra:
AOB = 120°.

Ha OH vuéng géc véi AB.

Xét AOAH vuéng tai H, ta cé:

Kﬁfi=%m=60°=>O'AH=90°—60°=30° a

Khids: OH=20A== (@] -

B

AH?’=0A?’+40OH*=R?’- — = — & AH= -
nloadbachmdennhi com 2
Xét AOAB, ta c6:

Saons =%OH.AB =%0H.2AH=0H.AH= %.Rf _RV3

4

Bai 6. Nhan xét ring, trong AOAB cén tai O cé:
OA = OB =R va dudng cao OH = 52‘5

= AOAB déu = AOB = 60".
Khi dé:
* S6 do cung nhd AB bing 60°.
* S6docung l6n AB bing 360° - 60° = 300°.
Bai 8. Hoc sinh tu vé hinh.
a. Tacé: AOB=180°— (OAB + OBA) = 180° — (30° + 30°) = 120°.
AOC= BOC = 120°.
b. Tacé:
sdAB,,; = 120°; sdAB,,, = 240°.
sdAC,,, = 120°; sdAC,,, = 240".

gﬁé = 120° ; sdBC,,, = 240°.
ﬁ CDTPHDS)-T?
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ot 3 -
CHUPE2  LIEN HE GITA CUNG VA DAY

A. TOM TAT LI THUYET

Déi véi hai cung nhé trong mot duong tron:
1. Hai cung bang nhau khi va chi khi chiing cing hai day bing nhau.
2. Cung I6n hon khi va chi khi né cang day 16n hon.
Trong dub‘ng tron (Q), ta c6 minh hoa:
AB =CD < AB=CD & AOB= COD.

AB>CD < AB>CD < AOB> COD.

B. PHUONG PHAP GIAI TOAN
Vidy 1z Cho AABC vuényg can tai A va néi tiép trong duong tron (0O). Chimy
10 rang: A

a. AB=AC. b. AB<BC. m
5 Giai B P
Xét AABC vuong can fai A, ta cgngay:h v

AB = AC (hai canh bén cua tam gléc can) < AB = AC.
AB < BC (canh géc vuéng rthé hon canh huyén) & AB < BC.

@ Chu y: I
1. Gitta duong kmh Vi day va cung Cc’mg day c6 su lién hé nhu " Duong
kinh vuéng goc varidayithi )
*» Duong kinh di qua trung d;ém cua. da b
» Duong kinh di qua diém chinh giita cda cung"
2. Hai cung chén giita hai day song song thi bing nhau.
Vidyg 2: (Bai 10/tr 71 — Sgk):
a. Vé duong tron tam O, bdn kinh R = 2cm. Néu cdch vé cung AB
6 56 do bdng 60°. Hoi ddy AB dai bao nhiéu xentimét?
b. Lam thé nao dé chia dioc dicomg tron thanh sdu cung bdng nhau
nhue trén hinh sgk.

£ Gidi
a. Cach vé:
* Ly diém A tuy ¥ trén dudmg tron.
® V& dudng tron tdm A, ban kinh OA = 2cm.
*  Puodng tron (A) cit (O) tai B.
* Cung AB = 60° cdn dung va AB = 2cm.
Chimg minh:
Du‘b‘ng tron tAm A, b4n kinh OA = 2cm cit (O) tai B = OA = AB.
Ngoakra ta c6 OA = OB
'V #AOAB déu = AOB = 60° = cung AB = 60°.
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b. Dé chia hinh tron (O ; R) thanh 6 cung bing nhau. Ta thuc hién theo cic
budc sau:
Buoc 1: Tir di€ém A bat ki trén dudng tron (O ; R), vé dudng tron (A ; R)
cét (O) tai B.
Buwoc 2: T diém B vira vé, vé dudng tron (B ; R) cit (O) tai C.
Buéce 3: T diém C vira vé, vé dudng tron (C ; R) cit (O) tai D.
Buéc 4: Tudiém D vira vé, vé dudng tron (D ; R) cit (O) tai E.
Buoc 5: Tu diém E wira vé, vé dudng tron (E ; R) cét (O) tai F.
Vay, c4c diém A, B, C, D, E chia dudng tron (O) thanh 6 cung bing nhau.
Yidwp 3: Cho duomg tron (O), day AB. Goi M la diém chinh gitta ctia cung
AB. Vé dday MC cat day AB tai D. Vé duong vuéng géc véi AB tai
D, cat OC & K. Chiing minh rdng AKCD ld tam gidc cdn.

&S Gidi ¥
Vi M Ia diém chinh giita clia cung AB nén: 17)
OM L AB = OM /KD A

W pB
= KDC = OMC = OCM =3 AKCD la tam gidc can.

¥ Nhdn xét: Nhu vay, vi du trén dﬁ rmnh hoa cho chiing ta thay viéc stt dung
tinh chit duong kinh' vudng goc vai mot day d€ gidi toan. Vi du
tiép theo s& minh hoa viéc st dung tinh chat " Har cung chdn giia
hai ddy song song".. -
Vidp4: (Bai 13/tr 72 — Sgk): Chu'ng mmh rang hal cung chdn giita hai day
song song thi bang nhau | ch Onli

£ Gidi
Xét hai day song song AB va CD, ké duong kinh MN L AB, khi dé vi :
AB//CD = MN L CD.

Do tinh d6i xiing truc: NA = NB va NG = ND 9
Suy ra: NA-NC=NB-ND = AC = BD. A B
@ Nhdn xét: M réng, ching ta c6 thém tinh chat: CNP

" Ttép tuyén song song vor mot dy thi tiép

diém chia doi cung cdng ddy". O

Tuc 14, theo hinh vé ta cé: o A B
xy // AB=> AM=BM < AM = BM. X=MY

Yidy 52 Cho AABC ¢6 ba géc nhon néi tiép duomg tron (O). Puomg cao AH
ctia tam gidc cat duong tron ¢ D. Vé duong kinh AOE.
a. Chitng minh rang BEDC la hinh thang can.
b. Goi M la diém chinh giita ctia cung DE, OM cdt BC tai 1. Chimnyg
minh rang I la trung diém ciia BC.
. Tinh bdn kinh duong tron biét BC = 24cm, IM = 8cm.

CDTDHDS9-T2
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&S Gidi
a. Taco: AD L BC — theo gia thiét
AD 1 DE -vi AE la duong kinh.
— BC // DE = BE = CD - hai cung chin giita hai day song song.
— BE = CD - lién hé gitra cung va day.

Mat khéc ta co:

BE + ED = CD + ED = BD = CE = BD=CE.

Vay, BEDC la hinh thang can.

b. Tacé: BE + EM = CD + DM = MB = MC
= IB =IC - duodng kinh di qua diém chinh giita cia cung.
c. Tacé: BI=IC=> OI L BC (dudng kinh di qua trung diém day).
bat OC = OM =R, xét AOIC vuéng:
OC*=0I'+IC* & R*=(R - 8)* + 12°
< R*=R*-16R + 64 + 144 = 16R =208 = R = 13cm.
@ Nhdn xét:

1. Hinh thang c6 hai canh ben b&ng rlhau chua du 1a hinh thang can. Do
d6 khong thé chu:ng minh | BDEC 1a hinh thang can bing cach chung
minh BD = CE dé suy ra BD = CE.

2. Cau c) la mot baijtoan| thuc &' Biét do idai ddy BC va khoang cdch IM
tir trung diém diy dén diém chinh gura c.mg bi truong, ta im duoc
ban kinh cua duongtronch |

Vidy 6: (Bai 11/tr 72 - Sgk) Clw haz dwang t:on bcmg nhau (0) va (Q') cat
nhau tai hai diém A va B. Ké cac duong kinh AOC, AO'D. Goi E la

giao diém thit hai ciia AC véi duong tron (O').

a. So sanh cdc cung nho BC va BD.
b. Chimg minh rang B la diém chinh giita cua cung EBD (titc la
diém B chia cung EBD thanh hai cung bdang nhau: BE = BD).
£ Gidi
a. T gidc AOBO' 1a hinh thoi do AO=0B=0'A=0B
Do d6: AOB = AO'B. Suy ra, BOC = BO'D = sd BC =sdBD.
Do (0) va (0') 1a céc dudng tron bing nhau va sdBC = sdBD nén BC =BD.
b. GoiIla giao diém cia O'B va DE.
Laicé, OA //O'B

Theo dinh ly Talét, ta cé: 2 2l L
DE DA 2
Suy ra, I 1a trung diém ctia DE.
K
&
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Mat khiac, AEAD vuong tai E (vi EO'=0'A =0'D)

= DE L AO = DE 1 BO' (vi AO // BO').
Xét ABED cé

BI vira 12 dudng cao vira la trung tuyén = ABED la tam giic can dinh B.
Do dé: BD = BE = cung BD = BE hay B 1a diém chinh giita cung EBD.

C. BAI TAP LUYEN TAP
Bai 1. T gisc ABCD c6 B =D =90°. Biét AB < AD, chimg minh ring BC > CD.
Bai2. Hai dudng trdn (O) va (O’) ciing bén kinh cit nhau tai M va N.
Ching minh ring hai cung nhé MN cita hai dudng tron bing nhau.
. VE& cdc dudng kinh MOA va MO’B. Chiing minh ring NA = NB
c. V& dudng kinh NOC. Tia BM cét dudng tron (O) tai D. Chimg minh rang céc
cung nho MN, AC va CD bang nhau.
Bai 3. Cho AABC. Trén tia d6i cua tai AB 4y mot diém D sao cho AD = AC. V& dirdmg
tron tam O ngoai ti€p ADBC. Tir O l4n luot ha céc dudng vudng géc OH, OK véi BC va
BD (H € BC, K € BD).
a. Ching minh ring OH > OK.

b. So sdnh hai cung nh&BD va BT

Bai 4. Trén day cung AB ciia dudng trdn (O) la'yhandlém Cva D sao cho AC=CD = DB.
Ciéc bén kinh qua C va qua D ¢it'cung nhd/ AB I8n/luet tai E va F. Chimg minh ring

AE =BF < EF.
Bai 5. (Bai 14/tr 72 — Sgk):

a. Chimg minh ring dudng kinh di qua di€ém chinh giita cia mét cung thi di qua
trung diém ctiia day cang cung 4y. Ménh dé dio c6 diing khéng? Hay néu thém
diéu kién dé ménh dé ddo diing.

b. Chimg minh ring dudng kinh di qua di€ém chinh giita cha m6t cung thi vuéng
goéc véi day cang cung dy va nguoc lai.

D. HUOGNG DAN - PAP SO

Bai 1. Véi gia thiét B=D =90, suy ra: D
ABCD noéi tiép dudng tron duong kinh AC.

Tacé: AB<AD < AB<AD < — AB>-AD
< 180°— AB > 180°— AD < AC — AB > AC - AD
< BC > CD < BC > CD, dpcm.

A C

Bz}i 2,

—

Ay cung chung cua hai dudng tron bing nhau nén hai cung nhd MN
cua h on bing nhau.

CDTDHDSY9-T2
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b. Tacs: AM = MB, vi hai duong tron bing nhau

AN =AM — MN = MB — MN = NB, dpcm.
c. Ti giac ACMN la hinh binh hanh vi ¢6 hai duong
chéo citnhau tai trung diém mébi duomg, nén:
CM//AN= AC = MN. (1)
Mat khic, ta cé:
A, N, B thing hang va AN = BN
— ON la dudng trung binh cia AABD = CN /DM = MN = CD. (2

Tir (1) va (2), ta duoc WN = A—é = (3_]3 dpcm.
Bai 3.
a. XétAOBD va AOBC can tai dinh O c6 cdc dudng cao ke tir dinh
theo thu tu 1a OK va OH nén ching déng thoi la cic trung tuyén.

Do d6: KD = %BD;HC= %BC.

Mat khic, trong ADBC c6: BD = BA + AD BA + AC > BC.

Suyra KD > HC. B i C
XétAOKD va AOHC vuong, ta c§: B

OK = yOD? —KD? = JOCZ =KD’ < 1/OC’ —HC® =OH
Vay, talubnc6 OK<OH.
b. Tac¢6: BD > BC = cungBD 35 et
Baid. (Hoc sinh tu vé hmh) Huo';gig\_dgq;_l;_h g g
a. Tadi chimg minh AE = BF.
Nhén xét ring: AAOC = ABOD (c.g.c) = AOE = BOF < AE =BF.
b. Ta di chimg minh AE <EF.
Cdch I: Chimg minh ring AOE < EOF .
Cdch 2: Sit dung phuong phép chiing minh phan chimg.
Bai S.
a. Giaslr duong kinh CD ctia dudmg tron (O) ¢ C 1a diém chinh giita ciia cung AB.
Ngtia 13, ta c6: AC = CB. Suy ra, O, = 0,.
Goil la giao diém ctia CD va AB, ta cé:
OI vira la tia phan giac vira 1a trung tuyén cia AOAB.
Vay, 112 trung diém cha AB.
Méh dé dao khong diing, ta c4n bd sung thém: "Pudng kinh di qua trung diém
mot dar khong di qua tam cua dudng tron thi né vudng géc véi day dé".
b. Dumg kinh CD di qua C 12 diém chinh giita cung AB nén: AC = CB.

Suyra: AOC = COB = OC Ia tia phan gidc ciia géc AOB.
Vi .\O@an tai O nén duong phén gidc déng thdi 1a dudng cao.

CLAB& CD L AB.
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GOC NOI TIEP

A. TOM TAT Li THUYET
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B. PHUONG PHAP GIAI TOAN

Vandé 1: GIAI BAI TOAN PINH LUQONG

Yidyp 1z (Bai 17/tr 75 — Sgk): Muén xac dinh tam cua mot duony tron ma chi
ditng éke thi phai lam nhi thé nao?
5 Giai
D¢ xdc dinh tam cia mot dudng tron ma chi dung éke, ta thuc hién theo céc
budc sau:
Bugc 1. Ké dudng thang cit dudng tron tai A va B.
Buéc 2. Qua B, dung éke ké duong thang vuéng géc véi AB tai B va cat
duong tron tai C.
Bicge 3. N61C véi A.
Bicc 4. Qua A, dung éke ké duong thing vuéng goc véi AB tai A va cat
duong tron tai D.
Buoc 5. Noi B véi D.
Giao diém ctua AC va BD la tam cta duong tron.
Yi dp 2: Dtmg mot tam. gidc vuong» bm canh huyén dai 4cm va mor canh
goc vuong dai2,5cm. || H

&5 Gidi
Gia st dung duoc AABC vuong c6 canh huyén BC = 4cm, canh géc vuong
AB =2,5cm.
Goi O 1a trung diém ctia BC Ta cd: OB OC OA 2 (cm)
Vay, AABC néi ti€p diurong tronduong kinhBC ¢6 canh AB = 2,5cm.
Cach dumg: Ta thuc hién theo.cic.budc.sau..
Buwoc 1. Dung duong tron ban kinh r = 2cm.
Bugc 2. Qua O ké duding thing d cit duong tron tai hai diém B va C.
Buge 3. Dung dudng tron tam B, ban kinh 2,5¢cm va cit dudng tron (O) tai
A, vaA,.
Vay, AA,BC va A,BC thoa man dé bai.
@ Chity: Tai budc 3, ta ciing c6 thé dung duong tron tdm C, ban kinh
2,5cm va cit dudng tron (O) tai A, va A,
Yidp 3: Cho AABC. Duong tron (1) néi tiép tam gidc tiép xiic véi BC, AC,
BA theo thit tt 6 D, E, F. Cho bié¢t BAC = EDF . Tinh s6 do ciia

goc BTC
&5 Gidi A
Ta c6: EDF = % EIF, géc néi ti€p va géc & tam
¥ g e e
~ BIF & EIF =2BAC. e
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Xét nt gidc AEIF, ta cé:
AEI = AFI =90°, vi (I) ti€p xtic v6i AB, AC
BAC+ AEI+ EIF + AFI =360°
& BAC+90° + 2BAC+ 90° = 360° < BAC= 60°.

@ Nhdn xét: Nhu vay, trong 19i gidi clia vi du trén ching ta da sit dung céc
két qua dé gidi né, cu thé:
» MG6i lién hé giita goc noi tiép vadi goc d tAm.
* Tinh chat cua dudng tron noi ti€p tam giac.

» Téng cac goc tmng mOt tut gidc.

GIAT BAI TOAN PINH T}

ﬂj-__h (Bél 19/tr 75 — Sgk): Cho dwang tron tam O du&ng kmh AB va S la
mot diém nam bén ngoai duong tron. SA va SB ldn luot car duong
tron tai M, N. Goi H la giao diém ciia BM va AN. Chitng minh rdng
SH vuong goc voi AB. |

&S Gidi —Hoc sinh tu vé hinh | ¢
Ta c6, AMB va ANB la cic géc n61 tlé'p chan nira dudng trdn nén:
BMA = ANB = 90°. -
Do d6: BM 1 AS, ANJ_SB=>H]&tnICtamcuaASAB
Vay, tadugc AH L AB.

Yidwp2: Cho duomg tron,(Q), duong kinh AB; diém D thuéc duong tron. Goi
E la diém déi ximg voi A qua D, Goi K la giao diém ciia EB véi
duomg tron (O) va H la giao diém ciia BD véi AK.
a. AABE la tam giac gi ?

b. Chimg minh rang EH vuéng géc véi AB.
c. Chimg minh rang OD vuéng géc véi AK.

&S Gidi
a. Xét AABE, ta cé:
ADB =90°, géc néi ti€p chin nira dudng tron <> BD L AE (1)

tic 1a BD wira 13 trung tuyén vira 12 dudng cao, do dé6 AABE cén tai B.

b. Tacé ngay: AKB =90", g6c ndi ti€p chin nira dudng trdn < AK L BE. (2)
Tir (1) va (2) suy ra H 1a truc tam AABE, do d6 EH L AB.

~¢. Nhan xét ring OD la dudng trung binh cia AABE, do dé:

OD // BE < OD 1 AK, dpcm.

¥ Nhén xét: Nhu Vay, trong 13i giai cua vi du trén chung ta da sit dung cac
két qua vé s6 do cta goc ndi ti€p chin nita dudng tron.

CDTDHDSS-T2

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Yidgp 3z (Bai 22/tr 76 — Sgk): Trén duong tron (O) duong kinh AB, ldy diém
M (Khdc A va B). Vé tiép tuyén ciia (O) tai A. Pucong thang BM cit
tiép tuyén dé tai C. Chitng minh rang ta luén ¢6: MA* = MB.MC

&S Gidi —Hoc sinh tu vé hinh

Ta c6: CA L AB (tinh chat cua tiép tuyén).

Suy ra AABC vuéng tai A.

Mit khic, AMB = 90" (géc ndi ti€p chin nira dudong tron) nén AM la duong
cao cua AABC.

Theo hé thiic luong trong tam gidc vuéng, ta c6: MA* = MB.MC - dpcm

Yidup4: Cho AABC ¢6 ba géc nhon. Puong tron (O) ¢é duong kinh BC cat
AB, AC theo thit tw 6 D, E. Goi 1 la giao diém ciia BE va CD.

a. Chimmg minh rang Al 1 BC.
b. Chiimg minh réng TAE = IDE.
c. Cho BAC =60 chimg minh ADOE la tam gidc déu.

&S Gidi —

a. Tacé: BDC = BEC - vi géc noi'f.t}iégggc‘]fl{in nira dudng tron

= BE, CD la duong cao cua AABC
= I la truc tam AABC = AI LT BC.
b. Ta c6 thé lva chon mot trong hai cdch sau: . .
Cich 1-Ta c6: Jwhik ddsdthii®iphi.cc
IAE = CBE —vi 'g6c nhon ¢6/ecanh tirong ting vuéng goéc
CB LIA, BE L AE.
IDE = CBE - vi géc noi ti€p ciing chén cung CE = TAE = IDE.

Cdch 2: Ta c6: ADI = AEI=90° = D, E thuoc dudng tron c6 duong kinh IA.

Khi d6, cdc géc TAE va IDE la géc néi ti€p chin cung IE ciia duong tron
dé nén IAE = IDE.

c. Trong AACD vuéng tai D c6 A =60°, ta suy ra:

ACD =30°= DOE =2ACD = 60".
Khi d6, ADOE can c6 DOE = 60° nén 1 tam gi4c déu.

Vidp 5 (Bai 26/tr 76 — Sgk): Cho AB, BC, CA la ba ddy cua dudng tron (O).
Tt diém chinh giita M ciia cung AB vé ddy MN song song véi ddy
BC. Goi giao diém cua MN va AC la S. Chimg minh rdng SM = SC
va SN = SA.

&S Gidi —Hoc sinh tu vé hinh

N6i AM va NC. Xét AAMS va ANCS, ta cé6:

M CNS (g6c noi ti€p cung chan cung MBC)

<A NCS (géc néi ti€p cing chin cung AN)
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Lai cé:
MB = MA (M la dinh chinh giita cung AB)
= NC (hai cung chén giita hai day song song).
Suy ra cung AM = NC = MA =CN.
Vay, ta c6 AAMS = ANCS (g.c.g) = SM = SC va SN = SA.
Vidwp 8 Cho hai duong tron (O) va (O’) bang nhau, cdt nhau tai A va B. Qua B
vé mét cdt tuyén cat duomg tron (0) va (0”) ldn luot tai C va D.
a. Chitng minh AC = AD.
b. Tim quy tich trung diém M ciia CD khi cdt tuyén CBD quay
quanh B.
£ Gidi
a. Tu gia thiét " hai duomg tron (0) va (O’) bang nhau ", nén hai cung nho AB
cla chiing bi bing nhau. do dé:
ACB = ADB < AACD cén tai A < AC = AD, dpcm.
b. Ta lan luot thuc hién:
Phdn thudn: Véi M 1a trung diém CD, suy ra:
AM L CD, viAACDcantalA ~ 0

& AMB =90°< M e (AB).

Vay, diém M thuéc dudmg tron dtrdng kinh AB.
Phdn ddo: L4y diém M € (AB) va gia sir dudng thang BM cat (O) va (O') theo
thit tu tai C va D, ta cén di chimg minh ‘M 12 trang diém cta CD.

That vay trong AACD can tai A, ta cd;

AMB = 90°, géc néi.tiép chin nita duﬁnlg tron
& AM L CD = CM = DM, vi tam giéc c4n dumg c40 12 trung tuyén.
Két ludn: Qui tich diém M la dudng tron dudng kinh AB.

@ Nhdn xét: Véi cac dinh 1i vé goc ndi ti€p, gbc d thm, kha ning chitng minh
cac goc bing nhau va tinh s§ do ciia géc dugc ting thém nhiéu.

Vidp 7: (Bai 23/tr 76 — Sgk): Cho mét duomg tron (O) va mot diém M ¢6 dinh

khéng ndm trén duomg tron. Qua M vé mét cdt tuyén cdt duomg tron &

A va B. Chimg minh rang tich MA.MB khéng phu thuéc vi tri cua cdr

tuyén. .
£ Gidi = .
N6i MO cit (0O) 6 CvaD. A
Ta c6 hai trudng hop:
Truong hgp 1: Hai tam gidc AAMD va ACMB cé:
M chung

ADM = CBM - géc noi ti€p ciing chan moét cung

ﬁﬁc N—
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MA _MD
— AAMD ~ ACMB = = <> MA.MB = MC.MD, khong déi
MC MB

Tricong hop 2: Hai tam gidc AAMD va ACMB cé:
AMD = BMC - d6i dinh
ADM = CBM - goc noi ti€p cung chan mot cung
MA _MD

= AAMD ~ ACMB = = —— < MA.MB = MC.MD, khong d6i
MC MB

C. BAITAP LUYEN TAP
Bai 1. Cho nira duong tron (O) c6 dudng kinh AB va C 1a mot diém bén ngoai duong
tron . Noi CA, CB gap dudng tron theo thit tw & M, N. Goi H la giao diém clia BM va AN.
a. Ching minh ring CH 1 AB.

b. Cho ACB = 60°, ching minh AOMN la tam gidc déu.

Bai 2. Cho hai duo‘ng tron bang nhau (O) va (O') cit nhau tai A va B. V& dudng thing
qua A cat (O) tai M va (O') tar N (A nim gitia Mjva N). Hoi MBN la tam giac gi? Tai sao?
Bai 3. Hai duomg tron (O, R) va (0’ r) cél nhau tai A va B. Tir A vé duong kinh
AOC va AO'D.

a. Chimg minh rang ba diém B, C, D lhang hang va AB vudng géc véi CD.

b. BiétR 2rvaCD = a, hay tinh BC va BD. .

Bai 4. Cho AABC. Hai duong tron dudng kinh AB vh AC cit nhau tai mot diém thi
hai 1a D.
a. Chimg minh rang ba dlém B, D s thang hang
b. Duong thing AC cét dudng fron duong kinh AB tai E, duong thing AB cit
duong tron dudmg kinh AC tai F. Chimg minh ring ba dudng thang AD, BE, CF
cung di qua mot diém.
Bai 5. Cho dudng tron (O) va hai day AB, CD béng nhau cét nhau tai M (diém C nam
trén cung nho AB, diém B nim trén cung nho (CD).

a. Chimg minh AC =DB.

b. Chimg minh AMAC = AMDB.

c. Tagidc ACBD la hinh gi ? Chilng minh.

Bai 6. Cho nira dudmg tron dm:mg kinh AB. Goi O 1a diém chinh giita clia nira dudng
tron va M 12 mot diém b4t ki cia nira dudng tron dé. Tia AM cét duomg tron (O; OA)
tai diém thif hai 1a N. Chimg minh ring MN = MB.

Bai 7. Cho duomg tron (O) va hai diy MA, MB vu6ng géc véi nhau. Goi I va K 14n luot
1a diém chinh giita clia cdc cung nhd MA va MB. Goi P 1a giao diém ciia AK va BI.

a. Chimg minh ring ba diém A, O, B thing hang.

b. Ching minh rang P 1a tAm dudng trdn néi ti€ép AMAB.

c. Giasir MA = 12cm, MB = 16¢m, tinh ban kinh clia dudng tron noi tiép AMAB.
Bai 8. Cho duong tron tim O dudng kinh AB va mét diém C chay trén mét nira
duong tron. VE mot duong tron (T) ti€p xiic véi dudng tron (O) tai C va ti€p xic vdi
dudmg kinh AB tai D, dudng tron nay cit CA va CB l4n luot tai cic diém thit hai 1a M
a N. GH éﬂ?inh ring:
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a. Badiém M, I, N thing hang.
b. ID L MN.
c. Dudng thing CD di qua mot diém c6 dinh
d. Neéu cich dung dudmg tron (I) néi trén.
Bai 9. Cho AABC c6 ba géc nhon ndi ti€p dudng tron (O), dudng cao AH. Keé dudng
kinh AE.
a. Tinh ACE.
b. Ching minh ring BAH = OAC.
c. GoiK Ia giao diém ciia AH v6i dudmg tron (O). Tit gidc BCEK 1a hinh gi ?
Bai 10. Cho AABC noi ti€p dudng tron (O). Tia phan gidc géc A cét dudng tron & M.
a. Chimg minh ring ABMC la tam giéc can.
b. Ching minh ring BMC = ABC + ACB.
c. Goi D la giao diém cia AM va BC. Chimg minh ring AB.AC = AD.AM.
Bai 11. Cho AABC déu n6i ti€p dudng tron (O) va M 1a m6t diém trén cung BC. Trén
tia AM 14y diém D sao cho MD = MB.
a. AMBD la tam gidc gi ? So sdnh haitam gidic ABDA va ABMC.
b. Chimg minh ring MA = MB + MC-, |
Bai 12. Cho nira dm‘mg tron dudng kinh AB K 12 diém chinh giita clia cung AB. Vé

bén kinh OC sao cho BOC = 60°.
a. GoiM Ia giao diém cia AC va OK Chli‘ng mmh rang MO = MC.
b. Cho AB = 2R, tinh MC'theo R.”

D—HUGNG-DAN—DAP SO
Bai 1.
a. Xét AABC, ta cé:
ANB = 90°, géc néi ti€p chin nira dudmg tron
<> AN 1 BC (1

AMB = 90°, géc noi tiép chin nira dubng tron <> BM LAC ~ (2)
Tix (1), (2), suy ra:
H la truc tam AABC = CH L AB, dpcm.
b. Xét ABMC vudng tai M, ta cé6:

ACB =60° <> MBC = 30° ¢ sd MN = 60°.
Mait kh4c, ta cé:

MON = sd MN = 60°.

Vay, AOMN can (vi OM = ON) va c6 mét ggc MON = 60° nén 1a tam gidc déu.
Bai 2. Hai dudng tron (O) va (O') bang nhau nén AOBO' 1a hinh thoi.

Do d6: AOB = AO'B. Theo tinh chat cua géc ndi ti€p, ta cé:

WAMB: % AOB= % AO'B = ANB = MNB.
ﬁ CDTDHPS9-T2
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Viy, ta duogc ABMN la tam gidc can tai B.
Bai 3.
a. Tacé nhan xét: ABC =90", g6c¢ noi ti€p chin nira dudmg tron (O)
ABD =90°, géc noi ti€p chin nira dudmg tron (O
— CBD = 180° < ba diém B, C, D thing hang
Ta ciing thady ngay AB vuong goc vai CD.
b. Pat BC = x, khidé BD =a — x.
* Trong AABC vuéng tai B, ta c6: AB* = AC* — BC? =4R* — x*. (1)
= Trong AABD vuéng tai B, ta c6: AB* = AD* — BD* = 4r* — (a — x)~. (2)
Tu (1), (2), suy ra:

4R? - x'=4rr —(a—x)’ @ 4R*—x*=4r* —a’ + 2ax — x* A
& 2ax=4R* -4+’ o x = LS —24r2+a: ;
Vay, ta dugc: : C B
B < 4R2—;r2+az 'BD=aT:1R1M—4r1+aZ _ a2—4R2+4r2‘
a P

[2a 2a
Bai 4. I
a. Tacé nhan xét: |
ADB = 90°, gdc noi ti€p chan nira duong tron (O)
ADC =90°, géc néitiép ¢hin il dliong tron (")
= BDC = 180° < ha diém B, C, D thing hing,
Ta ciing thay ngay AD L BC. |
b. Gia st BE cit CF tai M.
Xét AMBC, ta c6:
BEC = 90°, g6c noi ti€p chin nita dudmg tron <> CE LBM (1)
BFC = 90°, géc noi tiép chin nira dudng tron <> BF L CM )
tir (1), (2) suy ra: A la truc tam AMBC = MA 1 BC, dpcm.
Vay, ba dudng thing AD, BE, CF cung di qua diém M.

Bai 5. D
a. Tirgia thiét: AB=CD <> AB=CD.

Khidé: AC = AB-BC=CD-BC=BD < AC=BD,dpcm. B A
b. Xét hai tam gidc AMAC va AMDB, ta cé: C

MAC = MDB, géc no6i ti€p cing chin cung BC
AC = BD, theo két qua céu a)

MCA = MBD = MDB, g6c noi ti€p cung chan cung AD
do d6 AMAC = AMDB (g.c.g).
c. Tacé: E = BD <> AD // BC. Vay, tif gisc ACBD I hinh thang can.
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Bai 6. Tir gia thiét, ta c6 ngay: AOB=90°vA AMB = 90°
vi chiing déu la géc ndi ti€p chin nira duomg tron dudng kinh AB.
Maiit khéc, ta ciing c6: OA =0B = B € (0, OA)

Do dé: ANB =%Z(6‘B = 45°.

Khi d6, ABMN vuéng tai M c6 MNB = 45° nén né 1a tam gidc vuéng can, suy ra
MN = MB, dpcm.
Bai 7. '
a. TWgia thiét: AMB = 90° <> AB Ia dudng kinh

= ba diém A, O, B thing hang.

b. Xét AMAB, ta cé:

* Villa diém chinh giita cung nhd MA nén:

Al=MI < ABI=MBI < BI 12 phan gidc géc ABM

* ViK la diém chinh giita cung nhé MB nén:

BK = MK < BAK = MAK < AK I phan gidc géc MAB

Tir d6, suy ra P la tdm duong tron- n01 né'p AMAB (vi né la giao diém coa hai
duong phan giic).
c. Goir, p theo thit tir 12 ban kinh dm’mg trbn n0| ti€p va nira chu vi cia AMAB, ta ¢6:

Samas = pIr & lMAMB— —(MA+MB+AB)r

2 ‘
MAMB S MAMB
or= = —_— =4cm.
MA +MB +AB/ |0 MA & MB #x/MA? # MB?
Vay, béan kinh cua dlrbngt!énnﬁl ti€p AMAB bing 4cm. C

Bai 8.
a. Tacé: ACB =90°, géc ndi tiép chén nira dudmg tron (O)

g A B
= MCN =90° < MN la dudng kinh (I).
Vay, ba diém M, I, N thing hang.
b. Tir gia thiét: K
*  Vi(]) ti€p xiic véi AB tai D nén ID 1 AB. (1)

« Vi (D) ti€p xic véi (O) tai C nén C, I, O thing hang.
Ta cé: INC = ICN,, vi AICN can tai I; OBC =OCB, vi AOBC can tai O
Suy ra: INC = OBC < MN// AB. Q)

Tir (1), (2) suy ra ID L MN, dpcm.
c. GoiK Ia giao diém cua CD véi (0), ta cé:

ID L MN ¢ MD=ND < MCD=NCD < ACK =BCK

& AK =BK < K 1a diém chinh giita ciia cung AB,
Do d6 K c6 dinh. Vay, CD lué6n di qua diém cé dinh K.

d. Dé dun g tron (1), ta thuc hién:
K vudng géc véi AB, vm K thudc nira dudng tron khong chira diém C.
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= Noi CK cit AB tai D.
*  Dumg dudng thing qua D vudng goc vai AB cit CO tai L.
=  Dimg duong tron (I, ID) — day chinh la duong tron can dung.
Bai 9.
a. Taco ngay: ACE = 90°, géc noi tiép chin nira duong tron. O
b. Tacé: ABC = AEC, goc noi tiép cung chin cung AC CNIA
&> BAH = OAC, cung phu véi hai géc bang nhau & trén.
c. Tacé: AKE =90°, g6c ndi tiép chan nira duong tron

\
e~

<> EK L AK < EK // BC, vi cing vubéng géc véi AH (1
— BK=CE < BK =CE. (2)
Tir (1) va (2), ta két luan BCEK Ia hinh thang can.
Bai 10.

a. Tir gia thiét " AM la tia phan gidc géc A, ta suy ra:
BAM = CAM < BM =CM < BM=CM
<> AMBC can tai M.

C~>B
b. Tacé: BMC BMA + CMA ACB_-F“ABC dpcm. M
c. Xét hai tam giac AAMB va AACD, lﬁa qé”
BMA = ACD va MAB = E_E:r:gsAMB AACD
AM AB
AC D A d ms
AC " AD AB A M pc
Bai 11.
a. Xét AMBD, ta c6: MB = MD, gia thiet BMD = BMA BCA =60°
Do d6, AMBD 1a tam gidc déu.
Xét hai tam gidic ABDA va ABMC, ta c6:
BD = BM, vi AMBD la tam gidc déu B 4
ABD =CBM , vi téng ciia chiing véi CBD bing 60° "M
AB = CB, vi AABC la tam giic déu do d6 ABDA = ABMC (c.g.c).
b. Ta cé ngav: MA = MD + DA = MB + MC, dpcm. K
Bai 12. * &
a. Vi AOACcan tai O (OA = OC) nén: é Eé
OCA = OAC -%ﬁ?:=—;-60°—30° (1) A O B
Mat khic, ta lai c6: COM = BOK — BOC =90° - 60° = 30°. @)
Tir (1) va (2), suy ra: AMOC can tai M < MO = MC, dpcm.
b. Xét ADAM vuéng tai O, ta c6: MO = OA tanA = R.tan30° = -% :
R
Vay, tadl.rdc MC= ——.
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avmis  Coc TAO BOT TIA TIEP TUYEN VA DAY
CUNG

A. TOM TAT Li THUYET

' Vindél: GIAI *ﬁ "”""f‘ AN

v\‘EG

Vi dyp 1z -
tiép tuyén MT va mgﬁt cat ruyen MAB ciia du'dng tron do. Chmlg

A S . [
minh rang MT} sMAMB.c | mienphi.com T
&S Gidi o
d Sach Hay|Doc Sach Online

Hai tam gidc AMAT vh AMTB cé | I\AB
M chung w

ATM = MBT - vi géc tao bdi mot tia ti€p tuyén va mot

day va géc noi tiép cing chin mot cung

= AMAT ~ AMTB = E_ﬂ < MT? =MA MB.
MB MT

@ Nhdn xét: Vi du ti€p theo sé& sir dung sir dung két qua MA.MB khong d6i
dé giai bai todn qui tich.
Yidy 21 Cho duong tron (O) va mét diém M & bén ngoadi duomg tron. Tia Mx
quay quanh M cdt duomg tron tai A va B. Goi 1 la mét diém thuéc
tia Mx sao cho MI* = MA MB. Tim quy tich cua diém 1.

£ Gidi
Phdn thudn: K¢ hai tiép tuyén ME, MF t6i dudng tron (O). E
Ta cé: B
ME? = MF? = MA.MB = MI* M
o = MF = MI

udc duong tron (M, ME). %

A CDTPHDS9-T2
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Han ché qui tich: Vi A chi chay trén cung EF cla duong tron (O) nén I chi chay

trén cung EF cla duong tron (M, ME) nam trong duong tron (O).

Phdn ddo: 14y diém 1 € EF cha duong tron (M, ME) nim trong dudng tron

(0). Noi MI cat duong tron (O) tai A va B, ta cdn chimg minh MA.MB = MI".
That vay:MI* = ME’ = MA.MB, dpcm.

Két ludn: Vay, quy tich ciia diém I thuéc cung EF ciia duong tron (M, ME) nim

trong duong tron (O).

Vidp 3: (Bai 33/tr 80 — Sgk): Cho A, B, C 1a ba diém trén mét dicomg tron. At
la tiép tuyén cua dicong tron tai A. Puong thang song song voi At
cat AB tai M va cdt AC tai N. Chimg minh AB.AM = AC.AN.

&S Gidi —Hoc sinh twvé hinh

Tacé: CAt = ABC = %sd,?\_ff; CAt= ANM (do MN // At)

—

Suy ra: ABC = AMN

Xét AABC va AAMN c6: BAC chﬂng ABC AMN
Suy ra: AABC - AANM = ég = £ = AB.AM = AC.AN —dpcm.
adl @M
Vidyp4: (Bai 29/tr 79 - SgK): :Cha*’}iaz"'ai&%ﬁg tron' (0) va (O’) cdt nhau tai A
va B. Tit A tq ve hai r:ep ruyen vot hai duomg tron. Hai tiép tuyén
nay gap du‘o'ng tron (0) o C va du'ang tron (Q") o D. Chitng minh

rang ABC = ABD . A

& Gidi ‘@
Xét hai tam gidc AABC va ADBA c6:

T ¥ 553 i g € D

ACB = DAB - vi géc noéi tiép va géc tao bai mot tia tiép
tuyén va mot day ciing chin mot cung

BAC = BDA - vi géc tao bdi mot tia tiép tuyén va mot day va géc noi tiép
ciing chan mét cung

— ABC = ABD , dpcm.

@ Nhdn xét: Néu khai thac thém su bing nhau cdia hai cip goc d€ din t6i hai
tam giac d6ng dang ching ta sé nhan dugc két qua khac, vi du:

a. AB’=BC.BD.
. AC [BC
AD VBD '
¢
S9-T2 217

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

A
Thitvay, s dige AABC ~ ADBA suyan oo o 3

DB BA DA
Tit d6:
AB BC
G O R K BT Bpom
* Y DB BA s
AB_AC . BC_AC _ AC AC_AB BC
DB DA BA DA _AD AD BD AB

() -
AD D
Vidp 852 (Bai 27/tr 79 — Sgk): Cho duong tron tam O, duong kinh AB. Lay
diém P khé4c A va B trén dudng tron. Goi T 12 giao diém cliia AP véi
ti€p tuyén tai B cia dudng tron. Ching minh ring: APO = PBT.

&S Gidi —Ban doc tu vé hinh

b. Véi

Tacé: PBT = %sdPB. - (1)

PAB = EsdPB - ()
Tix (1) va (2) suy ra PBT .PAB. 3)
Xét AOAP can tai O, ta ¢6 APO = PAB. (4)

T (3) 2 (4) suy APO PBT - dyem. |

Yidy 13 (B%u ll/tr 72 Sgk) Cho dm}ng t én ?C.)H R) va day cung BC =R.
Hai tiép tuyén cia duong tron (O) tai B va C cdt nhau & A. Tinh s6
do cdc géc ABC, BAC.

&S Gidi —Ban doc tw vé hinh

Ta cé: BC = OB = OC = R. Suy ra, AOBC déu va BOC = 60°.

Vay, ta dugc: sdBC = BOC =60°% ABC = %sdﬁ_a = 30°;

ACB = %sdﬁ: =30% BAC=180°— (ABC + ACB) = 120",

Yidp2: Cho dz(o‘ng tron (O) duomg kinh AB. Mot Hep tuyén cua duong tron
tai D cdt d:léng thang AB tai T (dtem B nam giita O va T). Tinh

@‘ +2TPB.
ﬁ 5 CDTDHDS9-T2
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&5 Gidi —Ban doc tie vé hinh

Tacé: TPB = %sdﬁi _ 1 s4POB = %sdﬁﬁTP — 2TPB = POT.

Do PT la tiép tuyén véi (O) tai P nén: OP L PT
Lai co, AOPT vuéng tai P.
Do dé: 90°= POT + BTP =2TPB + BTP — dpcm.

Yidp3:s Cho nua duong tron (O) duong kinh AB. Trén tia déi cua tia AB lay
mot diém M. Vé tiép tuyén MC véi nita duong tron. Goi H la hinh
chiéu cua C trén AB.

a. Chitng minh rang tia CA la tia phan gidc ciia géc MCH .
b. Gid sit MA = a, MC = 2a, tinh AB va CH.

&5 Gidi
a. Nhan xét rang: ACB =90°, goc nzbl tlé’p chan ntra duong tron < AC L BC

Suy ra: ACH = ABC, goc cé canh tucmg iing vuéng géc.
Mat khic, ta lai cé:;
ABC=ACM vi gécnmnEpVé O t40 BTt tia ti€p tuyén va mot day
ctlng chan mot QUNE. L Online
T dé: ACH = ACM <.CA la tia. phén gidc.chagéc MCH.

2
C
b. Tacé: MC’=MA.MB <> MB = 1:1(,:« = 4a, m\

AB=MB — MA = 4a ~v=tr B OHA M
Xét AOCM. ta cé: OC L MC

AB
Suy ra: Sppe = - OCMC= L CHOM & e = 2EMC _ 2 =1.2a.
2 2 OM ., AB

C. BAI TAP LUYEN TAP
Bai 1. Tir mot diém M & bén ngoai dudng tron (O) ta vé ti€p tuyén MT va cit tuyén
MAB. Vé duong tron (O’) ngoai ti€p AMAT. Tur M vé ti€p tuyén xy cia dudng tron
(0"). Chimg minh ring:
a MT’ aMA MB. b. BT // xy.

48Y
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Bai 2. Cho hai dudmg tron (O) va (O’) cit nhau tai A va B. Trén duong thing AB lay
moét diém M (diém M khéng thuéc doan thing AB). VE tié€p tuyén MT ciia duomg tron
(O) va cét tuyén MCD ciia dudomg tron (O’). Chitng minh rdng MT? = MC.MD.
Bai 3. Cho hai dudng tron (O) va (O’) cét nhau tai A va B. V& day BC ctia duong tron
(O) tiép xiic véi dudng tron (O'). VE day BD cua dudng tron (O’) tiép xiic vdi duong
tron (0). Chimg minh ring:
BC_ [AC

"BD VAD'
Bai 4. Cho AABC ngoai ti€p dudng tron (0). Goi D, E, F 1a céc ti€p diém cua dudng
tron trén cic canh AB, BC, CA. Goi M, N, P 14n luot 1a giao diém ciia duong tron (O)
Véi céc tia OA, OB, OC. Chimg minh ring cdc diém M, N, P 14n lugt 1a tam cia duong
tron noi ti€p céc tam gidc AADF, ABDE va ACEF.
Bai 5. Cho hai dudng tron (O) va (O’) cit nhau tai A va B, Mot dudng thing tiép xiic
véi dudng tron (O) tai C va tiép xiic véi dudng tron (O’) tai D. VE dudng tron (I) qua
ba diém A, C, D, cét duong théng AB tai diém thit hai 1a E. Chimg minh ring:

a. CAD + CBD = 180" T}

b. T gidc BCED Ia hinh binh hanh:|
Bai 6. Cho nira duong tron (O) dudng kinh BC. Diém A thudc cung nira dudmg tron
(AB < AC). Tiép tuyén fai A cit du'ong thang BC o I Ke AH L BC. Chimg minh ring:

a. ABIA tia phan gidc éta'géc’ TAH
b. IA’=IB.IC. :
Bai 7. Cho nira dudng tron (O) duong kmh BC. Dlém 4 thuéc cung nira duong tron
(AB < AC). Goi E 1a diém d6i ximg véi B qua A.
a. ABCE la tam gidc gi ?
b. Goi D Ia giao diém ciia CE véi nita dudng tron. Ké ti€p tuyén Bx véi nira
dudng tron (Bx va A cing phia d6i véi BC). Chimg minh ring BA la tia phan
gidc cua géc DBx .
c. CA cét BD, Bx theo thit tw & I, K. Tt gidc BKEI 12 hinh gi ?
Bai 8. Cho hai dudmg trdn (O) va (O') cét nhau tai A va B, Tiép tuyén tai A cia
dudmg trdn (Q') cit dudng trdn (O) tai diém thit hai P. Tia PB cét dudng tron (0') tai Q.
Chitg minh dudng thing AQ song song véi ti€p tuyén tai P ciia dudng tron (O).
Bai9. Cho AABC vuong tai A, dudng cao AH. V& dudng tron tAm I cé dudng kinh
BH, né cit AB & M. V& dudng tron tAm K c6 dudng kinh CH, né cét AC o N.
a. T gidc AMHN la hinh gi ?
b. Chimg minh ring MN Ia ti€p tuyé&n chung cta hai dudmg tron (1) va (K).
c. VE ti€p tuyén Ax cua dudng tron ngoai ti€p tam gidc ABC. Ching minh ring
Ax song song vdi MN.

AP ——
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D. HUGNG DAN - PAP SO
Bai 1.
a. Hai tam giac AMAT va AMTB co:
M chung
ATM =MBT - v goc noi tiép va goc tao bai moét tia ti€p tuyén va moét day cung
chan mét cung
MT MA

= AMAT ~ AMTB = — =—— & MT?*=MA. MB. I
MB MT
b. Taco ngay: y " a
AMx = ATM — vi géc noi ti€p va géc tao bdi M X A

mot tia tiép tuyén va mot
day cung chin moét cung X

— AMx = MBT < xy // BT, vi ¢6 hai géc so le trong bang nhau.
Bai 2. Ta lan luot xét:
*  Xét hai tam gidac AAMD va ACMQJ@ co:

M chung

ADM =CBM - géc noi tlép¢unuﬁn mot cung
suy ra: AAMD ~ ACMB '

MC MB
*  Xét hai tam giac AMAToa AMTBY ta@d:ach Online
M chung '

ATM =MBT - vi géc noi ti€p va géc tao boi mot tia ti€p tuyén va mot day
ciing chan mot cung
Suy ra: AMAT ~ AMTB = MEMA < MT° =MAMB. (2)
MB MT
Tix (1) va (2), suy ra: MT? = MC.MD, dpcm.
Bai 3. Xét hai tam gidc AABC va AADB c6:
ACB=ABD — vi géc noi tiép va géc tao bdi mot tia tiép tuyén va mot day cing
chin mét cung

ABC = ADB — vi géc tao boi mot tia ti€p tuyén va mot day va géc ndi tiép ciing

chan mot cung
suy ra. AABC ~ AADB = an B e . B
AD DB AB
Tudé: ‘rs
AB AC
. V6 —=— 2= AC. L
a. Vi D <> AB" = AC.AD, dpcm C‘A D
221
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b ve. AB_BC . AC_BC _, AB AC _BC BC
' "AD BD " AB BD _ AD AB BD BD

o (]t 5 e

Bai 4.
* Ching minh M 1A tAm ciia dudng trdn ndi tiép tam gidc A
AADF, titc 1A cén chimg minh M Ia giao diém ciia hai tia phan ‘\

gidc ciia AADF. W
Truéc tién, vi AD, AF la tiép tuyén cia duong tron (O) nén: LA

AM Ia tia phan gidc cia géc DAF .
FM = DM
& MDF = MFD = MDA vi géc ndi ti€p va géc tao bdi mot tia ti€p tuyén va
mot day cung chan mét cung
<> DM Ia tia phan giéc cila géc ADF.
Vay, M 1a tAm cua dudng tron noi ti€p tam! gidc AADF
®  Chitg minh tuong tu cho céc dlém N VaP

Bai S.
a. Sir dung tinh chat géc ndi tlép va géc tao bcn mot tia tlép tuyén va moét day cung

chén mét cung, ta cé: CAB&BCD vi DAB= BDO!
Trong ABCD, ta cé:

180° = BCD + BDC + CBD CAB - DAB + CBD
= CAD + CBD, dpcm. (O) (0"
b. Trong dudng tron (ACD), ta cé:
EDC = CAB = BCD = BC//DE.

ECD = DAB = BDC = BD// CE.
Vay, tif gidc BCED la hinh binh hanh.
Bai 6.

a. Nhan xét ring: BAC=90° géc néi ti€p chin nira dudmg tron
& AC L AB
suy ra: &

ACH = BAH, géc c6 canh tuong ting vudng géc. C OHB I
Mat khéc, ta lai c6:

ACH = BAI vi géc noi ti€p va géc tao bdi mot tia tiép tuyén va moét day cing chin
mot cung.

Tir dé: B?H = BAI < AB Ia tia phan gidc ciia géc TAH .

b. Hogssi lam.
ﬁ B CDTDHDS9-T2
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Bai 7.
a. Xét ABCE, ta c6: BAC=90°, géc n6i ti€p chin nira dudmg tron
<> CA 1L BE (1)
tirc 1a CA vira la trung tuyén vira la dudmg cao, do d6 ABCE cén tai C.
b. Ta co nhan xét: KBA = BCA = ECA = DCA = DBA
<> BA 1a tia phan gidc cua goc DBx , dpcm.
c. Trong ABKI, c6 BA vira la phan gidc vira 1a duong cao nén:
ABKI can tai B = KA = IA va BK = BL
Xét tr gidc BKEI, ta c6 nhan xét:
Hai duomg chéo KI va BE cit nhau tai trung diém méi duong.
Hai canh lién tiép BK va BI bang nhau.
Vay, ut gidc BKEI la hinh thoi.
Bai 8. Ban doc tie vé hinh.
Xét duong tron (O), ta co:

— | ,
PAB = = sd PB (géc ndi tiép chan cung PB)

- =1

_ 1@
PBy = % sd PB (goc tao boi tlgaj in\@é!tliye'n Py va day cung PB)

 —

Suy ra PBy = PAB. (1)
Arnvarnlnadearhmionnhi rom
Xét dufmg tron (O), taldeV ! load sacnmienpni.com

. O | L
AQB = 5 sd AmB o(goc:ndi tigp-chan.cung ’AimB)

—

PAB-= —;3— sd AmB (goc tao bai tia tiép tuyén AP va day cung AB)

Suy ra ;uaB - PAB. (2)
Tir (1) va (2), suy ra: AQB = PBy . 3)

Déng thitc (3) chimg to ring AQ // Xy (hai géc so le trong bing nhau)
Bai 9. Huwong din:
a. T gidc AMHN la hinh chit nhét vi né cé ba géc vudng.
b. Ta di ching minh MN L MI va MN L NK.

That vay:
NMI = NMH + IMH = AHM + [HM
= AHI =90°
& MN 1L MI
ching minh tuong tr cho MN 1L NK
c. Tacé:

223
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cmipEs o~ 4 piNH G BEN TRONG DUGNG

TRON GOC CO PINH O BEN NGOAI
PUONG TRON

A. TOM TAT Li THUYET

B. PHUONG PHAP GIAI TOAN
Vidy 1z (Bai 36/tr 82 — Sgk): Mot duemg tron (O) va hai ddy AB, AC. Goi M,
N ldn lwot la diém chinh giita ciia cdc cung AB va AC. Dudng thang
MN cdt ddy AB tai E va cdt day AC tai H. Chimg minh AAEH la
tam gidc cdn.
&S Gidi —Ban doc tu vé hinh
Ta cé:
AEH = %[sdA’Si +sdBM ] = %[sdc"r:i +sdAMAM] = AHE.

Vay, ta dugc AAEH can tai A.
Yidg2: Cho hinh thang ABCD c¢6 AB // CD va AD = DC = CB ndi tiép
g duomg tron duong kinh AB. Tinh s6 do cua géc AIB voi 1 la

vigo diém cua AC va BD.
4P N——
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&5 Gidi
T giai thiét, ta nhan duoc: D C
sd AB = 180°

sdgf) =sdﬁa =sd6]§ — %sdﬁTﬁ = 60"

S6 do cua géc AIB duoc cho béi:
AIB = %(sdp‘fﬁ +sdDC) = %(180%600): 120°.

@ Nhdn xét: Cach lam trong 19i gidi cta vi du trén dugc hiéu 1a "Dé chung
minh mot tam gidc la tam gidc déu ta di chung minh né Ia tam
gidc cdn va c6 mot goc bing 60"
Vi dg 3: (Bai 40/tr 83 — Sgk):Twr mot diém M & bén ngoai duong tron (O) ké
hai tiép tuyén MB, MC. Vé duong kinh BOD. Hai dwong thang CD
va MB cdt nhau tai A. Chitag-minh rang M la trung diém ciia AB.

&S Gidi HRS! .
Ta ¢6: -
MB = MC - vi tinh cht cua hai tiép tuyén. (1) A

Vi BAD Ia géc & dinh bén ngoai duong tron nién:

_—_ sd BmD £sdBnC:cBoPR d:’-"s kirh ;5d BnD ~ sd BnC !

BAD =
2 : 2
C'T) g6¢tao bi tiép tuyén ___ goc ddi dinh
Y A\ ) ) 8
2 va day cung
Vay AMAC can tai M, suy ra MA = MC. (2)

Tiir (1) va (2) suy ra MA = MB, tiic M la trung diém ctia AB.

@ Nhén xét: Trong vi du trén, ta phii chitng minh MA = MB nhung MB = MC
(tinh chat cta hai tiép tuyén) nén ta cAn chitng minh MA = MC, titc
I ta phai ching minh AMAC can.
Khi tinh s6 do clia goc A ta da thay thé cung BmD bdi cung BnD
c6 cing s6 do. N6i chung khi phéi tinh t8ng (hay hiéu) s6 do cia hai
cung nao dé, ta thudng diing phuong phap thay thé' mot cung boi
mét cung khac bdng né dé dugc hai cung lién nhau (néu tinh tong)
ho3c hai cung c6 mét phan chung (néu tinh hiéu).
Vi dw 42 (Bai 37/tr 82 — Sgk): Cho duomg tron (O) va hai ddy cung bdng nhau
, AC. Trén cung nho AC ldy diém M. Goi 1 la giao diém cia AM
'@ BC. Chiing minh réng AIC = ACM .
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& Gidi A
Ta cé 0 ngay: M
AB = AC, vi AB AC
AIC = AIB = E(sdAB - sdMC) , I C B
g6c c6 dinh bén ngoai dudng tron
- 1 (caAC - saMC)= L AM (1)
2 2
ACM = % AM , géc noi tiép )

Tir (1) va (2) suy ra:
AIC = ACM, dpcm.

@ Nhdn xét: Ta c6 hai trudng hop dic biét ctia goc c6 dinh & bén ngoai
dudng tron , cu thé:
Truong hop 1. V3i MT la tiép tuyén va AB la du'dng kinh.

Khi dé: j i
TMB = = (sdTB —sdTA) = m
- M o B
5[(180°—sdTA)—sdTA] .
T

=90°—sdTA
=5[sdﬁ-(180°—sdﬁ)]=sdﬁ—90°. .
Truong hop 2 Vi MT, MT" 1 hai tiép tuyén. M ( n
TMT' =180°— sd TmT"
=sd TnT' - 180°. T

Vi dyp Sz (Bai 37/tr 82 — Sgk): Trén mét duong tron, ldy lién tiép ba cung AC,

CD, DB sao cho sdAC = sdCD = sdDB = 60°. Hai duwong thing
AC va BD cdt nhau tai E. Hai tiép tuyén cia duong tron tai B va C
cdt nhau tai T. Chitng minh rang:

a. AEB=BTC. b. CD la tia phdn gidc cuia BCT.
&S Gidi —Ban doc tw vé hinh
a. Tacé:

sd AB =360° — (sd AC +sdCD + sdDB) = 180%
—[sdAB—stD]=—[180° 60°] = 60°;

;BA? S
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BTC = %[sdﬁﬁ +sdAC —(sdCD +sd DB)]

= % [180° + 60° — (60° + 60°)] = 60°.

Viy, ta duoc AEB = BTC.
b. Taco:
3CD = %sdﬁﬁ = —;-sd(ﬂ:—ﬁ = DCT.
Vay. ta dugc CD la tia phan giac cia goc BCT.

C. BAI TAP LUYEN TAP
Bai 1. Cho AB va CD Ila hai dudng kinh vuéng géc ctia dudng tron (O). Trén cung nho
BD 14y m6t diém M. Tiép tuyén tai M ciit tia AB & E, doan thing CM cit AB & S. Chimg
minh ES = EM.
Bai 2. Tir mot diém M & bén ngodi dydng-tron (O) ta vé ti€p tuy€n MT va cit tuyén
MAB di jua tim m (A nam gita M va B). Gm su 56 do cua cung nho AT bang 60°. Tinh

s6 do cu: géc TMB.
Bai 3. Qua diém A nam ngoai ducmg tron (O) vé hai cét tuyén ABC va AMN sao cho
hai duo‘nr thang BN va CM cit nhau tai | mot dlém S nam ben trong dudng tron. Chimg

minh A - BSM =2CMN .
Bai 4. Cho dudng tron (O) va mot day AB. VE duong kinh CD vuéng géc véi AB (D
thuoc cuig nhd AB). Trén cung nho BC 1dy mot diém N. Cic dudng thing CN va DN
lin luot :4t dudng thédng AB tai"E-viF-Tieéptuyéncira duong tron tai N cit duong
thang ATl tai I. Chimg minh ring:

a. Cic tam gidc AINE va AINF la tam gidc cén.

b. A= ——(AE+AF)

Bai 5. cho dlrcmg tron (O, R) va hai duong kmh AB, CD vuéng goéc véi nhau. Trén

tia AB 1 diém M sao cho AM =RV/2 . V& day CN di qua M. Tir N vé ti€p tuyén xy
v6i dudng tron. Chimg minh ring:

a. x'//AC.

b. TaCN la tia phan gidc cia géc BCD.
Bai 6. "ir mot diém A & bén ngoai dudmg tron (O) ta vé ti€p tuyén AB va cét tuyén
ACD. Viday BM vuong géc véi tia phan gidc cua géc BAC, day nay ciat CD tai E.
Chimg mnh ring:

a. BV Ia tia phan gidc cia géc CBD .

b. MD?*=ME.MB
Bai7. (ho AABC can tai A néi tiép duomg tron (O). Dudmg phan gidc ciia hai géc B va
Ccit mha c\ra cét dudng tron & F va D. Chitng minh ring tit gléc EDAF la mét hinh

thoj.
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Bai 8. Cho AABC ndi ti€p dudng trdn. P, Q, R theo thi tu 12 cdc diém chinh gilta cua
cic cung bi chdn BC, CA, AB béi cic géc A, B, C.

a. Chimg minh AP L QR.

b. AP cit CR tai I. Chimg minh ACPI la tam gidc can.

Bai 9. Cho AABC nhon va AB < AC ndi ti€p dudng tron tam O. Goi D, E, F 14n luot
12 diém chinh gita chia cdc cung nhé AB, BC, CA. Tiép tuyén tai A ciia dudng tron cit
céc dudng thing BC va DF l4n luot tai M va N. Goi P va Q l4n luot 1a giao diém cia
dudmg lhg'ng BC v6i dudng thing DF va AE.

a. Chiing minh ring AE L DF.

b. Ching minh ring MA = MQ, MN = MP
Bai 10. Cho dudng trdn (O) dudng kinh AB, cung CD = 80° nim clng phia d6i véi AB
(D thudc cung BC). Goi E 1a giao diém cia AC va BD, F la giao diém ctia AD va BC.
Tinh AEB, AFB.
Bai 11. Cho tam gidc ABC can tai A ndi ti€p dudng trdon (O). L&y di€ém M thudc tia
d6i cua tia BC. Goi I 12 giao diém ctia MA véi dudng tron. Chimg minh ring:

a. AMC = ACI. ~ b. ALAM=AC%.

Bai 12. Cho dudng tron (0), dudmg kmh ABvnong géc véi day CD. Qua diém M thudc
cung AD, ké ti€p tuyén véi dudng tron, cit CD GI Goi E 12 giao diém ciia BM va CD.

a. Ching minh ring IM = [E.
b. Goi F 12 giao diém cia AM.va CD. Ching minh ring AFC = ABM .

D. HUGNG DAN - PAP SO
Bai 1. Ban doc tu vé hinh
Ta cé:

* —

ESM =%[deE +sdm]=—;—[sd€B +sdBM]=

—

Suy ra AESM can tai E = ES = EM.
Bai 2. Tacé:

TMB = %(sdﬁ‘ —sdAT) = %[(sd;\_ﬁ —sdAT)—sd AT ] -

=%(180°—60°—60°)=30°.

Bai 3. Ban doc tu vé hinh
Ta cé:

A:%[sdc’ﬁ_sdm]

_%[Sa&‘s +sdBM]=A + BSM =sdCCN = 2CMN .

M
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Bai 4.
a. Tir gia thiét:
CD 1. AB va CD la duong kinh = AC = BC va AD = BD.
Ta co:
AEC= %(dea —sdBN)= %(sda“e _sdaﬁ)=.;.sm‘c - CNx
<> AINE cén tai 1.
NFI =-;-(de5 +ﬂﬁ)=%(ﬂﬁ)+ﬁﬁ)=—;~ sd ND = IND

<> AINF cén tai L. X, C

b. Tirkét qua cau a), ta cé:
IE=IN=]F. N,
Nhan xét rang: O

Al = AE-IE va Al = AF+IF E I B\_/A
= 2AI=AE + AF & Al = %(AE +AF), dpcm.

Bai S. Hoc sinh tie lam.

Bai 6.

a. Xét AABE, ta nhan th&y leaebmiennbieam B
AH vira la phan giac vira la du'tmg cao

<> AABE cin ta1A»¢$ABE-~=-AEB- ach Onling
A C D
-2-SdBM = —(sdBC +sdDM)

& sdBC+ sdafl =sdBC +sdDM <> sdCM =sd DM
& CBM =DBM <> BM Ia tia phén gidc cia géc CBD.
b. Xét hai tam gidic ABDM va ADEM, ta cé:
M chung
DBM = EDM
Do do6:
ABDM ~ ADEM = Y2 _MB  MD? = ME . MB, dpcm.
ME MD
Bai 7. Huwong dan: A
*  Chtmg minh EDAF 12 hinh binh hanh do cé céc 5 ZZANN
cap canh déi song song. \F
*  Chimg minh AE L DF béi DF // BC.
Vay, Ey la mét hinh thoi. B\__C

S9-T2
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Bai 8. Ban doc tu vé hinh
a. Goi K 12 giao diém ctia AP va RQ. Ta cé:

—

AKR =%[sdﬁ +54CQ +5dCP =~

5 [-% sdAB + %sd;{é + %sdﬁé]

= i—(sdrB +sdAC +sdBC)=90°.

Vay, ta duoc AP L QR.
b. Tacé:
CIP = -;—[sde +sdCP = %[sdﬁﬁ +sdBP )= ICP
Vay, ta duoc A CPI can tai P.

Bai 9. Truéc hét, tir gia thiét "D, E, F 14n lugt 12 diém chinh giita cia cic cung nho
AB, BC, CA ", ta duoc:

AD =BD, BE =CE, CF = AF .
a. Goil la giao diém ciia AE va DF, ta cé ngay:

AD = %(sdxa +sdEF ) = %(sdza +sdEC+sdCF )

= L(lsaZB + 1saBC i SsdCA )
32 2 —
- %(sdﬁ +sdBC +sdCA );-—5%360";90"

¢<AELDF,dgm. . . .
b. Xét AMAQ, sir dung dinh 1i v& géc tao boi tia ti€p tuyén véi mot day va géc cé
dinh & bén trong dudng tron ta €6

MAQ=-;—sdTE =%(de§ +sd BE )=%(a:‘l AB +sd CE )= AQM

< AMAQ can tai M & MA = MQ, dpcm.

C g ;] M P

Xét AMNP, sir dung dinh 1i vé géc c6 dinh & bén ngoai dudng tron va hai géc d6i
dinh ta cé:

MPN:—%(sdaT-sdﬁa )=%(sd§l-‘~sd§(f) )= ANF = MNP
<> AMNP can tai M <& MN = MP, dpcm.

ABC —
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- o
CHUDES  CuNGCHUA GOC

A. TOM TAT Li THUYET

1. CACH GIAI BAI TOAN [0]1)'¢ TiCH
Mun ching minh é]ilﬁ tich céc diém M thod mén tinh chat T la mot hinh H
nao dé, ta trinh bhy nhusau:
Phén thudn: (Moi dlém cé tinh Char T déu thuéc hinh H): Goi M 1a moi
_ diém bat ki cé tinh chat T, ta di chimg minh M thuoc H.
" Gi6i han (néu c6).
Phd'n dtfo (Moi. dlén thudc hinh H déu cé tinh chdr T): Goi M 1a mét diém
- bit kl thudc hinh H, ta di chimg minh diém M cé tinh chat T.
Kéi ludn Ql.l? thh c4c di€ém M c6 tinh chat T 13 hinh H.

@ Cidy: Tada hgc- ba qu)'r tich co bdn ¢ Hinh hoc 7 va mét quy tich co ban
& Hinh hoc 8, cu thé:
» Quy tich cdc diém cdch diém O\c6” dinh mot khoang R khong doi I
duong tron (O, R).
M

-

' \\ : HI X

! M

: : . s [~
\‘ Uj’ﬁa i I | | H, y

“"--'

»  Quy tich cdc diém mim trong moét goc o6 dinh vi cach déu hai canh cua
goc la tia phdn gzac.mgpc ay.

 Quy tich cdc diém cdch déu hai diém A, B ¢6 dinh li dudng trung
truc cia AB.

“ Quy tich czfcd:én"ca‘dr d‘é‘u Bibing thilng xy o dinh mot khodng khong
d6; I hai du&qgﬁ&zgsaﬂgsmgvd!vmcﬁkhmngmdad&uytﬁng
2. CACH GIAI BAI TOAN DUNG HINH
Mt6n dung duge dlém M thoﬁ mﬁn tinh chat T, ta di biét rﬁng cﬁn tFink bay
du 4 bréc: i _ .
Phn tich.
Cldh dung.
- Ching minh.
Biér ludn.
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Phuang phdp

Dé don gidn, tritdc hét ta chi xét mot nita mit PhAng c6 bo AB.

Phén thuim Goi M 1a diém thudc nita mit phang dang xét thod man
AMB =a.

Vach dudng tron (O) ngoai ti€p AMAB, thi moi di€ém N nim trén
cung AB chita dinh M ctia géc AMB, ta ki hiéu la AmB (cung con lai ki
hiéu 14 AnB) luén c6:

ANB = AMB =o.

Taca‘ndich{mgminhdudngh‘on(O)léxacdjnh
khong phu thudc vao vj tri ctia diém M, that vay:

Trong nita mit phing d6i cua, mra mit phing
dang xét dung tia Ax sao cho xAB = a;suy ra:

Ax la tiép tuyén cla du’dng tron (O) = Ax L AO.

Vay, tam la giao dlém cua duo‘ng frung truc cua AB vdi tia Ay
vudng goc voi Ax.

Phin dio. Véi diém M batky-thudc cung A.“Tﬁ* ta o

AMB = xAB =4. A
Trén mit phing d6i clia nita mijt phﬁng dang xét, ta
c6 mot cung d6i xitng d6i véi cung AmB qua AB.
Két Iudnm. Quy tich cdc diém M tao thanh véi hai  *
muit ciia doan thdng AB cho trudc mot géc AMB c6 "
s6 do khéng ddi bing o ( < a < 18(F), I4 hai cung
tron déi xing nhau qua AB goi ld cung chiza goc a M
dung trén doan thing AB.
@ Nhdn xét. Ta cé:
1. Hai di€m A va B dugc coi la thudc quy tich, vi:
* KhiM triing véi A thi goc AMB duoc thay bdi xAB.
* KhiM trung véi B thi goc AMB dugc thay bai ABx'.

2. Quy tich cic diém M tao thanh vdi hai miit cia doan thﬁng AB cho
trudc mét géc vudng la dudng tron duong kinh AB.

ABG —
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Yidg 1z (Bai 44/tr 86 — Sgk): Cho AABC vuéng o A, 6 canh BC 6 dinh. Goi
I la giao diém ciia ba duomg phan gidc trong. Tim quy tich diém 1
khi A thay doi.

&S Gidi —Ban doc tu vé hinh

Ta cé:

wl
l\:’I

BIC = 180°— (IBC + ICB) = 180" - (B C]

= 180° - —(B+C)— 180" - 2(-2)— = 135°.
B, C c6 dinh, A thay déi, I luon nhin canh BC dudi mét géc 135°.
Vay, quy tich diém I 1a cung chifa géc 135° dung trén canh BC d6i xiing
nhau qua BC.

Yidgp 2: (Bai 48/tr 87 — Sgk): Cho hai diém A, B ¢6 dinh. Tir A vé cdc tiép
tuyén voi duong tron tam B ¢é bdan kinh khong lon hon AB. Tim quy
tich cdc tiép diém.

&S Gidi — Ban doc tu vé hinh

Theo tinh chAt cia tiép tuyén ta cé
AT L BT
Do dé, A, B c6 dinh, T nhin AB dudi mét géc vudng
Viy, quy tich tiép tuyén T 14 dudng tron’ dm‘mg kinh AB
Yide3: Xér cdc AABC ¢d BC = 6¢cm cd dinh, A =120°.
a. Tim quy tich cac diém A.
b. Diém A & vi tri nao thi AABC c6 dién tich lén nhdt ? Tinh gid
tri lom nhdt dé.

£ Gidi A

a. Ta thuc hién theo cic phén: BE =C

Phdn thudn: Do BC c6 dinh, BAC = 120° nén A di chuyén h

trén hai cung chita géc 120° dung trén BC.

Phdn ddo: L4y diém A thudc cung chita géc 120° dung trén BC, ta thay ngay

BAC = 120°.

Két ludn: Quy tich diém A 12 hai cung chita géc 120° dung trén doan BC.

b. Ha AH vuéng géc véi BC, ta c6 ngay: A
Biinc™ .;_ AH.BC /[\A
do d6, Saasc €6 gi tri 16n nhat khi: B H c

AH 16n nhat < A 12 di€ém & chinh giita cung chifa géc.
Khi dé, xét AABH vuéng tai H, ta co:
= 60° = ABH =30"= AB=2AH
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2
AB’= AH’ + BH? & (2AH) = AH* + [%J < 3AH =9 AH= 43

DodoSMBC=—- 3.6=33cm>.

P Nhdn xét: Trong vi du trén, viéc chi ra quy tich cta dim A dugc suy ra
ngay tit gia thiét, do d6 cac budc thuc hién 1a rat don gian. Tuy
nhién, trong nhiéu trudng hgp ching ta cin chi ra dudc cung
chua goc trong hinh vé.

Yidwp 42 Cho nita duong tron duong kinh AB va cung EF cua nita duong tron
(E ndm trén cung AF sao cho sdEF = 60°. Hai tia AE va BF ct
nhau tai M. Tim quy tich cdc diém M khi cung EF chuyén dong
trén nita duong tron.

£ Gidi

Phdn thudn: Gia sit c6 diém M sao cho EF =60° ta cé:

AMB = sd A32 sd EF 180 2_,6_0 — 60°.
vay diém M nim trén cung chita goe 60° dung trén doan thang AB (cung nay
thudc nira mit phing bo AB c6 chu'a nira du'cmg tron cho trudc).

Gidi han: Ta c6: aov

* NeuE=A=> M= MO v6i M0 1a giao dlém cuacung X y
chita géc véi tiép tiyén’Ax Ciia hira dudng tron duomg »
kinh AB. M, F M,
* NéuF=B=M=M, véi M, I giao diém ctia cung s
chia géc véi ti€p tuyén By cia nita dudng tron duong |\ /
kinh AB. A B

Do d6, di€ém M chi ndm trén cung M, M, .
Phdn ddo: Ldy diém M nidm trén cung M M, . N6i MA, MB, cit nira dudng

tron dudng kinh AB 14n luot tai E va F. Ta phai chimg minh s6 do EF = 60"
That vay:

AMB = SdABZ'SdEF — sdEF =sdAB — 2 AMB = 180° — 2.60° = 60°.

Két ludn: Quy tich cic diém M 1a cung MM, cua cung chita géc 60° dimg
trén doan thing AB (cung nay thudc nifa mat phing by AB c6 chita nira dudng
tron da cho).

P Nhdn xét: Phuong phap giai bai toan trén dugc téng quét cho yéu ciu
sdEF =a, v6i 0° < < 180",

ﬁ E 5 CDTDHDS9-T2
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Vin dé 2: DUNG CUNG CHUA GOC « (0° < o < 180" TREN POAN AB = a
CHO TRUGC

Phuong rhap
Ta lan lugt thuc hién: m
* Dung doan AB = a va dudng trung truc Iz cua AB.
«  Dung tia Ax sao cho xAB = a.
« Dung tia Ay vudng goc vdi Ax cdt }z tfjli 0. \ A ‘
* Dung duong tron (O, OA) va chi lay phan \

cung ciing phia vdi O, ki hiéu AmB .

« Liy d6i ximg cung AmB qua AB dugc cung Am,B.
Vay, hai cung AmB va Am,B la cung chita goc can dung.

@ Nhdn xét:

1. Nhu vay, néu chi vdi yéu cau dung cung chita goc chiing ta chi can
trnh bay phan cach dung. Tuy nhién véi bai toan st dung két qua
cung chita goc dé dung hinh ( (Vl du du‘ng tam gidc...) ching ta can trinh
b:y du 4 budc.

2. Toong truong hop ddc biét Vo= 90” chung ta da biét dugc cach dung
don gian hon nhiéu, vi né chinh la dudng tron dudng kinh AB.

Yidg I: Dung cung chitdgén 60%trénldoan ABi= dom.

m
£ Gidi
Ta 141 luot thuc hién:
= Dung doan AB = 4cm va duong trung truc Iz ‘
cia AB. AN B
« Dmg tia Ax sao cho xAB =60".
= Dimgtia Ay vuéng géc véi Ax cat Iz tai O.
= Dung duong tron (O, OA) va chi 14y phin cung
m,

cing phia véi O, ki hiéu AmB .
» Liy doi xing cung AmB qua AB dugc cung Am,B.
Vay,hai cung AmB vad Am,B 1a cung chifa géc géc cin dung.
Vidp 2: (Bai 49/tr 87 — Sgk): Dung AABC, biét BC = 6cm, A = 40° va duong
cao AH = 4cm.
&S Giidi— Ban doc tu vé hinh
Phdn tica:

*  Gasu du‘ng dugc AABC thoa man diéu kién:
BC 6cm, A = 40°, AH = 4cm.
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= Khi d6, diém A nim ngodi dudng thing d song song véi dudng tron BC
va cich BC 4cm.
= Matkhic, BAC =40° nén A nim trén cung chita géc 40° dumg trén BC.
Cdch dung:
* Trén dudng thing A 14y doan thing BC = 6cm.
* Dung céc dudng thing d, // A vad, // A céch A mét khoang 4cm.
* Dung céc cung chita géc 40° dung trén BC 1a BmC =40°, BnC =40’ va ct
d, vad, tai A, A,, A;, A,.
Vay, cic AA,BC, AA,BC, AA;BC, AA,BC thoa man cic diéu kién dé bai.
VYidp3: Dung AABC biét BC = a, A = a. (0° < o < 90°) va duomg cao BH = h
voi h < a.
£ Gidi
Phdn tich: Gia st da dung dugc AABC thoa man diéu kién dau bai, ta thay:
a. Canh BC = a dung duoc ngay
b. Diém H thoa man hai diéu kién:

A
* H nam trén dudng tron duong kinh BC. A
* H nim trén duong tron (B, h).! | m
Vay H 1a giao ciia hai duong tron-do. B .
c. Diém A thoa man hai diéu kién:
* A nidm trén cungchifa géc-aldung trén doan thang BC A
* A ném trén tia CH. 2"
Vay A 1a giao diém|¢iia tia'CH véi clnig chifd 'g6¢ o -
Cdch dung: Ta 14n luot thuc-hiém: '
-  Dung doan BC = a.
- Dung cung chita géc o dung trén doan théng BC. Y
- Dung dudng tron duong kinh BC. Y
- Mgdubnguﬁn(B,h)cﬁtdubnglrbndubngkthCtalH A
- TiaCH ciét cung chifa géc actai A.
- N6i AB ta dugc AABC phai dung.
Chimg minh: Ta c6 ngay:
BC = a theo céch dung.
A=a—- W A nim trén cung chifa géc o dung trén doan thang BC.
BH = h — vi H thudéc duong tron (B, h).
BHC =90° = BH = h la dudng cao ciia AABC.
Vay, AABC thoa man diéu kién d4u bai.
Bién ludn: Ta dung dugc hai AABC va AA’BC thoa man diéu kién dé bai, nhung
hai tam gidc ndy bing nhau (d6i xing qua BC) nén bai todn chi c6 mot nghiém
hinh (bai ttméy 1a bai todn dung hinh vé kich thudgc).
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@ Nhdn xét:
1. Qua vi du trén ta thdy giai mot bai toan dung hinh thuong dudc quy vé
vide xéc dinh mot di€m thoad man hai diéu kién. Diém can xac dinh la
gilo cua hal quy tich (ciing c6 khi la giao cia moét quy tich véi mot
dvong I:hé'mg hodc mot dudng tron cho trudc). S6 nghiém hinh cua bai
toin phu thu6c vao s6 giao diém cua hai quy tich. Phuong phap dung

hinh nhu vay goi la phuong phap quy tich tuong giao.

2. Né#u thay gia thiét dudng cao BH = h bing
duong cao AH = h, khi d6 A thudc duding thing
scng song véi BC va cach BC mét khoang bing h,
ve trong trudng hdp nay bai toan c6 thé v6 nghiém
hinh, c6 mot nghiém hinh hodc hai nghiém hinh, vi
no phu thudc vao s6 giao diém cla dudng thing
vdi cung chua gOC .

3. Nfu thay gia thiét dudng cao BH = h bing
d10ng trung tuyén AM = nj;; lghl do A thudc
d10ng tron (M, m) véi M 1a tnmg t’silém BC, va
trong truong hdp nay bai-tedn/ c6 thé vo
nzhiém hinh, c¢6 m6t nghiém hinh hodc hai
nzhiém hinh, vi né phu thudcviorst gidol diém
cua dudng tron vdi cung chira goc.

m sU DUNG Lﬁwd TiCH ' CUNG “"dﬁ%’ A NI
| GOC' CHONG MINH NHIEU DIM|

' CUNG NAM TREN MOT PUONG TRON ’ N

Phwong ;hap Q‘
Viéc st dung quy tich cung chita goc o dé A
ching minh nhiéu diém cung nim trén mot AN_ B

duong tron, dua trén nhan xét:

" Néi cdc diém M, N ndm cung phia doi véi AB vé AMB = AN B thi
bon diém A, M, N, B cung thuéc mot duong tron”"

@ Che y: Diéu kién cung phia ctia cac diém M, N d6i vdi AB la bét budc,
bdi trong trudng hgp khéc phia chi ding véi:
AMB = ANB =90°.
Yidup L (Bai 51/tr 87 — Sgk): Cho 1, O ldn lugt la tam duong tron néi tiép,
tam duomg tron ngoai tiép tam gidc ABC véi A = 60°. Goi H la giao
diém ciia cdc duong cao BB' va CC'. Chitng minh cdc diém B, C, O,
I ciing thuéc mér duong tron.
v/
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&S Gidi —Ban doc tu vé hinh
Xét nr gidc AB'HC), ta cé:
B'HC' =360%— (A + B+ C) =360 - (60° + 90° + 90%) = 120".
= BHC = B'HC' =120°
Xét ABIC, ta cé:
BIC = 180" (IBC + ICB)=180°- (%+g)= 180° - %(1300-;\): 120°.
Nhu vay, H va I déu nim trén cung chita géc 120° dung trén BC.
Mat khédc, AABC noi tiép trong dudng tron tam O nén géc noi tiép BAC
trong duong tron (O) c6 s6 do la:
60° = BAC= %sdﬁi‘: = % BOC = BOC = 120°
Vay, O nim trén cung cinfa géc 120° dumg trén BC. Nghia 12 5 di€ém B, C,
O, H, I ndm trén cing m6t dudng trdn chifa cung chita géc 120° dung trén BC.
Yidp 2t Cho hinh thang cin ABCD (AB // CD). Chitng minh rang bén diém
A, B, C, D thuéc cing mét-duomg tron.
& Gidi laadeachmi
Ta c6 thé trinh bay theo céc cich sau:
Cach 1: Xét hai tam gidc AABD va ABAC; ta'cé:
AB chung
BAD = ABC, vi ABCD Ia hinh thang can
AD = BC, vi ABCD la hinh thang can
Do dé:
AABD = ABAC (c.g.c) = ADB = ACB.
Vay, céc diém C, D nim phia d6i v6i AB va thod man ADB =ACB nén
bén diém A, B, C, D thudc cling mo6t duomg tron.
Cdch 2: Xét hai tam gidc AACD va ABDC, ta cé:
CD chung
ADC =BCD, vi ABCD Ia hinh thang can
AD = BC, vi ABCD la hinh thang cén
Do dé:
AACD = ABDC (c.g.c) = CAD = CBD.
Vay, ?ie’m A, B ndm phia d6i v6i CD va thod man CAD= CBD nén

, C, D thuéc cing mét duong tron.

bén B
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& Nhan xét: Dudng tron di qua bon dinh cia hinh thang ABCD dugc goi la
" Puong tron ngoai ticp ABCD " hodc " Hinh thang ABCD noi
tiép duong tron nay".

Yidp 3: Cho AABC cdn tai A. Ldy hai diém E, F theo thit e thuéc AB, AC
sao cho AE = AF. Chiing minh rdng bon diém B, C, E, F thuéc cung
mot duong tron.

£ Gidi

Ta céthé trinh bay theo cac cich sau:
Cdch 1: Xét hai tam gidc AABF va AACE, ta cé:
A3 = AC, vi AABC can tai A
A chung
A7 = AE, gia thiét
Do d¢ AABF = AACE (c.g.c) = ABF = ACE < EBF =FCE.

Vay, cac diém B, C nam phia d6i ’vél EF |va thod man EBF = FCE nén bén
diém B, C, E, F thudc cing mét duong: trﬂn

Cdch 2: Chimg minh nhu trong cich Eta dn'oc
AABF = AACE (cg c) = AFB AEC T
< 180° -~ AFB = 180° _ AEC & CFB = BEC.

Vay, «ic diém B, C nam ‘phia d6i v6i EF VA thoa man EBF = FCE nén bon
diém B, (, E, F thudc cing m&t duong tron.

Cdch 3 Xét hai tam gidc AEBC va AFCB, ta c6:
E3 = AB — AE = AC = AF = FC, vi AABC ¢an tai A
FBC = FCB, vi AABC can tai A
BC chung do d6: AEBC = AFCB (c.g.c) = BEC= CFB.

Viy, dc diém E, F nim phia d6i véi BC va thoa man BEC = CFB nén bén
diém B, G, E, F thu6c ciing mot dudng tron.

Vindé4 TOANTONG HOP

Vidp Bz (Bai 47/tr 86 — Sgk): Goi cung chita géc 55° & bai tdp 46 la AmB.
Ldy diém M, ndm bén trong va diém M, ndm bén ngoai duomg tron

chita cung nay sao cho M,, M, va cung AmB nam cung mét phia
dot voi duomg thang AB. Ching minh rang:

szM,B =55, b. AM,B <55°.
4
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&S Gidi —Ban doc tu vé hinh
Gia st AmB 1A cung chita géc 55° dung trén doan AB. Diém M, nam trong

dudng tron chita cung AmB . Dudng thing AM, cit cung AmB tai C. N6i BC.
Ta c6: AM,B = ACB + CBM, > ACB = 55°.

Diém M, ngoai dudng tron chifa cung AmB.
Goi D Ia giao diém ciia M,B v6i cung AmB.
NGi A v6i D, ta c6: AM,B + M,AD = ADB ADB =55"= AM,B <55

C. BAI TAP LUYEN TAP
Bai 1. Cho cic hinh thoi ABCD cé canh AB c¢6 dinh. Tim quy tich giao diém O cua
' »i dudng chéo cua cdc hinh thoi dé.
. Xétcic AABC c6 BC = 2cm c6 dinh, A = 60°.

a. Tim quy tich cdc diém A.

b. Diém A & vi tri ndo thi AABC ¢6 diénitich 16n nh4t ? Tinh gi4 tri 16n nhat dé.
Bai 3. Cho nira dudng trdn dudng kinh AB va cung EF cia nira dudng tron (E nidm trén
cung AF sao cho sd EF = 30°. Hai tia AE va BF cét nhau tai M. Tim quy tich c4c diém M

khi cung EF chuyén dong trén nira dudmg tron.

Bai 4. Cho hinh vuong ABCD! Trénscanh/BE lﬁy diém'E, trén tia d6i cta tia CD 14y
diém F sao cho CE = CF. Goi M Ia giao diém ciia hai dudng thing DE va BF. Tim quy
tich cdc diém M khi E di dongtrén canh BCoc 5

Bai 5. Cho AABC vuong gée-8-A- VehmnmdMgubnduongkmhABvaACmphla
ngoai clia tam giéc. Qua A vé cit tuyén MAN (M thudc nira dudmg tron dudng kinh AB, N
thudc nira dudng tron duong kinh AC).

a. T gidc BCNM Ia hinh gi ?

b. Tim quy tich trung diém I ciia MN khi c4t tuyén MAN quay quanh A.
Bai 6. Cho nira dudng tron (O) dudng kinh AB c6 dinh, diém C di chuyén trén nira
dudng trdn. O phia ngoai AABC, vé ABCD vuéng can tai C. Tim quy tich céc diém D.

Bai 7. Cho AABC c6 A = 60°, noi ti€p dudng trdn (O). Trén cung nhd AC 14y mot
diém D. Trén day BD lay diém M sao cho DM = DC.

a. Chimg minh ring AMCD Ia tam gidc déu.

b. Tim quy tich cdc diém M khi diém D di dong trén cung nhé AC.
Bai 8. Cho cung mét phian trr dudng trdon véi hai ban kinh OA, OB vudng géc véi nhau.
Trén cung nay 18y mét di€ém C tuy ¥ khong tring v6i A va B. V& CH vubng géc véi OA.
Goi I 1a tam dudmg tron noi ti€p AHOC.

a. Ching minh ring AAIO = ACIO.

b. Tim quy tich cdc diém I khi C di dong trén cung AB.
Bai 8. Dung cung chita géc 45° trén doan AB = 4cm.

Bai 9. EﬂAcheth 3em, A =50°va AB=2cm.
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Bai 10. Dung AABC biét:
a. BC =4cm, A = 60° va duomg cao BH = 3cm.
b. BC = 6cm, A =45° va duong cao BH = 4cm.
Bai 11. Dung AABC biét:
a. BC=8cm, A =60°va duong cao AH = 6¢cm.
b. BC = 6cm, A = 120° va dudng cao AH = V3 em.
c. BC=4cm, A = 60° va duong cao AH = 9cm.
Bai 12. Dung AABC biét:
a. BC = 6cm, A =45° va trung tuyén AM = Scm.
b. BC =4cm, A = 60° va trung tuyén AM =2 J3em.
Bai 13. Dung tam giac vudng biét:
a. Canh huyén 6¢cm, bén kinh duong tron néi tiép bang 1-m.
b. Canh huyén Scm, ban kinh dudng tron néi tiép bing lcm.
Bai 14. Cho AABC can tai A. Puong thiang d song song véi BC, cét cic canh AB va
AC theo thit tu tai E va F. Chimg minh rang bén diém B, C, E, F thudc cing mét duong
tron.

Bai 15. Cho AABC ¢6 B, C la cic géc nhon, duong cao AH, trung tuyén AM thoa

man BAH =MAC . Goi E la trung dlemcua AB
a. Hoi AAEH la tam gidc gi ?
b. Ching minh rang A, E, H,M. thude cung mQt. c’ucmg tron.
¢. Ching minh AABC la tam g:ac vm‘.'mg

D. HUGNG DAN - PAP SO
Bai 1. Ban doc tr vé hinh
Theo tinh chét cua hinh thoi, edc dudng chéo hinh thoi vuéng géc nhau.
Do dé, néu canh AB c6 dinh, giao diém O clia cdc duong chéo hinh thoi ABCD
nhin AB duéi mét géc 90° khong déi.

Vay, quy tich giao diém O cua hai dudng chéo hinh thoi ABCD khi AB c6 dirn Ia
duong tron dudng kinh AB.

Bai 2. "
a. Qui tich diém A thudc cung chita géc 60° dung trén canh BC.

b. Ha AH vubng géc véi BC, ta c6 ngay: Syapc = %AH.BC

Do d6, Saapc €6 gid tri 16n nhat khi:
AH 16n nhit < A 12 diém & chinh giita cung chita géc.

BC*\3 _ 2 '
; :

Khi d6, vi AABC déu nén: Sypc =

Bai 3. Thv(hﬁo vidu 2.
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Bai 4. Hoc sinh tw vé hinh.
Phdn thudn: Xét hai tam gidc vudng ABCF va ADCE, ta c6:
BC = DC, vi ABCD la hinh vuéng, CF = CE, gia thiét
Do dé: ABCF = ADCE (hai canh géc vuéng) = CBF = CDE .
Mt khéc ta c6 nhan xét: BEM = CED, vi d6i dinh
90°= CDE + CED = CBF + BEM = BMD = 90".
Vay, diém M ném trén dudng tron dudng kinh BD.
Gidi han:
* Néu diém E tring v6i diém B thi diém M tring véi diém B.
» Néu diém E tring v6i diém C thi diém M tring véi diém C.
Do dé, diém M chi nidm trén cung nho BC cia duong tron duong kinh BD.
Phdn ddo: Ldy diém M nim trén cung BC cia dudng tron dudng kinh BD. Néi BM
cét CD tai F, n6i DM cit BC tai E. Ta phai chimg minh CE = CF.
That vay: BMD =90°, géc ndi ti€p chin nira dudng tron
= ABCF = ADCE (g.c.g) = CE=€E;_
Két ludn: Quy tich cic diém M la cung nhéB‘E cia duong tron dudng kinh BD.
Bai S. 1= '
a. Xét tf gidc BCNM, ta c6:
AMB = 90°, géc n6Ptiép!chiin‘nira dirdtig trdri 5'BM L. MN
ANC = 90°, géc noji iép chin nira dutmg tron => CN L MN
do d6 BM // CN. |
Vay, tit gidc BCNM la hinh thang vuéng.
b. Ta thuc hién theo céc phén:
Phdn thudn: Goi E 1 trung diém BC, ta c6 ngay:
EI 1a duong trung binh ctia hinh thang BCNM

= EI//CN = EI L MN & AIE =90".
Vay, diém M nim trén dudng tron dudmg kinh AE.
Gioi han: Ta cé6:
* NéuM=B= N=A =I=P]latrung diém cia AB.
* NéuM=A=N=C=I1=Q Ilatrung diém cia AC.

Do dé6, diém I chi nim trén cung PQ ciia dudng tron dudng kinh AE.
Phdn ddo: L4y diém I nim trén cung PQ cia dudng tron dudng kinh AE. Noi Al cit
(AB) va (AC) theo thit tu tai M va N. Ta phai chimg minh MI = NL
That vay: AIE = 90°, géc ndi tiép chin nira dudng tron < EI 1L MII
<> EI //BM = EI la dudng trung binh cta hinh thang BCNM = MI = NL.

Két Mag Eﬂmh céc diém I ndm trén cung PQ cita dudng tron dudmg kinh AE.

A J

o
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Bai 6.
Phan thuan: Ta c6 ngay:
ADB = 45°.
Do AB c6 dinh, ADB = 45" nén D di chuyén trén
cung chira géc 45° dung trén AB.
Giot han: Ta co:
*» NéuC=A = D=E (E la giao diém ciia ctia duong théng qua A vuong géc véi
AB vdi cung chita géc 45° dung trén AB thuéc nira mat phing c¢6 bo AB chira
diém C).
*» NéuC=B=>D=B.
Do dé, diém D chi nam trén cung BE cia cung chira géc 45° dung trén AB thuéc
nira mit phing c¢6 bd AB chita nira duong tron.
Phdn ddo: L4y diém D thudc cung BE ciia cung chira géc 45° dung trén AB thu6c nira
mit phing c¢é bo AB chita nira dudng tron (0). N6i AD cit nita duong tron (O) tai C. Ta
phai chimg minh ABCD vuéng cén tai C. D
That vay, xét ABCD, ta ¢6: E

BCD =90°, vi ACB = 90°

Do d6 ABCD vuéng can tai C. - | / \

Két ludn: Quy tich diém D‘thuoé cung BE "Cha'blng chita goc A B
45° dung trén AB thudc mra mat phang cé bor AB chua nira
duong tron (O).

Bai 7.
a. Xét AMCD, ta c6: DM = DC, gia thiét A

CDM = CDB = CAB = 60° A
do d6, AMCD la tam giac déu. M\ --|D
b. Ta thuc hién theo cic phén: B A C
Phan thudn: Ti két qua céu a), ta co: S

BMC = 180° — CMD = 180° — 60° = 120°
Do BC c6 dinh, BMC = 120° nén M di chuyén trén cung chita géc 120° dung trén BC.

Giéi han Vi D chi chay trén cung AC nén M chi chay trén mét cung chita géc 120°
dung trén BC thudc nira mit phing bd BC c6 chita diém A.
Phdn dde: Lay diém M thudc cung chifa géc 120° dung trén BC thudc nita mat phing
bd BC céchita diém A. Ta phai chung minh DM = DC.
That vay, xét AMCD, ta cé:
(DM = CAB = 60°
CMD = 180°— BMC = 180° — 120° = 60°
D1a tam gidc déu = DM = DC.
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Két ludn: Quy tich diém M 12 mét cung chita géc 120° dung trén BC thudc nita mat
phing b BC c6 chita diém A.

Bai 8.
a. Xét hai tam gidc AAIO va ACIO, ta c6:
OI chung
AOI = COI, vi I 1A tam dudng tron ndi tiép AHOC nén OI
12 phén gidc cua 0 B
OA =0C L
Do dé: 4
AAIO = ACIO (c.g.c).

A+

b. Ta thuc hién theo c4c phén:
a thuc hién theo céc p! o A

Phdn thudn: Tir két qua cau a), ta c6:
AIO = CIO = 180°—(IOC + IET))=180°—%(HOC + HCO)

= 180° — 45° = 135°,

Do AO c6 dinh, AIO = 135° nén I di-chuyén trén cung chita géc 135° dung trén
AO_ - .: 75
Gidi han: Vi C chi chay trén cung AB nénT chi chay trén mot cung chifa géc 135° dung
trén AO thuc nira mat phing b AO c6 chu:a dlém B
Phén ddo: Hoc sinh tir |am. L
Két lugn: Hoc sinh tw lam. |
Bai 8. Ta lan luot thuc hién:

2 m
- Dung doan AB = 4cm va dudng trung truc Iz cua AB.
- Dungtia Ax saocho XAB =45".
- Dungtia Ay vubng géc véi Ax cét Iz tai O. ‘
- Dung dudng tron (O, OA) va chi ldy phdn cung cing AT B

phia v6i O, ki hieu AmB .
- L4y d6i xitng cung AmB qua AB duoc cung m
Vay, hai cung AmB va Am,B 12 cung chifta géc géc c4n dimg. ™
Bai 9. Ta l4n luot thuc hién:
Phdn tich: Gia st da dung dugc AABC thoa man diéu kién ddu bai, ta thay:

a. Canh BC = 3cm dung dugc ngay.
b. Diém A thod man hai diéu kién:

= Vi BAC = 50° nén A nidm trén cung chira géc 50°
dung trén doan thing BC.

* Vi AB=2cm nén A nim trén dudng tron (B, 2cm). B Tm C

glao diém cua hai hinh trén.
A é CDTPHDSI-T2
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Cdch dung: Ta lan luot thuc hién:
- Dung doan BC = 3cm.
- Dumg cung chita géc 50° dumg trén doan thang BC.
- Dung duong tron (B, 2cm) cit cung chira géc o trén
tai A..
- No6i AB, AC ta dugc AABC phai dung.
Chimg minh: Ta c6 ngay:
BC = 3cm theo cach dung.
A=50F~ vi A ndm trén cung chita géc 50° dung trén doan BC.
AB = 2cm, A nam trén duong tron (B, 2cm).
Vay, AABC thoa man diéu kién diu bai.
Bién ludn : Ta dung duoc hai AABC va AA’BC thoa man diéu kién dé bai, nhung hai tam
gidc nay bang nhau (dé6i ximg qua BC) nén bai toan chi ¢6 mét nghiém hinh (bai todn nay
1a bai toan dumg hinh vé kich thudc).
Bai 10.
a. Talan luot thuc hién:
Phadn tich: Gia sir da dung duoc AABC' t
- Canh BC = 4cm dung duoc ng y: !;“
- Diém H thoa man hai diéu kié ’ &
* H nidm trén dudng tron due
* Hnam trén dudng tron (B, 3cm).
Vay H la giao cua haﬂ@luﬂng-trbn d@smienphi.com
- Diém A thoi min ha: diéu kién:
* A nim trén cung CHiE géé ﬁff’ ‘dumy trén doan thing BC.
* A ndm trén tia CH: —
Vay A 14 giao diém cta tia CH véi cung chita géc 6P,
Cdch dung: Ta lan luot thuc hién:
- Dung doan BC = 4cm.
- Dung cung chita géc 60° dung trén doan thing BC.
- Dung dudng tron duong kinh BC.
- Dumg duong tron (B, 3cm) ciat dudng tron dudng
kinh BC tai H
- Tia CH cit cung chita géc 60Ptai A.
- N6i AB ta duoc AABC phai dung.
Chimg minh: Ta c6 ngay:
BC = 4cm theo cach dung.
A =60°, vi A nim trén cung chifa géc 60° dung trén doan BC.
BH = 3cm, vi H thuéc duong tron (B, 3cm).

BHC = 90°, vi goc noi ti€p chan mira dudng tron
= BH = 3cm la dudng cao cua AABC.
Vay, Aﬁ thoa man diéu kién diu bai.
S9-T2 245
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Bién ludn: Ta dung duoc hai AABC va AA’BC thoa man diéu kién dé bai, nhung hai tam
gidc nay bang nhau (d6i ximg qua BC) nén bai todn chi c6 mét nghiém hinh (bai todn nay
12 bai todan dimg hinh vé kich thudc).

b. Hoc sinh tu lam twong tu cdu a).
Bai 11.
a. Ta lan luot thuc hién:
Phdn tich: Gia sir da dung dugc AABC thoa man diéu
kién ddu bai, ta thay:
¥ 6cm
- Canh BC = 8cm dung dugc ngay. B
- Diém A thoa min hai diéu kién: Sem

* A nidm trén cung chifa géc 60° dung trén doan
thing BC.

* A nidm trén dudng thing d song song va cdch BC
mot khoang bing 6¢cm.

Viy A la giao diém cla d véi cuug chua goc &,
Cdch dung: Ta lan luot thuc hién:
- Dung doan BC = 8cm. — )
- Dung cung chita géc 60° dung tréﬁ doan thc’mg BC.
- Dung duong thing d song song.va cich BC mot
khoang bing 6cm, dub‘ng thﬁng d cét cung chia
géc 60° tai A. g S
- N6i AB, AC ta duogc AABCphaldung,
Chimg minh: Ta c6 ngay:
BC = 8cm theo cich dung.
A =60° vi A nim trén cung chita géc 60° dung trén doan BC.
AH =6cm, vi A thudc dudng thing d song song va cich BC mét khoang bing 6cm.
Vay, AABC thoa man diéu kién ddu bai.

Bién ludn: D€ x4c dinh xem bai todn cé bao nhién nghiém hinh ta cin tinh do dai
AoH,, trong dé A, 1a diém chinh giita cung chita géc 60° va H, 1a hinh chiéu vuéng géc
cua A, lén BC.

Trong AABC can tai A, ta c6:
BA,C = 60° = AA,BC déu

:AO}IG—ECzi =43 >6=AH

do d6, dudng thing d cit mbi cung chita géc tai hai diém phan biét.

Vay bﬂn c6 hai nghiém hinh.
A B CDTDHPSY-T2
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b. Talar huot thuc hién:

Phan tich Gia sir da dung duoc AABC thoa man diéu kien dau bai, ta thiy:
- Canh BC = 6¢cm dung duoc ngay.
- Dbiim A thoa man hai diéu kién:

* A nam trén cung chia géc 120" dung trén doan d A
thing BC. 12
* A nim trén duong thing d song song va cich BC B H C

mot khoang béng 3 em.
Viy A 1 giao diém cta d vdi cung chira goe 120F.
Cdch durg: Ta lin luot thuc hién:
- Drng doan BC = 6cm.
- Drng cung chita géc 120" dung trén doan thang BC.
- Drng dudmg thang d song song va cich BC mét khoang bang J3 em, dudng
thing d cit cung chia goc 120" tai A.
- Noi AB, AC ta dugc AABC phai-dung.
Chung mnh: Ta co6 ngay:
KC = 6¢cm theo cach dung.
A=120" vi A nim trén cung chifa
#H = 3 cm, vi A thuoc duomg song song va cach BC mot khoang

bing 3 an. Vay, ARG thej sy SN IER R com

Bién ludr: Dé xic dinh xem bai toan co bao nhiéu nghlém hinh ta cdn tinh do6 dai

AH,, troig d6 A, 1a diém o:ﬂ}m,t,\l(&urr@qg:il,lpg?tf|=;[.;aug¢:\p1 120° va H, 1a hinh chiéu vuéng
goc cua 4 lén BC. Trong AA BH, vuong tai H, ta cé:

BA,H, =60°= A BH, =30°= A,B=2A.H, g A,

/B'= A H? + BH? ﬂ\

& 4AH: = AH? +9 & AHy=+3-=AH B H, C

do dé, dwng thing d cit mdi cung chira goc tai duy nhat mot diém. Gty

Vay, »i todn ¢6 mot nghiém hinh.
c. Howe anh telam tweong tir cau a) va b).
Bai 12.
a. Ta 14 luot thuc hién:
Phdn tuch Gia st da dung dugc AABC thoa min diéu kién dau bai, ta thiy:

- Cinh BC = 6cm dung duoc ngay. A _«

- Dém A thoa man hai diéu kién:

= A nam trén cung chira géc 45" dung trén doan

thing BC. Sem
= A nam trén dudng tron (M, Sem) véi M la trung B i C
diégl BC. 6am
\éﬁlﬂ giao diém cua (M, 5cm) vdi cung chita géc 60F.
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Cdch dung: Ta l4n luot thuc hién:
- Dung doan BC = 6cm.
- Dung cung chita géc 45° dung trén doan thing BC.
- Dung dudng tron (M, Scm) cét cung chita géc 45° tai A.
- N&i AB, AC ta dugc AABC phai dung.
C’uimg minh: Ta c6 ngay:
BC = 6cm theo cdch dung.
A =45°, Vi A nim trén cung chita géc 45° dumg
trén doan BC.
AM = 5cm, vi A thudc dudng tron (M, Scm).
Vay, AABC thoa mén diéu kién ddu bai.
Bién ludn: D€ x4c dinh xem bai todn c6 bao nhiéu nghiém hinh ta cin tinh dﬁ dai
AoM, trong d6 A, 12 diém chinh giita cung chia géc 45°.
Trong AA;BM vuéng tai M, ta cé:

BAM = %A =22.5°

A,BM =90°- BA M =67.5°
AM = BMtanA BM = 3.tan67.5%= 7124 > AM
do d6, dudng tron (M, Scm) cit méi cung chira gﬁc tai hai diém phan biét.
Vdy, bai todn c6 hai nghiém hinh. -
Bai 13.
a. Taldn lugt thuc hién: (lov |
Phadn tich: Gia sit da dung duoc AABC thoé. mﬁn dléu klen dﬁu bai, ta thdy:
- Canh BC = 6cm dung dugce-ngay: | :
- Goi I 1a tam duong tron.ndi-tiép AABC, nenI Li giao diém cédc dudng phan giic
cia AABC, do dé:

BIC =130°—(m'6+1c"“f3)=180°—l(£§"(:+ﬁ)= 135, A

Do BC c6 dinh, BIC = 135° nén I di chuyén trén hai cung !

chita géc 135° dumg trén BC. B =
Tic 13, diém I thod man hai diéu kién:

* Inim trén cung chita géc 135° dung trén doan thing BC.
* Vi ban kinh dudng trdn ndi ti€p bing lcm nén I ndm trén duomg théng d
song song va cich BC mot khoang bing 1cm.

Vay I 1a giao diém cuia dudng thing d véi cung chita géc 135°.

- Diém A thoa man hai diéu kién:
* A nidm trén dudng tron dudng kinh BC.
* A nam trén tia Bx sao cho BI la tia phan gidc ctia géc xBC .
Vay A A giao diém cua (BC) véi tia Bx.

Cdch dung: Ta 14n lyot thuc hién:
- Dung doan BC = 6cm.

glg chita géc 135° dung trén doan thing BC.

;5 N
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- Dung dudmg thing d song song va cich BC mot khoang bang 1cm, dudng thang
d cit cung chira gée 135° tai 1.
- Dung dudng tron (BC).
- Dung tia Bx sao cho BI la tia phén gidc cua goc
xBC , khi d6 Bx cit (BC) tai A.
No6i AB AC ta dugc AABC phai dung.
Cht’tng minh: Ta c6é ngay:
BC = 6cm theo cach dung.
A =90 vi A nim trén cung chita goc 60° dung trén doan BC.
Khoang cach tir I dén BC bang 1cm, vi I thudc d.
Ta cén chli'ng minh I la tAm duong tron ndi tiép AABC, titc la chimg minh CI 1a tia
phan glac ctia goc C, that vay
[CB = 180° — BIC — CBI = 180° — 135° — CBI = 45°— CBI.
ICA= ACB — ICB = (90° - ABC) - (45° - CBI)

= (90° — 2CBI ) — (45° — CBI) = 45°— CBI = ICB
<> CI 1a tia phan gidc cua géc C.
Vay, AABC thoa man diéu kién daubai—
Bién ludn: Pé xac dinh xem bai toin céba’é‘nﬁléu nghlém hinh ta can tinh do6 dai M,
trong dé6 I, 1a di€ém chinh giita cung chu‘f:t gBe ]BS va M la trung diém BC.
Trong AIBM vuéng tai M, tacé: ———

BI,M = % BIC =ffiloadsachmienphi.com

I BM =90° — BI,M oMT 22305,

oM =BM.tan 1, [ BM =~%tm2@:§‘}a4r 24& } ,
do d6, dvong thang d cit méi cung chita goc tai hai diém phan biét.
Vay. bai todn cé hai nghiém hinh.
Bai 1S.
a. Xét AABH vuéng tai H, ta cé:

EH = —;—AB, trung tuyén thudc canh huyén <> EH = EA < AEAH cén tai E.

b. Nhan xét rang: AHE = A, vi theo két qua cAu a) ta c6 AEAH can tai E
\] = 'AZ gla thiét

\2 = AME, hai goéc so le trong vi ME // AC do tinh chat dudng trung binh
suy ra AHE = AME. Vay, cic diém M, H nam phia d6i véi AE va thoa man
AHE = AME nén b6n diém A, E, H, M thuoc ciing mot duong tron.
c. Tirkt quacau b), ta suy ra: AEM = AHM =90", géc noi tiép cing chian cung AM
= ME 1 AB. (1)
Mt khic, ta ciing c6 ME // AC. (2)
Vay. titva (2)suyra: AB L AC = AABC vuéng tai A.
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Cdch 2: Chitng minh t6ng hai géc d6i dién bang hai goc vuéng,
Titc 13, néu ta cé:

B e
/ BAD + BCD = 180°
Nyt hojc ABC + ADC = 180’

thi tit giac ABCD noi tiép mot duong tron.
Cdch 3: Dung cung chua gOC o, i e
- Tacla, néu ta 6
ACB = ADB va C, D cung phia vdi AB
thi tit giac ABCD ndi tiép.

@ Chi y: Trong céc tit gidc da hoc thi hinh thang can, hinh chit nhat, hinh
vuodng bao gid ciing ndi tiép dudc trong mot dudng tron.

Yidw lz Chimg minh rang hinh chi¢ nhat ABCD néi tiép dicoc.

& Gidi B¢ 3C
Goi O la giao diém cia hai dm:mg chéao AC va *0.

BD, ta c6 ngay: P\

OA=0C=08=0B & ABCD ncn tlep trong (O, OA).
Yidwu2;: (Bai 58/tr 90 — Sgk) Cho AABC deu Trén nita mdt phang bo BC

khong chita dinh Al fay d’wm Hug Lho DB'= DC va DCB= % ACB.
a. Chiimg mirfPBELS T HOWERS S50 frepne
b. Xdc dinh tam-eva-dwong-trondi-qua-bén diém A, B, C, D.

&S Gidi —Ban doc tu vé hinh

—

a. ADBC can dinh D nén DBC= DCB=

—

L &eB =130
2
Suy ra:
CDB = 180° - (DBC +DCB) = 120°.
T gidc ABCD cé téng hai géc doéi:
A+ D=60"+ 120" = 180",
Vay, tr gidc ABCD néi ti€p duong tron.
b. Do duong tron ngoai ti€p AABC ciing dong thoi 12 dudng tron ngoai ti€p t
gidc ABCD nén dé xé4c dinh tdim duong tron qua A, B, C, D chi can tim giao
diém O cta AD véi duong cao BB' cia AABC.
Puong tron (O ; OA) diqua A, B, C, D.
Vidp3s Cho hinh thoi ABCD tam O, canh bdang a. Goi M, N, P, Q theo thit tir
la trung diém cua AB, BC, CD, DA.
am» Chimg minh rang AMNC la mét tit gidc néi tiép.

] @4 Chimg minh rang MNPQ la mét tir gide néi tiép.
' S9-T2 251
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& Gidi B
a. Tac6 thé lua chon mét trong hai c4ch sau: M %
Cdch I: Xét hai tam gidc AAMC va AANC, ta c6: A 5 C
AC chung; MAC =NCA; AM=CN= % 0 P
N

Suy ra: AAMC = AANC (c.g.c) = AMC = ANC
Vay, tit gisc AMNC néi ti€p dugc mot dudng tron.

Cdch 2: Tac6: MN // AC — vi MN la dudng trung binh AM =NC =

Suy ra AMNC la hinh thang can, do d6 né ndi ti€p dugc mot dudng tron.

b. Ta cé thé lua chon mét trong hai céch sau:

Cdch I: Vi OM, ON, OP, OQ theo thif tr 1a dudng trung tuyé€n clia cic tam gidc
vuéng AOAB, AOBC, AOCD, AODA nén:

OM=1AB=2. ON=LBC=
2 2

2

]

op=lcp=2
2 2

Suy ra: OM = ON = OP = 0Q = — <> MNPQ néi tiép dudng tron (O, —)

downloa%isachnnenpht com
Cach 2: Vi MN, PQ theo thit tr 1a duong trung binh ciia cac tam giic AA™

AADC nén: Download Sach Hay | Poc Sach Online
/I [/ d
th=—;-AC PQ——AC=> = MNPQ la hinh binh hanh.

Mt khéc:

MNP = BOC = 90° - vi Ia hai géc c6 canh tuong ting song song
Suy ra NMPQ 1a hinh chir nhat, do dé né6 néi uep dugc mét dudng trbn

!l.lll_l.: (Bhl 54/I:r 89 — Sgk): Tz gidc ABCD o ABC+ ADC'- 1800 Chtmg
B nh rang cdc duomg trung truc cia AC, BD, AB cung di qua mét diém.

CDTDHDS9-T2
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@S Gicdi — Ban doc i vé hinh

Tt gidgc ABCD c6 téng hai géc d6i ABC + ADC = 180° nén +/6 12 tf gidc noi
(i€p dueng tron tam O.

Puong tron (O) ciing 1a duong tron ngoai ti€p AABC nén O 1a giao diém cdc
duong tung truc cua AB va AC.

Tuong tu, (O) 1a dudng tron ngoai tiép ABCD nén O nam trén duong trung
truc cua BD.

Vay. c4c trung truc ciia AB, BD, AC ciing di qua diém O.
Yidw 2z Tim diéu kién dé hinh thang ABCD (AB // CD) néi tiép ducoc.

&5 Gici

. D C
Vi ABCD la hinh thang, néntac6 A+ D =180°. (1) / E
Dé ABCD néi tiép duoc, diéu kién1a B + D = 180°. (2) AUB

Tu (1) va (2) suy ra:
A = B < ABCD Ia hinh thang can.

Vidgp 3 (Bai 55/tr 89 —Sgk): Cho, ABCD la mot nit gidc néi tiép duomg tron
tam M, biét DAB = 800‘, Wvl =30°% BMC = 70°. Hay tinh s6 do
cdc goc m,m, A"ﬂﬁ?,, ﬁﬁé, m, ﬁﬁﬁ BCD.

& Giéi —Ban doc nevélhinhloadsachmienphi.com

Ta ¢o:
MAB = DAB AN L5002 300 4560
BCD = 180°~ DAB = 180" - 80° = 100°.
K¢ luong kinh CC, ta cé:
BCM = BCC' = - [s4CC - saBC1= ~ 180" 70°) = 55"
Suyra:
MCD = BCD - BCM = 100° - 55° = 45°.
AMD = 180" — (DAM + ADM) = 180° — (30° + 30°) = 120°.
AMC=sd CD =sdCB -sdBC = 160°-70° = 90"
AMB = 360°— (BMC + CMD + DMA ) = 360° — (70° + 90° + 120°) = 80°.

Yidw &z Cho nita duong tron duong kinh AB va mét ddy CD. Qua C vé
duomg thang vuéng géc véi CD, cdt AB tai 1. Cdc tiép tuyén tai A va
B ciia nita duomg tron cdt duomg thang CD theo thir ne tai E va F.
Chitng minh rdng:

a. Cdc tir giac AECI va BFCI néi tiép duoc.
AIEF ~ ACAB, tit dé suy ra AIEF vuéng.

MS@)-U 253
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£ Gidi
a. Theo tinh chat cua ti€p tuyén tacé AE 1L AB, BF 1 AB.
» Tua gidc AECI cé:
EAI + ECI=90° +90° = 180°
Suy ra tif gidc AECI noéi ti€p dudng tron (O,).
+ T& gidc BFCI cé:

IBF + ICF = 90° + 90° = 180°.
Suy ra tit gidc BFCI néi ti€p dudng tron (O,).

b. Xét hai tam gidc AIEF va ACAB, ta cé:

IEF = CAB - vi hai géc noi ti€p ciing chén cung CI ciia duong tron (O,).
[FE =CBA - vi hai géc noi ti€p cling chin cung CI cia dudmg tron (O,).
Vay AIEF ~ ACAB suy ra EIF = ACB.
Mat khéc: ACB =90° - vi géc noi ti€p chan nira dudng tron dudng kinh AB
nén EIF = 90° suy ra AIEF vuéng.

@ Nhdn xét: Khi da ching minh| dugé mot ti gidc ndi tip ta c6 thé ve
duong tron di qua bdn dinh cia né, d€ dé nhan ra cac goc noi
tiép ciing chdn mét cung thi bdng nhau.

Yidp 8 Cho AABC, cdc dueng phdn gidc cua cdc goc trong BvaCva gap

nhau tai S, cdc duomg phdn gidc cua cdc géc ngoai BvaC gap
nhau tai E. Chitng mitnh rang: "0 ’
a. BSCE la ti gidenoitiép:
b. Badiém A, S, E thdng hang.
c. Trung diém M ciia SE thuéc duong tron ngoai tiép AABC.
£ Gidi
a. Tacé:
® Vi BS, BE la céc tia phan gidc cta hai géc ké bu nén BS L BE.
* ViCS, CE la cic tia phan gidc cta hai géc ké ba nén CS L CE.
Suy ra: SBE + SCE = 90° + 90° = 180° do dé tif gisc BSCE la i gidc noi
ti€p (cu thé né noi ti€p dudng tron dudng kinh SE).
b. Vi AS va AE déu 1a tia phan gidc cua géc BAC nén A, S, E thing hang.
c. Ta cé thé lua chon mot trong hai cdch sau:
Cdch 1: Vi M 1a tam dudng tron ngoai tiép i gidc BSCE nén:
SCB = %SI\TB.
Mat khic:

E/ﬁ%ﬁnsﬁﬁ:ﬁ (1)
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Tuong tu, ta ciing co SMC = ABC. (2)
Tir 1) va (2), ta duoc : BMC = SMB + SMC = ACB + ABC
- BMC + BAC = ACB + ABC + BAC = 180"
Do d6 ur giagc ABMC noi tiép.
Vay. diém M thuoc dudng tron ngoai ti€p AABC.
Cdch 2: Chirng minh tuong tu nhu trong cach 1 ta duoc:
SMB = ACB < AMB = ACB
Suy ra, M va C thudc cling mot cung chita géc vé vé moét phia ciia AB.
Viy. M thudc duong tron ngoai ti€ép AABC.

@ Nhin xét: DE chimg minh ABMC la tit giac néi tiép (cau b) trong céach 1
ta st dung dinh li dao " Néu mot it gidc co tong hai goc doi
bang 180 thi ti giic d6 ndi tiép duoc mot duong tron ", trong
cach 2 ta st dung cung chita goc "Néu cdc diem C, M ndm
ciing phia doi véi AB va AMB=ACB thi C, M, A, B thuéc
cung mgt duong trén". |

Yidw 6 Cho hai duong tron (O) \u (. ) cat nhau tai A va B. Vé mot diong

thing qua A cdt drro’ng 1ron {@) tai C va cat duong tron (O’) tai D.

Vé mét dicomg thang qua B cat dicomg tron (Q) tai E va duong tron

(O') tai F. Hai ;_djfdhg;{bcfngm» walEFckhong cat nhau & bén trong

hai dieomyg tron. Chimg minh rang CE // DF.

Vé cay chung AB, ta cé:

e — e A
DAB + CAB =180°. c
T gac ABEC la tir gidc ndi ti€p nén:

CEB+CAB=180° = CEB = DAB ES—in, T

Tit gac ABFD la tir gidc ndi ti€p nén:
DAB + DFB = 180° = CEB + DFB = 180°= CE // DF.
@ Nhin xét: Trong vi du nay, ta da chitng minh CEB = DAB.
Mot cach t6ng quat " Mbi goc cda tif gidc noi tiép bdng goc
ngoai cua goc déi dién vdi né".

C. BAI TAP LUYEN TAP
Bai 1. “himg minh rang tit giac ABCD ndi tiép dugc, biét:
a. /BCD Ia hinh thang can.

b. ﬁBﬁé hinh chif nhat.
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Bai 2. Cho nira dudng tron (O) dudng kinh AB va tia ti€p tuyén Bx cua nira dudng
tron. Trén tia Bx 14y hai diém C va D (C ndm giita B va D). Céc tia AC va AD lin luot
cét dudng trdn tai E va F. Hai day AE va BF ciét nhau tai M. Hai tia AF va BE cit
nhau tai N. Chiing minh rang:

a. MN//Bx.

b. Ti gidc CDFE ndi ti€p duoc.
Bai 3. Cho AABC, céc duong cao BE va CF ciét nhau tai H. Goi D 1a diém dé6i ximg
ctia H qua trung di€ém M cta BC.

a. Chimg minh t gidc ABDC néi tiép dugc trong moét dudng tron. Xic dinh tam

O cua dudng tron dé.
b. Dudng thing DH cit duong tron (O) tai diém thit hai 12 I. Chimg minh rang 5
diém A, I, F, H E cing nim trén mot dudng tron.

Bai 4. Cho hai dudng tron (O) va (O’) cét nhau tai A va B. Tia OA cit dudmg tron (O’)
tai C, tia O’A cét duong tron (O) tai D. Chitng minh réng:

a. Ti gidc 00'CD noi tiép.

b. Tir gidc OBO’C n0i tiép.

c. Niam diém O, O’, B, C, D cing nim trén mo6t dudng tron.
Bai 5. Cho tif gidc ABCD noéi ti€p nira dudng tron dudmg kinh AD. Hai duong chéo
AC va BD cit nhau tai E. Vé EF L AD. Gdi M la trung diém ciia DE. Chiing minh ring:

a. Cic ti gidc ABEF, DCEF noi ti€p difge.]

b. Tia CA la tia phan gidc cia géc BCF .

c. Tir gidc BCMF noi ti€p duoc.
Bai 6. Chimg minh, ri’mg trong mot dudmg tron hai day khong di qua tam khong thé
cit nhau tai trung diém cla méi day.
Bai 7. Hai dudng trdn (0) va (Q’).cit nhau tai A va B, Trén ducmg tron (O’) 1ay mot
diém M. Cic dudng thing MA, MB cit dudmg tron (O) tai C va D. Tir M vé tiép tuyén
xy v&i duong tron (O’). Ching minh rﬁng xy // CD.
Bai 8. Hai duong tron O va (O’) cit nhau tai A vd B. M6t dudng thing qua A cit
dudng tron (O) va (0’) 14n luot tai C va D. VE day CE cia dudng tron (O) va day DF
ctia dudmg tron (O’) song song véi nhau. Chitng minh ring ba diém B, E, F thing hang.
Bai 9. Cho hinh vuéng ABCD. Trén canh AB Idy mot diém M. Duong thing qua C
vudng géc véi CM cit cdc tia AB, AD 14n luot tai E va F. Tia CM cét dudng thing AD
tai N. Chilng minh ring:

a. T gidc AMCF noi tiép duoc.

b. Tir gidc ANEC néi ti€p duoc.

c. CM+CN=EF.
Bai 10. Cho Hinh binh hanh ABCD. Pudng tron di qua ba dinh A, B, C cét dudng thing
CD tai P khic C. Chilng minh AP = AD.
Bai 11. Tir mot diém M & bén ngoai dudmg tron (O) ta vé hai ti€p tuyén MA, MB véi
dudng tron. Trén cung nhé AB 14y mét diém C. VE CD L AB, CE L MA, CF L MB.
Goi I 12 giao diém cia AC va DE, K 1a giao diém ctia BC va DF. Chiing minh ring:

a. T gidc AECD noi ti€p dugc.

b. Tir gidc BFCD noi ti€p dugc.

C.
d. ;
A B CDTPHDSY-T2
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D. HUGNG DAN - PAP SO

Bai 1.
a. Ta c6 thé trinh bay theo cdc cédch sau: D C
Cach 1: Vi ABCD la hinh thang can, nén ta cé:
556 3 o= BB+ 65k /\
= 180°, téng hai géc trong cing phia A B

Vay, hinh thang can ABCD néi tiép dugc.
Cdch 2: Goi E, M, N theo thit tir 12 trung diém cua AD, AB, CD. Dung duong trung
trrc Ex cia AD cat MN tai O, ta cé: D

OA = OB, vi O thuoc MN la trung truc cua AB =G

OC = OD, vi O thuéc MN la trung truc cua CD m

OA = OD, vi O thudc Ex I trung truc ciia AD A w 8
Suy ra OA = OB =0C = OD. X

Vay, hinh thang can ABCD n6i tiép duoc trong duong tron (O, OA). '
Cach 3: Xét hai tam gidc AABD va ABAC, ta cé:
AB chung
BAD = ABC, vi ABCD la hinh thang can
AD = BC, vi ABCD la hinh thangican 7,
Do d6: AABD = ABAC (c.g.c) = ADB = ACB |
Vay, cic diém C, D nam phia d6i v6i AB-va thoa man ADB =ACB nén b6n diém
A, B, C, D thudéc cing mot duong tron.
Cdch 4: Xét hai tam gidc AACD vacABDG; tarcd:nphi.com
CD chung
ADC = BCD, vi ABCD'I4 Hinkf thang '¢an>2 <" Ontine
AD = BC, vi ABCD la hinh-thang-cén
do d6: AACD = ABDC (c.g.c) = CAD = CBD.
Vay, cic diém A, B nim phia d6i véi CD va thoa man CAD = CBD nén bén diém
A, B, C, D thudéc cing mét dudng tron.
b. Hoc sinh tir lam.

Bai 2.
a. Trong AABN, ta cé: %
AEB = 90° géc néi ti€p chin nira dudng tron D
& AE L BN. (1) N
AFB =90°, géc noi ti€p chin nira duong tron CrEn7
& BF L AN. 2 frye ML Y
Tir (1) va (2), suy ra M Ia truc tam AABN, suy ra: — — A
MN L AB = MN // Bx, dpcm. B
b. Tacé thé lua chon mét trong hai céch sau:
Cdch I: Nhan xét ring:
CDEqs ABF , g6c c6 canh tuong ing vudng goc
IF:T", g6c nodi ti€p cung chin mét cung
S9-T2 257
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Khi dé, trong tit gidc CDFE, ta nhan thay:
CEF + CDF = CEF + AEF, = 180° = Tit gi4c CDFE ndi ti€p duoc.
Cdch 2: Nhan xét ring: 90° = DFE + BFE = DFE + BAE,
BCA + BAC = BCA + BAE =90° = DFE = BCA.
Khi dé, trong tif gidc CDFE, ta nhan thay:
DCE + DFE = DCE + BCA = 180° = Ti gidc CDFE ni ti€p duoc.
Bai 3.

a. Nhan xét ring, tif gidc CDBH c6 hai dudng chéo CB va DH cit nhau tai trung diém
méi dudng nén né 1a hinh binh hanh, suy ra:

CD//BHvaviBH L AC= CD L AC & ACD =90°.

BD //CH vaviCH L AB = BD L AB <> ABD = 90".
Vay, tif gidc ABDC noi ti€p duong tron duong kinh AD.
Do d6, tam O 1a trung diém cua AD.
b. Nhan xét ring:

AEH = 90°, vi BE Ia dudng cao BY
AFH = 90°, vi CF 12 dudmg cfio _
AH = AID =90 vi géc noi iép'chén nira dudmg tron.
Vay, cic diém E, F, I cing nhin AH duéi mot géc vuong, do d6 5 diém A, I, F, H,
E ciing nim trén mot dudng tron dudng kinh AH.

Bai 4. Swnloadsachmios "
a. Nhan xét ring: DA
ODO' = OAD, Vi AOAD can 4100 ¢ 57 01l
OAD = CAO', vi d6i dinh .

CAO'= OCO', vi AO'AC can tai O'

Tix d6, suy ra: ODO'=0CO".
Vay, céc di€ém C, D ndm phia d6i v6i OO' va thoa man ODO'=0CO' nén bén diém

0, 0/, C, D thudc ciing mét dudng tron, tirc 1a ti gidc OO’CD ndi tiép.
b. Xét hai tam gidc AAOO' va ABOO), ta c6:

OO’ chung

OA = OB, vi cling bing ban kinh dudng trdn (O)

O'A = O'B, vi ciing bing ban kinh dudng tron (O")

Do dé: AAOO' = ABOO' (c.c.c) = OAO'=0BO".

Khi d6, ta duge: OBO'+ OCO' = OAO' + CAO'= 180° tiic 14, tir gidc OBO'C
ndi tiép.
c. Nhan thdy ring:

* Tirkét qua clu a) suy ra D thudc dudng tron ngoai tiép ACOQ'".

« Tu ?ui cau b) suy ra B thudéc dudng tron ngoai ti€p ACOQ'.

B

iém O, O’, B, C, D ciing nim trén mot dudng tron ngoai tiép ACOO'.

A%
ﬂ B] CDTDHDS9-T2
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Bai 5. (“oc sinh twvé hinh) Huéng dan:
a. Nhar xét rang:
Tv giac ABEF noi tiép duoc 1a do ABE = AFE = 90°
(n6 ndi ti€p dudng tron duong kinh AE)
Tv gidc DCEF noi tiép duoc 1a do DCE = DFE = 90°
(n6 noi tiép duong tron duong kinh DE)
b. Tronz duong tron (AD), ta cé:

ACB = ADB, géc noi ti€p ciing chin cung AB. (1)
Trong duong tron (DE), ta c6:
ADB = ACF , géc noi tiép cung chin cung EF . (2)

Tir (1) va (2), suy ra: ACB = ACF < CA latia phén gidc cua géc BCF.
Bai 6. Ta di chimg minh bang phan chiing.
Gia s trdi lai c6 hai day cung AC va BD cit nhau tai trung diém I cia méi dudng
va khéng di qua tam O.
Khi ¢6 tit gide ABCD Ia hinh binh hanh = ABCD la hinh chir nhat
= BAD = 90° => BD la ditong kinh = O € BD, mau thun.
Bai 7. V& day cung AB, tacé: MAB CAB=180°.
T giic ABCD 1a tt giac néi ti€p nén: () ||
“DB + CAB =180° = CDB =-MAB'
Mat thac trong duong tron (O'), ta cé:
VIAB = xMB => GDB=0xMB =»/ED f/Xyi dpem.
Bai 8. 7€ day chung AB, ta lan luot thdy:
* ViCE//DF nén: ACE"# ADF ¥ 180°°
* Trgidc ABEC la tr gidcnorti€pnén: : A
ABE + ACE =180°. W
* Trgidc ABFD la tif gidc néi ti€p nén:
ABF + ADF =180°. 2 E
Cong theo v€& (1) va (2), ta dugc:
\BE + ACE + ABF + ADF =360° < EBF +(ACE + ADF) = 360"

> EBF = 180° < ba diém B, E, F thing hang. E

y

B F

Bai 9.
a. Ta lm luot thay:

VIAF =90°, vi ABCD Ia hinh vuéng

VCF =90, theo gia thiét EF L CM 7
Do dé, ti gisc AMCF néi ti€p dudng trdn dudmg kinh MF. '
b. Ta ln luot thay: /

VAE =90°, vi ABCD Ia hinh vuéng

JCEgs 90°, theo gia thiét EF L CM
Do d6 C noi tiép duong tron dudng kinh NE.
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c. Ta lan luot xét:
= Xét ACMF vuong tai C, ta cé:
CMF = CAF = 45° cung chin cung CF cia (MF)
=> ACMF vuéng cén tai C = CM = CF. (D
= Xét ACNE vuéng tai C, ta c6:
CNE = CAE =45°, ciing chin cung CE cua (NE)
=> ACNE vuéng cén tai C = CN = CE. (2)
Cong theo vé& (1) va (2), ta dugc: CM + CN = CF + CE = EF, dpcm.
Bai 10. Ban doc tu vé hinh
Tacé: B + APC = 180° (ABCP la tif gi4c noi ti€p).
D + APC =180°(D = B, tinh ch4t hinh binh hanh).
APD + APC = 180° (hai géc ké bi).

Suy ra: D = APD = AAPD cin tai A = AP = AD.
Bai 11.
a. Xéturgiac AECD, ta cé:
ADC + AEC =90°+90° = 180°
Do d6, tit gidc AECD ndi ti€p duge. |-
Xét tt giac BFCD, ta cé: HRS
BDC + BFC =90°+90° = 186°—
Do dé, tir gidc BFCD noi tiép dugc. _
b. Xét hai tam gidc ACDE va/ACFD) ta'es: " €11P T
CED = CAD , 86¢ ndi ti€p ciing chdn mot cung trong dudng tron ngeai ti€p n

gidc AECD

CAD = CBF, géc noi ti€p cang chin mot cung va géc tao bdi tiép uyén véi
day cung dé

CBF = CDF , g6c noi ti€p cing chin mot cung trong dudng tron ngeai ti€p t
gidc BFCD

= CED = CDF. (1)

CDE = CAE , 26c noi ti€p cing chin mot cung trong dudng tron ngeai ti€p nr
gidc AECD

CAE = CBD, géc noi ti€p cing chin mot cung va géc tao boi tiép uyén véi
day cung dé

CBD = CFD, g6c noi ti€p cing chin mot cung trong dudng trdn ngeai tiép ti
gidc BFCD

= CDE = CFD. (2)

CD CE 2
Tir (1) va (2) suy ra: ACDE ~ ACFD = F oD < CD*=CE. CF, dpan.

c. Hoc si@ lam.
ﬁﬂ CDTPHDSY-T2
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mERES DUONG TRON NGOAI TIEP - PUONG

TRON NOI TIEP

A. TOM TAT Li THUYET

1. DUONG TRON NGOAI TIEP VA DPUONG TRON NOI TIEP DA GIAC PEU
Dinh nghia 1: Puong tron di qua tdt cd cdc dinh cua mot da gidc duoe goi la duong
tron ngoai tiép da gidc dé va khi dé da gidc dwoc ggi la néi tiép duong tron.
Dinh nghia 2: Duong tron r:e}: Xuc vai tdt cd cdc canh ciia mgt da gidc duoc
goi la duong tron n&: né}; da gmc dé va khi dé da gtac dwac goi la ngoai tiép
dwong tron.
binh Ii : Bat ki da gléc déu néo ciing c6 mot duémg trbn ngoal tle'p va mot
dudng tron noi ti€p. . .

Ta c6: (mmmn

" Tam chung clia dub’ng tron nblf tie'p vh dudng tron ngoai ti€p mot da giac

déu goi 1a tdm ciia da gmc dé"u dé.

= Khoang céch tir tAm cua da glac déu dén canh cua né gm 1a rrung doan

(ciing 1a ban kinh xcua1L tbr(;'{nl Iil?;l ue'p:i, 44
2. BANKINH CUA DUONG 'f'R&N NGOAI nﬁr v DUGNG TRON NOI m‘-fp PA
GIAC BEU SR L TNEd

Goi R, r,n va a ldn luq&mm ngoal tle'p, du'bng trdn noi
ti€p, s6 canh va d¢ dai m61 canh. : | _
Xét AOHA, ta cé:

o b 0 ' 0

AOB=18°=>A0H-18-9— P

: .‘_:_..-_,.?_-,:.j, yd 2“, i B ¥ ~ T 7

RuoAs ~ALLEL 8 4

sin AOH“ Bify st

g ?ﬁ}-,.'-"-. .‘ 3'.‘..'-,.. L_-_ EATE R4

T—OH"'——-.'T-H-;-:;'_*

¥ & : L REN I -l
Pinh h’: V.BEI mg; éa gide ¢ 'déu cé cilng sd canh, ti 56 gilta chuf_"._“', da gﬁc véu du’bng
kinh ctia dudng tron ngoai uép khong phu thuc do dai ciia du ""g:kfnh
3. CACH VECAC DA GIAC PEU THONG DUNG BANG 'rHUdch COMPA
. D€ vé AABC déu, noi ne‘p du'&ng l:rﬁn (0), ta thuc l‘u&r i
- VEdub’ngkInhAA’
- VE dudng trom (A’, A’ 0) cit (0) & B v§ c_ ‘
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B. PHUONG PHAP GIAI TOAN

Vidg Is (Bai61/tr 91 — Sgk):
a. Vé duong tron tam O;bdn-kinh 2cm.
b. Vé hinh vuéng néi tiép duong tron (O) dé.
c. Tinh bdn kBK'Y QA8 BEHR EBR NS 4D hinh vuéng & ciu b) réi
vé duomg ﬁdn ©O;n.

ownlbadasach Hay|PocSach Online

£ Gidi
a. Cach vé: M& compa mot khoang bing 2 cm. Quay mot

vong dé vé dudng tron (O ; 2). :
b. Cach vé: 7 / C
* T diém A bit Ki trén dudng tron, V& dudmg kinh AC. ~ \O /
D

= V& duong kinh BD vuong géc véi dudmg kinh AC.
= A, B,C,DIab6n dinh cia hinh vuong cin dung.
c. DPudng tron ndi ti€p hinh vudng c6é dudng kinh bing canh clia hinh vuéng ABCD.
Ta cé:
OE’+EA’=O0A’& 2P =2 =r= 2.
. Cich vé dudng tron ndi tiép hinh vuong: K& OELAB. vé dudng tron (O;0E).
Vidp 2: (Bai 62/tr 91 — Sgk):
a. Vé AABC déu canh a=3cm.
b. Vé duong tron (O ; R) ngoai tiép AABC. Tinh R.
c. Vé duong tron (O ; 1) ndi tiép AABC. Tinh r.
a Vé tam gidc déu IJK ngoai tiép duomg tron (O ; R).

ﬁ B CDTDHDSY-T2
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&S Gidi
a. Cach vé:
= VéBC=3cm.
* VEé cic dudng tron (B ; 3cm) va (C; 3cm) cat nhau tai A.
» AABC la tam giic déu c6 canh bang 3cm.
b. Tam O ciia duong tron ngoai tiép tam giic déu ABC I
tring Vvai trong tdm cua tam giac dé.
Ta ¢6 bdn kinh R clia dudng trf)n ngoai ti€p AABC la:
R=2an=2aBY3 -2 £ =3em.
3 3 2 3
c. Bdn hinh r cua ducng tron noi tiép AABC la:

B

——AH——AB— = —cm.
3 3 2 J K

d. VE& cic duong tron (A ; AB) (B; AB) va (C; AB).
Cac duong tron nay cat nhau taI""I J K thi AIJK la tam gidc ngoai tiép
duong tron (O ; R).
Yidwp 3: Mot duong tron co ban klnh R
a. Tinh dién tich tam gidc déu noi nep duong tron do theo R.
b. Tinh dién tich hinh vuéng noi nep duonmg tron dé theo R.
c. Tinh dién tich luc glac déu noi tiép dong tron dé theo R.

£ Gidi ownload Sach Hay | Dc
a. Goi a la do dai canh tam- gtée déu Eaeé
R=———— =a=2Rsin60°=R+3.
180

Khi d6 dién tich tam gidc dugc cho boi:

a’v3 _ (RV3)’3 _ 3R’43

g =

4 4 4
b. Goi a la d6 dai canh hinh vudng, ta c6:
R =———a——5-=> a=2R.sind5° = RV2.
. 180
2sin
4

Khii d6 dién tich hinh vuéng dugc cho bai:
S=a’=(R+2)*=2R%
c. Diéntich luc gidc déu gém 6 tam giic déu c6 canh bang R, do dé:

R2J3 3R%3

S$= =
c rE
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> Nhdn xét. Nhu vay, dé tinh dién tich cia mot da giac déu bat ki ching ta
chi cdn xac dinh dugc d6 dai cua canh da giac déu do va déi
véi cac da gidc déu ching ta da c6 dugc cOng thirc lién hé gitta
canh vdi ban kinh dudng tron ngoai tiép va ndi tiép.
Yidp 4z (Bai 63/tr 92 — Sgk): Cho duong tron (O, R). tinh theo R:
a. Canh cua tam gidc déu ndi tiép.
b. Canh cua hinh vuéng ndi tiép.
c. Canh cua luc gidc déu néi tiép.

&S Gidi
a. Tacé:

a= 2R sin 3% _ 2R sin60° = RV3.
b. Tacé:

e 2R sind5%=R+2.
c. Tacé: | ' Qf

a = 2R.sin 180° = 2R.sin30° =R ;

Yidy 8 Cho luc gidc déu ABCDEF tdm' O.""
a. Goi a la do dai canh luc gidc déu. Tinh bdn kinh duimg tron
ngoai tiép R va ban kinh duomg tron néi tiép  ciia luc giic.
b. Goi M la mét diém bat ki trong AAOB. Goi H, 1, K theo thit tw la
hinh chiéu cia M trén OA, OB, CF. Chimg minh rdng nim diém
M, H, 1, O, K ciing thuéc mét duong tron.
c. Chimg minh rang AHIK la tam gidc déu.

&S Gidi
a. Taco:
R — s — | a =4a.

180°  2sin30°

2sin

6
a a ay3

180°  2t@an30° 2

2tan

b. Nhén xét rang:

OHM = OIM = OKM = 90°
o), K thuéc duong tron c6 duong kinh OM
4,1, K, O, M ciing thudc mot dudng tron.

CDTDHDSY-T2
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c. Gia sir K thudc doan thang OF.
Xét dLr(mg tron di qua nam diém H, I, K, O, M, ta cé:

HKI = HOI = 60° — vi goc noéi ti€p cung chan mot cung.

Trong AHIK ta co: HIK = HOK = 60° nén AHIK 1a tam gidc déu.

@ Nhdin xét:

1. Trong loi gidi & cau a), ta tinh dugdc R, r dua trén cong thic da biét, tuy
nhién ciing c6 thé st dung viéc xét tam gidc vuong dé xac dinh R, r.

2. Nho chitng minh duge nim diém M, H, I, O, K cung thuéc mo6t duong
tron, cac goc HKIvaHOI 1a hai goc néi tiép ctia dudng tron dé6, do dé
ap dung tinh chat cua goc noi tiép, ta tinh dugc:

HIK = 60° va IKH = 60"

Yidy 6: (Bai 64/tr 92 — Sgk): Trén mot duomg tron ban kinh R, ta lan luot ddt
theo ciing mot chiéu, ké ticmor-diém A, mot cung AB = 60° réi mor
cung BC = 90° va mot LHH&&S = TSN
a. Tit giagc ABCD la hitth 8L M

b. Chitmg minh rang hat| d&fﬁ?lg chéo cua né vuéng géc voi nhau.
c. Tinh ¢dc canh va dudngchéo ciia tir giac ABCD theo R.

& Gi‘;{ A B
a. Taco: ' ' S M/
= | D
sd AD = 360"~ (60° + 90° + 120°) = 90° LT

= ABD = %sdﬁ =45° = BDC = AB//CD, vi so le trong

Do dé, ABCD la hinh thang va hinh thang ndi ti€p duong tron nén né la hinh
thang can.

b. Goi M la giao diém cia AC va BD, vi géc AMD 1a vi géc c6 dinh & bén

AD - 0 0
trong duong tron nén: AMD = SdAD; il = il =90° = AC L BD.

2

c. Talan lugt c6 nhan xét:
* AOAB déu nén AB=0A =R.

= AOAD vuéng cin nén: AD = OA+2 =R+2 =BC.

Ké OH L CD, tac6: CD=2CH=2.Rsin60°= 2.R.. ?:Rﬁ.

Tlépl . BD = AC =AM +MC= ABsin45° + CD:sin 45° = %(JLJE).
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@ Nhdn xét: Trong 15i giai cia cAu a) ching ta c6 thé thuc hién don gian
hon, bang céch:
sd AD =sdBC =90°= AD = BC = AB//CD.
Yidg 7z Cho duong tron (O, R). Cho mét ddy cung AB bang canh hinh
vuéng néi tiép va mét day cung BC bdng canh tam gidc déu noi tiép
(C va A ndam cung phia déi véi BO). Tinh cdc canh cua AABC va
duong cao AH cua né theo R.
£ Gidi
Theo gia thiét, ta cé:
AB=R+2, BC=R+3.
Trong dudng tron (O), ta cé:
sdAC =sdBC —sdAB = 120° - 90° = 30° = ABC = 15".
Trong AABH, ta c6: AH = AB.sin 15° = R+/2 .0,2588 ~ 0,37R.
Vi AAHC vuong can: AC=AH+?2 =2R. 0,2588 ~ 0,52R.

@ Nhdn xét: Vi du trén thudc dang-foan tinh ton don gidn. Tuy nhién, dé
thuc hién dugc né cac em hoc sinh can nhé duge cong thitc
tinh d9 dai caa tam giac déu va t giac déu ndi tiép trong
dudng tron (O, R). 1 o

C. BAI TAP LUYEN TAP

Bai 1. Mot da gidc déu ndi ti€p dudng tron (O, R). Biét d6 dai mdi canh ctia né 1a
R+?2 . Hoi da gic d6 12 hinh gi ?
Bai 2. Cho luc gidc déu ABCDEF canh a. C4c dudng thing AB va CD cit nhau tai M,
va chiing cit dudng thing EF theo thit tu tai N va P,

a. Chimg minh ring AMNP 1 tam giic déu.

b. Tinh béan kinh dudng tron ngoai ti€p AMNP.
Bai 3. Cho ngii gidc déu ABCDE. Hai dudng chéo AC va AD cit BE l4n luot tai M
va N.

c. Tinh ti s6 giita cic bén kinh ciia dudng trdn noi ti€p va dudng trdn ngoai tiép

ngil gidc déu dé.

d. Chimg minh rang c4c tam gidc AAMN va ACMB la tam gi4c cAn.

e. Chimg minh ring AB. BC = BM . AC.
Bai 4. Cho tam gidc déu néi ti€p dudng tron (O) c6 canh 3cm.

a. Tinh béan kinh ctia duong tron (O).

b. Tinh canh luc gidc déu ngoai ti€p dudng tron (O).
Bai 5. Cho AABC déu, noi ti€p dudmg tron (O, R). Goi D, E, F theo thit ty la diém
chinh giira cic cung AB, BC, CA.

a. Chfrg.inh rang ADBECF Ia luc gi4c déu.

AE CDTDHDS9-T2
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D. HUONG DAN - DAP SO

Bai 1. Goi a, n theo thit tu la s6 dinh, d6 dai canh cua da gidc déu do, ta co:

a= R\/E
i 180°
inl® o8 RV2 2o I s
n 2R 2R 2 n
Viy, da gidc cann tim la 1 gidc déu (hinh vubng).
Bai 2.
: : . . \ 6-2).180°
a. Hinhluc gidc déu c6 s6 do méi goc trong bang: it 1L =130"

Suy ra, s6 do méi géc ngoai bang:
- 120° = 60°.
Xét sAMBC, ta c6 ngay:
3MC = 180° — (MBC + MCB ) = 600
Xét AAFN, ta c6 ngay: :

ANF = 180° — (NAF + NFA) 600
Vay. AMNP c6 hai goac biang 60° hénnd 1a tam gidc déu.
b. GoiR la ban kinh dubgg_ tron ngggi}ﬂtiél'p' AMNP, ta c6:

iy gwnloddsa
R = = =4a 3 =
. 180°  2sin60°c: J_ yeSach Online A
2sin / \
Bai 3. E B
a. Goia, R, r theo thit tu 12 49 dai méi canh, ban kinh dudong \ /
tron ngai tiép va dudng tron nodi ti€p ABCDE, ta cé: D——>C
a
. 0
c® _var=—2 o f _ 2tn =5"'360 .
2sin36 2tan36 R a tan36 5
2sin 36°

p—

b. Vi ABCDE la ngii gi4c déu nén: AB = BC =CD =DE =FA.

—

Trotig AAMN, ta c6: AMN = %(sdﬂ +sdBC) = %(sdﬁ +sdDE )= ANM

< AAMN cin tai A.

Troig ACMB, ta c6: BMC = %(sdﬁ?: +sdEA)= «;—(stri) +sdDE ) = MBC

& ACMB c4n tai B.

C jng: AABC ~ AAMB = AC: BC < BM . AC=AB. BC, dpcm.

Mss' T2
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iDL £ DAIDUING TRON, CUNG TRON

A. TOM TAT Li THUYET

B. PHUONG PHAP GIAI TOAN
Yidg 1z (Bai 66/tr 95 — Sgk):
a. Tinh dé dai cung 60° ciia mét duémg tron cé ban kinh 2dm.
b. Tinh chu vivanh xe dapcéduong kinh 650mm.

&S Gidi
8 Tkl T2 [I2N o atdim——
180

b. Tacé: C=m.650 ~ gzqmoadsachmienphl com
e i oGO, 5o schonne

b. C6 duong kmm.
c. Duomg tron ngoai tiép tam gidc déu cé canh bdng 2 V3cem.

£ Gidi
a. Véigiathiét,tac6: R=6cm = C=27R =2n1.6 = 12n cm.

b. Véi gia thiét, tac6: 2R =8cm <& R =4cm = C=2nR =2n.4 =8n cm.
2.3
2sin 60°
Vidp 3: (Bai 75/tr 96 — Sgk): Cho duong tron (O), bdn kinh OM. Vé duony

tron tam O', duong kinh OM. Mét bdn kinh OA cuia duong tron (O)
cdt duong tron (O") tai B. Chitng minh sdMA = sdMB.
&S Gidi —Ban doc tw vé hinh
Trong dudng tron (O), ta cé:

c. Véi gia thiét,tacé: R = =2cm =>C=2nR =2n.2 =4ncm.

o« = AOM = BOM = —deB= -;— BO'M = BO'M=2A0M = 2.
DOthgAMlé Jias AL “OM“ (1)
gﬁ 5 CDTDHDSI-T2
&

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

1.O'M.2a n'Ma
)0 dai AMla: ' = = 2
Do dai cung | a5 e (2)

Tir (1) va (2), ta thay do dai cdc cung AM va BM bang nhau.
Yidup 4z Cho diwong tron (O) duong kinh AB. Ve day CD vuong goc voi AB
tai M. Gid sit AM = lem, CD = 2+/3cm . Tinh:
a. Do dai duong tron.
b. Do dai cua cung CAD.
Ef Giuai
a. Tir gia thiét ta c6 AB L CD nén: MC = MD = +/3 cm,
ACB =90° - vi g6c noi tiép chan nira dudng tron.
Trong tam gidc vuéng ACAB, dp dung hé thitc h’=b’c’ , ta dugc:
CM’ _ (+/2)7
v
Khidé: AB=AM+MB=1+3=4cm=R =2cm.
D6 dai duong tron 1a: C = 2nR =4n-em.
b. Tacé: OA =2cm, MA = 1cm =5|MA [= MO.
Tir gia thiét: CM L OA = CA = CO va '0C=0A

=CA=0C# OA:>AOAC la tam gldC deu:> AOC = = 60°,
Do d6 DOC = 120°.¢ idsachmienpni.con
nRn w2, 120 41:

Do dai ciia cung CAD lato fisacitmys) e— cm
180 180 .3

CM’=MA .MB = MB= =3cm.

@ Nhdn xét:

l. Trong cau a), d€ tinh dugc d6 dai dudng tron ching ta can di tim ban
kinh R dua trén viéc tinh d6 dai cua duong kinh AB. Tuy nhién, ta
ciing ¢6 thé tinh dugc R bing cach:

Trong tam giac vuong AOMC, ta cé:
OC?=OM? + MC? = (OA - AM)* + MC?
oR'=R-1)72+(v/3)*©R=2cm.

2. Trong cau b), véi yéu cdu " Tinh d¢ dai cua cung CAD", ching ta can
thuc hién theo hai budc:

Buoc I: Tinh s6 do cia cung CAD, tirc 1a tinh COA .
Buéc2 Su dung c6ng thirc tinh d6 dai cung.
Yidp 52 Cho duong tron (O), diy AB = 9cm ¢6 khodng cdch dén tam bdang
mot nita ban kinh cua duong tron.
a. Tinh chu vi duong tron.
. Tinh d¢ dai cung AB (cung nho).
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£ Gidi
a. Ké OH L AB, khi d6 trong tam gidc vuéng AOHB, ta c6:
m—%:cﬁﬁ:so"va BOH = 60°. N\,
"'
op—_HB _ 45 9‘/—_3J§c v
sin 60° J§

2
Chu vi duong tron: C = 21343 =6m/3 cm.

b. Tacé: AOB = 120° = sd AB = 120°.
Khi dé, d6 dai cung AB duoc cho bdi: [, = 67:«/5.% =2n3cm.

@ Nhdn xét:

1. D€ tinh chu vi dudng tron hofc d6 dai cung tron, bao gid ta ciing phai
tinh ban kinh cta n6. Ban kinh nay la canh huyén OB cua fam giac
vubng OHB. Tam giac d6 c6 canh|géc vuéng OH bing mot rita canh
huyén. Hay nhd lai: nfu mdt tam giadc vudng c6 canh goc vuéng bing
mot nita canh huyén thi géc-d6idién véi canh géc vudng dé bing 30°.
C6 thé chitng minh truc tiép diéu nay vao bai toan:

smB—O—H=-I— = B=130".
OB 2 .
2. Trong 19i gii c4u b, ta-tinh-trte-tiép-d6-dai-eung AB, d6 la -:lgchu vi dudng

tron (vi AOB = 120°). Néu 4p dung cong thitc tinh d6 dai cung 12(° ta c6:
AR.120 _ m34/3.120 _ -
180 180
Yidyp 8 (Bai 68/tr 95 — Sgk): Cho ba diém A, B, C lién tiép trén mit duong
thdng. Chimg minh rdng dé dai cia nita duomg tron cé6 duimg kinh
AC bdng téng cdc doé dai ciia hai nita duomg tron ¢é duomg kinh AB
va BC.

£ Gidi
Goi d¢ dai cidc nira dudng tron c6 duong kinh
theo thit tu‘AC AB, BC il ; L.Ltack

l=—-:tAC l, =~ %AB, Jy =~%xBC.
2 2

glz+1—-——1r:AB+ nBC-—-n(AB+BC) —rrA"-

ABF S—
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& Nhdn xét:

I. Nguoi ta ¢6 thé phat biéu bai toan trén theo chiéu ngugc lai, nhu sau
"Cho ba diém A, B, C. Biét rdng d6 dai duong tron duong kinh AC
bang fdng cdc d¢ dar har du’o’ng tron du’o’ng kinh AB va BC. Chung
minh rdng ba dxém ABC théng hang va diém B ndm giia A va C"

2. Tu do, ta c6 két qua tOng quat: Cic) £ Cpap + Cipoy-

C. BAI TAP LUYEN TAP

Bai 1. Mot tam gidc déu va mot hinh vuéng ciung cé chu vi la 72ecm. Hoi do dai
duong tron ngoai tiép hinh nao 1én hon? Lon hon bao nhiéu?

Bai 2. Cho doan thing AD = 12cm. Cic diém B, C thuoc doan thing AD sao cho
AB = CD. VE cic duong tron c¢6 duong kinh theo thi tu la AD va BC. Biét chu vi
duong tron 16n bang ba 1an chu vi duong tron nho. Tinh chu vi cia duong tron nho.
Bai 3. Cho hai dudng tron (O, R) va (O’; R’) tiép xtc ngoai véi nhau tai A. Mot
dudng thing qua A cit duong tron (O) tai B, cit duong tron (O’) tai C. Ching minh

ring néu R'= %R thi do dai ctua cung AC bang nira d6 dai cia cung AB (chi xét cac

cung AC, AB nho hon nira dudng tron);- :

Bai 4. Cho nira dudng tron (O) dmmg kinh AB = 2R. C la diém chinh giita cha nira

dlrong tron. Cung AD cé tAm B bén kmh ZR Jcung BE c6 tdm A ban kinh 2R, cung DE
c6 tm C ban kinh CD.

a. Ching minh rﬁng hai cung AC va AD dai bing nhau.

b. Tinh dé dai clia dudng, eong ADEB do-ba dung-AD, DE, EB chéip néi thanh
Bai§. Cho AABC vuong A, C=30"va AB 4cm Vc du‘o’ng cao AH. Goi M va N
theo thit tir 1a trung diém cila/AB WA AC!» ich

a. Chimg minh rang i gidic AMHN nmnépduac

b. Tinh d6 dai dudng trdn ngoai ti€p tf gidc AMHN.

Bai 6. Cho hinh vuéng ABCD c6 AC = 4cm. O phia ngoai hinh vuéng, vé cic nira
dudng tron c6é duong kinh theo thit tr 1a AB, BC, CD, DA. B6n nira dudng tron dé tao
thanh hinh hoa bén canh. Tinh chu vi ciia hinh hoa ay.

D. HUONG DAN - DAP SO
Bai 1. Goi a,, a, theo thit tu 1a d6 dai canh cta tam giic déu va hinh vuéng, suy ra:
3a, =72 < a,=24cm; 4a,=72 < a, = 18cm.
Goi R, R, theo thit tur 1a ban kinh dudng tron ngoai ti€p tam gidc déu va hinh
a 24

vudng,suyra: R, = ’ = =8J§ chimg minh
&AYTET T T180°  25in60° 5
2sin 3
— C, = 2nR, = 16n+/3 =~ 87.06cm.
a, _ 18

P

4.5
2sin

ayC,>C2vaC‘ C, =7.08cm.
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MOBEI0  [yeN TICH HINH TRON, HINH QUAT
TRON

A. TOM TAT Li THUYET

B. PHUONG PHAP GIAI TOAN
Vidgp 1z (Bai 77/tr 98 — Sgk): Tinh dién tich hinh trén néi tiép mét hinh vuéng
c6 canh la 4cm.

£ Gidi
Hinh tron néi ti€p hinh vuéng c6 dudng kinh d bang canh hinh vuéng: d = 4 cm.
Hinh tron néi ti€p hinh vuéng canh 4cm la: S = e =4n =~ 12,56 cm’.

Yidw 23 Tinh dién tich hinh tron, biét:
a. Bdn kinh bang 8cm.
b. Puong kinh bang 12cm.

B 6Chu vi cia duomg tron dé bang 18m.

CDTPHDS9-T2
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&5 Gidi
a. Vai gia thiét, ta c6: R = 8cm = S=n.8” = 64n cm’.
b. Vai gia thiét, tacé: 2R =8cm <> R =4cm = S= n.4> = 16m cm’.
c. Vai gia thiét, tacé: 2R = 181 <R =9cm = S=n1.9* = 81n cm’.
Vidp 3z (Bai 81/tr 99 — Sgk): Dién tich hinh tron sé€ thay doéi thé nao néu:
a. Bdn hinh tang gap doi?
b. Bdn hinh tdng gdp ba?
c. Bdn hinh tang gap k ldn (k > 1)?
&S Gidi
Dién tich hinh tron c6 ban kinh (k.R) la: S = n(kR)* = k*.(nR?).
a. Néu ban kinh tang gdp d6i thi dién tich hinh tron tang géip 4 lan.
b. Néu ban kinh tang gdp ba thi dién tich hinh tron tang gap 9 lan.
c. Néu ban kinh tang gdp k 14n thi dién tich hinh tron tang gap k’ lan.
Vidp 4z (Bai 79/tr 98 — Sgk): Tink-dién ich hinh quat tron ¢6 ban kinh bdng
6cm va géc o tdm tuong :m g1a{36°.
& Gidi
RPN 1057, 6736

Tacéngay: S, = 360 360 11 3 cm’.

Yidw 5z Tinh dién tich hmh vién. phan AmB (hmh trén), biét AOB= 60° va
bdn kinh ducong tron bdang 8cm.

&S Giai

2 2
AOB-S,, .5 = “'??6660 . f ~5.79 cm.
Yidup 8 (Bai 87/tr 100 — Sgk): Ldy canh BC ciia mét tam gidc déu lam duong
kinh, vé mét nua duong tron vé ciing mét phia véi tam gidc dy doi
voi duong thang BC. Cho biét canh BC = a, hdy tinh dién tich ciia
hai hinh vién phan duoc tao thanh.

&S Gidi — Ban doc tu vé hinh

Tacé ngay: S, 5 =S

quat

Goi O 1a trung diém ciia BC, ta c6: OB = OC = % .

Goi D, E theo thit tu 1a giao diém ctia AB va AC véi dudng tron dudng kinh BC.
Dé th4 B, OEC la cic tam gidc déu.
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Tir d6, ta c6 dién tich cua hai hinh vién phan gach soc la:

Yidp7: Cho AABC vuéng tai A c6 AB = 10m, B =60°. V& mizu duomg tron
(O) duong kinh BC va di qua diém A. Tinh téng dién tich hai hinh
vién phan iing voi cung AB va cung AC.

&S Gidi A

Téng dién tich hai hinh vién phan bing dién
tich ntra hinh tron trir di dién tich AABC.

n.OB* 7.100

& o) B
=50nm?.

Dién tich nira hinh tron:

V6i AABC, ta c6: AC = AB.tan60° =103 m; BC =2AB=20m

S ape %AB.AC d %.10.10J§ = 5083 m?.

Téng dién tich hai hinhviétophan: 50725033 =50(x - /3) m?

Vidy & (Bai 83/tr 99 — Sgk):...- B
a. Vé lai hinh sgk-(tao-boi-ede-cung-tron) véi HI = 10cm va HO =
BI = 2cm. Néu cdch ve.
b. Tinh dién tich hinh HOABINH (mién gach soc).
c. Chimg t3 rang hinh tron diomg kinh NA <6 cung dién tich voi hinh
HOABINH d6.
&S Gidi —Ban doc tu vé hinh
a. Cach ve:
= K¢ dudng thing HI = 10cm.
* VE& cung trdn HI c6 s6 do bing 180°.

= Lay O thudéc doan HI sao cho HO = 2cm. Vé cung tron HO cé sé do
bing 180° clia dudng tron (S, ; Scm).

= Lay B thudc doan HI sao cho BI = 2cm. V& cung tron BI c6 s6 do bing
180° ctia dudmg tron (S, ; 1cm).

= g¥&icung tron BO c6 s6 do bang 180°cia dudng tron (S, ; Icm).

ﬁ CDTPHDS9-T2
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b. Ta cé dién tich hinh gach soc la:
HI’ OB’ _HO’ [10_2 36 4

S=1 + T - M— =" +———J=l61‘[(cm2).
8 8 4 8 8 4

Tacd: AN=3+5=8(cm).

B°
c. Dién tich hinh tron dudong kinh NA 1a: S= 14— = 167 (cm?).

Yidp 8 Tinhdién tich cua phdn gach soc trén hinh.

A D
&S Gidi
Dién tich phai tim bang hiéu cua dién tich hinh H %
thang vuéng ABCD va hinh quat 30°. B —a——l
Ké DH L BC, ta duoc:
. o 4 0 3\6 av3
DH =CDsin30 =—2~,HC=CDCOS30 = 5 ,AD=BH=BC—HC=a———2-
Khi d6: S = L[4 +a- 23D 23N, 5 _m
FTABD T 2427 f2 8 T

Dién tich phai tim:

a a ma a
S=Suacp ~ Squar = 1 _=24(1_2-3J§-2n).~..»0,02532.

C. BAI TAP LUYEN TAP

Bai 1. Mot hinh vudng va mét hinh trdon c6é cing chu vi. Hoi hinh nao cé dién tich
16n hon ?
Bai 2. Cho AABC déu ndi ti€p duong tron (O; 6¢cm). Tinh dién tich vién phan gidi
han bdi day BC va cung nho BC.
Bai 3. Hinh vanh khan la phin hinh tron bao gém giita hai dudng tron déng tam.
Tinh dién tich hinh vanh khan tao thanh bdi dudng tron néi ti€p va ngoai ti€p tam giac
déu ¢S canh 6¢cm.
Bai 4. (Bai 84/tr 99 — Sgk):

a. V& lai hinh tao bai cdc cung tron xult phat tir dinh C ctia tam gidc déu ABC

canh Icm. Néu cich vé.

b. Tinh dién tich mién gach soc.
Bai 5. Mot duong tron ¢6 d6 dai la 72cm. Tinh dién tich hinh vién phén tao thanh bai
mot canh cﬁgm gidc déu ndi ti€p va cung nho bi truong.
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Bai 6. Cho dudng trdn (O; 2cm), mot diém M c6 MO =2v2cm. Qua M vé hai tiép
uyén MA, MB véi dudng tron (A, B 12 ti€p tuyén di€m). Tinh dién tich gidi han boi
cdc doan thing MA, MB va cung nhd AB.

Bai 7. Cho dudng tron (O) dudng kinh AB = 2R, C la diém chinh giita cua cung AB.
VEé cung AB c¢6 tdm C bén kinh CA. Tinh dién tich hinh trang gidi han boi cung AB
cia dudmg trdn (C) va cung AB khong chira C ciia dudng tron (O).

D. HUGNG DAN - PAP SO
Bai 1. Goi C la d¢ dai chu vi cia hinh vuéng va hinh tron.
C c
Goi a la d6 dai canh hinh vuéng, suyra:C=4a<>a= Z::» S, =a’= T
Goi R 12 ban kinh cta hinh tron, suy ra:
2 2 2
C=2nR &R = £::>S,,,,-1IR2-1rt L = ¢ .
2n 4n* 4mn 16
Vay, hinh tron cé dién tich 16n hon h'inh vuong.

Bai 2. Huodng ddn: Ta c6 ngay: S, -S BOC -8,

qu't
Bai 3. Goi R, r theo thit tr 12 ban kinh du'o‘ng tron ngoai ti€p va ban kinh dvong tron
ndi ti€p tam gidc déu, tacé:, lnad .-
a 6

R= = —’2 :> -T[R Fn(2 =12
2 180°  25in60% ‘/_cm oo e @3)'= 12vem’
sin
r= - Nt =3 cm =S, = 1P = 1.(y/3 )* = 31 em?.
5 tan 180°  2tan60° i '

3
Khi 6, hinh vanh khan c6 dién tich: =S, wp — Saoisep = 127 — 37 = 91 cm?.
Bai 4.
a. Cach ve:
* Ve cung CD cé s6 do bang 120° chia dudng tron (A ; Icm).
® V& cung DE c6 s6 do bing 120° ciia dudng tron (B ; 2cm)
» V& cung EF c6 s6 do bing 120° cia dudmg tron (C ; 3cm)

2 2 2
b. Dién tich mién gach soc I: S = g-+ "'; " “‘; " 14; ~ 14,65 (cm?).
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CHUONG IV — HINH TRU - HINH NON - HINH CAU
cuv B 1 HiNH TRU
DIEN TiCH XUNG QUANH VA THE TiCH

CUA HINH TRU
A. TOM TAT Li THUYET

Cho hinh tru c6 chiéu cao h va ban kinh ddy bing r.
I. Khi cat hinh tru bdi mot mat phing song song v6i déy

thi duge mat cit 1a mot hinh tron bing hinh tron déy
2. Khi cét hinh tru bdi mét mat phéng song song *r

v6i truc thi dirge mat cit 1d mot hinh chi¥ nhat, - s
3. Dién tich xung quanh clia hinh tru duu'c tinh theo cOng thﬁrc

S,q = 2nrh.

4. Dién tich toénphﬁncuahmhuuduuc t[nhlhcocﬁngﬂ‘lﬁ'c S,p th +2‘rl:l'2
5. Thé tich ciia hinh tru duoc tifth theo cong thifc: V = Sh= nrh.

B. PHUONG PHAP GIAI TOAN

Yidup 1z (Bai 6/tr 111 — Sgk): Chiéi—<¢ao cua mét hinh tru bang ban kinh
duong tron dday. Dién tich xung quanh cua hinh tru la 314cm’. Hay
tinh bdn kinh dudn Oiondaywathé tichhinh tru (lam tron két qud
dén s6 thdp phdn thit hat).

&S Gidi - | |

Goi ban kinh ddy ciia hinh tru la r thi chiéu cao h = 1.
S, = 2nrh = 2nra=314.

| 314
Ly n=3,14 =1 = =50 = r=542.
d 2314 2

Thé tich hinh tru: V = nr*h = 1.50.5v2 =2502 .t~ 1110 (cm’).

Yidp 2: (Bai 7/tr 111 — Sgk): Mgt bong dén huynh quang dai 1,2m, ducng
kinh cua dwong tron day la 4cm, dwoc dat khit vao mot ong gidy
citng dang hinh hop. Tinh dién tich phdn gidy cimg dung dé lam hép
(Hop ma hai dau, khéng tinh 1é va mép ddn).

&S Gidi

Chu vi diay hop: 2p = 16 (cm)
Dién tich xung quanh hinh hop 1a: 16 x120 = 1920 (cm?)

Yidp 38 Mot hinh tru 6 ban kinh day R va thiét dién qua truc la mét hinh vuéng.

a. Tinh dién tich xung quanh va dién tich toan phan cia hinh tru.

b. Tinh thé tich cua khéi tru tong img.

Tinh thé tich cua khéi lang tru tit gidc déu noi tiép trong khéi tru

. § da cho.

-
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£ Gidi
a. Vi thiét dién qua truc 1a moét hinh vuéng nén hinh
tru ¢6 chiéu cao bang 2R.
Ta c6 ngay:
S,, = 2nR.2R = 4nR*.
Sy = Sy + 2B =4nR* + 27R* = 67R”.
b. Tacé ngay: V=nR%R = 2aR’.
c. Goi ABCD.A,B,C,D, 1a kh6i lang tru tif gidc déu ndi ti€p trong khdi tru da
cho,tacé AB= RY2.
Do dé, thé tich V, ctia dugc cho béi: V, = (Rv/2 )2.2R =4R°.
Vi dwp 4 (Bai 48/tr 129 — Sgk): Hay tinh thé tich, dién tich bé mdt mor chi tiét
mady theo kich thuoc da cho trén hinh 114 — SGK.

& Gidi
Dién tich cin tinh gém dién tich xung quanh hai hinh tru va dién tich hai
hinh tron:
® Hinh tru thit nhat c6 duong kmh day) l]cm va chiéu cao 2cm, c6 dién tich:
S, =m.11.2=22n (cm?).
* Hinh tru thit hai c6 dudng kinh ddy 6cm va chiéu cao 7cm, c6 dién tich:
S, =n.6.7 5 427 /(cm?), | |
® Phén con lai c6 Ilén quan dén:
Mot hinh tron c6 ban kinh«day 5,5¢cm: :

M6t hinh vanh khan cé ban kinhlén 5, Scm wl ban kinh nho 1a 3cm.
M6t hinh tron ¢é ban kinh 3cm.

= Téng dién tich c4c hinh tron nay bing:
S, = 1.(5,5)* + 7.(5,5 — 3%) + 1.3* = 60,57
Dién tich chi ti€t my 1a: S= S, + S, + S, ~ 319 (cm?)
Thé tich chi ti€t mdy 1a: V = 71.(5,5)%.2 + n.3%.7 = 123,57 ~ 388 (cm’).
C. BAI TAP LUYEN TAP
Bai 1. Dién du cic két qua vao nhing 6 tréng ciia bing sau (don vi: cm):

Hinh Bin kinh | Chiéu | Chuvi | Dién tich Dién tich Thé
- day cao diy day xung quanh tich

1 10
3 4
8 4n

Bai 2. Cho mét hinh tru c6 hai ddy 1a hai dudong tron tam O va O’, ban kinh R, chiéu
cao hinh tru la R+2 . Trén hai dudng tron O va O’ ¢6 hai diém di dong A, B sao cho
(OA, O’B) = a khong déi.

a. Tlnh ién tich xung quanh hinh tru.

b. thé tich hinh tru.

A
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Bai 3. Mot hinh tru ¢6 ban kinh ddy la 7cm, dién tich xung quanh bing 352cm’. Tinh
chiéu cao cua hinh tru dé.
Bai 4. Mot hinh tru c6 thé V khéng d6i. Tinh ban kinh ddy va chiéu cao ctia hinh tru dé:

a. Dién tich toan phén dat gid tri nho nhat.

b. Dién tich xung quanh céng dién tich mot day dat gia tri nho nhat.

Bai 5. (Bai 10/tr 112 — Sgk):

a. Dién tich xung quanh cia mét hinh tru ¢é chu vi hinh tron ddy la 13cm va

chiéu cao la 3cm.

b. Thé tich ctia hinh tru ¢6 ban kinh dudng tron ddy 1a Smm va chiéu cao 1a §mm.
Bai 6. Nguoi ta nhan chim hoan toan mét tuong da nho vao mét lo thuy tinh ¢6 nudc
hinh dang tru. Dién tich ddy lo thuy tinh la 12,8cm’. Nuéc trong lo dang lén thém
8,5mm. Hoi thé tich cla tuong d4 1a bao nhiéu?

Bai 7. Cho hinh chit nhat ABCD (AB = 2a, BC = a). Quay hinh chit nhat d6 quanh
AB thi duoc hinh tru c6 thé tich V,; quay quanh BC thi dugc hinh tru c6 thé tich V..
Chimg minh rang V, =2V,

D. HUONG DAN - PAP SO
Bai 1: Ta co bang két qua: :
Hinh Bin kinh | Chiéu | Chuvi | Dién tich Dién tich Thé

day cao day || day xung quanh tich

] 10 2 1G] 20n 10m
5 - 10— 25n 40m 1007
2 8 4n 4:: 32n 32n

Bai2: a. ‘q"' ZTIR}-\/_a‘ rhoadsal Im‘lhf_; hi.com
S. 352 352

Bai 3: Taco: S,, = 2nrh dvRozdt=a & HprBo=SsorHr o= 8(cm)
2nr 2n7 14, 3,14

Bai4: a. h=2R. ~b. h=R.
Bai 5:
a. Dién tich xung quanh cia mot hinh tru c6 chu vi hinh tron ddy 1a 13cm va chiéu cao
1A 3cm: 8§, =13.3 =39 (¢m”)
b. Thé tlch cta hinh tru c¢6 ban kinh dudng trén ddy 124 5mm va chiéu cao 12 8mm:
V = nr’*h = 3,14.5%.8 = 628 (mm”).
Bai 6: Thé tich cua tuong da bing thé tich phidn nuéc dang lén trong 6ng nghiém
bing: 12,8 x 0,85 = 10,88 (cm)
Bai 7: Khi quay hinh chit nhat xung quanh AB thi ta duoc hinh tru cé:
® Chiéucao: h;=AB=2a
®" Béinkinhdiy:r,=BC=a
® Thé tich: V, = n.a’.2a = 2na’
Khi quay hinh chir nhat xung quanh BC thi ta duoc hinh tru cé:
®, Chiéucao: h,=BC=a
® Béankinhday:r,= AB=2a
®  Thé tich: V, = nn.(2a)’.a = 4na’
k)
Vay, ta coding thic: YI_ = =5 = g >V =2V,
o & V, 4ma’ 2
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MOBE2 L 1iNH NON - HINH NON CUT

DIEN TiCH XUNG QUANH VA THE TiCH
CUA HINH NON, HINH NON CUT

A. TOM TAT LI THUYET

“'J

ol

1531 mot mat ph&nf‘ %

o o
e

01 mot mat phing song song
a mot hinh tron.
mot mﬁt ph&ng song song'

B. PHUONG PHAP GIAI TOAN
Yidy 1z (Bai 15/tr 117 — Sgk): M6t hinh nén duoc dat vao bén trong mot hinh
ldp phuong (canh cua hinh ldp phuong bing 1). Hay tinh:
a. Bdn kinh day cua hinh nén.

G D6 dai duonyg sinh.

g@ CDTDHDSY-T2
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&5 Gidi

a. Mot hinh n6n duoc dat vao bén trong mot hinh 1ap
phuong ¢6 canh bang 1. Day cta hinh nén noi ti€p ddy
cua hinh lap phuong.

_ 1
Do d6, ban kinh hinh nén la: r = B
b. Chiéu cao ctia hinh nén ciing 1a chiéu cao cuia hinh 1ap phuong nén:

9

, ' 5
SH:I;HA=r=% :>1=SA,SA“=SH2+AH2=12+[%] ==

Viy, tadugc [ = 1?

Yidw 2z Thiét dién qua truc cua mét hinh nén la mét tam gidc vuong can 6
canh géc vuéng bang a.
a. Tinh dién tich xung quanh-vadién tich toan phan cua hinh non.
b. Tinh thé tich cia kho; non tuong iing.

&5 Gidi ; -

!
. oA * ) ~ l»,,‘
a. Vi thiét dién qua truc cua hmh an

i.._...,r

J
a Enﬁt tam gidc vuodng can c6 canh goc

vuong bang a nén hinhnén c6: R =h = aJ_ val=a.

“ OWI mm{! ,\.”'ﬁ B s:?'lm com

aJ_ na’ J_

"I:

Tacéngay: S, =n R
¢ ga) xq b ! 2
2 5 Si = 2
Sip-_-sxq B= na JZ- e a«/i = (ﬁ+l)na
4 2 2
2
3
b. Taaéngay:V:ln{aﬁ] 'aﬁ =1 \E
3 2 2 12

Vidp 3: (Bai 16/tr 117 — Sgk): Mdt cdt xung quanh ciia mét hinh nén theo
mot duomg sinh va trdi phang ra thanh mét hinh quat. Biét ban kinh
hinh quat tron bang dé dai duomg sinh va dé dai cung bdng chu vi
ddy. Quan sdat hinh sau va tinh sé6’ do cung cia hinh quat tron.

6¢

‘» @ Ty 2xmx2 (cm)
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£ Gidi
Goi géc & tam hinh quat 12 x°.
B4n kinh hinh tron chita hinh quat 1aR = 6cm.
Do dé, chu vi clia hinh tron nay 1a: S =2nR = 2n.6 = 12n.
Do dai cung cua hinh quat 1a: / = 2.2.1 = 4n.

4
Vay, géc & tm hinh quat Ja: x = % 360° = 120°.
T

YVidp 4z (Bai 21/tr 118 — Sgk): Cdi mii cua chit hé véi cdc kich thuoc cho theo
hinh vé (hinh 97 = sgk). Hdy tinh téng dién tich vdi cdn 6 dé lam
nén cdi mii (khong ké riém, mép, phdn thita).

£ Gidi

Bén kinh dfy hinh nén: r = % ~10=7,5 (cm).
Dién tich xung quanh hinh nén: S, mi ﬂ: $H3.30 =225n (cm )

Tdng dién tich vai cin dé l?.lm mﬁ_ 225117 + 2501t 475n ~ 706 (cm?®).
Yidg 52 (Bai 27/tr 119 — Sgk): Matdung cu gém mét phan cé dang hinh tru,
phan cén lai ¢é dang hinh nén. Cdc kich thuoc cho trén hinh. Hay tinh:
a. Thétich cig dung cundy. .
b. Dién mh madt ngom cua dung (.H (khdng tinh ndp ddy).

&S Gidi
a. Thé tich phan hinh nén 1a:

V, = %n.(70)2.90 =147000m (cm®)

Thé tich phén hinh tru 12:
V, = n.(70)%.90 = 3430001 (cm’)
Thé tich ciia dung cu la:
147000m + 3430007 = 490000n ~ 1538600 (cm®) ~ 1,54 (m?)
b. Dién tich phan hinh tru: 27.70.70 = 98007 (cm?)
DPudng sinh cia hinh nén 1a: 2 =90%+ 70* = 13000 = [ =~ 114 (cm)
Dién tich phan hinh nén n.70.114 = 7980n (cm?)
Dién tich mat ngoai dung cu:
7980m + 9800n = 17780 ~ 55829 (cm?) =~ 5,6 (m?).
Yidg 6 Hinh nén cut cé chiéu cao 2a va hai ban kinh day lan luot la a va 4a.
a. Tinh dé dai duong sinh.
Tinh dién tich xung quanh va dién tich toan phdn ciia hinh nén cut.

B g Tinh thé tich ciia khéi nén cut niong img.

CDTPHDS9-T2
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&5 Gidai
a. Ta thiay ngay thiét dien ABCD la hinh thang can va O A = a, O,D = 4a,
0,0, =2a.
Goi H 1a hinh chiéu vuong géc ctia A 1én CD, ta c6:
f\H = 0102 = Za

| = AD = YAH? + DH? = ,/0,0? + (DO, - AO, )
= \[4.?112 4»(4:1—:1)2 = am.

b. Taco: S, =n(a+ 4a). aV13 =5na’y13.
Sy = S + B, + B= 51a’V13 + ma’ + 16ma’ = ma’(5413 + 17).

c. Tacé:V= %‘rt(a2 + 16a% + 4a%).2a = 14na’.

C. BAI TAP LUYEN TAP
Bai 1. Khi quay tam gidc vuéng AOC (vuéng tai O) quanh canh AO dé tao ra mot

hinh nén thi géc CAO goi 1a nita géc ¢ dinh cua hinh nén. Biét nira géc ¢ dinh cua
mo6t hinh nén 1a 30° dé dai dlrEmg sinh Ia a. Tmh s6 do cung cua hinh quat khi khai
trién mat xung quanh cua hinh nén. | | (Q) [
Bai 2. Cho hinh nén tron S, day la mﬁt mh tron tdm O bdn kinh R, chiéu cao ctia
hinh nén bang 2R. Tinh thé tich cia hinh-nén!
Bai 3. Tinh thé tich cta hinh nén trong cic trudng hop sau:

a. Puong sinh 1a [ va gé¢'Hopboh dudrig 'sinh[val ban kinh diy tuong ing bing o.

b. Baén kinh day 1a R, géc giita duong sinh va truc ctia hinh nén 1a 5.

c. Thiét dién qua truc [¥1i6t tam gide vadngcan' ¢6'dién tich 1a S.
Bai 4. Viét cong thic tinh nira-gée--dinh-etia-mét-hinh non (géc a cia tam giic
vuong AOS) sao cho dién tich mit khai trién cia mat nén bing mét phin tu dién tich
cua hinh tron (ban kinh SA).
Bai 5. Cho ba diém A, O, B thiang hang theo thif tw d6, OA =a, OB=b (a, b cling
don vi: cm). Qua A va B vé theo thit tu ciac tia Ax va By cung vuong goc voi AB va
cung phia véi AB. Qua O vé hai tia vuéng géc voi nhau va cit Ax ¢ C, By o D.

a. Chimg minh AOC va BDO la hai tam gidc déng dang; tir d6 suy ra tich AC.BD

khéng déi.

b. Tinh dién tich hinh thang ABCD khi COA = 60°.

c. Véi COA = 60° cho hinh v& quay xung quanh AB. Hay tinh ti s6 thé tich cic
hinh do cic tam gidgc AOC va BOD tao thanh.

Bai 6. Mot hinh nén cut cé cidc dudng chéo cua thiét dién qua truc vudng goc voi
nhau, dudng sinh c6 d6 dai | va tao véi ban kinh tuong tng thudc day 1én moét géc a.

a. Tinh dién tich xung quanh ctia hinh nén cut.

b. Tinh thé tich ctia khéi nén cut tuong img.
Bai 7. Cho hinh nén cut c6 béan kinh ddy 16n gdp 2 14n ban kinh ddy nho, chiéu cao
hinh nén cut la h, duong chéo cua thiét dién qua truc vuéng goéc véi canh bén cua thiét
dién dé.
a. Ti?én tich toan phén ctia hinh nén cut.

ind IPE tich ctia khéi nén cut tuong tng.
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Bai 8. Cho hinh nén cut cé ban kinh ddy 16n gap 2 1dn ban kinh ddy nho, chiéu cao
hinh nén cut 1a h, dudng chéo cua thiét dién qua truc vudng géc véi canh bén cua thiét
dién dé.

a. Tinh dién tich toan phan cia hinh nén cut.

b. Tinh thé tich ctia kh6i nén cut twong img.

D. HUGNG DAN - PAP SO

Bai 1: Bén kinh ddy hinh nén: r = OC = a.cos30° = a.% = %
Goi n° 1a d6 16n ciia géc & tAm ciia khai trién hinh nén thi:
a
{ 360°= 2 360° = 180"
a

2nR"
3

Bai3: V= %nl’cosza.sina.; b. %nR’cosﬁ.; C. %—nSJg.

Bai 2:

Bai 4: Goi a 12 nira géc & dinh hinh nor, facé:
sinc = { , 1 1 ditdng sinh, r 12 ban-kinh ddy hinh nén.

Theo gia thiét ta cé: nr[n—i-nlz ereg -i- -l-—
Vay, ta dugc sina = 7} D0 22 g85gH1ay1Po
Bai 5:
a. Tac6: 0,+0,=90° D, + D, =90°=0, = D, . Suy ra, AAOC — ABDO
= %% = % = AC.BD = AO.BO =5 AC.BD = a.b — khéng déi.

b. Tacé: COA=60°= AC =a.tan60° = a+/3 = BD = b.tan30° =

a3
3

Vdy, ta dugc:

SAm=%AB(AC+BD)=%(a4-b){«/— a‘/_] ‘/_(a+b)(3a+b)

3
Bai6: a. nl’sina.; b. V= %—(2sin2a+ 1)sina.

2 3
Bai7: a. “"" 'R R .

111:112 7nh’
=
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’ (MUPES  HiNH CAU - DIEN TICH MAT CAU VA
THE TICH HINH CAU

A. TOM TAT Li THUYET

Cho hinh céu c6 ban kinh ddy bing R
1. Khi cét hinh cdu bdi mot mat phﬁng thi dugc
mat cét 1A mot hinh tron.
2. Khi cit mat cdu bdéi mot mat phang thi duoc
mat cét 1a mo6t dudng tron:
» Dudng tron cé ban kinh R néu mat phéng di
qua tAm (goi la duong tron lom).
»  Pudng tron c6 ban kinh nhé hon R néu miét phiang khong di qua tam.
3. Dién mit c4u duoc tinh theo céng thiic: S = 4nR%.

4. Thé tich cha hinh cdu dugc tinhtheo cong thitc: V = %nR’.

B. PHUGNG”‘PHAP GIAI TOAN

Yidp 1z Cho hinh cau 6 bcm kmh R = Sa\/_

a. Tinh dién .'u,h mut cdu,
b. Tinh thé'tich cia khéi cau tong im g

&5 Gidi
2
a. Tacé:S= 41:{53;5] = 50ma’.

3 3
b. Taco: V= %R[Saﬁ] = M

2 3

Yidg 2: (Bai 36/tr 124 — Sgk): Mér chi tiét mdy gém mét hinh tru va hai nita
hinh cdu véi kich thude da cho trén hinh 111 (dom vi: cm).
a. Tim mot hé thite giita x va h khi AA' ¢6 dé dai khéng déi va bdng 2a.
b. Vi diéu kién & cdau a), hdy tinh dién tich bé mdt va thé tich ciia
chi tiét mdy theo X va a.

&S Gidi
a. Bién kl’n}gﬁnh cAu la x. Ta cé:
AAP=h+2x=>2a=h+2x > y=2a-2x
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b. Dién tich hinh tru 2nxh = 4n(a — x)x
Dién tich hai nira mat cdu 4nx’
“Dién tich bé mat chi ti€t mdy 4n(a — x)x + 4nx* = 4nax.
Thé tich phin hinh tru V, = nx*h = 2nx*(a — x)

Thé tich 2 nira hinh cdu V, = %nx’.

Thé tich chi ti€t mdy V, + V, = 2nx*(a — x) + %nx’ = %m@(f&a -1).

Vidp 3 (Bai 36/tr 124 — Sgk): Cho hinh vuéng ABCD néi tiép duong tron
tam O, bdn kinh R va GEF la tam gidc déu néi tiép duong tron do,

EF la ddy song song véi AB. Cho hinh dé quay xung quanh truc

GO. Chitng minh rdng:

a. Binh phuong thé tich cia hinh tru sinh ra boi hinh vuéng bdng
tich cua thé tich hinh cdu sinh ra bdi hinh tron va thé tich hinh
nén do tam gidc déu sinh ra.

b. Binh phuong dién ticktodnphdn cua hinh tru bang tich cua dién
tich hinh cdu va dién m.h toan phdn cua hinh nén.

&S Gidi —Hoc sinh tu vé hinh
a. Goirla ban kinh du'b‘ng tron ngoal tlép, ta c6
® Canh hinh vuéng: AB=AD= r\f_

®* Canh tam gidc déuz ER=aw/3 ti:
Khi quay xung quanh OGy-hinh-vuéng-tae th&nh mot hinh tru cé:

* Bénkinh ddy: R = -EAB— %——

* Chiéucao:h=AD=r+2.

» ThétlchV-'n:(rJ_] ry2 = S\E.

2
Khi quay xung quanh OG, AGEF tao thanh mot hinh nén cé:

* Binkinhddy:R '= —EF— ‘—‘{—

®  Chiéu cao: h' =rJ—.

\/— 2
g O

Khi Evung quanh OG, hinh tron tao thanh mot hinh cdu cé V, = % .

A

CDTPHDS9-T2

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Ta cé:
3 ) - 1 6
V,"z(m ..] _Tr ‘ (1)
2 2
2.6
WV, & S Ly B (2)
8 3 2

Tiu (1) va (2) suy ra Vf =V,.V,.
b. Tuong tu, ta c6 dién tich toan phan cua hinh tru: S, = 3n.
Dién tich toan phdn hinh nén: S, = %nrz.
Dién tich mat ciu: S, = 4nr’.
Tir do, ta co:
=(3nr’) = Iy 5. 8:= %nr”.&m2 =9’
Vay, ta thdy S} =S,.S;.

C. BAI TAP LUYEN TAP
Bai 1. (Bai 31/tr 125 - Sgk): Hiy dién voa 6 tréng & bang sau:
Ban kinh hinh cdu  [,0,3mm_};6,21dm | 0,283m_| 100km | 6hm | 50dam
Ditntichmitdla T~ 1 v
Thé tich hinh cdu

f

tich cia mat ciu va thé tich

cua hinh cau.

Bai 3. Cho moét hinh ciu ban kinh R, mét hinh nén ndi tiép trong hinh céu cé chiéu
caola x (0 <x <2R).

a. Tinh thé tich V va dién tich xung quanh S ctia hinh nén.

b. Tim hé thic lién hé gitrta V, S, R doc lap d6i véi x.

c. Vi gid tri nao cua x thi V 16n nhét ?

D. HUONG DAN - PAP SO
Bai 1: Ta cé bang két qua:
r | 0,3mm 6,21dm 0,283m 100km 6hm | 50dam
S | 0,36n mm? 154,26t dm® | 0,322 m? | 40000n 144 | 10000n
V| 0,036n mm? 31931t dm? | 0,03r m* | 13333331 | 288n | 166667«

na’f

Bai2: a. S=2na’;

(2R —x); b. S—nx,/2R(2R—x), c. $=6nRV; d. x-%.
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