VAO LOP 1 0

CAC TRUGNG TREN TOAN QuUOC ¢
MOT SO BE MINH HOA @

NHA XUAT BAN =
Ha noil DAl HQOC QUOC GIA HA NOI




Download Ebook Tai: https://downloadsachmienphi.com

TS. TRAN XUAN TIEP - TS. PHAM HOANG
TS. PHAM TOAN - PHAN HOANG NGAN

| TUVEN CHO
DE THI VAO LOP 10

MON TOAN

e CAC TRUOGNG TREN TOAN QUOC
e MQT SO BE MINH HOA

NHA XUAT BAN DAI HQC QUOC GIA HA NOI

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

NHA XUAT BAN PAI HOC QUGC GIA HA NOI
16 Hang Chuéi — Hai Ba Trung — Ha NJgi
Pién thoai: Bién tap-Ché ban: (04) 39714896;
Hanh chinh: (04) 39714899; Téng bién tap: (04) 39714897
Fax: (04) 39714899

Chiu trach nhiém xudt ban

Gidm déc: PHIUUNG QUOC BAO
Téng bién tép: PHAM THI TRAM

Bién tép: BICH HANH
Ché badn: NHA SACH HONG AN
Trinh bay bia: NHA SACH HONG AN

Déi tdc lién két xudt ban:
NHA SACH HONG AN

SACH LIEN KET

Tuyén chon dé thi vao 16p 10 mén Toan

Ma sé: 1L - 07DH2011

In 2000 cudn, khd 16 x 24cm tai Céng ti TNHH in bao bi Phong Tan.
S6 xuat ban: 89 — 2011/CXB/12 — 02/DPHQGHN, ngay 19/1/2011.
Quyét dinh xudt ban s6: 06LK-TN/QD-NXBDHQGHN.

In xong va ndp luu chiéu quy | nam 2011.

Tron Bo SGK: Thttps://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Phén I
CAC BAI TOAN MG PAU

A.DAI SO
I. RUT GON CAN THUC
Vi du 1. Rat gon can thie :

1. A= y14+65 + 14 -6y5 2. B = (4 + 1510 - V64 - V15
3. C= {5+v21 +¥5-+21 4. D= ya++15 - J4 - 15 - J2 - 43.

Loi giai

Ta bién déi biéu thic trong dau can cé dang binh phuong cta tdng (hiéu).

1. V14 + 65 = 14 + 2.3V5 = 3% + 2395 + (5)? = (3 + ¥5)?
= 3+5/=3+V5(1vi 345 >0 =3+ V5| =3+5)
= A= 3+J§+3~J5=6.
(4 + VIB) V2.5 - v3)Y4 - V15 = (4 + V15)(5 - vB)y2(4 — ¥15)
(4 + VIB)VB - V3)YB - 2415 = (4 4+ ¥15)(Y5 — BB — v3)
(4 + V15)(/5 LYBY?°L (@4 JiB)E 2215)
24 + J15)(4 - V15) = 2/4° - (J15)* | = 2.

3. Ta nhan thay C > 0 va hai biéu thic trong hai can bac hai 1a hai biéu
thic lién hgp. Ta ¢6 :

C*= 5+ 21 + 2J(5+ V21)(5 - ¥21) + 5 - V21 = 10 + 2425 — 21
=10+2T =14 = C= 4
4. Pat M= y4+ 415 - V4 - /15, ta thay M > 0.

> M?=8-2V42-15-6 = M= 6
Vay D = Jé-Jz_JE:JaL“jE“@:JE-—_—‘“:/;‘E

2. B

Il

B —

:Jg_____W:‘?/_;lf*:JEJﬁ—ILI V3-1

v2 V2
B 2J§—J§+I:I+J§_J§+J6
B J2 £ 2 °
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m Bai toan tuong tu. Rit gon biéu thic

1. A= y4+2/3 +y4-23 2. B= (2 - {3 - V5)V2 + V20
J6 -2 5} 1
§ Ba | s e 4. D = Jy2.(J21 + 3).4y5 - V21.
(1~J§ V5) 5 -2
Pipsé: 1. A= 2V3 2. B=3++5
3. C=-3 4.D=4J§.

X4y + y-J; _ 1
IR
a) Tim diéu kién x4c dinh cua P.
b) Rit gon biéu thic P.
¢) Tinh gi4 tri cia P, bist x = V2 -1: y = 9 -442.
Léi giGi
— Biéu thic VA xdc dinh (c6 nghia) k= A > 0.

Vi du 2. Cho biéu thic P =

— Biéu thuc % xdc dinh < A=z0.

x>0
1 - y >0 x>0
a) Biéu thuc P xdc dinh < ¢ < 1y >0
xy #0
X # Y.
Vx=fy =0

b) Ta cé6 : P=JE({%+J;):J_iﬁ-(\/;+\/)_’)(\f—*\/;)=x—y.

©) Taco: y=y9-4v2 =y(2V2-12 =|2v2-1/=2y2-1 (i 2V2 > 1)

Vay P=@HG2-1D-(@2V2-1)=-2.
®m Bai toan tuong tl_l;

1. Cho biéu thic P = (

1 1 ) x-+x+1
J;+1_x+J;Jl xVx +1
a) Tim diéu kién xdc dinh ctaa P.

b) Rit gon biéu thiec P.

¢) Tim x sao cho P < 0.

2Vx -9  Vx+3 2Vx+1
x-5Vx +6 J;-2_3~&'

a) Tim diéu kién xdc dinh cia Q.

2. Cho biéu thic Q =
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b) Rut gon biéu thic Q.

¢) Tim cdc gia tri nguyén cua x dé Q nhan cdc gid trl nguyén.

I = _1]:[4#1_1 =g}

a) Tim diéu kién xdc dinh cua R.

Cho biéu thiic R =

b) Rut gon biéu thue R.

¢) Timxdé R< 1L

d) Tim x dé R nhan gid tri 16n nhat.
Hudng dan
xz0
Jx-120
Biéu thic P xdc dinh < <{x+Jx =0
x\/; +120

X Ak 0.

Ban nén chu y diéu kién x - 1% 0 vi ta phai thuc hién phép chia.

Pdp s6 : x> (fx = ].

p:‘g_l.

Vx

P<0 < Jx-1<0 < 0<x<1. (Ban c6 thé quén diéu kién x > 0.
Sailam: Vx -1<0 o Jx <1 = x< 1)

(Ban ¢6 thé dat u = vx; u>0 = u® = x va dua vé biéu thdc theo bién u).
Taco: x-5vx+6=x-3V%-2Vx + 6= Vx.(VX - 3) - 2(vx - 3)
= (Vx -3(Vx - 2);

Diéukién : x>0;x #4; x # 9

&4»1
Jx -3

Q=

Xe 2

4 K\E*B:il

Q:1+&‘3. QeZ <« 'J——3=t2
|x-3=14

Dap so : x = 1; 4; 16; 25; 49.
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Ban c6 thé dit u = vx; u>0 = u’® = x va dua vé bai toan rit gom biéu
thic (déi véi bién u).
3a) Tacé: xvVx-Vx+x-1=Gx+Dx-1)
1 2 _Jx+1-2 Jx-1

&_1_:{—1 x-1 x-1

1-vx
J;+1'

¢) 1“/;<1 o 1-vx<Jyx+1 (vi yx+1>0; Vx> 0)
J;+l

~b) R=

o 2Jx >0 o x> 0. Két hop véi diéu kién : x > 0 va x # 1.

d) R=-1+

<¥/NVxz21, g7 I
x+1

Vay gia tri l6n nhat cia R bang 1, khi x = 0.

Il. GIAlI PHUONG TRINH
Vi du 1. Giai phuong trinh :

1. Jx+2~/x—:_1+\f;(-2\/;——=2 (1) (vé1 x> 2).
2. Vx+6+4Vx+2 +V¥x+11+6Jx+2 =9 (2).
Loi giai
1. Véix22,tacé: (Do yWx-1+D% +y(Vx-1-1?% =2
o Wx-1+1 +|lVx-1-1=2 (%
V‘1x22:>~/xTI+l>O; I —1 ~T 50
Vﬁy:{*)c; 2Wx-1=2o Yx-1=1 o x-1=1 & x=2 (nhian),
Ban c6 thé dat u= Vyx-1 (u>0 véix > 2)

= uw=x-1 o>x=u’+1.

Ta c6 phuong trinh : \ﬁjz +2u+1+ Juz -2u+1=2

Dén day ban dé nhin ra biéu thic trong méi dau can la mét hang; ding
thic va tiép tuc nhu cach trén. Ban cing cé thé binh phuong hmai vé
phuong trinh (nhung phai binh phuong hai lan va nhd cdc diéu kién
bién déi tuong duong; néu khéng, ta phai thu lai).
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2. Patu= vx+2;u20 vé1 x>-2 = wW=x+2 >x=u"-2

Ta c6 phuong trinh : \52+4u+4+sﬂ12+6u+9:9
o \/[u+‘2}2 +Jlu+3l2 =9

SUu+2+u+3=9 <©2u=4 o u=2
Ta duge x = 2 (nhan).

m Bai toan tuong tu. Giai phuong trinh :

.J:—J2x—1+\/x—s/2x— :Jﬁ
, Jx=2+Fx -5 +4x+2+ 32 -5 = T2
.JX+6-4Jx+ +Jx+11—6dx+2=1.

Huéng dan

—

o

co

—_—

——
. Patu= v2x-1. Dédpso: nggl.

. Datu= V2x - 5. Dépsﬁ'éx:lS.

3. Patu= JYx +2. Phuong trinh¢é’dang : |2 —ul+lu-3]=1
Ap dung bat ddng thic: |Al+|B| > |A + B

Dau "=" xay ra < AB > 0.

Ta cé : |2 - ul+PaL'8d s avpPpcgacgpiee|—1] = 1

Dau "="xayra < (2-uu-3)20 & 2<u<3 o 2<x<T.

(]

(Cdc bai 1, 2, 3 ban cang c¢6 thé lam nhu trén hoidc xét dau cdc biéu
thue trong cdc gia tri tuyét doi).

Nhan xét - Tu cach giai cdce bai toan trén, ta cé bai toan dang sau :

"Tim gia tri nho nhat cua biéu thuec :
A = \lx—1~2\/x_—_2+\/x+7—ﬁm."
Huong dan : A = \/(wfm.-ll2 . \f(w/x———2—-3)2
= N;—_2—1|+|\/x—_2—3|=|JE—1|+|3-m\
>|Vx-2-1+3-Jx-2[ =2
Dau "="xayra < Wx-2-1)3-vx-2)20 o 3<x<1l.

Vi du 2. Giai phuong trinh :
1. Vx+1=x-1 (1) 2. V3x-1-Yx+4=1 (2)

3. V4-6x-x% =x+4 (3).
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Loi giai
x=>1
x-120 x2>1 _
1. Taco: (1) = " 2 < {|x =0 (loal) = x = 3.
x+1=(x-1) x°-3x=0 ‘- 3

1+Jx+4 >0

1B3x-1=1+2Jyx+4+x +4 (¥)

2. Taco: (2) = Y3x-1=1+VJx+4 <o

Giai phuong trinh (¥) :

() yx+4=x-3 c:»{

x>3 x>3

2 &3 2 .
x+4=(x-3) 1X* -Tx+5=0

7 +29
& X = +2 (nhan)
Phuongtrinhcénghiémx=7—+2i_2-9-.(f)iéukiénl+\/x+4 >0e>x+420
diéu kién dé vx + 4 cé nghia = x > —4). Két hop x > 3, ta lay x > 3).
x+42>20 Xz -4
3. Tacoé:(3) < 2 2 1.2 .
4 - 6x - x" = x" +8x+16 x“+7x+6=0
x> 4
= {xz——l <. x=-l (via+b+c=1-7+6 =0 nén
k=-6

phuong trinh x* + 7X%'6 =0¢é nghiém ¥ =21 = 6.
m Bai toan tuong tu. Giaiphuong trinh™
\fx2+3x~4=m (1) 2. Y2x+5+x 1= 8 (2)
3. Vox+7=y2x+3+3x+4 (3).
Huéng dan

x+120 .
L. Ve g, Dap so: x = 2.
X“+3x-4=2(x+1)

2. Diéu kién : x > 1. Binh phuong hai vé va rut gon, dua vé phuomg tirinh
c6 mot can thuc. (Khong can chuyén mot can thuc sang vé phai nlhu vi
du trén). Pap s6 : x = 10.

3. Diéu kién : 2x + 3 >0 va 3x + 4 > 0. Binh phuong hai vé va rit gon.

. 4
Papso:x= ——.
£ 3

Vi du 3. Gidi phuong trinh : 1. (x +4)x + 1) - 3Vx®> +5x+2 =6 (1)

2. 3x*+3x= 2vx® +x +1 (2)
— Ta khéng nén lam nhu vi du 2, nhan xét vé biéu thue trong dawu camn va
biéu thirc bén ngoai dau can. Ta chon cich dat an phu nhu sau.
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Loi giai
Taco:(1)e> x2 +5x+4-3Yx* +5x+2 =6

3 i3
— X" 4+ dXx = u” - 2.

Ta c6 phuong trinh :u* =2+4-3u=6 < u'~3u-4=0

N‘U
<~
u

L

-1 (loai)

4 (nhan)

1

Thay u =4 vao (*), taduge: x* +5x+2=4" <= x"+5x-14=0
(A\=25+56=81>0= JA =9
5+9 -5~ 0

Phuong trinh c6 hai nghiém : x, = 5 2 xu= - = -7.
. Tacé:(2) o 3(x* +x) = 2Vx° + x +1
Patu= Vx’+x;u20 @ x’ +x=u’
Ta ¢6 phuong trinh : 3u® = 2u# 1 < 3u’ - 2u- 1= 0
u = 1z(nham)
= 1 as
u:-Elloan; via+b+¢z23-2-1=0
o) 2 "'].i 5
Ta duge : X7 + ¥ do5s BetHXviph SR Gk e 26.
Bai toan tuong tu. Giai phuong trinh :
x? +3x+1=(x+3)Vx> +1 2. 2LANX® +2x -1 = x* - 2x -

Huéng dan

Patu= vx?+1 = u’=x"+1 (khong biéu dién x qua u).
Ta c¢6 phuong trinh : v + 3x = (x + 3)u < U - (x +3)u+3x=0 (¥

A=(x-3)% Tacé: (¥) o '
lu=3

‘/—2— x=20 ) .
. X" +1l=3% & " , (vo nghiém).

Xx“+1=x"

e Yx?+1=3 o x*+1=9ox*=8 o x= +2J2.

Nhdn xét : Ta c6 thé binh phuong hai vé (néu khong dat diéu kié
khi tim duge gia tri x, ta phai thu lai).

Binh phuong hai vé phuong trinh da cho, ta dugc :

O+ 3x+ 1P =(x+3x +1) = x*=8 = x = +2J2.
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Thu lai : Thay x = +2{2 vao phudng trinh, ta nhan thay x = +2./2;
nghiém ding. Vay x = +242 1a nghiém phuong trinh.

2. Pit u= ¥x2+2x-1; u20 = u'=x*+2x-1 > x*=u’-2x + 1

=2

Ta c6 phuong trinh :u”* - 2(1 = x)u-4x=0 < { o
u=-2x

Pédp sé : x = -1+ 6.
i du 4. Giai phuong trinh :

% x2+L42[x——1-]—1=0 2. x2+i+3(x-g)—2=0.
x2 X x?2 X

Loi giai

; 1 . 1 .
1 B:.fil;u::n:—l :>u"=x2+—2—2 :xz+—2:uz+2
X X X

Ta c6 phuong trinhu* - 20+ 1=0 ©u=1

1+5
—.

XY -x-1=0|d(R £

Vay x—l=1  —
X
x#0

Nhdn xét : Néu quy dong, mau sé, ta di dén phuong trinh :
x'-2x* - x*+2x+1=0.
Ban c6 thé giai phuong trinh nay dugc khong ?

2. Patu= x—E >weExl+—-4 > x2+i.=u2.+4
X x? x>

: = -}
Ta c6 phuong trinh u* + 3u+2=0 o |:u 5
u="-

2 L — =
. Né’uu:—l:x—gz-l c::{x il w0 c;[x :

X xz20 X =-2
2 _9 _
. Né’uu:—2:x—g:—2 c>{x hdx = a=l o x=-1%43.
X x#0

Nhén xét : Cac phuong trinh trén déu dua tir phuong trinh dang :
ax' + bx” + cx* + abx + (aa)* = 0

Chia hai vé& cho x? ta tim duge an phu thich hop.

®m Bai toan tuong tu. Giai phuong trinh :
L x"-2x" - x*+2x+1=0 (1)
2. x*+3x’-2x*-6x+4=0 (2)
3. 2x" - 21x" + 74x* - 105x + 50 = 0 (3).
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Huéng dan

1. Chia hai vé phuong trinh cho x* # 0 (x = 0 khéng la nghiém cua (1)

; F 5 1 1
Ta duge x* —2x—1+g+i_) =0 < [x“) +7J—2[x——]—1:0
X X X X
(Xem cach giai trén).
2. Xem vi du 4.2.

3. Papsd:x=1;2;5; g
Vi du 5. Giai phuong trinh : 1. x" + 5x%x + 1) = 6(x + 1) (1)
2. 6x° + TxVYx+1 = 24(1 + x) (2)
2
3. & 2 =4—0 (3).
(x +1) 9
T gton

~ Trong phuong trinh (1) cé(edc bigu thue x* va x + 1 = x" = (x*)°.
Pitu=x% v=1+x
Phuong trinh c6 dang : u” £5uv-= 6v° = u® + 5uv — 6v” = 0, goi la phuo
trinh ding cdp thuan nhat bac hai. Phuong trinh nay c¢6 thé dua

phuong trinh bae'Hai’Bang (cach hial'Hdi' Ve cho u® (hoac v*). Lai gi
duge viét ra nhu sau :

1. x+1=0 < x=-1.Ta thay x = -1 khong thoa phuong trinh.
Gia sif x + 1 # 0. Chia hai vé phuong trinh cho (1 + x)*, ta dugc :

2 \2 2
[" ]+5" A
x+1

2

Pit u = , ta c6 phuong trinh : u* + 5u-6=0 <

x+1 u= -6

2 . +
: =1 o xX-x-1=20 o x:l_‘,g.
x+1 2

X

=6 o X°+6x+6=0 & x:—31J§.
x+1

2. Chia hai vé phuong trinh cho 1 + x # 0 (x = -1 khong thoa phuong trinh)

6( 2 Jd+7 X =
\v1+x V1 +x

(1 + x> 0). Ta ¢6 phuong trinh :

X

Patu =
1+x
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3
u=—
6ul+Tu-—24=0 & 28
u:_._
3
x20 x20
. < =§<:>2x~341+xc3 I )
Vi+x 2 =9(1 + x) 4x* -9x -9 =
leO
<= K=3 C}}(:B
l 3
X=——
4

X

J1+x

3. Dé y dén vé trdi cua phuong trinh, ta thay la mot tong cua hai binh
phuong, ta c6 thé dua vé dang binh phuong cua tdng (hiéu) hai :s6.
Céach giai nhu sau :

2x° x? 40 |-|2x%

B x* - + - = — 1
x+1 /ix+1)?% 9 |:k+1

2 2 2 )2 2
Q(x— s J =4_0__2x <:>£ ! } +‘2[ 2 ]—:4—0:0

L]

—ﬁ. Giai ra ta dugc : x = —g.

x+1 9UVIR'YQ

9
<2
Patu = . Ta ¢6 phuong trinh = u” + 2u — —9— =0/
|
L

Xx+1 10
u-=
3
T == & 33X =-4x-4=0 < 3
3 x+1 3
- x:2
10 ¥ 10
& U e D =-— < 3x*+ 10x + 10 = 0 (vd nghiém).

3 Xx+1
Phuong trinh (3) c6 nghiém : x = —:—23-; 2.

Nhdn xét : Qua 16i gidi phuong trinh (1), (2), (3), ta thay ching chi tic
mot phuong trinh ma ra, nguoi ta hay bién déi ra cdc dang khac nhay
ma thoi. Ban hay nghi ra mot vai bai toan tuong tu.

l. HE THUC VIET VA UNG DUNG

i du 1. Tim m dé phuong trinh x* - 2mx + 2m - 3 = 0 ¢6 hai nghiém ph:an

biét x;, x, va biéu thic xf + xfﬁ dat gia tri nho nhat.

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Loi giai
Phuong trinh cé hai nghiém phan biét x,, x, © A'> 0
o m-2m+3>0 oem*-2m+1+2>0 o m-1*+2>0, VYmn
vi(m-—1)*20, Vi
Theo hé thue Viét, tacd : x; + xo = 2m; x;x, =2m - 3

X2 +x5 = (%, +%X3)% -2x;%, =4m* -4m +6=4m? -4m+1+5

=(2m-1?+525, V.
Vay gid tri nho nhat cia x} + x5 bang 5.

; , 1
Dau"="xayra @ 2m-1=0< m = 5

Né&u chi yéu ciu : Tim m dé x} + x5 dat gia tri nhé nhat, ta van ph

tim m dé phuong trinh cé nghiém.

® Bai toan tuong tu
1. Cho phuong trinh : x* — 2mx +m"* —m + 1 = 0.

a) Tim m dé phuong trinh ¢6 nghiém.

b) Tim gia tri nho nhat cua biéu thic A = x;x, — X; — Xu.
2. Cho phuong trinh % & 2mx; - = 0 Thunem-dé xf + xg - XX = 7.

Huéng dan
la) A'>0o m > 1.
b) A = x;%x, — (X)+ Xz) =m*-3m + 1
= [m2 —2m§l—+gJ—-5—:[m—?’—]2 —Ez—é
2 4) 4 2 4 4

Vay gid tri nh6 nhat cia A bang —% (khi m = —2—).

2. Phuong trinh luén c6 hai nghiém trdi ddu Vmvia=1;¢=-1 = ac <
xf +x§-x1x2 =T & (X +%)°-3x1x,=7 © 4m* +3 =7
S m=1om=+],
Vi du 2.

1. Tim m d€ phuong trinh x* + 4x + m = 0 ¢6 hai nghiém tr4i dau.
2. Tim m dé phuong trinh x* - 2).c + m = 0 c6 hai nghiém phan biét »

cung duong.

Lii giai

1. Phuong trinh ¢6 hai nghiém trdi dau < % 0 m<O0.

a
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2. Phuong trinh c6 hai nghiém phan biét va cung duong <

A'>0
2 1-m>0
=3 =£>0 < <m >0 & 0<«mel.
a
b 2>0
S=-—>0
] a

thinxét:+Khi£<O = ca <0 = 4ac < 0 = —4ac > 0 = b* - 4ac > 0,,
a

- . C A ; R = 2 3 = - i
nén khi — <0 ta luén cé6 A > 0, vi vay khong can néu thém diéu kién,
a

A > 0 ¢ bai toan 1.
+ Néu § bai todn 2 chi yéu cau tim m dé hai nghiém cung dau, ta xét.
A>20vaP>0.

® Bai toan tuong tu

1. Tim m dé phuong trinh x* — 2mx/+ 2ni — 1 = 0 ¢6 hai nghiém tradi dau,,
cung dau.

2. Tim m dé phuong trinh x* — 3x'+ m = 1 = 0 ¢6 hai nghiém x,, x, théa,
man x; < 1< Xy.

3. Tim m dé phuong trinh x* = 2mx"+'m” = m + 1 = 0 ¢6 hai nghiém phan
biét va cung duong.

Hudng dan

5 , . ok T— 1
1. Phuong trinh ¢6 hai nghiém trdi dau < < 2m-1<0 < m< =
0
Phuong trinh c6 hai nghiém cung dau < p_C
a

(m-1)® >0 (luén ding Vm) 1

mZ-2m+120
o — 1 S m> —,
2m_1>0 m>§ [}

2. Pat y=x-1 = x =y + 1. Thay x vao phuong trinh da cho, ta diucc :
(y+1?-3y+1)+m-1=0 o y’~-y+m-3=0

X1<1l<x) ©@x-1<0<x3-1 & y; <0<y, QEcO
) a

< m-3<0 o m<3.

Ban c6 thé thay diéu kién x, < 1 < x, thanh x; < 2 < x3; 1 < x; < X2,
X; < X3 < 1 (ban hay tu giai). '
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A >0
3. Diéukién : {P = =il Dap s6 : m > 1.
a
S = —E)O
a

Vi du 3.

1. Tim m dé phuong trinh x* — 2x + m — 8 = 0 ¢6 hai nghiém x,, x, tho:
man 3x; — x, = 0. '

2. Tim m dé phuong trinh x° — 2(m - 1)x + m — 3 = 0 ¢6 hai nghiém kha
dau va bing nhau vé gia tri tuyét doi.

Lai giGi

1. Phuong trinh c6 nghiém < A'>20 © 9-m>0 < m<9.

Theo hé thuc Viét, ta cé : x; + x, = 2; x;x, = m — 8.

1
P
3x, X, =0 .
Taxéthe: |~ V772~ ° L 2
x-z x| —
2
; 1
Khi dé6 : x;x, = —-.—3- = E Viy m -8 = 3 = <"3—:jl (nhan).
21@vn4 4 4
2. Phuong trinh c6 hai nghiém trdijdau i 0 om-3<0omc3.
a
Goi x,, x, la hai nghiém, ta cé :
|x||=|x2| & x‘f :-x§ S (X — X)X +X2)=0

Vixyvaxytrdidiu > x;#x2 = X=X 20
Vay x; +x,=0 ©2(m-1) =0 < m = 1 (théa diéu kién m < 3).
Vi du 4. Tim m dé hai phuong trinh sau tuong duong :
X*+mx-2=0 va x’-2x+m=0.
Laoi giai

— Trudng hgp 1. Hai phuong trinh cung v6 nghiém (diéu nay khéng xay
ra vi phuong trinh x> + mx - 2=0c6a=1>0;¢c=-2 < 0 nén ac < (
= phuong trinh luén c¢6 hai nghiém trdi dau, khong thé vé6 nghiém).

— Trudng hop 2. Hai phuong trinh c6 nghiém <
{51 >0 {mQ +820
& =

, < m<]1.
Ay 20 1-m=>0

Sm=—2

Khi dé, hai phuong trinh tuong duong <> { 2
-2=m

S] - 82 -m = 2
<~

1¢
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m Bai toan tuong tu. Tim m dé hai phuong trinh sau tuong duong :
1. x)+mx+1=0 va x*+x+m=0
2. x*+2x+m=0 va x+mx+2=0.
i du 5. Tim m dé phuong trinh x* — 3x* + m - 1 = 0 ¢6 bon nghiém phan biét .
Loi giai
Pat t = x% t > 0. Ta ¢c6 phuong trinh : t* -3t +m—-1=0 (¥)

Phuong trinh da cho ¢6 bon nghiém phan biét khi va chi khi phuong
trinh (*) ¢6 hai nghiém phan biét duong <

A>0 9-4m+4>0 [ 13 i
S <P>0 ©{m-1>0 o m<—:; Slaeme —.
S>0 350 m>1

®m Bai toan tuong tu
Tim m dé phuong trinh x* — 2m + 1)x* + 2m + 1 = 0 ¢6 : bén nghiém
phan biét; dung ba nghiém; ding hai nghiém; vé6 nghiém.
Dap so :

1
4 - 2. m > —=
« Phuong trinh ¢é bon nghiém phanbiét < g 2

m=0.

« Phuong trinh ¢6 ding ba nghiém néu phuong trinh trung gian :

t = 2(m + Dt + 2m + 1,50 <(*) . ,,c6,mot,nghiém t = 0, ta tim duwlgc

- ﬁ-;—. Sau d6 N\t lai-Brp-s6—tr= —%.

« Phuong trinh da cho ¢6 ding hai nghiém néu phuong trinh (*) cé lhai
nghiém trai dau hoac nghiém kép duong. Pdp s : m = 0 hoac m < —%.

« Phuong trinh da cho v6 nghiém néu phuong trinh (*) vé nghiém hac
phuong trinh (*) c¢6 hai nghiém am (khéng cé gid tri m).

1.GIA| BAl TOAN BANG CACH LAP PHUONG TRINH HOAC
HE PHUONG TRINH

i du 1. Hai voi nu6c cung chay vao mot bé khong c6 nuée thi sau 4 gis 48 plhat
sé day bé. Néu md voi thit nhat trong 3 gis va voi tha hai trong 4 gig

thi dugc -3 bé nuéc. Héi mdi voi chay moét minh thi trong bao lau nndij
day bé ?
Loi giai
Goi x la thoi gian dé voi thit nhat chay mot minh thi day bé (x > 0),
y la thoi gian dé voi thd hai chay mét minh thi diy bé (y > 0).
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. 1 : .
Mot gig, moi voi chay dugc 2 va — (phan nudc trong bé).
X 4

; & o " : 24 .. .
Vi ca hai voi chay cung mot luc thi mat 4 gio 48 phut hay = gi0 nen
1 gi ca hai cung chay duoc o bé.

9

Ta c6 phuong trinh : 2 + -
X Yy 4

- » . s o # . + * - 3 - -
Voi tha nhat chay 3 gio, voi thd hai chay 4 gio sé duge 3 bé, nén ta

1
cbnc6:3—+4l=—3-.
X y 4

1 1 5
_+_:54-.-

2 2 % X Yy

Vay t trinh

ay ta c¢6 hé phuong trin —r—3
.-_+—-_—_—
Xy 4

i | 1 IR IR
Patu= —; v=— (u,v>0),taco hé :
X y

5 1

u+v=—5— 3u 4 3y.= — u=-—
243 i g = 12
3u+4vi=— 3w+ 4N == V=~
4 4 8

Ta tim duge x = 12; y = 8 (thoa diéu kién x > 0; y > 0).

Tra 1oi : Vdi tha nhat chay mot minh day bé trong 12 gid, vdi thi hai
chay mot minh day bé trong 8 gio.

(Ban c¢6 thé giai bai todn bang cach lap phuong trinh bac hai).

Vi du 2. Quang dudng AB dai 90km, c¢6 hai 6 t6 khdi hanh cung mot lac. (6}
td th nhat di tir A dén B, 6 t6 thd hai di tir B dén A. Sau 1 gid hai xe
gap nhau va tiép tuc di. Xe 6 to thi hai téi A truée xe thi nhat tgi B
la 27 phit. Tinh van toc moi xe.

Loi giai
. R
Ta c6 : 27 phut = —(gid)
p 20 g

Sau 1 gid hai xe gap nhau nén tong van téc cua hai xe bang 90 (km/h).

Goi = 1a van tdc cua xe thd nhat (x > 0; x tinh bing kinvh), thi van téc
cua xe thu hai la 90 - x (kmv/h) (x < 90).

C
Thoi gian caa xe thu nhat di tiur A dén B la l,E(giB).
X
17
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Thai gian cua xe thya hai la = s (gid).

- X
Ta c6 phuong trinh : 2 = = < x* = 490x + 18000 = 0
x 90-x 20
x = 40 (nhan)
= )
x = 450 (loai)

Tra 161 : Van téc cua xe thi nhat la 40 (km/h); van téc cua xe thut hai
la 50 (km/h).

Bai toan tuong tu

. Hai voi nudc cung chdy vao mét bé thi 6 gio day bé. Néu méi voi chay

mdt minh cho diay bé thi voi thi hai can nhiéu hon voi thi nhat la 5
gio. Tinh thoi gian dé mdi voi chdy mot minh day bé.

DPdp sb : Voi thit nhat chdy riéng trong 10 gig; voi thu hai chay riéng
trong 15 gid.

. Mdt doi xe can ché 36 tan hang. Trude khi lam viéc doi duge bé sung

thém 3 xe nita nén méi xe chd;it - hon 1 tan so véi du dinh. Hoi d@di xe
lic dau c6 bao nhiéu chiéc ? Biét ridng s6 hang chd trén tat ca cdic xe
¢6 trong lugng nhu nhau.

Dép s6 : S6 xe lic dau la 9 (xe).

V. HAM sb VA 90 THI
Vi du. Cho parabol (#) : 'y'2'2x* Viét phuong trinh duong thing (d) qua diém

18

. Tim toa do giao di€ém cua parabol (¥ : y = —%x

M(0; —2) va tiép xuc véi ().
Loi giai

Vi diém M(0; —2) € Oy nén tung do goc cia duong thing (d) :y = ax + b

cOb=-2>y=ax-2.

Xét phuong trinh hoanh do giao diém chung (néu c6) cia () va (d) :
2x*zax-2 o 2x*-ax+2=0 (¥

(#) va (d) tiép xic nhau khi va chi khi phuong trinh (*) c6 nghiém kép
SA=0oa’-16=0 < a = +4.

Bai todn tuong tu

2 va duong théng

(d):y=3x+4.

. Chiing té ring parabol (P : y = %xz va dudng thing d) : y =x - 1

ludn ludn tiép xic nhau. Tim tiép diém.
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3 Cho parabol () : y = %x"" va duong thang (d) : y = —x. Viét phuong

trinh duomg thang (d') song song vdi dusng thang (d) va tiép xuc vdi
parabol (7).

Huéng dan

1,
1 Toa do giao diem (néu cé) cua (-#) va (d) thoa man hé y= ~§x
y=3x+4
Triu vé cho vé hai phuong trinh, ta dugc :
i = -2
——1-)(2 =dx+d O X+6x+8=0 o =
2 Xx=-4

Dép s0 : (-2; -2); (-4; -8).

(Ban c6 thé xét phuong trinh hoanh dé giao diém : —%xz =3x +4).

2 Xét phuong trinh hoanh d¢ gido diém chung (néu cé) cia (P va (d) :
ixz =x-1 x*-4x+4=0

Phuong trinh nay ¢é nghiém kép x.=.2 = (#.va (d) tiép xic nhau tai
diéem (2; 1).
3. Phuong trinh (d') /4(d) nénco' dang *'y ='-x'¥'m.

. 1
DPapso :y= —x% —.
p y 5

B. HINH HOC

I. CHUNG MINH CAC DANG THUC VA BAT DANG THUC HINH HQC

Bai 1. Tir diéem M 6 ngoai dudng tron (O; R), ké duong thing qua O cit
duting tron tai hai diém A va B (A nim giita M va O).

a) Ching minh ring : MA.MB = MO* - R*
b) Ké cdt tuyén thd hai MCD véi dudong tron (C ndm giita M va D).
Chuing minh : MC.MD = MA.MB.
Loi giai
a) Tac6: MAMB = (MO - AO).(MO + BO)
= (MO - R).(MO + R)
=MO’-R* (1)

19

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

b) Ké OI 1L CD, ta c¢6 : IC = ID (dinh li duong kinh day cung)
Khi dé6 : MC.MD = (MI - IC).(MI + ID)
=MI*-1IC* (vilIC=1D)
= (MO? - OI°) - (OC* - OI°) (dinh li Pyt:ago)

M A 0 B = MO? - OI* - OC? + OI*
o = MO? - OC*
= MO*-R* (2
D

Tir (1) va (2) = MA.MB = MC.MD (= MO® - R?).
Bai 2. Tu diém M nim ngoai dugng tron (0), ke tiép tuyén MA va cat tuyén
MBC dén duong tron. Ching minh ring : MA* = MB.MC (1)
Huéng dén : Dé chimg minh (1) ta xét cac tam gidc dong dang.
Lot giai
Xét AMAB va AMCA c6 :

-

M : chung,

MAB = MCA (géc gilra tiép tuyén
mét day va gé¢ ¢ tam cung chin cung AB)
Do d6 : AMAB « AMCA (g.g)

HM% L :—‘{% o MAY = MBME: 0 1 0 §

Bai 3. Tir diém M nim ngoai dudmig troni(Q), ké haiccat tuyén MAB va MICD.
Ching minh ring : MA.MB.=MC.MD.
Hudng ddn : Dung phuong phdp nhu bai 2.

| Li giai
Xét AMAD va AMCB cé6 :
M: chung,
MDA = MBC (géc noi tiép cung
chén cung AC)
Do dé : AMAD « AMCB (g.g)

MA _MD _ \iA MB = MC.MD.

= —
MC MB

Bai 4. Tu diém M n3m ngoai dudng tron (0), ké cdc tiép tuyen MA, MB} dén
dudng tron (A, B la cdc ti€p diém), ve cat tuyén MCD (khong qua: tam
O, C nim gitta M va D). Goi I 1a trung diém cua day CD, tia O cit
dudng thing AB tai E. Goi H la giao diém cua MO va AB.
Chiig minh ring : OH.OM = OL.OE.
Huong dén : Dung phuong phap nhu bai 2.
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Li gici |
Ta ¢6 : MA = MB (tinh chat hai tiép tuyén cdt nhau)
OA=0B(=R)

nén MO la duong trung truc cua doan AB
hay MO L AB tai H.

Mat khac I la trung diém cua CD (gt)
= Ol L CD (dinh li duong kinh day cung).
Do do6 tu giac MEIH noi tiép
— EMH = OIH
= AOIH « AOME (g.g)
OH OI
— = —
OE OM

Bai 5. Ching minh rang : "Trong mét ta giac noi tiép, tich hai duong chéo
bang tong cac tich cua cac capcanh doi dien". (Dinh li Ptolémé)

= OH.OM = OL.OE.

Laoi giai
Ve tia BE sao cho ABE = CAD-

C
Xét AABE va ADBC ¢6 :
ABE = CAD (gt) | B
CAD = CBD (g6¢ i tiep ciing'¢han 'cungDC) =
Avn

— ABE = CBD. Laicé :
BAE = BDC (géc néi ti€p cung chdn cung BC)
AB AE

DB DC

Chung minh tuong tu ¢6 : ACBE «» ADBA = BC.AD = CE.DB (2)

Cong (1) va (2): AB.DC + BC.AD = DB(AE + CE) = DB.AC (dpcm).
Bai 6. Cho duong tron (O; R) va day cung AB vdéi AOB =120°. Hai tiép

tuyén tai- A va B cua dutng tron cat nhau ¢ C. Trén cdac doan thing

BC, CA va AB lan lugt 13y cdac diém I, J va K sao cho K khéong trung

- 2
vdi A va B va IKJ = 60°. Ching minh : AJ.BI < Af 3

Lai giai
Ta ¢6 CA va CB la hai tiép tuyén cua duong
tron (O) nén OC la phan gidc cia AOB
AOB  120°
2

= 80°.

hay AOC = BOC =

21
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Lai ¢6 : CO L AB tai H
— CAB = COA = 60° (cung phu véi A1)
— CBA = CAB = 60° (tinh chat tiép tuyén cdt nhau).
Xét AAKJ va ABIK c6 :
CAB = CBA = 60° (cmt) (1)
R, = 180° - (60° + K2) = 120° — K2 (cdc géc ké bu)
I, =180° - (B + K2) = 120° - K2 (téng cdc géc trong AIKB)

= K = L (2)
Tu (1) va (2) = AAKJ « ABIK (g.g)
= —A—J—— = i = AJ.BI = AK.BK
BK BI

Theo bat ding thic Cési, ta c6 : éi{;—ﬁ > JAK.BK

2 2
<> (—A-—-K—?é}—{—)—- > AKBK & Af > AK.BK = AJ.BI (dpcm).

Bai 7. Trong cdc tif gidc noi tiép dudng tron (O; R) cho trude. Tim tut giac ¢6
AB.DC + AD.BC lén|nhat.

Huong dén : Theo dinh li Ptolémeé ta ¢6 AB.DC + AD.BC = AC.BD de
ching minh AB.DC¥'AD.BC'16n nhat ta“chdng minh AC.BD lon nhat,

Lot giat

Lay E trén BD sao cho EAD = BAC. Xét AAED va AABC ¢6 :
ADB = ACB (g6c noi tiép cung chan cung AB)

Lai ¢6 : EAD = BAC (gt)

Do dé : AAED « AABC (g.g)

= 8D EN . ADBO< ACED

AC BC

Ching minh tuong tu, ta c6 : AB.DC = AC.BE

— AB.DC + AD.BC = AC(ED + BE) = AC.BD
Tacé: AC<2R; BD<2R = AB.DC + AD.BC < 4R°
Dau "=" xay ra < AC va BD la duong kinh cia dudng tron (O R).

< Tu giac ABCD la hinh chir nhat.

Bai 8. Cho dudng thing (D) va dudng tron (O; R) c6 khoang cdch tir tam O
dén (D) 1a OH > R. Lay hai diém bat ki A trén (D) va B trém (O; R).
Hay chi ra vi tri cia A va B sao cho d¢ dai AB ngin nhat va hay ching
minh diéu ay.

22
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Loi giai
Goi I la giao diém cua duong tron (O; R) vdi
OH, ta c6 OH > OI = R (gt).
Xét AOAB, theo bat dang thuc tam gidc ta c6 :

AB + BO > AO > HO (canh huyén 16n hon
canh goc vuong)

- AB>HO-BO=HO-R=HO-10 (D)
= AB > HIl
Dau "=" xay ra <> A trung véi H va B trung véi L.

Bai 9. Cho dudng tron (O; R) day cung AB ¢d dinh M la diém di dong trén
day AB, qua M vé day cung CD. Hay xdc dinh vi tri diém M dé tich
MC.MD l6n nhat.

Lii gii
Dé thay AAMD «» ACMB (g.g) (A, =Civa M; = Ma)
_, MA _MD 2. mc.Mp 4 MAMB
MC MB

& = . M
Theo bat dang thuc Cési : ~£\—;—m > VMA.MB

>MAMB

{MA + MB]2
c_:, —m e

AB? AB?

> MA.MB = MC.MD (ma khong doi)

=

Dau "=" xay ra < MA = MB < M la trung diém cua AB.
Vay khi M la trung diém cua AB thi tich MC.MD lén nhat.

Bai 10. Cho tam gidgc ABC nhon. D la diem di dong trén canh BC. Goi E, I
lan lugt 1a hinh chiéu cua D lén AB va AC. Hay xdc dinh vi tri diém [
dé do dai doan thing EF nho nhat.

Loi giai A
Ta c6 AED = AFD = 90° (AD la dudng kinh)
— AED + AFD = 180°

P
Do dé tif gisgc AFDE noi tiép. W

Goi O la tam dudng tron dudng kinh AD B H D C
va EO cit (0) tai P.

Khi d6 EFP = 90° va EPF = EAF (géc nodi ti€p cung chin cung EF).
Xét tam grac vuong EFP, ta ¢6 : EF = EP.sin EPF = AD.sin BAC
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Goi H 1a giao diém cia dudng tron (O) va BC ta c6 :
AD > AH (canh huyén l6n hon canh géc vuéng)
= EF > AH.sinBAC (khéng déi)
Dau "=" xay ra < D trung véi H.

Vay khi D la chan dudng vuéng géc ke tir A dén BC thi d¢ dai doan
thing EF nhé nhat.

I. BAI TOAN VE TIEP TUYEN
Bai 1. Tir diém A ndm ngoai dudng tron (O; R) vé duong thang (d) khong qua

tam O cdt dudng tron tai hai diém B va C (B nim giva A va C). Cac
tiép tuyén tai B va C cdt nhau ¢ D. Vé DH vuong géc véi AO (H thude
AO), DH cédt cung nho BC tai M. Goi E la giao diém cua DO va BC.
Chimng minh AM la tiép tuyén cua dudng tron (O; R).
Hudng ddn : Muén chimg minh m¢t dudng thing la tiép tuyén cua mat
dudng tron (O) tai diém A, ta ching minh dugng thing nay vuéng géc
véi ban kinh OA tai A.
Loi giai

Ta cé : DB = DC (tinh chat hai tiép tuyén cit nhau)

OB = OC (2R)
nén OD la dudng trung truc cua doan BC = OD L BC.
Xét hai tam gidac vuong OHD va OEA c6 :

EOH chung.

A
Do dé6 : AOHD «» AOEA (g.g)
5 OB 0D ORtA-—OEes
OE OA

Xét AOCD vudng tai C (tinh chat tiép tuyén) c6 CE la duong cao (cmt),
tacé: OC?=OE.OD (hé thirc luong)

ma OC = OM (= R)
= OM? = OE.OD = OH.0OA (1)
Tir (1) ta ¢6 : AAMO » AMHO (c.g.c) = AMO = MHO = 90°
Ching to AM la tiép tuyén cua dudng tron (O; R).

Bai 2. Tir diém M n3m ngoai dudng tron (O) vé hai tiép tuyén MA, MB dén

24

dudng tron (A, B 1a céc tiép diém). Vé duong kinh BC cia dudng tron
(0), MC cét duong tron (O) tai D. Goi I la trung diém day CD, tia Ol
cat dudng thiang AB tai K. Ching minh ring KC la tiép twyén cua
dudng tron (O).

Hudng dan : Van dung phuong phép nhu bai 1.
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Loi giai
Ta c6 I la trung diém cua day CD (gt)
= OI L CD (dinh li duong kinh day cung).
Lai ¢c6 MB L OB (tinh chat tiép tuyén). Do
dé bon diém M, I, O, B cung thuoc mot
duong tron. Dé thay bon diem M, A, O, B
cing thudc mot dudng tron. Nén nam diém
M, A, I, O, B cung thuéc mot duong tron
dusng kinh MO.

— JAB =IMB (1) (hai goc noi tiép cung chdn mét cung I0B)

Lai 6 : BAC =90° (BC la dugng kinh)
= KAC = KIC = 90° hay ti giac AKCI ndi tiép
= IAB=ICK (2)
Tir (1) va (2) = IMB = ICK—=—KC // MB
imd MB L BC (tinh chat tiép tuyén)
= KC 1 BC hay KC la tiép-tuyén/cua (O).

Bai 3. Tir diem A ndm ngoai duong tron (O) vé cat tuyén ABC dén dudng
tron. Vé dudng troi//di‘qua ba diemi BOC va'(BOC) cit doan OA tai H
Duong thing vuong géc véi OA tai H ciat duong tron (O) tai hai diém I
va E. Chimg minh’raig 'AD, AE 14 cac'tiép tuyén cua duong tron (0).
Huéng dan : Pé chung minh AD (hoac AE) la tiép tuyén cua dudng tror
(0). Ta vé AD' la tiép tuyén cua (O) roi ching minh D va D' trung nhau.

Loi giGi
Goi AD' 1a tiép tuyén cua duong tron (O).
Xét AAD'B va AACD' ¢6 :

BAD' chung,

AD'B = ACD' (gbc gida tiép tuyén
mot day va géc noi ti€p cung chdn cung BD)
= AAD'B «»» AACD' (g.g)

AD 9
= B0 AB o D= ARAO (1)

AC AD
Lai ¢6 bon diéem B, C, O, H cung thudéc mot dudng tron (hay td gid
BCOH nai tiép), ta ¢6 : AHB = ACO.

Do do6 : AAHB «» AACO (g.g)
AH AB

— = — = AH.AO = AB.AC (2)
AC AO
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T (1) va (2) => AD? = AH.AO
Do d6 : AAD'O » AAHD' (c.g.c) = AHD = AD'O = 90°
hay HD' L AO ma HD 1 AO (gt)

— HD va HD' trung nhau (qua diém H chi ¢6 duy nhat mgt dudng
thdng vuéng géc véi OA) hay D = D'. Chung té AD la tiép tuyén cia
duong tron (O).

Chimg minh tuong tu ta c6 AE cung la tiép tuyén cua (O).

Bai 4. Cho tam gidac ABC vuong tai A (AB < AC). Trén canh AC lay diem M

sao cho ABM =C. Ve dudng tron dudng kinh CM va cit tia BM ¢ H.
Ching minh ring HA la ti€p tuyén cua duong tron duong kinh CM.
Huéng dan : Dé ching minh HA la tiép tuyén cua dudng tron dudng
kinh CM. Ta chilng minh HA tao véi day HM mét géc biang géc noi
tiép chdn cung HM. Nghia la chimg minh : AHM = HCM.

Lai giai
Ta ¢6 : MHC = 90° (MC la duong kinh)
Do dé tit giadc BAHC nai tiép.
— ABH = ACH (géc ndi tiép cung chin AH)
va AHB = ACB ma "~ ACB="ABH '(gt)
— AHB = ACH
Chung t6 HA la tiép tuyémrcia-dudng-tromdudng kinh CM.

Bai 5. Cho hinh vuéng ABCD c6 canh bang a. Trén hai canh AB va AD lan
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a)
b)

a)

luot lay hai diém M va N sao cho MCN = 45° (M, N khong trung vai
dinh caa hinh vuéng). CM, CN lan lugt cat BD tai E va F. Goi H la
giao diém ciia NE va MF.

Chirng minh cédc ti gidc BCFM va ECDN noi tiép dugc.
Ching minh MN la tiép tuyén cua dudng tron tam C, ban kinh a.
Huong ddn : Dung phuong phdp nhu bai 1.

Loi giai

e s B a C
Ta c6 : MBF = MCF = 45°.
Do dé ti gisc BCFM ni tiép. o &
= CFM = CBM = 90° hay MF L CN.
Ching minh tuong tu ta cé tud giac ECDN K . F
noi tiép > CE 1L NE, ma H la giao diém
cua NE va MF (gt) nén H la truc tam
ACMN hay CH L MN (1) A N )
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Mat khac : Td giac BCFM noi tiép nén M; = F (2
(géc noi tiep cung chan cung BO).

Lai ¢6 : MEN = MFN = 90° (cmt)

Do dé6 tu giac MEFN noi tiép = EMN = F, (3

Tir (2) va (3) > Mi = EMN

Goi K 1a giao diém cua CH va MN.

Khi dé6 ACBM = ACKM (canh huyén géoc nhon) = CK=BC =a (4

Tir (1) va (4) chung to MN la tiép tuyén cua (C; a).

Ill. BAI TOAN VE TU GIAC NQI TIEP |

Bai 1. Tir diém A nim ngoai duong tron (O), vé hai tiép tuyén AB, AC (B, (
la hai ti€p diém) va cat tuyén ADE (khong di qua tam O) dén dudn,
tron (0). BC cit AO tai I. Ching minh rang ti giac DIOE noi tiép.
Huoéng dén : P& ching mifth tu gidac noi tiép ta c6 thé ching minh gé
trong bing géc doi ngoai. Chang han AEO = AID.

Loigiai
Xét AABD va AAEB c6 :
BAE : chung,
ABD = AEB"(g6c gitra 1iép ‘tuyén
mot day va géc néi tiep cung chan cung BD)

Do dé : AABD »» AAEB (g.g) = — = — = AB® = AD.AE (1
AE AB
Dé thay AO la duong trung tric cua BC (AB = AC va OB = OC = R)
— AO 1 BC.
Xét tam giac vuong ABO c6 duong cao BI ta ¢6 : AB* = AO.AI (2
Tir (1) va (2) = AD.AE = AO.AI @

Tiu (3) ta c6 : AAID «»» AAEO (c.g.c) = AID = AEO
Chiing t6 tit giac DIOE ndi tiép.

Bai 2. Tir diém A nam bén ngoai dudng tron (O), vé hai tiép tuyén AB, A
dén duong tron (B, C la hai tiép diém). Vé duong kinh BD cua (O
Tiép tuyén tai D cit BC ¢ E, OE cit AD tai N. Ching minh bon dié
A, O, N, C cung thuoec mot duong tron.
Hudng dan : Si dung cung chia géc : Ching minh hai dinh lién tié
cung nhin hai dinh con lai duéi mot géc biang nhau.

Nghia la : ANO = ACO = 90°.

[ ]
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Loi giai
Xét AABO va ABDE ¢6 ABO = BDE = 90° (tinh chat tiép tuyén)
Mat khéc ta c6 : AB = AC (tinh chat hai tiép tuyén cit nhau)

OB = OC (= R)
Neén AO la dudng trung truc cua BC B
— AO L BC tai H '
= BAO = EBD (cung phu véi AOB) A
Do:d6 : AABOw ABDE (gg) = =2 = 9B
BD DE

Thay OB bgi OD, ta cé : él-iz-Q—[l (1)

BD DE 9

Tit (1) = AABD » AODE (c.g.c)
— BAD = DOE ma BAD + ODA = 90° (AABD vuéng tai B)
= DOE + ODA = 90° = -OND/= 90° = ONA = 90°
Khi d6 : ONA = OCA = 90°.
Do dé i gidc AONC ngi tiep hay bon diem A, O, N, C cung thuge mot
duong tron.

bai 3. Tir diém A nam ngoai dudng tron (0O), ké cdc tiép tuyén AB, AC dén
dudong tron (B, C la ed¢'tiep diem)) Goi H 1a'giao diém cua OA va BC,
EF la mét day cung di qua-H-Ching-minh-td-giac AEOF noi tiép.

Huéng ddn : Dung phuong phdp nhu bai toan 2. Ching minh h:ai dinh
lién tiép cung nhin hai dinh con lai duéi mét gée bang nhau.

Loi giai
Ta c6 : ABO = ACO = 90° (tinh chat tiép tuyén)
Do dé tit giac ABOC nji tiép.
Xét AAHC va ABHO déu vuong tai H ¢6 :
OAC = OBC (géc noi tiép cung chin cung OC)
= AAHC «»» ABHO (g.g)

» HA_HC  gano-mBHC Q)

HB HO
Ching minh tuong tu déi véi duong tron (O) ta co :
HE.HF = HB.HC (2
T (1) va (2) => HA.HO = HE.HF
Khi d6 AAEH «» AFOH (c.g.c) = EAH = OFH
Do do tu giac AEOF ngi tiép.

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Bai 4. Cho AABC nhon, dugng tron tam O dudng kinh BC ciat AB tai E vi
AC tai D. Goi H la giao diém cua BD va EC. Tia AH cat BC tai F
Ching minh ti giac EDOF noi tiép.

Huong dan : Phuong phdp nhu bai todan 2. Ching minh hai dinh lié)
tié€p cung nhin hai dinh con lai duéi mot géc biang nhau.
Loi giai
Ta ¢6 : BEC = 90° (BC la dugng kinh)
hay CE L AB.
Tuong tu : BD L AC.
Do d6 H la truc tam cua AABC = AF L BC.

Do dé ti giac BEHF naéi tiép (BEH = BFH = 90°

)B

— By = F1 (géc nbi tiép chdn cung EH).
Chung minh tuong tu ta c6 ti giac FHDC ndi tiép.

- Fa = é1 ma bon diém B, E, D, C nam trén duong tron (O)
= fi] :é] —> IE'] =IA‘72 :E’n hay E‘ﬁD:ZE’-i
Lai c6 : EOD = 2B (géc noi tiép va géc ¢ tam)

— EFD = EOD (= 2B1)-Db dé ti gisac EDOF nbi tiép.

Bai5. Tur diem A ¢ ngoai dudng tron (Q), vé hai ti€p tuyén AB, AC dén dudm,
tron (B, C la cac tiep diém), ve CD" L AB tai D va cit (O) tai E, wv
EF 1L BC tai F va EH L AC tai H, Goi N 13 giao diém cua DF va EB, N
la giao diém cia FH va EC. Chuing minh ti gidc MENF néi tiép.

Huong dan : Sit dung phuong phap nhu bai 1, ta ching minh géc tron
biang géc doi ngoai.
Loi giai

Dé thay cdc tu gide sau diay n¢i tiép : EDBF va HEFC
- F, =B, (g6c ndi tiep cung chidn DE)
ma B; = C, (géc giira tiép tuyén mot
day va géc noi tiép cung chin BE)
- F=C Q) A
Chiing minh tucng tu ta cé :

D) =By; Ba=Cy; C:=F2 = D1 =F»
ma D; + D = 90° (gt) ..

~ % = D2 =F3

F2 + F3 =90° (gt)

Lai ¢6 : Dz = E2 (géc noi tiép cung chin BF)
> E:=F; (2
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Tir (1) va (2) = AENF «» AFMC (g.g) = ENF = FMC
Do dé tir gidc ENFM néi tiép.

* Cach khdc : HD : Dé ching minh tif gidc MENF ndi tiép ta chizg minh

tdong hai géc doi bing 180° : cu thé NEM + NFM = 180°.
Chitng minh
Xét ABEC ta c6 : BEC + Bz + C; = 180° (tdng cac goc cua tam giAac)
ma Bz =F2 (=Cz) va C; =F; (=By) (cmt).
Do do : BEC + F2 + F1 =180° hay NEM + NFM = 180°
= T\ giac MENF nai tiép.

V. BAI TOAN VE CHUNG MINH BA DIEM THANG HANG
3ai 1. Cho tam gidc ABC c¢6 ba géc nhon, ndi ti€p trong duong tron (O). Cac

dudng cao BE, CF cit nhau tai H. Goi I 1a trung diém cua BC. Tia HI
cit cung nhé BC tai K. Ching minh A, O, K thing hang.

Huong dan : Ké duong kinh AK','ta phai ching minh K trung K.

_ Loi giai

Ké dudng kinh AK' ta ¢6 : K'C L-AC
BE L AC

Ching minh tuong tu CF / K'B. Do dé tu gidc

BHCK' 1a hinh binh hanh.

I 1a trung diém cia BC (gt) = I ciing 1A trung

diém cua HK' hay HI cit dudng tron (O) tai K,

ma HI cit dudng tron (O) tai K (gt) > Kva K

phai trung nhau.

Vay A, O, K thidng hang.

}:» BE // K'C

3ai 2. Cho tam gidc ABC (AB < AC) c6 ba géc nhon. Pugng tron tim O

dudng kinh BC cit cdc canh AB, AC theo thu tu tai E va D. Goi H la
giao diém cia BD va CE, K la giao diém cia AH va BC. Tir A ké cde
ti€p tuyén AM, AN dén dudng tron (O) véi M, N 1a cdc tiép diém.

a) Ching minh : ANM = AKN.
b) Ching minh ba diém M, H, N thdng hang.

Huiéng dén : Dé ching minh M, H, N thing hang ta ching minh hai
tia NM va NH trung nhau.

Li giai

a) Ta c6 OA la tia phan gidc cia MON (tinh chat tiép tuyén cdt nhau)

hay AON :%m.
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Lai c6 ANM = %MBN (goc gitra tiép tuyén mét day va gée ¢ tam)
— i y A

= ANM = AON (: —iMONJ (1)

Ta ¢6 BEC = BDC = 90° (BC la dudng kinh) M

—->BD 1 ACvaCE LABmaBDcit CEtai N
H nén H la truc tam cua AABC

— AH 1 BC tai K hay AKO = 90° B | C
Lai ¢c6 ANO = 90° (tinh chat tiép tuyén)

= ANO = AKO = 90°

Do dé tit giac ANKO noi tiép

—

— AKN = AON (gbc ndi tiép cung chdn cung AN) (2
Tir (1) va (2) = ANM = AKN.

b) Xét AANE va AABN c6 BAN chung; ANE = ABN (goc gitra tiép tuyér
mot day va géc noi tiép cung ¢hdn cung NE)

Do d6 AANE «» AABN (g.g)= AN _ AE = AN? = AB.AE (3
AB AN
Xét AAEH va AAKB 660 AEH = AKB'£90% (éint) va KAB chung
AE AH
Do d6 AAEH « AAKB {(gig)h =5+t ==~ i=> AB.AE = AH.AK '
o esgith HayiBee ShepSnline (4,
Tir (3) va (4) = AN® = AH.AK (5,

Xét AANH va AAKN c6 KAN chung va AN? = AH.AK (cmt)

Do d6 AANH » AAKN (c.g.c) = ANH = AKN ma AKN = ANM (cmt)
= ANH = ANM (vi NH va NM cung thugc nia miat phang by la NA)
= Hai tia NH va NM phai trung nhau hay ba diém M, H, N thing hang.

Bai 3. T diém M trén cung BC clia dudyng tron ngoai tiép AABC, ké ca
duong vuéng géc MP, MQ, MR lan lugt xuéng cdc canh AB, BC, CA
Ching minh riing P, Q, R thdng hang (dudng thing Sim Son).

Huong dan : D€ ching minh ba diém P, Q, R thing hang ta chimg mint
PQM + MQR = 180°.

Loi giai
Dé thay tu giac PBQM noi tiép (vi BPM = BQM = 90°)
- PBM = PQM (géc ndi tiép cung chdn PM)
Lai ¢6 : PBM = ACM (do tit gide ACMB ngi tiép)

3]
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A

- PQM = ACM (1)

Mit khac : MQC = MRC = 90° (gt)
Do dé tit giadc MQRC noi tiép

— MQR+ACM =180° (2)

Tu (1) va (2) = PQM + MQR = 180°
Chiing t6 ba diém P, Q, R thiang hang.

ai 4. Cho tam gidc ABC c6 ba géc nhon ndi tiép duong tron (0), cic duting
cao BD, CE cit nhau tai H va lan lugt cit dudng tron tai F va G. Goi
M la mot diém bat ki trén cung nhé BC, MG cidt AB tai I, IH cit AC
tai K. Ching minh ring ba diém M, K, F thang hang.

Hudng dan : Goi MF cit AC tai K' ta phai ching minh K va K’ triung
nhau. Tt d6 dua vé ching minh ba diém I, H, K' thing hang.. Va dé
ching minh ba diém I, H, K' thdng hang ta phai ching minh :
IHE + EHD + DHK ' = 180°.
Léi gidi

Ta c6 H la truc tam AABC (gt) = AH 1 BC.
N&i AG tacé : Ay = C1 (g6c ndi tiép cung chin BG)

ma C; = Ay (cung phu'vadi ABC)

= A; = Aw
Xét AAGH c6 dudng caé AEddng thoi Taduotng
phan gidc nén AAGH can tai A = AG = AH.
Chirng minh tuong tu : BG = BH.

Do dé6 AB la dudng trung truc cua HG, G
ma I thuoc AB nén IG = IH hay AIHG

cin tail = Gy = Hi.
N&i AM ta c6 : _
G, = MAC (géc noi tié€p chan MC)

= H; =MAC (1)

Ching minh tuong tu ta ¢6 AFK'H can tai K' = H: = HFK'

hay Hz = BFM ma BFM = BAM (géc ndi tiép cung chin BM)

= Hz =BAM  (2)

Mit khdc ta c6 tu gidc AEHD noi tiép (AEH + ADH = 180°)

—> EHD + EAD =180° hay EHD + BAM + MAC = 180° (3)
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Tir (1), (2) va (3) = EHD + Hy + H, = 180° chimg té ba diém I, H, K’
thang hang, hay IH di qua K', ma IH di qua K (gt). Do d6 K va K’ phai
trung nhau hay M, K, F thiang hang.

Bai 5. Tir diém M nim ngoai duong tron (O) vé cat tuyén MCD khong di qua
tam O va hai tiép tuyén MA, MB. U day A, B la cdc tiép diém va C
nam giiia M va D. Goi H la giao diém cua AB va MO, K la giao diém
ctia cdc ti€p tuyén tai C va D cua dudng tron. Ching minh ring A, B,
K thang hang.

Huong dan : Vi H la giao diém cua AB va MO nén H thu¢c dudng
thang AB. Dé chitng minh A, B, K thang hang ta ching minh KH va
AB trung nhau khi KH va AB cung vuong géc véi MO tai H.
Loi giai
Xét AMCA va AMAD c6 :
AMC chung,

MAC = MDA (géc giira tiép tuyén
mot day va géc ndi ti€p cung chan AC)
Do d6 AMCA «» AMAD (g.g)

_, MA_MC _ Maz-MCMD )
MD MA

Lai c6 : MA = MB (tinh chat tiép tuyén cit nhau)

OA = OB (= R)nén MO la trung truc cua doan AB
= MO 1 AB tai H:
AMAO vudng tai A c6 duong cao AH, ta c6 : MA* = MH.MO (2)
Tu (1) va (2) > MC.MD = MH.MO
Do d6 AMHC « AMDO (c.g.c) = MHC = MDO

= Tit gidc CDOH nai tiép.

Dé& thay KC, KD la tiép tuyén cua (O) nén tu gidc KDOC noi tiép hay
nam diem K, D, O, H, C cung thudc duong tron duong kinh KO.

— KHO = KCO =90° hay KH L OM tai H ma AB L OM tai H (cmt
nén AB va KH phai trung nhau, hay ba diém A, B, K thang hang.

v. BAl TOAN VE CHUNG MINH CAC DUGNG THANG DONG QUY

Bai 1. Cho dudng tron tam O va hai diém B, C thugc duong tron (B, O, (
khong thang hang), cac tiép tuyén véi dudng tron tai B va C cat nhau
A. M 1a didm thudc cung nho BC, ti€p tuyén véi duong tron tai M cd
AB, AC theo thi tu & D va E. Goi giao diém cua OD, OE véi BC lan lug
1a I va K. Chang minh rang cac dutng thing OM, DK, EI dong quy.
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Huong ddn: Ap dung tinh chat déng quy cia cdc duong dac biét tromg
tam gidc, hinh binh hanh, v.v... Chéng han, trong tam gidc, cdac dudng
cao, cdc phéan gidc trong, cdc trung tuyén, cdc trung truc dong quy. Tromg
hinh binh hanh, cdc dudng chéo cdt nhau tai trung diém mdi dudng.

Loi giai
Ta c6 DB, DM 14 hai tiép tuyén
ciia dudng tron (0) nén O, = Os.

Chimng minh tuong tu c6 O3 = O

- GADOR = %Saﬁa“c

ma sdDBC = é—sdﬁ&} (s6 do cia géc giira ti€p tuyén va mot day bang

nia sé do cia géc & tam cung chidn cung BC).
Do d6 DBK = DOK (: %BT.)EJ = Td gidec BOKD ngi tiép
— DKO =DBO =90° hay DK\'OE

Ching minh tuong tu ta cé : EI 1 0OD
Do dé6 DK, EI va OM la ba,dutng jcao cua, AODE nén ching déng quy.

Bai 2. Cho hai dugng tron (O) va (O') cdt nhau tai A, B sao cho O, O' ¢ vé

34

hai phia cia AB. Puong kinh OA ¢t (O) va (O') tai C va D, dusng kinh
O'A cét (0) va (O') tai"Eva F. Chimng minh ring CE, DF, AB déng quy.

Huong dén : Ap dung tinh chat ddng quy nhu déi véi bai 1.

Lai giai
Né&u AO, AO' lan lugt 1a ti€p tuyén cua
(0O) va (O'). Bai todn hién nhién.

Néu AO, AO' khong phai la ti€p tuyén
caa (0), (0'). Ta c6 C, B, F thdng hang vi

.®+Aﬁ=2v.

Lai cé6 : CDF =1v
va FEC =1v (géc ndi ti€p chdn nira dudng tron).

Gia sit CE va DF cdt nhau tai I, ta c6 AICF nhan CD va FE la dudng
cao cdt nhau tai truc tam A.

Vay IA la dudng cao, tirc IA L CF. Ta ¢6 AB L CF. Vay I, A, B théang
hang hay CE, DF, AB dong quy.
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Bai 3. Cho nua dudng tron tim O dudng kinh BC, ldy diém A trén nua
duong tron (A khac B va C). Ké AH L BC. Goi I 1a diém déi xing véi
H qua AB, va K la diém déi xing véi H qua AC. Goi E, F lan lugt la
giao diém ctia AB va IH, AC va KH. Puong thing IK cdt tiép tuyén ké
tur B cua nita dugng tron tai M. Ching minh ring ba duong thing MC,
AH, EF dong quy.
Huong dan : Pé ching minh ba dudng thing MC, AH, EF déng quy ta
goi giao diém cua hai duong chdng han AH cidt EF tai D, phai ching
minh MC di qua D.

Loi giai =
Ta c6 I va H déi xing véi nhau qua S
AB (gt) nén A = HA va IB = HB. A v
Do dé AAIB = AAHB (c.c.c) M 25
= A1 = A2 va AIB = AHB =90°. ’
Ching minh tuong tu ¢6 :
5 B /Sl B H 0 C
Az = Ay va AKC =90°

ma A2 + Az = BAC = 90° {ch#n/nia duong tron dudng kinh BC).
= A1 + A2 + Az + Aq = 180° ching t6 I, A, K thdng hang.
Lai c6 AIB = AKC =90° (cmt) va Al = AK (= AH i.inh chat déi xing)
nén tu gidc BIKC la hinh.thang vudng, ¢6 OA la dudng trung binh.
Do dé OA 1 IK hay IK la tiép tuyén. cia (O).
= MA = MB (tinh chat hai tiép tuyén cit nhau)
—> AAMB cén tai M = ABM = BAM.
Goi S la giao diém cua tia CA va tiép tuyén tai B. Ta c6 AABS vudng
tai A nén ABM + S =90°; BAM + MAS = BAS = 90°
= MAS =8 hay AMAS can tai M.
= MA = MS (= MB) hay M la trung diém cta SB.
Lai c6 AH // SB (L BC). Goi D' 1a giao diém cia AH va MC.
DA DH (_ D'C
MS MB MC
= D'A =D'H hay D'la trung diém cia AH (1)

Dé thay tir giac AEHF la hinh chit nhat (c6 ba géc vudng). Goi D la
giao diém cua hai dudng chéo AH va EF.

Theo hé qua cia dinh li Talét :

J ma MS = MB

Khi dé D la trung diém cia AH (2)
Tur (1) va (2) = D va D' trung nhau hay ba dudng thing MC, AH, EF
dong quy.
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Vl. BAl TOAN VE DIEM CO DINH VA DPUGNG CH DINH
Bai 1. Cho duong tron (O; R), day cung BC c¢6 dinh (BC < 2R) va diém A di

dong trén cung lén BC sao cho tam gidc ABC cé cic goc déu nhon. Cic
dudng cao BD va CE (D € AC, E € AB) cdt nhau tai H. Chimg minh
ring dudng thing qua A va vudng géc véi DE ludn di qua mot diemn co
dinh. '
Huong dén : Du dodn : Xét ba vi tri cia A khi chuyén dong trén cung
16n BC (Hinh a). Ching han A, A', A, va cdc dudng cao tuong umg la
BD, CE, BD', CE', BD,, CE,.
Nhén xét : Cic dudng thing vuéng géc véi DE, D'E', D\E, déu di qua
O. Nhu vay diém c& dinh cin tim la O.

Lai gii

Hinh a) Hinh b)
(Xem hinh b). Ké dudng kinh AA' ta c6 :

AA'B = ACB (géc ndi ti€p cung chin cung AB).
Khi d6 BAA'+AAB =90°.
Dé thdy ti gidc BEDC noi tigp (BEC = BDC = 90°)
— ACB = AED = AED +BAA'=90°
Goi K 1a giao diém cia AA' va DE ta c6 AKE = 90°. Ching to AO 1L DE.
Qua diém A chi c¢6 mot dugng thdng duy nhat vuong géc véi DE. Vay
dudng thang qua A va vudng géc véi DE di qua diém O co dinh.
Cdch khac : Vé tiép tuyén Ax qua A, ta chimg minh Ax / ED ma Ax .L OA
= OA 1 ED (Xin ban tu ching minh).

Bai 2. Cho dudng tron (0) va diém P c¢6 dinh ¢ bén trong duong tron (khac

3€

0), hai diy AB va CD thay dai cua P va vuong géc v6i nhau. M wa N
lan lugt 1a trung diém cta AD va BC. Ching minh rang MN luén lvon
di qua mot diém c6 dinh. '

Huéng dén : Du dodn : Tuong tu nhu bai 1, ta cho ciac day AB, CD
thay ddi chidng han A'B' va C'D’; A;B, va C,D, nhung van vuong géc
ting cép vdi nhau.
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Noi M'N', M;N,. Xét xem ba duong MN, M'N" va M,N, cung di qus¢
diém nao ? Du dodn : I la trung diém cua PO.

Loi gigi
Gia su MP cdt CB tai E ta c6 :
BCD = BAD (géc néi tiép cung chin BD)
Lai ¢6 AAPD vuodng tai P ¢6 M la trung
diém (gt) = MA = MP =MD = %AD

hay AAMP can tai M = BAD = APM
— BCD = APM.
Ta c6 P = P2 (d6i dinh) ma APM + P> = 90° (do AB L CD (gt))
= BCD+P; =90° = CEP =90° hay MP L CB
Lai c6 : ON L CB (dinh Ii duong kinh, day cung)
Chung minh tuong tu ta c6'NP #/ OM. Do dé6 tia giac PNOM la hint

binh hanh = OP va MN cat ihau tai trung diém [ cia PO hay MN d
qua diém I ¢6 dinh (vi P, O ¢o dinh).

Bai 3. Cho tam giac ABC, D la mét diém tuy y trén canh BC (khdc B va C)
Dung cac duongltrom tiép saictaicBvai Cywéi AB va AC dong thoi d
qua D. Goi E la giao diém thyd hai (khac D) cua hai duong tron nay
Chimg minh rang'DE laén luén qua mot diéin cd dinh.

}::» MP // ON.

Huong dan : Du dodn < Cung nhu hai baitodn trén, ta cing vé mot va
truong hgp khac nhau vé vi tri. Réi hay du dodn xem diém cé dinh l:
diém nao.

Loi gigi
Ta c6 : BED = ABC (géc noi tiép va goc giita
tiép tuyén va mot day cung chdn cung BD).
Tuong tu CED = ACB
= BEC + BAC = ABC + ACB + BAC = 180°
(vi D nim trén canh BC nén BEC = BED + DEC).
Vay E ndm trén dudng tron ngoai tiép AABC.

Goi giao diém cua DE véi duong tron nay la K.
Ta c6 KAB = KEB (géc noi tiép cung chin cung BK)
va KEB = ABC = KAB = ABC - AK // BC.

Vay K ¢o dinh hay DE luén di qua mét diém c6 dinh K la giao dién
cua dudng tron ngoai tiép tam gidc ABC va dudng thing song song vé
BC vé qua A.
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Bai 4. Cho dutng tron (O; R). Goi H la trung diém cua day cung CD. Trén

tia doi cua tia DC 14y diém S, vé ti€p tuyén SA, SB dén dutng tron

(0). Goi E la giao diém cua SO va AB. F la giao diém cua OH va AB.

Chuing minh ring khi S luu dong trén tia déi cua tia DC thi AB di qua

diém c6 dinh.

Hudng dan : Du doan : Vé ba truong hop S, S', S; luu dong trém tia doi

cua tia DC. Néi AB, A'B', A;B, xem cung di qua diém nao.
Lt gici

Ta c6 SA = SB (tinh chat ti€p tuyén cidt nhau) od
OA =OB (=R) A‘ ,
P

Do d6 SO 1a duong trung truc cua AB. g —
Xét ASBO vuéng c6 dudng cao BE (emt), “' 3
ta c6 : SO.OE = OB? = R* (hé thic lugng)
Mat khac : Vi H 1a trung diém coa CD (gt)

= OH L1 DC (dinh li duong kinh day cung).

Do dé6 ta c6 ti gisge SEHF noi tidp (SEF = SHF = 90°)

C

— OEH = OFS (cung bu véi SEH) B
= AOEH « AOKS (gg) = on = 2E  0H.OF = 30.0E = R?
S0:2COF

2
= D= S—H (Khong ddida v @ H ) G Bhedodink) = F cg dinh.

3ai 5. Cho dudng tron (0), AB la dudng kinh ¢6 dinh va M la mét diém chay

38

trén dudng tron. N6i MA, MB. Trén tia déi cia tia MA lay dié'm I sao
cho MI = 2MB. Héi khi M chuyén déong trén duong tron (O) thi diém I
di dong trén duong nao ?
Huéng ddn : Dy dodn : Ta cho M di chuyén trén duong tron chéng han
¢ ba vi tri M, M, M;. Tim xem I, I', I, nam ¢ dau (ba diém thamng haug
hay khong thing hang).
Loi gidi

Ta c6 : AMB =90° (gt) = BMI = 90° (ké bu).
Xét tam giac vuéng MIB ta ¢6 : ?

BM 1

tanAIB = = =
MI 2

— AIB = a (khéng déi) va a ~ 24°34".
Do A, B ¢6 dinh = [ ndm trén cung chua
géc a, dung trén doan AB.

Giéi han : I nadm trén hai cung I,B va I,B
déi xing nhau qua AB véi 1,1, L AB tai A.
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Bai 6. Cho nia duong tron dudng kinh AB va mot diém C di dong trén nua
dusng tron. Trén tia AC lay HA = CB. Hoi khi C di dong trén nua
duong tron thi H di dong trén dudng nao ?

Huéng dan : Du doan :

+ C trung véi A ta c6 H trung véi A.

+ Khi C trung vdi I (diém chinh gira cung AB) thi H trung véi L.
+ Khi C trung véi B thi H trung véi B' (AB" L AB).

Loi giai B!

Goi I la diém chinh gitta cua cung AB. H
Xét AAHI va ABCI ¢6 : \1

Al = BI (gt) y <

HAI = CBI (géc noi tiép cung chdn cung CI) / ' _

AH = BC (gt) A B
Do dé AAHI = ABCI (c.g.c) & AHI'= BCI = 45° (vi I la diém chinh gita
cung AB).

Vi A, B ¢6 dinh = diém chinhgiia I ¢ dinh AHI = 45° khéng déi.

Do dé H thuoc cung chira géc 45" dung trén doan Al. Vi C di dong trén
nia dudng tron nén H-di 'dong trén mua-dudng tron dudng kinh AB
(AB' 1 AB).

Bai 7. Cho dudng tron (O; R) dugng kinh AB va diém M nam trén dudng
tron (M khac A va B). Tiép tuyén tai M cidt tiép tuyén tai A va B cua
(O) tai C va D. Goi E la giao diém cia AM va OC, F la giao diém cua
BM va OD, I la giao diém cia MO va EF. Chiang t6 rang khi M di
dong trén dudong tron (O; R) thi I di déng trén mét dudng co dinh.

Huéng dan : Du dodn :

+ M’ trung véi A = I"1a trung diém cua OA.
+ M, trung véi B = I, la trung diém cua OB.
Nhan xét : Ba diém M, M', M, (thdng hang hay khong thang hang).

Loi giai
Ta c¢6 : CA = CM (tinh chat tiép tuyén cdt nhau) D
OA = OM (=R) |

Do d6 OC la duong trung truc cua AM

— OC 1 AM hay MEO = 90° (E la giao diém
cua OC va AM). A F
Chirng minh tuong tu ta co MFO = 90°.

Mat khac AMB = 90° (AB la duong kinh)

C I
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= Tu gidc MEOF la hinh chi nhat (c¢6 ba géc vuong)

= I la trung diém cia OM = R hay OI = IM = % (khong doi).

Vi O ¢é dinh, -I2—{ khong déi = I thudc duong tron tam O ban kinh -Izi

Bai 8. Cho dudng tron (O; R) va diém A ¢6 dinh trén dudng tron. T'rén tiép

10

tuyén tai A lay diém B ¢§ dinh. Goi (O'; R') 1a dudng tron tiép xdc véi
AB tai B. Goi M la trung diém cua day chung CD. Ching miinh ring
khi ban kinh R' thay déi thi M di chuyén trén moét duong co dinh c6
gidi han.
Huong dan : Dy doan : Khi ban kinh R' thay doéi chdng han R,, R, nhung
0;, O van ti€p xic véi AB tai B.
Xét xem M, M,, M, (thdng hang hay khéng).

Lii giai
Goi I la giao diém cua day chung ©D
va AB, ta c6 : IAD = ICA (gbéc_giua
ti€p tuyén mot day va géc ndi tiép
cung chdn cung AD).
Xét AAID va AAIC ¢6 : AIC chung,

IAD = ICA (cmt).

Do dé : AAID «» ACIA (g.g) = ‘—é—; = %— = AI*4/CIL.DI.

Ching minh tuong tu véi dudng tron (O') ta 6 : BI* = CI.DI
= AI* = BI*

= Al = BI hay I l1a trung diém ctua AB.

Vi AB ¢6 dinh = I ¢d dinh.

Mat khdc ta c6 OC = OD (= R); OC = OD (= R') nén OO’ la dugmg trung
truc cua CD

= 00' L CD tai M (vi M la trung diém cua CD (gt)) hay OMI = 90° .

Lai ¢6 O, I c6 dinh nén M thujc dudng tron dudng kinh Ol gigi han
phan cung tron AOM,.
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Phén II
CAC DE TU LUYEN TAP

) §
| (1
Bai 1. (2d) €ho biéu thuc : P = | — + Ya : Ya .
\va Ja +1 J5+a

1. Ruat gon biéu thuc P.

2 TimadéP = 1—3

Bai 2. (2d) Mot doi cong nhan du dinh hoan thanh moét cong viéc véi1 50
ngay cong tho. Hay tinh sd nguvi cua doi. Biét rdng néu bo sung théi
5 cong nhan thi sé ngay dé hoan thanh eong viéc sé giam di 5 ngay.
Bai 3. (2d) Cho hai ham s6 y = +X +-2 Na y = x°.

1. Ve db thi (D) cia ham s6'y ==X + 2 va dd thi (P) cia ham s6 y =
trén cung mot truc toa do tdonvi trén hai truc bang nhau).

2. Tim giao diém cua, (D) va (P)bing dé thi va kiém tra lai bang phuon
phédp dai so.

3. Tim ham s& y Scax/s2mi-biét:ring dohthii(D’) cua né song song vdi (L
va ciit (P) tai mot-diém-cé-hoanh.do.bing.2.

B:ai 4. (2d) Giai cac phuong trinh va hé phuong trinh :

1
X + =F
1. bt /8 J1_5—x+\/3—x=6.
> =is
X+y

B:iai 5. (2d) Cho nua dudng tron tam (0) ¢6 duong kinh BC = 2R. Mgt diém
trén nua duong tron (A khac B va C). Ké AH vuong géc véi BC (
thuéec BC). Trén nia mat phang bo BC c¢6 chia A, vé hai nua dudr
tron duong kinh HB va HC, ching lan lugt cit AB va AC tai E va F.

a) Ching minh : AE.AB = AF.AC.

b) Ching minh EF la tiép tuyén chung cua hai nta dudng tron dudr
kinh HB va HC.

¢) Goi I, K lan lugt la hai diém doi xung véi H qua AB va AC. Chur
minh ba diém I, A, K thang hang.

d) DPudng thang IK cat tiép tuyén ke tu B cua nua duong tron (O) tai .
Chimg minh ring ba duong thing PC, AH, EF dong quy.
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Loi giai
Bai 1.
B Ja+l+a J;(s/;+1)_a+\/;+l
" JaYa+d) va = a
* Cdch khdc : Pat x = J;; x > 0 = x* = a. Ta dua vé bai todn rit gom
phén thue hiu ti (16p 8).

2. Tacod: P=E @uﬂ:_@

3 Va

1. Tacé: P (diéu kién a > 0).

3a+3VJa +3=13Va

& 3a-10Va +3=0.
Patx = vya;a > 0 = x* = a. Ta ¢6 phuong trinh :

Xi=3

3x*-10x+3=0 < 1 Vivy:a=9 a=
X==
3

WO | =

Bai 2. Goi x 1a sé ngudi lic dau cua dai (x € N*) va y la s6 ngay dé hoan
thanh céng viéc (y € N*). |
Sé ngay cong luc nay bang : x.y = 500 (ngay cong).
Thém 5 ngudi nén tded n X #5 (ngudi) va'somgay cong giam di 5 ngay
nén ta ¢6 y — 5 (ngay). Diéu kién : y > 5.
Téng s6 ngay cong lac Hay bang (x/+5)y'< 5)'£500 (ngay cong).
Ta c6 hé phuong trinh :
xy = 500 xy = 500
{(x+5)(y—5)=500 = {xy—5x+5y-25=500
{xy =500 = {xy =500 (1)
500 - 5x + 5y - 25 = 500 -X+y=5 (2)

Tu (2) > y =x+ 5. Thay vao (1), ta cé :

x = -25 (loai)
x = 20 (nhéan)

x(x + 5) = 500 <:>x2+5x-500=0<:>[

Tra 151 : S6 ngudi caa doi la 20 (ngudi).

3ai 3.
1. Bang gid tri:
X 0 2
y=-x+2| 2
X -2 -1 0 1
Y=z 4 1 0 1 4
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D6 thi ham s6 y = —x + 2 la duong thiang (D) qua hai diém A(0; 2) vi
B(2; 0).
D6 thi ham s6 y = x” 1a parabol ¢6 dinh O(0; 0) (Xem hinh vé).
2. Toa do giao diém cua hai do thi : (-2; 4) va (1; 1).
Phuong trinh hoanh d¢ giao diém cua (P) va (D) :

L

=z x+2o0x*+x-2=0

=7
c:-{x (via+b+c¢c=1+1-2=0)
X =-2

x=1=y=1,tacédiém(l; 1)

I

X =-2-=>y=4,taco diém (-2; 4).

3. Phuong trinhcua(D):y=-x+m (a=-1;m# 2)
Giao diém cta (D') va (P) c6 hoanh do x = 2 = y = 4.
Thé toa do x = 2, y = 4 vao phuong trinh (D), ta ¢ :
4 =-2+m = Ih =6 (nhan).
Bai 4.
X+u - 7 (1)
XMl (2)

1, Datu= .Tacdhé:{

X+Yy

Tu (1) >u=7-x. Thayuvao (2), ta dugc :

X(7 = X) BN B @[

1 1
=4 DX+ y= —.
4 4

e« Néux=3 Du=4>
X-I-y

. i 1
Ta tim dugc nghiém cua hé : (x;y) = [3; _-4_1)

. : 11
« Neéu x = 4. Tuong tu, ta c6 nghiém : (x;y) = {4; —E-)

2. Taco: VI5-x+/3-x=6 (*) o J15-x=6-3-x
Binh phuong hai vé, ta dugc :
15-x=36-12/3-x+3-x < 12/3-x =24
< JB——x=2 o 3-x=4 © x=-1.
Thu lai : Thay x = =1 vao phuong trinh (*), ta cé :
JI5--)+8-(-1)=6 < J16+/4=6 < 4+2=6.

Vay phuong trinh ¢6 nghiém duy nhat x = —1.

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Chu y : Khi binh phuong hai vé phuong trinh, ta duge mét phuong trinh
khong tuong duong, nén ta phai thu lai.
Néu bién déi tuong duong, ta can dat diéu kién nhu sau :

.Ji_f,__;—ﬁ_,/g__;; - 6“43-)‘20 (**)
| (V15 - x)% = (6 - V3 - x)? (**%)
Tiép tuc giai phuong trinh (***), ta duge x = =1 va x = —1 thoa diéu

kién (**).

3ai 5. Huéng dan cau d) : Vi AH va EF cdt nhau tai M ta phai chung minh

a)

b)

c)

d)

PC di qua M. Gia st PC cidt AH tai M' ta phai chiing minh M’ = M.
E thudc nua duong tron duong kinh BH (gt) = BEH = 90° hay HE 1 AB.
Xét tam gidc vuong AHB dudng cao HE ta ¢6 :
AH? = AE.AB Q
Ching minh tuong tu véi AAHC :
AH? = AF.AC = AE.AB = AF.AC.

Dé thay ti giac AFHE la hinh :¢hir
nhat (c6 3 géc vudong). Goi M la
giao diém cua hai dudng chéo~AH
va EF ta ¢6 :

ME = MH = MF = MA.
Goi O, la tam duong tron dudng kinh
BH ta c6 : :

AO,EM = AO,HM (c.c.c) = O,EM = O,HM = 90° hay EF 1 OE.

Chung to EF la tiép tuyén cua duong tron duong kinh BH. Chung
minh tuong tu ta ¢6 EF la tiép tuyén cua duong tron duong kinh CH.
Vay EF la tiép tuyén chung cua hai duong tron duong kinh BH va CH.

1 0 0, C

I doi xing v6i H qua AB = A1 = As. Ching minh tuong tu As = A,
ma Az + A3 =BAC=90° = A; + Az + Az + Aq = 180°.

Do dé6 ba diém I, A, K thdng hang.

Goi Q la giao diém cua tia CA va BP. Gia su CP cat AH tai M, ta ¢6 |
déi xuing véi H qua AB (gt) = Al = AH va BI = BH.

Do d6 AAIB = AAHB (c.c.c) = AIB = AHB = 90°.

Ching minh tuong tu ta c6 AKC = 90°.

Do dé tu giac BIKC la hinh thang vuong c6 AO la dudng trumg binh

= AO L IK hay IK la tiép tuyén cua duong tron (O).

Khi dé P la giao diém cua hai tiép tuyén ké tir A va B = PA = PB.
ABAQ vuong tai A = PA = PQ = PB hay P la trung diém ci:a BQ.

Ta c6 : AH // BQ (L BC).
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Theo hé qua dinh li Talét ta co :
AM' CM' HM
PQ CP PB

— AM' = HM' hay M’ la trung diém cua AH.

Ma M la trung diém cua AH => M' va M phai trung nhau hay CP d

qua M.

Vay ba duong thang PC, AH, EF dong quy.

ma PQ = PB (cmt)

PE 2
(Va -Vb)? +4Jab  Jab
Ja +Jb "avb -bva

a) Xdc dinh a, b dé biéu thuc c6 nghia va hay rit gon P.
b) Tinh gié tri cia P khia= v15- 6v6 +v33 -12V6 va b = v24.
Bai 2. (2d)

Bai 1. (2d) Cho biéu thic P =

X +Iy== 3m
a) Cho hé phuong trinh : g
mx=y=m" - 2.
Tim m dé hé c6 nghiém(x; y) thoa.mam x%-.2x - y > 0.
1 1

b) Giai phuong trinh : x* - x - — + — - 10 = 0.
LR

Bai 3. (2d) Mot 6 to6 di quang duong AB dai 80km trong mét thoi gian d
dinh, ba phan tu quang duong dau 6 t6 chay nhanh hon du dinh 1
10kmvh, quang dudng con lai 6 to chay cham hon dyu dinh 15km/h. Bié
ring 6 té6 dén B ding gio quy dinh. Tinh thoi gian 6 té di hét quan
duang AB.

Bai 4. (1d) Cho (x +Yx% +2010 )(y b dy? 4 2010) 2010.

Hay tinh téng S=x + y.

Bai 5. (3d) Cho dudng tron tam O. Tu diém M ¢ ngoai dugng tron (O) vé cd
tiép tuyén MC, MD vdéi (O) (C, D la cdc tiép diém). Vé cat tuyén MA
khéng di qua tdm O, A nam gita M va B. Tia phan giac cua goc AC.
cit AB tai E.

a) Chung minh : MC = ME.

b) Chudng minh DE la phan giac cua goc ADB.

¢) Goi I 1a trung diém doan AB. Chimg minh nam diém O, I, C, M, |
cung nim trén mot duong tron.

d) Chimng minh IM la tia phan gidc cua géc CID.
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Loi giai
Bai 1.
a>0
b2>0 az0 a>0
a) Pcénghia & {Ja++vb =0 < <b20 <> b>0
avb -bva 2 0 Vab(va - vb) = 0 a#b
_JzE;tO

VGia>0;b>0;a=b. Tacé:
a-2ab+b+4vab  Jab
Ya + b Jab(va - vb)

_Warby = o e Iy o
= J£+JE'(J_ vb) = (+a + yb)a -vb) =a - b.

b) Tac6:a= J@—Jg)2+1f{3—2£)2 = 13- V6| + |3 - 2V6]
= (3-6)-(3-2V6) 446 [(vi V6 <3 <2V6).

P =

b= V24 = 2/6
Vay P=a-b=J§—2J_=—J§.
3ai 2.
=3 1
a) Tacé:{,”-my n: w
mx -y =m* -2 (2)

Tir (1) = x = 3m - my. Thay x vao (2), ta dugc :
m@Bm-my)-y=m’-2 < m?+1)=2m?+ 1)
Sy=2 (vim’+120, Vm)
Ta tim duge x = m.
Khidé:x*-2x-y>0om?’-2m-2>0 om?-2m+1-3 >0

& (m-1)¢>3 o |m-11> 43
- m-1>+3 - m>1++3
m—1<—J§ m<1-+3.
b) Phuong trinh dugc viét lai nhu sau : x2+-1—2—[x+1]—10=0
X X
bat x+—1-=u ::>u2=x2+2+—1- :>x2+i=u2~2.
X x> x?
Ta c6 phuong trinh v’ —u-12=0 o [u=43
u=-
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« Néuu=4,taco: x+l:4 — x2—4x+1=0(x¢0}c:>x:2i1/§.
X
9 -3+
. Né’uu:—3,tacé:x+—1-:—3«::- X +3x #1=0(x#0) 5% = 32\[5
X

Bai 3. Goi x (km/h) la van téc du dinh cua 6 té (x > 15).

. ; 80
Thoi gian du dinh sé la — (h).
X

. : 3
Doan duong tha nhat dai la : 80.1 = 60 (km).

(h).

Thoi gian di trén doan dudng nay seé la
x + 10

Doan dudng thu hai dai : 80 — 60 = 20 (km).

Thoi gian di trén doan duding nay sé la : (h).

X —-15
Theo bai ra, ta cé phuong trinh :

60 20 80 =0 1

+ —
x+10 x-15 X x+107 x-15
< 3x% - 45 + x* + 10x = 4x% — 20x — 600

< x = 40 (nhan)
Van téc du dinh cid'6°t6 1a“40(knih):

Tra 16i : Thai gian 6 t6 di hét quang dudng la gg = 2 (h).

Bai 4. Ta c6 : (x+ mny + Jm

= (x s Vx?+ 2010)(\/5(2 + 2010 - x)(y + M) = 2010(\/:;_2?010 - x)
=3 2010(y - M) = 2010(m —~ x)

= y+yy2+2010 =x2 +2010 - x (¥

= 2010

Ching minh tuong tu, ta duge :

x5 VX% +2010 = {Jy2 + 2010 -y (**)

Corgvévsi vé (*)va (**),taco:x+y=-x-y = x+y=0 (dpem).
Bai todn tuong tu : Cho (a ++va? + 3)(b + Vb? +3) = 3. Tinh a + b.

Dapsd:a+b=0.
47
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Bai 5.
a) Ta c6 MCE = MCA + ACE

MEC = ECB + B; (géc ngoai
cua tam giac ECB)

ma MCA = B, (géc giira tiép tuyén
mot day va géc ndi tiép cung chdn cung AC)
va  ACE = ECB (gt)
Do d6 MCE = MEC hay AMCE can tai M = MC = ME.
b) Ta c6 : MC = MD (tinh chat tiép tuyén cit nhau)
ME = MC (ecmt) = ME = MD hay AMED can tai M.
— MED = MDE ma MED = B + BDE (géc ngoai cua AEBD)
MDE = MDA + ADE lai ¢6 MDA = B (g6éc ndi ti€p va goc giira ticp
tuyén mot day cung chin cung AD)
— BDE = ADE chiing t6 DE la tia phan gidc cia géc ADB.
¢) I1a trung diém doan AB (gt) = OI 1L AB (dinh li dudng kinh day cung)
= MIO = 90° hay I thudc duong tron duong kinh MO.
Lai ¢c6 MCO = MDO = 90° (tinh chat tiép tuyén)
= MCO + MDO = 180°.

Do dé bén diém M, C, D, O cung thudc dudng tron dugng kinh MO.
Vay nam diém O, I, C;"M; D etmg thuot mot dudng tron.

d) Xét duung tron di qua nam diém O, I, C, M, D ta cé MIC = MIDC (géc
ndi tiep cung chin cung MC).

Tuong tu MID = MCD ma MDC = MCD (AMCD can)
= MIC = MID hay MI la phan giac cua géc CID.

PE 3
Bai 1. (2d) Giai cdc phuong trinh va hé phuong trinh sau :
a) 2x*+3x-5=0 (1) b) x'-3x*-4=0 (2)

2x+y =1
{x v @,

3x+4y=-1 (b)

Bai 2. (2d)

a) Vé dé thi (P) cia ham s y = —x* va dudng thang (d) : y = x — 2 trsn
cung hé truc toa do.

b) Tim toa dé cdc giao diém cua (P) va (d) ¢ cau trén bang phép tina.
48
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Bai 3. (Id/ Thu gon cdc biéu thuc sau :
i) B JT—4J8 T +443

b) B*'fﬁ'u_ Vx -1 xVx + 2x - 44x - 8
’\ =k X+4J;+4. ‘/;

Bai 4. (1,5d) Cho phuong trinh x* - 2mx - 1 =0 (m la tham sé).

(x>0; x#4).

a) Ching minh phuong trinh trén luén cé6 hai nghiém phan biét.
b) Goi x), x, 1a hai nghiém cua phuong trinh trén. |
Tim m dé x3 + x5 - x,X, = 7.
Bai 5. (3,5d) Tu diém M ¢ ngoai duong tron (O) vé cat tuyén MCD khong di

qua tam O va hai tiép tuyén MA, MB dén dudng tron (O), ¢ day A, B
la cac ti€p diém va C nam gida M, D.

a) Chuing minh : MA* = MC.MD.

b) Goi I la trung diém cua CD. Ching minh ring nam diém M, A, O, I, B
cung nam trén mot duong trom:

¢) Goi H la giao diém cia AB va MO. Ching minh ti giac CHOD nbi tiép
duge duong tron. Suy ra AB la phan gidc cua géc CHD.

d) Goi K la giao diém cua cdc tiép tuyén tai C va D cta dudng tron (O).
Ching minh A, B, (K théng hang.

Loi giai
Bai 1.
a) 2x° +3x-5=0.Tacéa+b+c=0nén phuong trinh cé hai nghiém :
Xy = 1., Xy = -—E.
2

b) Patt=x*t>0. Tacé phuongtrinh :t*-3t-4=0 [t il (lo?i)
t = 4 (nhéan).
Viy x°=4 o x=+2.
o) {Zx +y=1 (1)
Bx+4y=-1 (2
T (1) = y=1-2x
The y vao(2): 3x +4(1-2x)=-1 © -5x=-5 < x=1
Hé ¢6 nghiém (1; -1).
Bii 2.
a) Bang gid tri ciay = —-x*:
x| -2 -1 0 1 2
y|=4 =1 0 -1 -
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Bianggidtrictay =x—- 2 :
X l 0 2
y | -2 0
D6 thi y = —x” la mot parabol.

Db thi y = x — 2 1a mot dudng thing (xem hinh vé).

b) Phuong trinh hoanh do giao diém cua s ;

(P)va(d): '? -} 0 I M ey

g 5 X =1 : 2 o X
X=x-2x+x-2=0 . S e

X =-2 :
. -2

« X=1 =>y=-1
e X=-2 >»>y=-4 Y L
Toa do giao diém : (1; 1), (-2; —4). 4

Bai 3.
a) A:J7—4J§7J7+4J§=J(2-J§)2—ﬁ2+\/§)2= l2—3| - [2+ 3]
Vi2-3>0va 2+43>0 nefiAl= 2-43-2-+3=-243
J;+1_ Jx = 15=x6hx + 2) - 4(Wx +.2)
x-4 x+2?] Jx
WX + DX +2) - (Vx - DX - 2) (VX + 2)(x - 4)
R eI 3 ) i Jx
(vi x-4=Hx-2)0x +2)

x+2¥x+Vx +2-x+2x +Vx -2 (Wx + 2)x - 4) _ 6\/;#
(Vx +2)(x - 4) Vx Jx

b) Ta cé B=|:

6

Bai 4.
a) xX’-2mx-1=0

a=1 ¢c=-1= ava c khdc ddu nén phuong trinh luén c¢6 hai nghi¢m
(khdc dau) véi moi m.

* Cdch khdc : Tacé: A'=m? + 1 >0, Ym nén phuong trinh luén ¢6 hai
nghiém phan biét véi moi m.
b) Theo hé thic Viét : x; + X3 = 2m; XXy = =1.
Khidé: x2 +x2 —xXy =7 & (x; + %)° = 3x1%p = 7
o (2m)P-3(-1)=7 © 4m’=4 © m=+l
Bai 5.
a) Xét AMCA va AMAD cé : AMD chung, MAC = MDA (g6c giua tiép
tuyén mot day va géc ndi ti€p cung chén cung AC).
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Do d6 AMAC «» AMDA (g.g) ]
MA MC

> — = — =
MD MA

[ la trung diém cua CD (gt)

- OI L CD (dinh li dudng kinh day cung)

MA? = MC.MD (1)

hay MIO = 90° hay I thudc dugng tron

duong kinh MO.
M

Lai cé :
MAO = MBO = 90° (tinh chat ti€p tuyén)

- MAO + MBO = 180° nén bén diém M, A, O, B
cung thuoc duong tron dudng kinh MO.

Vay nam diém M, A, I, O, B cung thuéc dudng tron.
Ta c6 : MA = MB (tinh chat tiép tuyén cit nhau)

OA = OB (= R) nén MO-la-duong trung truc cua doan AB
— MO 1 AB tai H.
Xét tam gidac vuong MAO cé AH la;dudng cao :

MA%? = MHMO (2) (hé thic lugng)

Tu (1) va (2) > MH.MO = MC.MD
Xét AMHC va AMDO ¢6 HMC ' chiing vl MHIMO = MC.MD (cmt)
Do d6 AMHC « AMDO (c.g.c)
— MHC =MDO (3) = Tu gidc CHOD ndi tiép
- DCO = DHO (4)  (gbc noi tiép chan cung OD)
ma DCO =CDO  (5) (ACOD can)
Tit (3), (4) va (5) = MHC = DHO
ma MHC + CHA = DHO + DHA = 90°
— CHA =DHA, chirng to AB la phan giac cua géc CHD.
Ta c6 KC va KD la hai tiép tuyén cua dudng tron (O) (gt)
nén KCO + KDO = 180°. Do dé t giac CKDO ndi tiép.
Mat khéc ti giac CHDO ngi tiép (cmt)
= Nam diém C, K, D, O, H cung thuoc mot dudng tron.
= KHO = KCO = 90° hay KH 1 MO tai H ma AB 1 MO tai H.
= KH va AB phai trung nhau hay ba diém A, B, K thing hang.
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PE 4
Bai 1. (1,5d) Giai cdc phuong trinh va hé phuong trinh sau :
a) x>-2J5x+4=0 b) x* — 29x* + 100 = 0
5x + 6y =17
{9:{ -y="1.

Bai 2. (1,5d) Thu gon cédc biéu thic sau :

a)A:———-——Mé b) B = (3v2 + V6)V6 - 3V3 .
V6 -2

Bai 3. (1d) Mot khu vudn hinh chir nhat c¢6 dién tich bing 675m* wa co chu
vi bing 120m. Tim chiéu dai va chiéu réng cia khu vuon.

Bai 4. (2d) Cho phuong trinh x* - 2mx + m* - m + 1 = 0 v6i m la tham s¢
va x 12 4n sé.

a) Giai phuong trinh véi m = 1.
b) Tim m dé phuong trinh ¢é hai nghiém phan biét x,, x,.

c) Véi diéu kién cau b) hay tim m dé biéu thuic A = x;x; — x; — x dat gia
tri nho nhat.

Bai 5. (4d) Cho tam gidc ABC c6 ba géc nhon (AB < AC). Dugng tron dudng
kinh BC cidt AB, AC theo thuty'tai"Eva F. Biét BF cdt CE tai H va
AH c4t BC tai D.

a) Chung minh tif gidc BEFC néi tiép va AH vudéng goc vdi BC.
b) Ching minh : AE.AB = AF.AC.
c) Goi O la tdm dudng tron ngoai tié€p tam gidc ABC va K la trung diém
caa BC. Tinh ti s6 %é— khi tif gidc BHOC néi tiép.
d) Cho HF = 3cm, HB = 4cm, CE = 8cm va HC > HE. Tinh HC.
Loi giai
Bai 1.
a) A'=1 > 0. Phuong trinh ¢6 hai nghiém : x, = J6 = L x;= 5 +1.

b) DP#tt=x*t > 0. Ta c6 phuong trinh : t* — 29t + 100 = 0 < :=;5
+ t=4 & X*=4 © x=12
« t=20 & x2:25 &S X = 5.

& 5x +6y =17 (1)
x-y=17 (2)

Tu(2) >y=9x-17.
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Thé yvao (1) :5x + 6(9x — 7) =17 < 59x =59 & x=1
Hé c¢6 nghiém (1; 2).

Bai 2.
, A_J4—2J§_J(J§—1:"_ V3-1l  Y3-1 1
DR TG B a-1) 2B-1 vWB-1 2
(vi v3-1>0 nén\ﬁ—li:ﬁ-l).
b) B = (3v2 + V)6 — 3v3 = V2(3 + Y316 - 343

(3 + V3)W2(6 - 343) = 3+ 312 - 643
— 3+BIEB-V3)? =3+3)3-v3)=9-3=6.

[}

. 120
Bai 3. Nua chu vi cua hinh chit nhat bang 5 = 60 (m).

Goi chiéu réong cua hinh chu nhat la x (m) (x > 0) thi chiéu dai sé la
60 — x (x < 60). Ta ¢6 phuong;trinh :

x(60 — x) = 675 < 6Ox(EX =675 < x°-60x+675=0
A" = 307 - 675 = 225 = ¥AY= 15
Phuong trinh cé hai nghiém : x, = 45; x, = 15.
Tra 18i : Chiéu rong cua khu vuon la 15 (m), chiéu dai la 45 (m).
Bai 4.
a) Véi m = 1. Ta c6 phuong-trinh-rx‘——2x--l-= 0 & x = 1 (nghiém kép).
b) Phuong trinh cé hai nghi¢m phan biét x;, x, <> A" >0 m-1>0
0

¢) Véi m > 1, phuong trinh ¢é hai nghiém phan biét x;, x,. Theo dinh li
Viét, ta co : X, + Xy = 2m; XXy = m” - m + 1.

; 2°
; 5 5 5
Vay A=(m*-m+1)-2m=m°-3m+ 1= {m—g] -2 -

4 4

Gia tri nho nhat cua A bang —g.

Dau "=" xay ra < m —-g =0 om= % (thoa diéu kién m > 1).
Bai 5.
a) Ta c6 BEC = BFC = 90° (BC la dugng kinh) nén ti giac BEFC noi tiép.
H la giao diém cua BF, CE nén H la truc tam cua AABC = AH 1 BC.
b) Ty giac BEFC néi tiép (emt) = AEF = ACB
o3
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Do dé AAEF » AACB (gg) = = - A AEAB = AFAC.
AC AB

Khi tu gidc BHOC noi tiép ta cé BOC = BHC (géc ndi tié€p cung chén
cung BC).

Mat khéc ti gisac AEHF nai tiép (AEH + AFH = 180°)

= A +EHF =180° = EHF =180° - A

— BHC = EHF =180° - A (déi dinh)

ma BOC = 2A (géc & tAm va géc ndi ti€p)
- 2A=180°-A = 3A=180° = A =60°
= BOC = BHC = EHF = 180° - 60° = 120°

K la trung diém cia BC = OK 1 BC nén
OK la dudng cao cua tam gidc can OBC va
dong thoi cing la duong phan gidc ta c6 :

BOK = COK = > = 22 - 60t
ABOK vuong tai K ¢6 BOK = 60° = L3 = cotBOK = ﬁ
BK 3
ma BC = 2BK = pﬁz—@
BC. 6
Xét tam gidc vuong AEC cé A =60%, CE =8cm (gt)
= AE = CE.cotA = 8.cot60° = —8—
J3
Tuong tu véi AAFBcé : FB=FH + HB=3 + 4 = 7Tcm
L ap. BF __7 1
sinA  sin60° 3
14 8 6
> BE=AB-AE= — - — = —.
V3 3 3

Xét ACEA va ABEH ¢6 ACE = EBH (cung phu véi A)
va CEA = BEH = 90°

Do 85 ACEA & ABEH (gg) = S =00
BE HE
8 6
L HE-AEBE_JBVE _,
CE 8

=> HC = CE - HE = 8 - 2 = 6cm.
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# Cach 2. Dé thdy ABEH «» ACFH (g.g)
(vi BHE = CHF va BEH = CFH = 90°)

_ HB _HE _ ypHF = HCHE hay 4.3 = HC(8 - HC)
HC HF
< 12=8HC - HC® & HC*-8HC +12=0
e HC*-8HC +16-4=0
- HC-47-2°=0 < (HC-4-2)(HC-4+2)=0
HC =6

o (HC-6)HC-2)=0 Q[chz

. HC=6 = HE =CE - HC = 8 - 6 = 2 (thoa diéu kién HC > HE).

.« HC =2 — HE =8 - 2 = 6 (khéng thoa diéu kién HC > HE).
Vay HC = 6 (cm).

]

DE s
) D) .
B&iLfL&U(MobﬁuﬂMcP:(l— x }:“* Vx +1 véi x 2 0.
X—‘\[;'!'l XJx +1

1. Rut gon biéu thuc P.
2. Tim x dé P < 0.
Bai 2. (2d) Cho phuong trinh : x° 4 2mx + m — 1 = 0.
1. Giai phuong trinh khim = 2.
2. Chung minh phuong trinh luén ¢6é hai nghiém phan biét v6i moi m
Hay xac dinh m dé phuong trinh c¢6 nghiém duong.
Bai 3. (2,5d)

1. Giai phuong trinh : 3x% +3x-2vx® +x =1.
2x-y=m-2

2 Cho hé phuong trinh :
i 5 X + 2y = 3m + 4.

a) Giai hé phuong trinh khi m = 1.
b) Tim m dé hé c6 nghiém (x; y) thoa man : x* + y° = 10.

Bii 4. (3d) Cho dudng tron (O; R) c¢6 duong kinh AB, diém I nam gitra ha
diém A va O. Ké dudng thing vuéng goc véi AB tai I, dudng thing na;
¢it duong tron (O; R) tai M va N. Goi S la giao diém cua hai dudn,
thing BM va AN. Qua S ké dudng thing song song vdi MN, dudn,
thiang nay cit cic dudng thing AB va AM lan lugt ¢ K va H. Ha
chung minh :

1 Tua giac SKAM la i giac noi tiep va HS.HK = HA.HM.
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2. KM la tiép tuyén cia dudng tron (O; R).
3. Ba diém H, N, B thing hang.
Bai 5. (1d) Cho x* + y* = 6.
Tim gid tri I6n nhat, nho nhat cua biéu thiie m = x - ng.
Léi gigi
Bai 1.
| faes po XodErlox xdxe1 _ - -1 (%0 1]
x-Vx+1 x+1?  (x-Vx+Dx +17
~(Wx-1) 1-x
T+l ket
2. Vix20 = Yx+1>0. Vdy P<0 & 1-vVx<0 < Vx>1 < x >1.
Bai 2.
1. Khi m = 2, ta c6 phuong trinh : x* +4x + 1 = 0
a=1;b=4>b =2c=1. Vo)A =4-1=3>0= J\ = &
Phuong trinh cé hai nghiém : x; ==2 + JE; X, = 42 — 3.

. 2
; 1
2 Tacé:A':m"—m+~1=(m—~2—) +§->0, il

Vay phuong trinh da’cho'luon ¢6°hai nghiém'phan biét véi moi m.
Phuong trinh ¢6 nghiém duong néu mot trong hai truong hop sau xay ra :
— Truong hop 1 : Hai nghiém trdi ddu < P < 0 < a va c trai dau < a = 1
vaic=m-1trdiddu< m-1<0 < m < 1(khong can xét \ > 0
— Trudng hgp 2. Hai nghiém (phéan biét) duong <
A" > 0 (da xét)
o <P>0
S>0 ;

m-1>0 fm > 1 ) B
(vo nghiém).

o}
-2m >0 1111 <0
Vay khi m < 1 phugng trinh ¢é nghiém duong.
Bai 3.
1. Paty= Vx? +x; y20 = x* + x = y*
Ta c6 phuong trinh : 3y* -2y = 1=0 via+b+c¢=3-2-1=0
nén phuong trinh cé nghiémy, = 1vay, = *% (loai).

-1 4B
T

Viy x*+x=1 o x*+x-1=0 & x =

56
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2a) Khim=1. Tacé hé:

b) Ta co :

[2x-y=-1 {4:: e Py
<>

|x+2y =7 X+2y =17

Hé c6 nghiém : (x;y) = (1; 3).
!Zx—y:m—2 B J4x-2y:2m-4

IX+2y =3m +4 X+ 2y =3m+4

L
5x = 5m (X =m X =1
= <>

X+2y =3m +4 lm+2y=3m+4 y=m+2
Tac6:x*+y' =10 © m*+m+2°=10 © 2m*+4m-6=0
«:::»{m (via+b+c=2+4-6=0)

m = -3

Bai 4.
1. Ta cé6 AB L MN tai I (gt), SK/ MN (gt)

> SK L AB hay SKA = 90
Lai c6 AMB =90° (AB la dudhg Kinh)
ma AMB + AMS = 180°tké bu)
= AMS = 90f _ »
Ta c6 AMS + SKA = 180°. Do d6 tu gidc SKAM nbi tiép.

Xét hai tam giac vuong HKA va HMS c6 KHA chung.

Do dé AHKA @ AHMS (gg) — 25 - M HSHK - HAHM.

HA HK
Ta c6 tu giac SKAM néi tiép (cmt)
- §, - KMA (géc noi tiep cung chidn cung KA).
Vi SK// MN (gt) = S, = MNA (so le trong), MNA = B, (géc ni tié
cung chidn cung AM), B: = M, (ABOM can tai O)
— KMA =M: ma M; + AMO = AMB =90° (AB la duong kinh)
= KMA + AMO = 90°
Chung t6 KM la tiép tuyén cua dudong tron (O; R).
Ta c6 : ANB = 90° (AB la duong kinh) hay AN L NB (1)

Xét ASHB c6 HM, BK la hai duong cao cit nhau tai A nén A la truc ta
- SN L HB (2)

Tu (1) va (2) = NB va HB phai trung nhau hay ba diém H, N, B than
hang.
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yai 5. Tacé : m = x—ng ~- m+J§y.
Khi d6 ding thic x* + y* = 6 c6 dang :
(m+\/gy)2 +3.r2 =6 < m’ +2mng+5y2 +y2 =6
o 6y2 +2myBy +m? -6=0  (*)
Phuong trinh (*) c6 nghiém < A'>0 < 5m°-6(m°-6)2>0
o -m°+3620 @ m*<36
o |m|l<6 < -6<mc<6.
Vay gi4 tri 16n nhat cia m bing 6. Dau "=" xay ra khi phuong trinh (*)
c6 nghiém kép : y = ~J5 (v6i m = 6) va x = +1.
Gid tri nho nhat cia m bang —6. Dau "=" xay ra khiy = J5; x = +1.

PE 6
bai 1. (2d)
1. Giai phuong trinh : 2(x - 1) = 3 = x.
= x -2
2. Giai hé phuong trinh : {; ) _"Sy —

Sai 2. (2d)

. 4 1
1. Cho ham s6 y = f(x) = —%xz. Tinh'f(0); f(2); f(~2-]; f(-2).
2. Cho phuong trinh (dn x) : x* — 2(m + 1)x + m* — 1 = 0. Tim gid tri cua
m dé phuong trinh cé hai nghiém x,, x, thoa man X2 + x> = X)X, + 8.
3ai 3. (2d)

voix >0 va x = 1.

L Rﬁtg‘?“biéuthﬁcA:[ 1 1 J Vx -1

x+J;_J>_(+1 .X+2J;+l

2. Hai 6 to cung xuat phat tir A dén B, 6 t6 thd nhat chay nhanh hon 6 to
thd hai méi gio 10km nén dén B sém hon 6 to thd hai 1 gio. Tinh van
toc hai xe 6 td. Biét quang duong AB dai 300km.

3ai 4. (3d) Cho duong tron (O) day AB khong di qua tam, trén cung nho AB
ldy diém M (M khéng trung véi A, B) ké day MN vuong géc véi AB tai
H, ké MK 1 AN (K thudoc AN).

1. Ching minh bén diém A, M, H, K thuéc mjt dudng tron.
2. Chimg minh MN la tia phan giac cua goc BMK.

3. Khi M di chuyén trén cung nhé AB. Goi E la giao diém cua HK va BN.
Xdc dinh vi tri cia diém M dé (MK.AN + ME.NB) ¢6 gia tri I6n nhat.

»8
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Bai 5. (1d) Cho x, y thoa man Jx+2-y3= ,/y_+§ ~x%. Tim gia tri nhoé nha
cia bidu thuc : B = x* + 2xy — 2y° + 2y + 10.
Loi giai
Bai 1.

1. Tac6:2x-1)=3-x © 3x=0 <& X= —

=x-2 =X — 2 X =-3
2. 'l‘acd:{y X c:-{y <:>{

2x -3(x-2)=9 -Xx=9-6
Hé c6 nghiém duy nhat : (x; y) = (-3; -5).
Bai 2.
1 1
1. Taco: fl0)=0; f2)=-2 f[a):—g; f(-J2) = -1.
2. Phuong trinh ¢6 nghiém < A'20 < (m + 1*-(m*-1)20
| o 2m+ 220 © m2-1.
Khi d6 phuong trinh c6 harnghiém x,, x..
X;+ X = 2m + 2
Theo hé thic Viét, ta cé : < 5
X;Xo =m” -1

Vay xZ+x2=x% +8 o (X +X2)" - 2XX; = XX + 8

& (X1 + X2)? 208% %y +78 & (2m 2 =8m* - 1) + 8
m= -4 + Jﬁ (nhan)

osm+8m-1=0 o
[m = -4 - {17 (loai)

Vay m=—4+Jﬁ.
Bai 3.
1. Vix>0vax=1,taco:

1 Jx } Jx -1 1-Jx  (x+1)?

A

Bz +D) EWx+D| x+D? xWx+1) ¥x -1

-Wx +1)
—

2. Goi x (km/h) la van téc cia 6 to thd nhat (x > 10); van tdc cia 6 to tl
hai sé la x — 10 (km/h). Ta ¢6 phuong trinh :

0
30 ~ 300 -1 o 300x - 300(x — 10) = x(x — 10)

x-10 X

x = 60 (nhan)

o x°-10x-3000 =0 & .
x = =50 (loai)
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Tra 1oi : Van toc cua 6 to tha nhat va 6 to tha hai theo thi tu la 60 (kmv/h)
va 50 (km/h).

Bai 4.
1. Tac6 : AKM = AHM = 90°. Do dé bon diém A,

M, H, K thugc mot duong tron. O

2. Ta c6 tir giadc AMHK noi tiép (cmt)
— KMN = KAB (géc noi tiép cung chin KH) 4 H E
ma KAB = NMB (géc noi tiép cung chin NB) M
= KMN = NMB ching té MN la tia phan gidc cua géc BMK.

3. Ta c6 ti giac AMHK noi tiép (emt) = KAM = KHN (cung bu vai KHM)
Lai c6 ti giac ANBM noi ti€p (gt) = KAM = MBE (cung bu véi NBM)
— KHN = MBE ma KHN = MHE (déi dinh). Do d6 MHE = MBE
= Tu gidc MHBE noi ti€ép = MEB = MHB = 90°.
Xét AMEN va ABHN ¢6 MEB =MHB| = 90° (cmt), HNB chung.

N

Do d6 AMEN « ABHN (g.g) MY -MN L MBBN=HBMN «)
HB BN

Ching minh tuong tu tach;
AMKN « AAHN (g.g) .= % = My— - MK.AN = AHMN (2)
AH" AN
Tu (1) va(2) = MK.AN + ME.BN = (AH + HB).MN
= MK.AN + ME.BN = AB.MN (*)

AB khong déi nén (*) Ién nhat < MN l6n nhat < MN la dugng kinh
cua dudng tron (0) < M la diem chinh gita cung AB.

Bai 5. * Cdach gidi thit nhat :
Tactfo:\b(+2—y3=,/y+2l—x3«:::~\./Jw:+2—‘[_-,r+2=y3--x3 (*)
- Trubng hgp 1. Néu x>y2>2-2 =>y-x<0

2 2
Ta ¢6 : y"— x3 = (y - x)(xz + Xy + yz) =(y - x){[x-&-%y) +%._

2 2
. 1 : 1 ;
Viy-x<0Ova (x+§yJ +—%—>O:y"—x"<0 (vé phai cua (*) am)

‘Matkhdc: x>y>-2 > x4+2>y+230 = Vx+2 > Jy +2

= Jx+2 - VY +2 >0 (vé trdi cua (*) duong)

Vay khi x > y > -2. Phuong trinh (*) vé nghiém.
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— Truong hop 2. Néu y > x > -2. Ching minh tuong ty : phuong trinh (*
vo nghiém.
Vay x = y. Thay y = x vao biéeu thic B, ta duge :
B=x*+2x+10=(x+1°+929, vx2>-2
Dau "="xdyra < x+1=0 < x=-1(thoa diéu kién x > -2).
Vay gia tri nhé nhat cua B bang 9, dat duge véi x =y = -1.
* Cdch gidi khdc : Xét phuong trinh (*) nhu cach trén.

» X-y 2 2
(*) e =(y - x(y° + Xy + x°)
Jx+2 + ]y +2
< (x-y) : +(y2+xy+x2)1=0
Jx+2 4 Jy+2 J

& x-y=0 < x=y  (vibiéu thic trong dau ngoac vuéng lud:
duong vdi x > —2; y > =2; truong hop x =y = =2 : (*) luén ding).

Véi x = y lam tiép tuc nhu/cach trén.

DE 7
Bai 1. (2d)
1. Giai phuong trinh : = +1,= x; E
=2
2. Giai hé phuong trinh : {x y
Xx-y=25.

Bai 2. (2d)

2x-2 _Jx
Xx-4 Jx +2
2. Mot hinh chir nhat ¢é chiéu dai hon chiéu rong 2cm va dién tich cu
n6 la 15cm? Tinh chiéu dai va chiéu rong cia hinh chir nhat dé.
Bai 3. (2d) Cho phuong trinh : x* - 2x + m - 3 = 0.
a) Giai phuong trinh véi m = 3.

1. Rit gon biéu thuc: A = vdi x >0 va x # 4.

b) Tinh gid tri cia m biét phuong trinh da cho c¢6 hai nghiém phan bi¢
X;, Xy va t_héa man diéu kién : x% - 2%y + XXy = —-12.

Bai 4. (3d) Cho tam gidc MNP can tai M c¢6 canh ddy nhoé hon canh bén nq
tiép dudng tron (O; R). Tiép tuyén tai N va P ctia dudng tron lan luc
cit tia MP va tia MN tai E va D.

a) Ching minh : NE* = EP.EM.
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b) Chitng minh ti gidc DEPN la ti giac noi tiép.
¢) Qua P ké dudng thiang vuéng géc véi NM cdt duong tron (O) tai K (K
khéng trung véi P). Ching minh ring : MN* + NK* = 4R*.

" " £ g % g . 6 - 8x
Bai 5. (1d) Tim gia tri 16n nhat, nho nhat cua biéu thic A = — o
X +
Loi giai
Bai 1.
1, Taes: =2s1=222 & g-Dess=xel & p=-i
=3 =10
2. Tacéo: R=oy o > Hé c¢6 nghiém : (x; y) = (10; 5).
2y -y =5 y = 4.
Bai 2.

1. Véix>0vax=4. Tacé:
2(x - 2) x 2 x
x-Dx+2 JEr2 [Wx+2 Vxe2
2. Goi x (cm) 12 chiéu réong cua hinh cht nhat (x > 0), khi dé chiéu dai
cua hinh chi nhat la x + 2 (cm)-
Theo bai ra, ta ¢6 phuong trinh :

A=

x = =5 (loal)

2) =15 x*+2x-15=0 o
xx+2) * 2 |:x=3(nhf,m}

Vay chiéu rong, chiéu dai-cta-hinh-chi-nhat-eé thy tu la :
d(cm)va 3 + 2 =25 (cm).
Bai 3.
a) Véim = 3. Ta c6 phuong trinh :

i =0 0
xX-2x=0 © x(x-2)=0 & | o |
x-2=0 X =2

b) Phuong trinh c6 hai nghiém phan biét © A'>0 & 1-(m-3)>0
< 4-m>0 & m<4.

X; +Xo =2 (1)

Theo hé thic Viét, ta cé :
X;Xpg =m-3 (2)

Khidé: x%-2x, + XXy = -12 & x(X; + Xg) — 2%y = —12
<~ 2){]—2){2=—12 L= xl—x2=-—6 (3)

Tu(l)va@3)=>x;, =-2vax,=4.
Thay vao (2), ta dugec : m — 3 = -8 < m = -5 (théa diéu kién m < 4).

Vay m = -5.
62
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tiép tuyén va mot day cung chin cung NP).
Do d6 ANEM « APEN (g.g)
NE EM

- — = — = NE?= EP.EM.
EP NE

Ta ¢6 : PNE = NPD (= NMP) (cmt).

Lai ¢6 : MNP = MPN (AMNP can)

ma MNP + PNE + END = 180° (ké bu)

va MPN + NPD + DPE = 180° = END = DPE.
Do dé ti giac DEPN ndi tiép.

Cdch khdc : Goi F la giao diém cua hai tiép tuyén tai N va P ta c6 :
FN = FP, lai c6 MN = MP (gt), ON = OP (= R) nén ba diém M, O,
cung thudc dudng trung truc cua doan NP. '

Do d6 AMNF = AMPF (c.c.¢) 55 MNF = MPF = DPE = END (cung b
v6i hai géc bing nhau). Vay ti gidc DEPN noi tiép.

Goi I 1a giao diém cia MO va dudng tron (0) va Q la giao diém cu
MO véi NP, ta ¢6, MI L NP tai Q va,AMPI vuéng (MI la duong kinh
tacé: MP*=MQ.MI (1) (hé thuc luong).

Tuong tu vgi tam gidc: vudig MNL <6«
NI? = QI:MI (2)

Tir (1) va (2) => MP? + NI* = (MQ + QI).MI = MI* = (2R)* = 4R? (*
Miat khiac AMQN vuéng tai Q nén M; + MNQ = 90°, tuong tu APH.
vuéng tai H nén KPN + MFQ -90°=s M, = KPN

| = NI=NK = NI =NK (c
Thay (3) vao (*) ta c6 : MP? + NK* = 4R* ma MP = MN
nén MN? + NK? = 4R* (dpcm).
Huong dén cdach khdc :
Ké duong kinh NN' ta c6 ANKN' vudng tai

.

K nén KN*“ + NK* = NN = 4R*

Ta chitng minh cho KN' = MN (= MP)
Ching minh tuong tu nhu cach d trén ta c6 :
KN =NI = KON =NOI = M,; =N|
= AMON = AN'OK (c.g.c)

= MN = KN' = MP.
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6 — 8x

Xx“ +1

ai 5. Taco: A= S AX*+1)=6-8x < Ax*+8x+A-6=0.

— Truong hgp A # 0.
Phuong trinh ¢6 nghiém < A'>20 & 16 -AA-6)20
& -A*+6A+1620 < A°-6A-16<0 < A*-8A+2A-16<0
<> AA-8)+2(A-8)<0 ©(A-8)A+2)<0
A-82>0 A-8<0
{ hoac {

A+2<0 A+220

A>8 A<8
. hoac

A < -2 (v6 nghiém) i A>-2

o -2<A<8 (Az0)

— Trudng hgp A = 0. Ta ¢6 phuong trinh : 8x -6 =0 x = —. Vay:

Wi

+ Gi4 tri 16n nhat ca4A bing 8-V¢iA = 8, tatim dugc X = q-;_

(1a nghiém kép cGia phuong trinh-8x* + 8x + 2 = 0).

+ Gi4 tri nho nhat cia A bang 2. Vdi A = -2, ta tim dugc x = 2
(1a nghiém kép cia phuong trinh 2x* - 8x + 8 = 0).

2
DE '8

ai 1.
a) Tim tat cd cdc gid tri cia x dé biéu thic v2x —1 ¢6 nghia.

X+ 2y = -4

b) Giai hé phuong trinh :
€ phuong trix {3x+5y=1.

" 1 1

¢) Rut gon : 3—J§+3+J§'

ai 2. Cho ham s6 y = —x* ¢6 do thi (P) va y = 2x + m ¢6 dé thi (D) trén
cung mgt hé truc toa dj.

a) Ve dé thi (P).

b) Pinh m dé (D) va (P) ¢6 diém chung duy nhat. Ve (D) véi m vifa tim duuc.

ai 3.

a) Rit gon biéu thic M = ( S J(l——l-] véiazlvaa>0.

1-Ja 1++a Ja

b) Tinh gid tri ca M khi a = %.
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Bai 4. Cho duong tron tam O dudng kinh AB = 2R va E la diém bat ki tréx
dusug tron dé (E khac A va B). Duong phan gidc géc AEB cét doar
thang AB tai F va cdt duong tron (O) tai diém thd hai K khac A,

1. Chimg minh riang AKAF va AKEA déng dang.

2. Goi I la giao diém cua dudng trung tryc doan EF v6i OE. Ching mint
rang dudng tron (I; IE) ti€p xdc vdi dugng tron (O) tai E va tiép xu
vgi dusng thang AB tai F.

3. Goi M va N lan luot la giao diém thi hai cia AE, BE véi dudng troi
(I; IE). Chung minh ridng : MN // AB.

4. Goi P la giao diém cua NF va AK; Q la giao diém cia MF va BK. Tin
gia tri nho nhat cia chu vi AKPQ theo R khi E chuyén déng tré:
dudng tron (O).

Loi giai

Bai 1.

a) Biéuthic v2x -1 ¢é nghia < 2x-1>0 < 2x>1 & x2

DO | =

l)] Tacé:Jx+2y=—4a{3x+6y=—12@{x+2y:“4 c;{x___zz

|3x + 5y =1 3x+5y=1 y=-13 y =-13
Hé c¢6 nghiém duy nhat : (x; y) = (22; —13).

1,1 3+¥2  3-V2 3+42+3-2_
3-J2 Bowrf2ad S8% HaW@i? SadX0nlin2)? 7

c) Tacé : E
]
Bai 2.
a) Bang gia tri :
X | -2 -1 0 1 2
y = ~x* | -4 -1 0 -1 -4
Do thi la mét parabol. y4

b) Phuong trinh hoanh dé giao diém
chung (néu cé) cua (D) va (P) :

s AL

—x’=2x+m o x*+2x+m=0 (¥ ¢
(D) va (P) c6 diém chung duy nhat khi i
va chi khi phuong trinh (*) ¢6 nghiém :
kéip=>A=021-m=0om=1.

Vay(D):y =2x + 1. o2 U :
Vé dudng thing (D). Bang gid tri : " y = -x*
X I -1 0
y=2x+1 -1 1
Puong thing (D) qua hai diém A(-1; —1) va B(0: 1).
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Bai 3.

a) Vdéia>0Ovaa#1l,tac6: M=

6 et s Meet et o
Y 1+ . ia = “
9
Bai 4. E g
1. Tacé Elf_lih phz:ai-giéc cEIigéciEB nén TS .
AEK = BEK = AK = BK.
Do d6 AEK = KAB (hai géc noi tiép £ fouy
chdn hai cung biang nhau). A [0
Xét AKAF va AKEA c6 : P
AKF chung \i Q
va AEK = KAB (cmt). £
Vay AKAF «» AKEA (g.g).
2.~ Ta c6 I la giao diém ctia dudng trung truc d cia doan thiang EF véi OE
(gt) nén O, I, E thdng hang va Ol = OE - IE (d = R - r).
Vay dudng tron (I; IE) tiép xic trong véi dudng tron (O; R) tai E.

— Tacé: IE =IF (=r)/nnénAIEF cam tailnl= E: = F1.

Ching minh tuong tu ta c6 AOEK can tai O = Ei =K1 = K, =F.
Do d6 IF / OK ma OK L AB = IF 1 AB tai F.
Vay dudng tron (I; IE) tiép xic véi dudng thadng AB tai F.

3. Tacé: AEB = 90° (AB la duong kinh) = MEN = 90° hay M, I, N théng
hang va ‘MFN = 90° (cung bi vé6i MEN do bén diém E, M, F, N cung
thugc duong tron (I; IE)).

Lai cé MEF = NEF (gt) = FM = FN = FM = FN.
Do d6 AMFN vuéng céan tai F nén dudng trung tuyén IF déng thdi la
dudng cao hay IF L MN ma AB 1 IF (cmt) = AB // MN.

4. Tac6 : MN / AB (cmt) = N; = B1 (déng vi), N1 = F2 (géc nji tiép cuag
chidn cung EM), B1 = K2 (géc noi tiép cung chin cung AE)
= F2 = K2 > MF // AK. Ching minh tuong tu c6 NF // BK.

Do d6 tu gidc PFQK la hinh binh hanh c6 PKQ = 90° (AB la dutng

kinh) nén PFQK la hinh chit nhat = PF = KQ va PQ = KF.

AAPF vubng tai P c6 PAF = 45° nén AAPF vuéng can = PA = PF = KQ.
66
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Goi prkq la chu vi APKQ ta c6 :
prkq = KP + PQ + KQ = KP + PA + PQ
= KP + PA + KF = AK + KF
ma AK khéng déi, KF > KO hay KF > R.
Vay ppkq nho nhat < KF nho nhat < KF =R < F trung O.
<> E la diém chinh giira cua cung AB.
Vay khi E la diém chinh giita cia cung AB thi chu vi APKQ nho nhat.

DPE 9
6x + 1 N 6x—1) x% - 36
x2 -6x x2+6x)12x2 +12

Bui 1. Cho biéu thuc : A = (

(vé1 x # 0; x # —6; x # 6).

1. Ruat gon biéu thic A.
2. Tinh gia tri cua biéu thic A véi x = {9 + 44/5.
Bui 2.
1. Giai cac phuong trinh :
a}x—E=2 b) Vyx+5 -
X
2. Cho phuong trinh :x*—2(m + 1)x + 2m + 10 = 0 ¢6 hai nghiém x,, x..
Tim gia tri cua m dé"10x;x3“+ xf +%% “dat'gid'tri nho nhat.
Bii 3. Vé do thi ham sd y = —0,5x°. Trén do thi ham sé y ldy hai diém A va
B ¢6 hoanh d¢ lan lugt 1a -1 va 2. Hay viét phuong trinh dudng théng
AB.

Bii 4. Cho duong tron (O) va mét diém A bén ngoai dudng tron sao cho
OA = 3R. Veé cédc tiép tuyén AB, AC dén (O) (B, C la cac tiép diém).

a) Ching minh ti gide OBAC ndi tiép.

b) Qua B ké dudng thidng song song véi AC cdt (O) tai D (khdc B). Puong
thang AD cit (O) tai E khédc D.

Chung minh : AB? = AE.AD va CE* = EB.EA.
¢) Chung minh ring tia déi cia tia EC la phan giac cia géc BEA.
d) Tinh dién tich tam gidc BDC theo R.

B:i 5. Cho hé phuong trinh : {x ) S (1)
mx+y=1 (2)

1. Giai hé phuong trinh véi m = 2.

2. Xéc dinh gia tri cia m dé hai duong thing c6 phuong trinh (1), (2) cit
nhau tai mét diém trén parabol y = —2x°.

67
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Loi giai
Bai 1.
1. Vix#20;x=16,tacé :
[6x+1 , 6x-1 ](x+6)(x—6)
x(x -6) x(x+6)] 12x? +1)
(6x+1)(x+6)+(6x -1)(x-6) (x +6)(x -6)

x(x + 6)(x - 6) S 12(x2 + 1)
__6x2+36x+x+6+6x2—36x—x+6 1
) X 12(x2 +1)
_l2x*+p 11
X 12x2 +1) x

2. Véix=y9+4vy5 = J(2+5)2 =245

_ 1 5=z
2+45 (f5)2 - 22

= A =¥o=2.

Bai 2.
l.a) Diéu kién : x # 0.

Ta c6 : x—E=2 &igedlogitihg =i (%
X

a=1;b=-2 = b=-l;c=-15 A=1+15=16>0 = JA'=4
Phuong trinh (*) ¢6 nghiém : x,=1+4=5#0; x,=1-4=-320
Vay phuong trinh da cho c6 nghiém : x = 5; x = -3.

b) Tac6: Vx+5-2=0 < Jx+5=2 < x+5=4 < x=-1

2. Phuong trinh da cho ¢6 nghiém © A'20 © (m+ 1) - (2m + 10) >0

om’-920 © m?29 = ym?>y9 o |ml| >3 (¥
V6i diéu kién ciia m vira tim duge, phuong trinh da cho ¢6 hai aghiém
X1, X2. Theo hé thic Viét, ta cé :

X1 +X2=2(m + 1); xx3 =2m + 10.

Vay P = 10x;X, + X7 + X5 = 10x, %, + (X, + X,)% - 2x,X,

(X +X9)? +8x,X, = 4(m + 1) + 8(2m + 10)

= 4m® + 24m + 84 = (4m* + 24m + 36) + 48
= (2m + 6)* + 48 > 48
Ddu"="xdyra < 2m+6 =0 < m =-3 (théa diéu kién (*)).

Vay P dat gid tri nhé nhat bing 48, khi m = -3.
68
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Bai 3. Bang gid tri :
X l -2 -1 0 1 2
-2 -056 0 -05 -2

Pé thi ham s6 y = —0,5x” 1a mot parabol.

y= -0,5x*

1
X =—1 = Y5 = —5; fn=2=yp==2

1
Vay A(—l; _5], B(2; -2).

Phuong trinh duong thing (d) qua A, B cé dang : y = ax + b.

3 1

-——=-a+b 3a=-— a=-—

Tacohe:{ 2 e = 2 = 2
2=2a+b 2a+b = -2 b=-1

1
Vflyy = ——2-x—1.

Bai 4.
a) Ta c6 ABO = ACO = 90° (tinh chat tiép tuyén)
= ABO + ACO =180°
nén tir giac OBAC noi tigp. : A
b) Xét AABE va AADB ¢6 :
BAE chung,

ABE = ADB (g6c gilra tiép tuyén mot day X
va goc noi tiép cung chin cung EB).
AB _AE

5 ¢ / . mme——ll AB? = AE.AD
Do d6 AABE «» AADB (g.g) = D AB =5

Ta c6 : BD // AC (gt) = BDC = DCx (so le trong)

ma DCx = DEC (géc gita tiép tuyén mot day va gée noi ti€p cung
chan cung CD)

ma DEC + CEA =180° (ké bu), BEC + BDC = 180° (vi tif giadc EBDC
noi tiép)

— CEA = BEC. Lai ¢6 : ACE = EBC (géc giita ti€p tuyén mot day va
cdc goc nodi tiép cung chian cung EC).

Do d6 AAEC «» ACEB (g.g) = oF = -PE - CE* = EB.EA.
EB CE

* Cdach 2. Pé ching minh AAEC «» ACEB ta c6 :
ACE = EBC va EAC = ECB.
69
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Vi sdEAC = %(sdﬁf) _sdEC) = %(sdﬁ_f! _sdEC) = %sdEFﬁ (vi BD // AC)

va sdECB = %sdﬁi.

Ta ¢6 : DEC = E1 (déi dinh), DEC = BDC (= DCx) ma BDC = E2 (do
tit giac BECD néi ti€p) = Ei = E2 hay tia déi cua tia EC la pham giac
cua géc BEA.
Goi I 12 giao diém cia AO va BC. Xét tam gidc vuong ACO ta c6 :

AC? = AO* - OC* = (3R)* - R*=8R*> = AC= VB8R
Lai ¢c6 AB = AC (tinh chat tiép tuyén cit nhau), OB = OC (= R) nén
AO la dudng trung truc cia doan BC = AO 1 BC tai I.
AACO vuédng tai C cé CI la duong cao : OA.CI = CA.CO

_ CACO V8RR RVB 2RV8
OA 3R 3 3

= Ol = CB =€ =

AC® (RV8)’ B8R

AO 3R 3

Xét AABC va ACDB c¢6 ABC = BDC (goc gita tiép tuyén mot day va géc
noi tiép cung chin cung BC), ACB = DBC (so le trong do BD // AC).

AC? = AO.AI (hé thic lugng) = Al =

2 2
Do d6 AABC «» ACDB (g.g) = Sapc _ [AC} = (R‘@ w2
Scps BC tZRJE_‘ 4

3

4
ma  Sppc = lE’uC Al = liﬁﬁﬁ - 8V8R
2 g —3—3 9
4 Y8R’
4S8 : 2
Dol P> gB = 99 oo (dvdt).

Bai 5.

70

1.

Vc’sim=2,tac6hé:{

x+y:2 x:—l x:_l
< o
2x+y =1 X+y=2 V=3

Hé ¢6 nghiém : (x; y) = (-1; 3).

(m=#1)

. {x+y=m [(m—l)le—m [x=-1
Ta c6 : = =

mx+y=1 X+y=m ly =m+1

Nghiém (x; y) = (-1; m + 1), véi m # 1 la toa do giao diém -u:a 1ai
dudng thing c6 phuong trinh (1), (2) cua hé. Giao diém nar tthijc
parabol y = —2x*néntacé:m+ 1 = -2(-1)° & m = -3.
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DE 10
X+ 2 w/;-l _\/_—1

+ -~
xyx+1 x-J¥x+1 x=1

Jai 1. Cho biéu thuc A =1 :(

a) V6i diéu kién nao cia x thi A xdc dinh.
b) Rit gon biéu thic A.
¢) Chuing minh A > 1 véimoi x >0 vax=#1.
}ai 2. Cho ham s y = —3x* ¢6 dé thi (P) va dudng thing (d) c6 phuong trinh
V= 2x - 5.
a) Ve dé thi (P) va duong thang (d) trén cung mdt hé truc toa do Oxy.
b) Xac dinh toa dé giao diém A va B cia do thi (P) va duong thang (d).
¢) Tim toa do diém M trén cung AB cia dé thi (P) sao cho tam gidc MAE
c6 dién tich 16n nhat.
3ai 3. Hai ngudi di xe dap khéi hanh cung mét lic tir hai dia diém A va [
trén cung mot dudng thing: Ngudi di nay téi diém xuat phat cua nguo
kia réi trd vé diém xuat phét €ia minh. Lan gap nhau thd nhat cach /
8km va lan gap nhau tha hai cdch B 5km. Tinh quang dudng AB, bié
van téc cua hai ngudi khong doi trong suét thoi gian di va veé.
3ai 4. Cho dudng tromw'tam Qlbdn kinhpR| va duong thdng d nam ngoa
duong tron, ké OH vuong géc véi d tai H. Bist OH = Rv2. Trén duon,
thang d lay diém A"(A khong trung véi H)!Tu A vé hai tiép tuyén AB
AC dén (0) (B, C latigp-diem:
a) Ching minh nam diém A, B, O, C, H cung thujc mot dudng tron. Ha:
xac dinh tam I.
b) Tia OC cit dudng thdng d tai E. Ching minh AEHC va AEAO dén,
dang.
¢) Bist OA = 2R, trén doan AC lay diém F sao cho FOA =15°. Tinh di¢
tich tam giac FAI theo R.

d) Ching minh ring dudng thdng BC luon di qua diém cd dinh K khi A «
dong trén dudng thang d.

Bai 5. Cho x, y théa man 4x + y = 1. Ching minh ring : 4x2% + y? 2%.
Loi giai
REE 1§ Am 1308 2tR=1-(r- g2 ol x+Jx

(J;+1)(x—\/;+1) .(\[!_i+l}(x-\!()_(+1)

) \/;(J;+1) =x-J;+1
'(J;+1}(x—\/;+1) U

— 3 |

-1
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x>0

Jx +120 '
a) A xac dinh o 4 o {x>0

Xx-Vx+120 x#1

Vx-120

1% 3
(vi x—&+1=(&*§] +Z>0).

J; _E- x +1
x—&+l JJ—t -

¢c) Véidieukiénx>0vax#1. Tacé:

- 1
A>1c:>i-——x—+—>1 c:>x-J:_c+1>J; (vi\/;*;(}i

Vx

& x-2¥x+1>0 ¢ (Vx -1)% >0 (luén ding véi x > 0 vaa x # 1),

b) Tacé6:A=1:

3ai 2.
a) Veé do thi (/) va (d) trén cung mot heé truc toa do.

Bang gia tri :

X I -2 -1 0 1 2 1y
= —3x? | —12| — 3 _ -5 5 |
y "I 2\ 3oun 3oy T Q3“0L’:§Z—\x
X I 0 2 l \ .
y= 2)( g 5 I —5 —*1 : : .
b) Xét phuong trinh hoanh dé diém chung i i A;

cua () va (d) :
-3x°=2x-5 < 3x*+2x-5=0 -

o

=1

< 5

X = —=—

3

(via+b+c=3+2-5=0) -%

) 25
X=1:Qy=—3; X= — D S —
3 7773

Vay (P) va (d) cdt nhau tai hai diém phan biét : A(1; -3), B[-E; —-‘—!EJ
3 3

c) Gia su M(xi,;—ng) trén parabol (-#) va thujc cung AB — —é £ Xip €1
3
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Ta ¢6 : Sams = Sarqs — Sarkm — Spqem (xem hinh ve)

5 .
= (§+3J§£-- l[g_+3x‘{2}]

: Xy +
3 32 2(3

0 —%(3)(3 +3)|1 - xg|

Vi ~§Sx0£l: xn+—g—20 val-x,20.

_ 20 1(., 16 J 20 [2 1 1} 4
Vi = — - —|8x; +—Xg |=— -4| X5 +2=%x, + = |+ —
o 3 2( °737%) 3 078 " 9

9
2

6

=6—4-—4[x0+l) < —.

9 3 9
Dau "=" xay ra < x, + 0 < x 1
-~ r — = = ——.
au Yy 0 3 0 3

Bai 3. Goi x (km) la quang duong AB (x > 0). Hai xe gap nhau lan thd nha
cach A 8km nén xe thit nhat di duge 8km; cung thai gian nay xe thy
hai di dugc : x — 8 (km); (x > 8).

Ti s6 van toc cua xe di tu Bjva-xe di ti A bang ti s6 hai quang dudng

. X-8
la .
8
S s s v . ) )
(sp = vat; sp = vetlavhia . S - g —i; Sa, Sy la quang duony
Va VB SA  Va

xe di tir A va xe di tir B: va, v lavan toe cua xe di tir A va xe di tir B).

Lan gap nhau thua hai, xe di tir A di dugex — 8 + 5 = x — 3 (km); xe d
tu B di duge : 8 + (x - 5) = x + 3 (km).

Li luan tuong tu, ta cé ti s6 van toc cua xe di tud B va xe di tir A Li

219 phuong trinh : x-8_239
x-3 Z—¥-3

2 2 = 0 (loai)
o X -11x+24=8x+24 o x“-19%=0 o - (0@1-
' x =19 (nhan)

Vay quang duong AB la 19 (km).
Bai 4.
a) Ta ¢6 : ABO + ACO =180° (tinh chat

tiép tuyén) = T gidec ABOC noi tiép A
hay béon diém A, B, O, C cung thuoc :
duong tron duong kinh AO. ¥ P
Laicé : OH L d(gt) = AHO =90° H K _—"0
nén diém H cung thugc dudng tron
duong kinh AO. Tam I la trung diém
doan AO. d

B

7:
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Bén diém A, O, C, H cung thudc dudng tron dudng kinh AO (emt)
— EHC = AOC. Do dé AEHC « AEOA (g.g).
Xét tam gidc vuong ACO c6 OA = 2R; OC = R

= 8in0AC=—=—== = OAC = 30°.

Theo dinh li Pytago : AC = yOA? - OC? = {(2R)? - R? = RV3
Ta c¢6 OFC la géc ngoai cua AAFO nén
OFC = OAC + FOA = 30° + 15° = 45°.
AOFC vuéng can > CF =CO =R
- AF=AC-CF=RJy3-R=R(3-1)
Khi 85 : Syo5 = %OC.AF - %R.R(Jﬁ 1= WB-LR?

I 1a trung diém AO = Spa = Spi0 = %SAFO (hai tam giac FAI va FIO

chung dudng cao, ddy bing nhau nén'dién tich bang nhau)
1(3-DR? (3 -1)R?

= Syal = Spio = -
PM JOFI0 = o 2 4
Ta c6 : AB = AC (tinh chat hai tiép tuyén cit nhau), OB = OC (= R).

Goi P la giao diém ‘cia’'BC'va AQ, ta"cé AO'la duong trung truc: cua
doan BC hay AO L BC-taiP:

— APK + AHK = 180° hay tir giac APKH noi tiép.
= PKO = PAH.

Do d6 AOPK «» AOHA (g.g) = o = e = OA.OP = OH.OK (1)
. OH O0A

Lai c6 AABO vuong va BP la dudng cao :
AO.OP = OB® = R* (2)  (hé thic lugng).
2
Tu(l)va(2) = OHOK=R* = OK-= g—H

R khéng doi; O, H ¢6 dinh nén OK khéng déi = K ¢4 dinh.

Bai5.Tacé: 4x+y=1 = y=1-4x. Khi dé bat dang thic 4x? + y? L

74

5
c6 dang :

o 3 1 i
4x° + (1 — 4x)° 2 g o 20x2—8x+12%c:>100x'—40x+420

& 25x°-10x+120 o (5x—1)°> 0, luén ding véi moi x.
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DE 11
. 2
Bai 1. Cho bidu thic A = |2 - ——“ab‘/a_.
a a

a) Tim diéu kién déi véi a, b dé biéu thic A xac dinh.
b) Rit gon biéu thuc A.
Bai 2.
2
x“+3y =1
1. Giai hé phuong trinh : A y
3x°“ -y =1.

2. Giai bat phuong trinh : x + |x - 1| > 5.

Bai 3. Ching minh rang, néu phuong trinh x> +2mx +n=0 (1)
2
> 1 ) R
c¢6 nghiém thi phuong trinh x° + 2(1( . E]mx . n(k + E] =0 (€

cang cé nghiém (v6i m, n, k'la cac tham sé; k = 0).
Bai 4. Cho ham s6 y = ax + b ¢6 do thi (D) va ham s y = kx” ¢6 do thi (P).
a) Tim a, b biét rang (D) di qua-A(-1; 3) va B(2; 0).

b) Tim k # 0 sao cho (P) tiép xiic v6i dudng thang (D) vira tim. Viét phuor
trinh (P).

Bai 5. Tu diém M nam ngoai dudng tron (O R) vé hai tiép tuyén MA, M
dén (0) (A, B la cédc ti€ép diém). Goi C la mot diém trén cung lén A
cua duong tron (0). Ve AH vudong goc véi BC (H thuoc BC). Goi I |
trung diém cua AH, CI cit (O) tai diém thit hai E. ME cat (O) tai dié
thd hai F, MO ciat AB tai K.

a) Chung to : MO L AB tai K.
b) Chuing té : MA* = ME.MF.
¢) Chimgté : AEK = 90°.
d) Chung t6 OM tiép xic vdi duong tron ngoai tiep AMEA.
Loi giai
Bai 1.
ab=0

1. Diéu kién dé biéu thuc A dugc xac dinh { 3
a*u.

2. Vdiab>0vaa>0,tacé:

A= [|—--
a a a a a

Végrab>0vaa<0thib<0, nén:
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b ab-+a? _+Jab ab - J_ 2Jab-a -2Vab

A= |—- = =1,
a a |al a a a
Bai 2.
2 2 Jlxl = —-—m -——ﬁa
Jy =1 10x* = ¢4 -
1 {x 2+ y s, { 23\: i ) 5 , 5
3x —y:l X +3y:1 _+3y:1 i
5 5
1 10 1
Vay hé phuong trinh trén cé hai nghiém (x; y) = [J—S_— g] [— hJB:; ;‘]

2.Tac6:x+|x—-1|>5<:~ “ x5 3.

x<1
{x+1-x>5 (x 21
L
ix}B

x=21
_x+x-1>5

3ai 3. Phuong trinh : x* + 2mx + n =0 ¢6 nghiém < A’ >0e>m%—n > 0.

2

Xét phuong trinh | x? + 2{1{ - i—]mx + n[k + %] =@\ Ta cé :

=(k+lJ mz—u[k+-1-J :Lk -1—
k k k

[ 1
Vay phuong trinh x? + 2[1& + i—]mx +.1

) (m®0h) > 0
)

2
= 0 cang c6 nghiém.

'}:‘l»—-

3ai 4.
-a + b’$"3 a=-1
1. Vi (D) di qua A(-1; 3) va B(2: 0) né o
- ) = {2a+b=0 {b:z.
2. Xét phuong trinh hoanh dé giao diém cua (D) va (P) :
kx*=-x+2 o kx*+x-2=0 (*) (k=0)
Duong thing (D) ti€p xuc véi parabol (P) khi va chi khi phuong trinh

(*) co nghiémkép ©A=0<1+8k=0 = k = g

bai 5.
a) Tacé : MA = MB (gt); OA = OB (= R)
nén MO la dudng trung truc cua AB A—1 A\l
= MO 1 AB tai K. M
b) Xét AMAE va AMFA ¢6 : I

AME chung, MAE = MFA (géc giita tiép
tuyén mot day va géc nji tiép cung chén cung AE) B
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MA ME 5
5 AMAE & AMFA (g. MA _ME | \aA?- MEMF.
? @ 88 = VF "MA

¢) Ta c6 MO la dudng trung truc cua doan AB (cmt) nén K la trung diér
cia AB, I la trung diém cua AH (gt) = IK la duong trung binh cu

AAHB = IK // HB = EIK = ECB (déng vi) ma ECB = EAB (géc ni
tiep cung chidn cung EB) = EIK = EAB.

Do d6 ti gisgc AEKI ngi tiép = KEI = KAI.
Lai ¢c6 AEI = ABC (géc ndi tié€p chdn cung AC) ma KAI + ABC = 90
(do AHB =90°) = KEI + AEI = 90° hay AEK = 90°.
d) Ta cé bon diém A, E, B, C cung thugc duong tron (O)
— AEB + ACB = 180° hay AEK + KEB + ACB = 180°
— 90° + KEB + ACB =180° = KEB =90° - ACB.
Lai c6 KMB = 90° - ABM ma ABM = ACB. Do d6 KEB = KMB
— T\ giac MEKB noi tiép.|

— EMK = EBK ma EBK|4 EAM (géc nol tiép va goc giua ti€p tuyé
mot day cung chin cung EAJ:

— EAM = EMK ching t6, OM tiép xtc vdi duong tron ngoai ti€p AME.

DE 12
Bai 1.
a) .Giai phuong trinh : x2 - 4x + 4 = 49.

(x-y)P +3(x-y)=4

b) Giai hé phuong trinh :
2x + 3y =12.

3(x +1) x -1
< .

¢) Giai bat phuong trinh : 2 +

Bai 2.

a) Tim gid tri cda x dé biéu thic

c6 gia tri 16n nhat.
P 2J§x +5

a+va’-b?> a-+va’-b?| 4Va'-a’h’
a-yat=b* a+va®=pf b?

véi lal>|bl> 0. Rit gon biéu thic P.

b) Cho biéu thic P = [

Bai 3. Néu hai vdi nudc cung chdy vao mot cdi bé khong c6 nudc thi sau ]
gid bé day. Hai voi cung chay 8 gi¢ thi ngudi ta khéa voi I, con voi
tiép tuc chay. Do ting céng sudt voi II lén gap doéi, nén voi II da chi

r
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day phan bé con lai cua bé trong 3 gid rusi. Hoi n€u moi voi chay mot
minh véi cong suat binh thudng thi phai bao lau méi day bé ?

3ai 4. Cho tam gidc ABC cé cac goc deu nhon (AB # AC) nai tiép trong duong
tron (O). H la giao diém cac dudng cao AD, BE, CF va Q la diém doi
xung cua H qua trung diém doan BC.

a) Ching minh BEF = BED = QBC.
b) Ching minh Q nidm trén dudng tron (O).

¢) Tir A ké Ax // EF, dudng thang Ax cit duong thing BC ¢ K. Chimg minh
Ax 1a tiép tuyén cia duong tron (O) va AK” = KB.KC.

d) Goi I 1a diém déi ximg cua O qua BC. Chimg minh rang AO = HI.

3ai 5. Cho hai sé thuc duong x, y thoa man = + 2 > 23. Tim gia tri nho nhat

X Yy
o e xif ) 6 7
cua biéu thiac P = 8x + — + 18y + —.
X b
Lot giai

3ai 1.
a) Vx2 -4x+4 =49 o J(x-2)% =49 o |x-2| =49

x-2=49 x = b1
o
X T 2=-49 X =47,

b) Xét phuong trinh : (x —y)*+8(x="y) =4

Batu=x—y,tac6:u2+3u=4c:»u2+3u—4=0c:[

« Néuu=1.Tacéheé:
x-y=1 3x -3y =3 5x =15 x=3
=" oce <
2x + 3y = 12 2x + 3y =12
« Néuu=-4.Tacéheé:

XxX-y=-4 - 3x — 3y
2x + 3y =12 2x + 3y

I

1

12 [5x=0 -0
12 Xy =l

Vay hé c¢6 hai nghiém : (x; y) = (3; 2), (x;y)=(0; 4).

o) 94353 g X1 o 164+ 3(xe1)<24-2x— 1)
< 16 +3x+3<24—-2x+ 2
= 5x<7<:>x<z.

8
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Bai 2.
a) Taco: x> -2¥2x+5=(x-+v2?+3>3 (Diu"="xay ra < x = v2).
1

i gl
a —— e —— T, —
o x2-2/2x+5 3

Vay biéu thue

> . dat gia tri l6n nhat bang 1 o x= V2
x? - 2J2x + 5 3

b) Vsi didu kién lal>Ibl> 0. Tacé :

p_ larva®-b®) —(a-va'-b*) 4ya®(a® - b?)
(a +ya® - b*)a - ya® - b?) b
a’ + 2ava® - b% + a2 -b? —-a® + 2ava®? - b? - a? + b? b?
a® ={a®~b%) .4|a|_\/32_-—b‘2
4ava? - b? b? | ;; néua>0
b2 4lalVaZ -2 _ L+l néu a<0.

Bai 3. Goi x (h) 1a thyi gian dé voi 1 chay day bé mét minh, y (h) la ths
gian dé voi Il chay day bé mot minh. Diéu kién : x > 12, y > 12.

=

Mot gig voi I chaydugc }—(bé"). Mot gio'voi 1T chay duoc l(l:)é).
X y

Mot gio ca hai voi chay duge % (bé).

Theo dé bai, ta ¢cé hé phuong trinh :

b G 2 A\ 17 1 i i

X Y 12 X Y 1 =5 —'l'ﬁ':E [—=E x =28
o= <

8 72 7 1 X s y =21

__—+_._—-=1 _—= - y=21 y=21

12 2y y 3

Vay voi I chay day bé trong 28 gio va voi II chay day bé trong 21 gid.

>

a) Goi M la trung diém cua BC ta c6 :
MH = MQ (tinh chat déi xing)
"W /
‘ /
Q

Do dé i giac BHCQ la hinh binh
hanh (cdc dudng chéo cit nhau
tai trung diém méi dudng)

o . - K
= CBQ = C, (sole troug) (1)

Lai c6 tit gidc BFEC néi tiép (BFC = BEC = 90° (gt))
7t
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— BEF =C, (g6c ndi tiép cung chdn cung FB) (2)

Dé thay ti gidc DHEC noi tiép (HEC + HDC = 180° (gt))

— BED =C; (géc ndi ti€p cung chin cung HD) (3)

Tir (1), (2) va (3) = BEF = BED = QBC.

Ta ¢6 BHCQ la hinh binh hanh (emt)

= BQC = BHC (géc déi) ma BHC = FHE (déi dinh)

= BQC = FHE (4)

Lai ¢6 ti gidc AFHE nai tiép (AFH + AEH = 180° (gt))

= BAC+FHE =180°  (5)

Tir (4) va (5) > BQC +BAC = 180° = Ti gisgc ABQC nji tiép hay Q
thudc dudng tron (O).

* Ax // EF (gt) > xAC = AEF (so le trong)

Tu giac BFEC noi tiép (cmt) %! AEF = ABC = xAC = ABC (6)
Goi Ax’ la tiép tuyén cta (O) (tia AX' thujc nira mat phang bd AC khong
chira diém B), ta c6 x'AC = ABC (7)

T (6) va (7) = tia Ax va Ax' phdj trung nhau hay Ax la tiép tuyén cua
dudng tron (0).
* Xét AAKB va ACKA, c6-AKC, chung, BAK = KCA (géc giita tiép tuyén
mot day va géc ndi tiép cung chin cung AB)

AK KB

Do dé AAKB v ACKA (g.g) = = - 25 _, AK? = KB.KC.
&8 = RCc " AK =

Ta c6 M la trung diém ciia BC (gt) = OM L BC (dinh li dudng kinh va
day cung).

Lai c6 I déi xding véi O qua BC = M la trung diém caa OI.

Mat khdac M la trung diém cia HQ (gt) = Tu giac HOQI 1a hinh binh
hanh (hai dudng chéo cdt nhau tai trung diém méi dugng) = HI // 0Q
va HI = 0Q ma 0Q = OA (= R) = OA = HL

Bai5.Tacé: P= [8x+g]+(18y+2}+(3+_5_]

30

X

y X Yy

Theo bat ddng thic Cosi, véi x > 0, ta c6 : 8x + L > 2."8)(.2 =8 (1)
X

X

Tuong tu : 18y + — > 12 (2)

ol L X

Theo gia thiét : — + 2 > 23 (3)
y
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Cong vé vdi vé cdc bat dang thuc (1), (2) va (3) ta dugc :
P>8+ 12 + 23 = 43.
Vay gia tri nhé nhat cua P bang 43.

8)(:E
X x--]—
9 =
I)é’u “=” Xay ra < 18y = — <S> ?
Yy
) B
i+§=23‘ 2
X Y
DE 13
o 3 b-b = b3 2 bvb
Bai 1. Rit gon biéu thuc A = (Ja— )+(‘/_ J_) + an+ \/_
a-b ava + bvb

(vdia>0,b>0vaa=#b)
Bai 2. Cho phuong trinh : (m + Dx*—2(m - 1)x + m — 2 = 0.
a) Xdc dinh m dé phuong trinh ¢6/hai nghiém phan biét.
b) Xac dinh m dé phuong trinh-eé-mét nghiém bang 2 va tinh nghiém kia.
¢) Xac dinh m dé phuong trinh ¢6 hai nghiém x,, x, théa man hé thuc :
1 1-17

—_—+— = -

X, x:z - 4
Bai 3.
- . a2t » 1 2 % ] 1
a) Tim toa do giao diém cua parabol y = -?—,x va duong thang y = E(x + 21,

b) Véi gia tri nao cia k dé dudng thdng y = k(x — 1) tiép xic véi parab

1,
y=—=x“7?
3

Bai 4. Mot mat phiang di qua truc OO’ ciia mdt hinh tru, phan mat phang d
bi giéi han bdi hinh tru la mgt hinh cha nhat cé dién tich 1la 72cm
Tinh dién tich xung quanh va thé tich hinh tru, biét rang dudng kin
dday bang mot nira dudng cao.
Bai 5. Tu mot diém A d ngoai duong tron (O) ké hai tié€p tuyén AB va A
dén (0) (B, C la cac tiép diem). Vé dudng kinh BD cua dugng tron (O
AD cat duong tron (0) 6 E.
a) Ching minh : AB* = AE.AD.

b) Ké duong kinh EK cua duong tron (O), KC cit DE ¢ I. Ching minh
1a trung diém cua DE.
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¢) Goi H la giao diém cia OA véi BC. Chitng minh HC la tia phan giac
cua géc DHE.
d) Goi S la giao diém cta hai tia OI va BC. Ching minh SD la tiép tuyén
caa (O).
Loi giai
Bai1l.V6ia>0,b>0vaa=#b,tacé:

3(J:E—b)+(J;—JE)3+ZaJ;+bJE

== b ¥ TV -

__3ba-Vyb)  aV/a-3aJb+3bVa-byb+2a+bib
(Va - vb)/a + Jb) (Va + vb)a - Vab + b)

_ 3vb(va - Vb) N 3ava - 3avb + 3bva

(Va - vbxva +vb) (Va + vb)a - Vab +b)
__3hbta-yb) | 3/aa-Vab+b)

(va - vyb)+a + vb) (Va + Jb)a - Jab + b)

_ b 3 3fai3dh 3davb)_,

Ja+vdb Ja+vdb  Jatvb[ JVa+vb

Bai 2.

a) Phuong trinh (m + L)x* ~+.2(m — 1)+ -m+ 2 = 0 c6 hai nghiéem phan
biét khi va chi khi :
{m +120 m -1
' o 2
A's0 Fm=D"=m+nm=2) >0

m # -1
NN\ 2 2 |
m°-2m+1-m“+2m-m+2>0

m# -1 m# -1
& it
-m > -3 m < 3.

b) Phuong trinh (m + 1)x* - 2(m — 1)x + m — 2 = 0 ¢6 mjt nghiém bang 2
nén ta co :
(m+1)2°-2m-12+m-2=0 < 4m+4-4m+4+m-2=0
om+6=0 < m=-6 (théa diéukiénm< 3, m = -1)
Vay khi m = —6 thi phuong trinh (m + 1)x* - 2m - 1)x + m - 2 = 0 ¢6
mjt nghiém bing 2.
Khi m = -6 phuong trinh (m + 1)x* = 2(m - 1)x + m ~ 2 = O ¢6 hai
nghiém phéan biét x,, x,. Theo hé thic Viét ta cé :
2m-1) 2(-6-1 14
m +1 -6+1 5

X1 + X =

82
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frong do X, = 2 nén Xy = ?"

14 22:4_-
5

Vay nghiém con lai cua phuong trinh trén la x, = %

¢) Phuong trinh (m + 1)x* — 2(m - 1)x + m — 2 = 0 ¢6 hai nghiém x,, x,

thoa man hé thic 2 - LA % khi va chi khi :

X3 X

A'>0 JA'20 A'>0

1. 1 7 &ik+x 7 <12m-1) m-2_7

X, X, 4 [ X1Xy 4 m+1 m+1 4

i (m = -1 m# -1

A'>0 . -

=2 {2(m-1) 7 & | &5 < m= -6

e m # 2 m # 2

m-2 4 gy g=tmr=yq m=-6

Do d6 khi m = -6 thi phuong trinh (m + 1)x* - 2m - 1)x + m -2 =0
¢6 hai nghiém x;, x, thoa man hé thuc Y - L\
X, X9 4

Bai 3.
a) Toa do giao diém (cud parabol y = %xz va dudng thidng y = -é(x +21)

A nghiém cua hé phueng trinh :
1 2

= =X y—_——x 1 2
= —X
? = 3 it , 3
y = glx+21) —x? = —(x +21) 2x%2 -x-21=0
ryzlx2 "{xl__a
y; =3
_— ~1-13 - 7
X 1 x2=§
” =1+13___:?_ _49
L2 4 2 27 12

Vay toa do giao diém cta parabol y = %xz va dutng thdng y = -é(x +21)
7 49 " o % .2
a(-3; 3) va [E, E] (ta c6 thé xét phuong trinh hoanh do giao diém).

b) ?huong trinh hoanh do giao diém cia dudng thdng y = k(x — 1) va
rarabol y = %x2 la : -;-xz =k(x-1) < x*-3kx+3k=0

83
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Duong thang y = k(x — 1) tiép xic vdi parabol y = gxz khi va chi khi

phuong trinh x* — 3kx + 3k = 0 c6 nghiém kép < A =0
& (-3k)*-4.3k =0 < 9k’ - 12k =0 < 3k(Bk -4)=0
kl = 'U'

- k=0 - i
3k"’4=0 kz:-r;

Véy khi k = 0 ho#ic k = -% thi diging thing ¥ = kix ~ 1) tigp xike v

parabol y = %xz.

Bai 5.

a) Xét AABE va AADB c6 : BAE chung, B
ABE = ADB (géc giita tiép tuyén mot K
day va géc noi tiép cung chin BE) p H 0
Do d6 AABE « AADB (g.g)
-, AB _AE J/ AB*= AEAD—J(1) : g

AD AB C D

b) BD va EK la hai dugng kinh-cua,(O)(gt)
— BOE = DOK (déi dinh) = BE = DK. S
Khi d6 sdABC = alill ; LA (gée-gidra-ti€p tuyén va mot day).
Lai c6 : sdAIC = 2K ; ol (géc ¢ dinh nam bén trong duong tron)
— ABC = AIC.

84

c)

Do dé bon diém A, B, I, C cung thugc mot dudng tron.

Mit khdc ta c6 ABO + ACO =180° = Bén diém A, B, O, C cung thuje
duong tron dudng kinh AO hay nam diém A, B, O, I, C cung thugc mot
duong tron dudng kinh AO = AIO =90° hay O L ED = I la trung
diém cta DE (dinh li dudng kinh day cung).

Ta ¢6 AB = AC (tinh chat tiép tuyén cit nhau); OB = OC (= R) né'n AO
l1a dudng trung truc cia doan BC = OA L BC tai H.

Xét tam gidc vuong ABO c6 dudng cao BH ta co :
AB*=AO.AH (2) (hé thuc lugng)
Tu (1) va (2) = AO.AH = AE.AD.
Do d6 AAHE « AADO (c.g.c) = AHE = ADO. Vay ti giac EHOD npii tiep
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—, OHD = OED (géc noi tiép chin OD) ma OED = ODE (AOED can)
-5 OHD = ODE ma ODE = AHE (ecmt) = OHD = AHE.
Lai c6 : OHD + DHC = 90° va AHE + EHC = 90° = DHC = EHC
Chung to HC la phan gidc cua goc DHE.

d) Ta 6 : BCD =90° (BD la duong kinh) = SCD = SID = 90°.
Do dé t giac SCID noi tiép = ICD = ISD ma ICD = KED (géc noi tiep
cung chin cung KD) = KED =ISD chimg t6 bon diém O, E, S, D cung

thudpe mot duong tron. Ma E, H, O, D cung thugc mot dudng tron (cmt)
—» Nam diém E, H, O, D, S cung thugc mot dudng tron

— SDO = SHO = 90° hay SD la tiép tuyén cua dudng tron (O).

DE 14
xz—\/; 2x+& 2(x-1)

- + :
x+J;+1 Jx J;ﬂl

Bii 1. Cho biéu thuc P =

1. Rut gon P.

2. Tim gia tri nho nhat cua P.
3. Tim x dé biéu thic Q = —‘I{;— nhan gia tri la sé nguyeén.

Bii 2. Trong mat phang_toa do Oxy, cho parabol (P) : y = —x* va dudng
thing (d) di qua diém 1(0; —1) ¢6 hé sé géc k. |

1. Viét phuong trinh dudng thing (d). Ching minh véi moi gid tri k, (d)
luon cat (P) tai hai diém phan biét A va B.

2. Goi hoanh do cua A va B la x; va x,, ching minh b —sl 52

3. Chung minh tam gidac OAB vudng.

Bii 3. Cho tam gidc ABC c6 ba géc nhon noi tié€p trong dudong tron (O)
(AB < AC). Puong tron tam O, tiép xic trong vdi dugng tron (O) tai M,
tiép xdc v6i hai canh AB, AC lan lugt tai L va K. Goi E la giao diém
thua hai cua MK véi duong tron (O).

a) Chuang minh ME la tia phan gidc cua géc AMC.

b) Tia phan gidc Mx cia géc BMC cdt LK tai I. Ching minh rang bon
diem M, I, K, C cung thuéc mot dudng tron.

¢) Chung minh CI la tia phan gidc cua géc BCA.
Bii 4. Gia su x, y, z 12 cdc s6 thuc thoa man diéu kién :
X+y+2zZ+Xy+yz+zx=6.

Ching minh rang : x* + y* + z° 2 3.

85
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Loi giai
Bai 1.
1. Piéukién:x>0vax=1.

_ xx -Dx+Vx +1)

Tac6: P —21/;“1+2(J;+1)=X—JJ_(+1.
x+w/;+1
2
2. ., P=x- x+1=[J——l) +EEE
2 4 4
Vay gia tri nhé nhat caa P la -g dat dugce khi x = i
3. Q=2&= 2 viix>0,x=1
P N 1
X+—-1
Jx

Theo bat ddng thuc Cési, ta c6 :

4;+71__22f&._}=2 ) ,/;+%_1>1
’ 7\ 35

Suyra0<Q<2 ViQnguyénnén Q=1 x = E—

Bai 2.
1. Phuong trinh dudng thing (d) : y = kx — 1.
Phuong trinh hoanh d$ giao diém cua (P) va (d) : x* + kx - 1 = 0.

Ta c6 : A = k* + 4 > 0, Vk nén phuong trinh (*) luén c6 hai nghiém
phén biét < (d) ludén cit (P) tai hai diém phan biét.
1
xl + —
X

2. Tacoé:xx;=-1, trdé6 : |x,—x2l =

Nhan xét ring x, va ] cung ddu nén :

> 2 (bat ddng thuc Cosi)

X1

Vay |x1 - x2| > 2 (dpcm).
3. Tacé : A(x;; kx; — 1), B(xy; kxs — 1)
= OA? = xj +(kx; - 1)® = (k? + 1)x? - 2kx, +1
OB* = x5 + (kxy —1)? = (k? + 1)x2 - 2kx, +1
AB® = (x; - x;)® +(kx, —1-kx, +1)?
86
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2 2 2 2.2 2 2.2

= (k2 + Dx% + (k% + Dx3 - 2(k® + Dx; X,

I

(k% + Dx? + (k% + Dx3 + 2(k* +1)
Ta ¢6 : OA? + OB? = (k? + )x% + (k% + x5 - 2k(x, + X,) + 2
(k2 + Dx2 + (k? + Dx2 +2k? + 2 = AB?

I

— AOAB vuéng tai O.
jai 3.

a) Goi R la ban kinh cua duong tron (O)
va R, la ban kinh cua duong tron (O,).
Tacé: OM=0,K(=R))
hay AMO,K can tai O,

— O,MK = 0,KM,

Tuong tu AMOE can tai O

—~ OME=E = E:OTEM.

Do dé O,K // OE ma O,K 1 AC (gt)
— OE L AC = EA = EC:hay ME la phan gigc cia AMC.

b) Ta c6 tit giac ABMC noi tiép (gt) = BMC + BAC = 180°.
MI la phan gidc cua BMC_(gt)

BMC _ 180° - BAC BAC

= IMC = =90F - (1)
2 2

Lai c6 td gidc ALOK noi tiép (ALO; + AKO, = 180°)

=5 LKC)I = Lﬁ_él (g6c ndi tiép cung chin cung LO))

ma AKL + LKO, = 90°

— AKL = 90° - LKO, = 90° - LAO, = 90° - 5‘32 (2
Tt (1) va (2) = IMC = AKL.

Do d6 tu giac MIKC ndi tiép hay bon diem M, I, K, C cung thuoc mo
dudng tron.
e e ABC
¢) Ta c6 tu giagc MIKC noi tiép (emt) = KIC = KMC = EBC = =5

Lai ¢6 TRC = 90° + LKO, = 90° + DAC
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Xét AIKC ta c6 :
ICK =180° - (IKC + KIC) = 180° - IKC - KIC
BAC ABC _ . BAC ABC _ B’EA_
2 2 2 2
Do dé CI la tia phan gidc cua géc BCA.

=180° - 90° -

Bai4.Tacé: x> +122x; y*+122y; 2z°+122z:

2(x* + y* + z%) 2 2(xy + yz + zx)
Cong vé véi vé cdc bat dang thic trén, ta duoc :
3x*+y* +2) + 322X+ y+2Z+Xy+yz+2%)
<3x*+y' +29)+3226 o x*+y*+2z°23 (dpem)

Dau"="xayracox=y=z=1.

PE 15
3ai 1. Rat gon cdc biéu thic sau :
m-n m +n + 2¥mn

it~ [ - -

2. Q= a’b-ab’> Va-+b
' ab  Ja+b

Jai 2. Giai phuong trinh : V6 - x + Vx -2 = 2.

viim>0,n>0vam #n.

véra >0,'b > 0.

3ai 3. Cho cdc duong thing : (d)) :y=2x+2; (d):y=-x+2; (dy):y = 0.
Tim toa d¢ cdc giao diém A, B theo thi tu cua (d,) véi (d.,); (d,) véi (d,).
3ai 4. Cho goc vuong xOy va hai diem A, B trén canh Ox (A nam gia O va
B), diém M bat ki trén canh Oy. Pugng tron tam O’ duong kinh AB cit
tia MA, MB lan lugt tai diém thd hai la C, E. Tia OE cit duong tron
(O') tai diém thy hai F.
1. Ching minh bén diém O, A, E, M ndim trén mot duong tron. Xac dinh
tam cua duong tron doé.
2. Ti gidc OCFM la hinh gi ? Tai sao ?
3. Chung minh hé thic : OE.OF + BE.BM = OB~

4. Xac dinh vi tri cia diém M dé ti gidc OCFM la hinh binh hanh. Tim
moi quan hé gita OA va AB dé tu gidc la hinh thoi.

ai 5. Tinh : 320 +14v2 + 20 - 1442 (khéng ding mdy tinh b tai).

8
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Loi giai
Bai 1.
1. Véim>0,n>20, m#n, taco:
m-n
= vm +Vn;

Vm - Jn

, 2
m+n+2 mn:(\/;+\/;) :J]?{-\/l_].
JYm +Vn Jm + Vn

—P = 2(m +Vn).
. a’b-ab® Ja-Jb Va - Vb
2. Q — b .J;+J._—(a b): J.. J_
Ja - vb 5
= (Va-+vb)Xva+b): N = (Va ++b)%.

B-x+3222+2/6-xAx-2)=4
2<X<6

6-xAx-2)=0 [
& o
2<x<6
Bai 3. Toa do diém A théa man hé :

= 2 + 2 3x=0 ' 510
{y \V = { = o {x = A(0; 2).
y=-%X+%2 y=-x+2 e 2

Bai2.Taco: V6-x+/x-2=2 a{

> %
I
o N

Toa d$ diém B thoa man hé :

=2 2 =-1
{y . <> {x = Bi(=1; 0).
y=0 Vo0

Bai 4.

1. Tacé : AEB = 90° (AB la dudng kinh) => AEM = 90° (ké bu)
Do dé : AEM + AOM = 90° + 90" = 180"

= T gidc OAEM ndi tiép hay

bon diém O, A, E, M cung nam

tréen mét dudng tron dudng kinh
MA va tam la trung diém cia MA.

y

2. Tu gigc OAEM nji tiép (emt) ] E
— OMA = OEA 5 -

Mat khdc ti gide AEFC noi tiép
dudng tron dudng kinh AB nén
OEA = C) (cung bu véi AEF) = C; = OMA. C
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Do d6 OM // CF (cép goc so le trong béing nhau) = OCFM la hinh thang.

. Xét AOBE va AOFA c6 AOF chung, OBE = OFA

E
= AOBE « AOFA (g.g) = L = OE.OF = OA.OB (1)
OA OF
Lai ¢6 hai tam giac vuong AEB va MOB c¢é chung géc B
BE AB
= AAEB «» AMOB (g.g) —_— = — BE.BM = AB.OB (2
&8 = 0B BM )

Tu (1) va (2) = OE.OF + BE.BM = OB(OA + AB) = OB2

. Goi giao diém cua CM véi OF la I; cia CF véi AB la K.

Hinh thang OCFM la hinh binh hanh < I 1a trung diém cia OF.
& A I2 trong t&m A COF < AK - éOA. Khi d6 ta o6 cdch dimg didm M
nhu sau:

— Dung diém K thudc tia OA sao cho: AK = %OA

— Dung dudng thdng qua K va vuong géc véi AB cdt dudng tron
dudng kinh AB tai F va C.
— Noéi C véi A
— Lay M la giao diém cua €A vdi tia Oy.
Ta c6 M la diém can dung.
* Hinh binh hanh OCFMda hinh thoi
<> CI L OF < ACOF déu < A la tdm tam gidc déu COF
& CAO' = 60° <::>0A=AC=AO'=A—QB-.

(phén déo xin ban tu chimg minh).

Bai 5. Dat x = ¥ZO+14~/§+2[20ﬁ14J§. Ta c6 :

90

2
X = 20 + 1442 + 20 - 1442 + 3(%/20 T 14J§) 320-1442 +

2

+ 3¥20+1442 .(%0 ~1442 )
= 40+ 3%20 + 142 320 - 14J§.(%/20 +1442 + 320 - 14J§)

-

X

= 40 + 33202 - (1442)% x = 40 + 6x
SxX-6x-40=0 o x*-4x’ +4x* - 16x+ 10x - 40 =0
O xHx-4)+4x(x—4)+ 10(x—-4)=0 oS (x-4)x*+4x+10)=0

x-4=0
|, ) oSx=4
X“ +4x+10 =0 (v6 nghiém)

Vay : y20+14J§+2/5()—14J§ =4,
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Phén IIT

CAC DE THI TUYEN SINH VAO LGP 10 THPT
NAM HOC 2010 - 2011

A. DE BAI
PE THI TUYEN SINH VAO LOP 10 THPT TP. HA NOI

Jx 2Jx  3x+9

Bai 1. (2,5d) Cho biéu thuc A = ot =
Jx+d Jx-3 %-9

,vdix>20vax=9.

1. Riit gon biéu thuc A.

] ) 1
2. Tim gid tri caa x dé A = %

3. Tim gia tri 16n nhat cua biéu thiie A.
Bai 2. (2,5d) Giai bai toan sau bang-cdch lap phuong trinh :
Mot manh dat hinh chit nhat ¢ do dai_duong chéo la 13m va chié
dai 16n hon chiéu rong 7m. Tinh chiéu dai va chiéu rong cia manh d:
dé.
Bai 3. (1d) Cho parabol (P) "y = —x*va dudng thiang (d) : y = mx — 1.
1. Chimg minh ring véi moi gid tri cia m thi dudng thang (d) luon c
parabol (P) tai hai diém phan biét.
2. Goi x,, X, lan lugt 1a hoanh dd cac giao diém cia dudng thing (d)

parabol (P). Tim gi4 tri cia m dé : Xi Xy + 05Ky —Xy¥p = 3.

Bai 4. (3,5d) Cho dudng tron (O) c6 duong kinh AB = 2R va diém C thui
duong tron dé (C khédc A, B). Ldy diém D thugc day BC (D khac B, C
Tia AD cit cung nhé BC tai diém E, tia AC cit tia BE tai diém F.

1. Chimg minh FCDE la tu gidc néi tiép.
2. Chuing minh : DA.DE = DB.DC.

3. Ching minh : ACFD = AOCB. Goi I la tam dudng tron ngoai tiép
giac FCDE, ching minh IC la tiép tuyén cua dugng tron (O).

4. Cho biét DF = R, chimg minh : tan AFB - 2.

Bai 5. (0,5d) Giai phuong trinh : x* + 4x + 7= (x + 4Vx% + 7.
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PE THI TUYEN SINH VAO LGP 10 THPT TP. HO CHi MINH
)ai 1. (2d) Giai cac phuong trinh va hé phuong trinh sau :

i 4x +y =-1
a) 2x*-3x-2=0 b) {2
6x -2y =9
c) 4x' - 13x* +3 =0 d) 2x%-2V2x-1 =0.
ai 2. (1,5d)
2
a) Ve do thi (P) cua ham s6 y = __x_z_ va dudng thing (D) : y = %x -1

trén cung mot hé truc toa do.
b) Tim toa do cac giao diém cia (P) va (D) bing phép tinh.
ai 3. (1,5d) Thu gon cac biéu thic sau :

A= 12-643 + Y21 -12V3
= 5J2+J5+J3J5—Jg}2+2[J2J§+J3+J5‘E]

ai 4. (1,5d) Cho phuong trinh x° - (3m'+ 1)x + 2m* + m — 1 = 0 (x la an sé).

2

a) Chung minh rang phuong trinh luén luén c6 hai nghiém phan biét véi
moi gia tri cua m.

b) Goi x,, x, la cdc nghiém cua phuong trinh. Tim m dé biéu thire sau dat,
gid tri 16n nhat : A = x? + x5 - 3x,X,. -

ai 5. (3,6d) Cho duong tron tam O dudng kinh AB = 2R. Goi M la mét
diém bat ki thugc dudng tron (O) khac A va B. Cac tiép tuyén cua (O)
tai A va M cdt nhau tai E. Vé MP vuéng géc véi AB (P thuoc AB), vé
MQ vudng goc véi AE (Q thuoc AE).

a) Chung minh riang AEMO la ti giac ngi ti€p dudng tron va APMQ la
hinh chi nhat.

b) Goi I la trung diém cua PQ. Ching minh O, I, E thiang hang.

c) Goi K la giao diém cua EB va MP. Ching minh hai tam giac EAQ va
MPB dong dang. Suy ra K la trung diém cia MP.

d) DPat AP = x. Tinh MP theo R va x. Tim vi tri cua M trén (O) dé hinh
chir nhat APMQ c¢6 dién tich 16n nhat.

DE THI TUYEN SINH VAO LGP 10 THPT TiNH VINH PHUC

1AN | : TRAC NGHIEM (2d) Trong bon cau tir cau 1 dén cau 4, médi cau déu
¢6 bon lua chon, trong dé cé duy nhat luya chon ding. Em hay viét vao
ty giay lam bai thi chir cai A, B, C hoac D dung trudc lua chon ma em
cho la ding (vi du : néu cau 1 em chon lua chon A thi viét la 1.A).

(A=)
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Bai 1. (0,5d) Gia tri cia ¥10.J40 bang
A. 10 B. 20 C. 30 D. 40.

Bai 2. (0.5d) Cho ham s6 v = (m — 2)x + 1 (x la bién, m la tham so6) dox

»

bién, khi d6 gia tri caia m thoa man :
A . m=2 B.m<?2 C.m>2 D m=1.

Bai 3. (0.5d) Néu mot hinh chir nhat ¢6 hai duong chéo vuong géc véi nh:
va do dai mot canh cia hinh chi nhat dé bang 0,5¢m thi dién tich ct
né bang :

A. 0,25cm” B. lem® C. 0,5cm” D. 0.15cm”.

Bai 4. (0,5d) Tat ca cac gia tri cua x dé biéu thie ¥x + 2 ¢6 nghia la :
A x< -2 B.x<2 C.xeR D. x> -2.

PHAN Il : TY LUAN (8d)
[4x-5y-=-5

Bai 5. (2d) Giai hé phuong trinh : ~
[cix + 7y = -1

Bai 6. (1,5d) Cho phuong trinh | x*~2(m - )x + m - 5 = 0 (x la an, m
tham so).

1 Chimg minh ring phuong trinh da cho cé hai nghiém phan biét x,,
vdi moi gia tri cua m.

2 Tim tat ca cdc gid tri cua m dé phuong trinh da cho c6 hai nghié¢m :
x, thoa man diéu kién x,f + xi = 1.

B:ai 7. (1,5d) Cho mot tam gidc c6 chiéu cao bang g canh day. Néu chiéu c

tang thém 3m va canh ddy giam di 2m thi dién tich cua tam gidc
tang thém 9m*. Tinh canh ddy va chiéu cao cua tam giac da cho.

B:i 8. (2d) Cho duong tron (0), M la mot diém nam ngoai duong tron ((
Qua M ké hai tiép tuyén MA, MB dén duong tron (O) véi A, B la ¢
tiep diém; MPQ la mot cat tuyén khong di qua tam cua dudng tr
(0), P nim giita M va Q. Qua P ké duong thang vuong goc véi OA ¢
AB, AQ tuong ng tai R, S. Goi trung diém doan PQ 1a N.

Chimg minh rang :
1 Céc diéem M, A, N, O, B cung thuoc mot duong tron, chi ro ban ki
cua duong tron doé.

2 PR~ RS.

Biai 9. (1d) Cho a, b, ¢ la do dai ba canh cia mot tam giac ¢6 chu vi bang
Tim gid tri nhé nhat cia biéu thuc P = 4(a” + b’ + ¢”) + 15abc.
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PE THI TUYEN SINH VAO LGP 10 THPT TINH PHU THQ
Bai 1. (2d)

a) Tinh 2V4 +3V25.
b) Giai bat phuong trinh : 2x - 10 > 0.
¢) Giai phuong trinh : (3x — 1Xx - 2) - 3(x* - 4) = 0.
Bai 2. (2d) Mot khu vuon hinh chir nhét c6 chiéu dai hon chiéu rong 20m va
dién tich la 2400m® Tinh chu vi khu vuon dé.

mx-y=3

Bai 3. (2d) Cho hé phuong trinh : { (m la tham sé6)

X+my =4
a) Giai hé phuong trinh khi m = 2.
b) Ching minh hé phuong trinh luén c¢6 nghiém duy nhat véi moi m.
Bai 4. (3d) Cho tam gidc ABC c6 ba géc nhon. Pudng tron tamn O dutng kinh
BC cit AB, AC tai D va E. Goi H 12 giao diém cua BE va CD.
a) Ching minh t gidc ADHE néi tiép duge dudng tron.
b) Goi I la trung diém cia AH. Ching minh 10 vuéng géc véi DE.
¢) Chung minh AD.AB = AE.AC.

Bai 5. (1d) Cho x, y la hai s6 thuc duong théa man x + y <

|-

Tim gid tri nho nhit cia biéuthic A=x +y + —1-+l
X Y

PE THI TUYEN SINH VAO LOP 10 THPT TiNH NAM DINH

'HAN | : TRAC NGHIEM (2d) Mbi cau sau cé néu bon phuong dn tra loi,
trong dé chi c6 mét phuong 4n diing. Hay chon phuong dn ding (viét
vao bai lam chir cdi ding trudc phuong dn duge lua chon).

3ai 1. (0,25d) Phuong trinh (x - 1)(x + 2) = 0 tuong duong vdi phuong trinh :

A xX*+x-2=0 B.2x+4=0
C.x*-2x+1=0 D.x*+x+2=0.
3ai 2. (0,25d) Phuong trinh nao sau day c6 téng hai nghiém bédng 3 ?
A xX*-3x+14=0 B.x*-3x-3=0
C.x*-5x+3=0 D.x*-9=0.
3ai 3. (0,25d) Trong cdc ham s6 sau, hAm s6 nao déng bién trén R ?
A. y = -5x* B. y = 5x* C.y:(\ﬁ—mx D.y=x-10.
3ai 4. (0,25d) Phuong trinh x* + 4x + m = 0 c6 nghiém khi va cl;ni khi :
A m>-4 B.m«<4 C. m<4 D. m> —4.
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Bii 5. (0,25d) Phuong trinh V3x + 4 = x ¢6 tap nghiém la :
A. (1; -4) B. {4; 5] C. {1; 4] D. {4).

Bii 6. (0,25d) Néu mot hinh vuéng c6 canh bang 6cm thi dudng tron ngoai
ti€p hinh vuéng dé ¢6 ban kinh bing :
A. 6J2cm B. J6cm C. 3v2em D. 2/6cm.

Bii 7. (0,25d) Cho hai dudng tron (O; R) va (O; R) ¢6 R = 6cm, R’ = 2cm,
0O0O' = 3em. Khi dé, vi tri tuong doi cua hai duong tron da cho la :
A. cit nhau B. (O; R) dung (O; R')
C. ¢ ngoai nhau D. tiép xic trong.

Bui 8. (0,25d) Cho mgt hinh nén ¢6 ban kinh ddy bing 3cm, cé thé tich bing
18cm”. Hinh nén da cho c¢6 chiéu cao bing :

A. Ecm B. 6cm C. écm D. 2cm.
n n

PIAN 11 : TY LUAN (8d)

viix>0vax=1

Bui 1. (1,5d) Cho biéu thic P = [ 2 Vx J Vx
X +

+
JEHD) Vx +1 Jx +2

1. Rit gon biéu thic P.
2. Ching minh riing khi x = 3 + 242 thi P;= %

B 2. (1,5d)

1. Cho ham s6 y = 2x + 2m + 1. Xdc dinh m, biét ring dé thi cia ham sé
di qua diém A(1; 4).

2. Tim toa d diém cua do thi ham s6 y = x° va d6 thi ham s6 y = 2x + 3.
x-t»y+17+ X + 2y _9
Bii 3. (I1d) Giai hé phuong trinh : { x+2y x+y+1
3x+y=4.

Bii 4. (3d) Cho dudng tron (O; R) va mét diém M nim ngoai dudng tron sao
cho OM = 2R. Pudng thing d di qua M va tié€p xic vdi dudng tron (O; R)
tai A. Goi N 12 giao diém cta dudng thing MO véi dudng tron (O; R).

1. Tinh d¢ dai doan thing AN theo R. Tinh sé do géc NAM.

2. Ké hai duong kinh AB va CD khédc nhau cia dudng tron (O; R). Céc
dudng thing BC, BD cit dudng thang d lan luot tai P, Q.

a) Chung minh ti gidc PQDC ndi tié€p.
b) Chung minh : 3BQ - 2AQ > 4R.
B 5. (1d) Tim tat ca cdc cip sé (x; y) théa man diéu kién :

2(ny -4 +yJx —4] = Xy.

95
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" PE THI TUYEN SINH VAO LGP 10 THPT TP. HUNG YEN
Bai 1. (2d)
a) Rut gon biéu thuc A = (Jz—o - 45 + 3\/3)\[5

b) Tinh B = y(+3 - 1) - 4/3.

Bai 2. (2d)
a) Giai phuong trinh x* — 13x* - 30 = 0.

|

b) Giai hé phuong trinh

M b M|
I
o 2]

i A e

Bai 3. (2,5d) Cho hai ham s6 y = 2x° ¢6 d6 thi (P)va y = x + 3 ¢6 dd tai (d),
a) Ve cdc do thi (P) va (d) trén cung mot mat phéng toa dj Oxy.

b) Goi A la giao diém ctia hai dé thi (P) va (d) ¢6 hoanh d§ am. Viét
phuong trinh cia dudng thing (A) di qua A va c6 hé so géc bamg—1.

c) Puong thing (A) cdt truc tung-tai C, cdt truc hoanh tai D. Pudng
thdng (d) cit truc hoanh tai -B. Tinh ti sé dién tich cia hai tam giac
ABC va tam giiac ABD.

Bai 4. (3,5d) Cho hai dudng tron,(C),tam O, ban kinh R va duong tcon (C')
tam O, ban kinh R' (R > R') cat nhau tai hai diém A va B. Ve tiép
tuyén chung MN cua hai dudng tron (M e (C), N e (C")). Buc:ng thang
AB cit MN tai I (B nam giia A va ).

a) Chuig minh ring : BMN = MAB.
b) Chimg minh ring *IN? = IA.IB.

c) Puong thing MA cit duong thing NB tai Q; duong thing NA cit
dudng thing MB tai P. Ching minh rang MN song song véi QP

PE THI TUYEN SINH VAO LGP 10 THPT TINH THAI BiNH
Bai 1. (2d)

" 3 1 x-9
1. Rit gon biéu thic A = [ + } vl x>0, xx#9.
x-3Jx Jx+3) Jx
1
2. Ching minh ring : J_[ ] =10,
J5 -2 Jg+ 2

Bai 2. (2d) Trong mat phang toa do Oxy cho dudng thing (d) :y = (k. - 1)X + n
va hai diém A(0; 2), B(-1; 0).

1. Tim cdc gid tri cua k va n dé :
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a) Dudng thdng (d) di qua hai diém A va B.
b) Dudng thang (d) song song véi dudng thdng (A) :y =x + 2 - k.

2. Cho n = 2. Tim k d€ dudng thdng (d) cdt truc Ox tai di€ém C sao chi
dién tich tam gidc OAC gédp hai lan dién tich tam gidc OAB.

Bai 3. (2d) Cho phuong trinh bédc hai : x* - 2mx+m-7=0 (1)
(véi m l1a tham s8).
1. Giai phuong trinh (1) vé6i m = -1.

2. Chung minh réng phuong trinh (1) luén ¢6 hai nghiém phén biét v¢
moi gia tri cua m.
3. Tim m dé phuong trinh (1) ¢6 hai nghiém x;, x, théa méan hé thuec :
' 1. 4

— + — = 16.
X, X

Bai 4. (3,5d) Cho dudng tron (O; R) ¢6 dudng kinh AB vudng géc véi day
cung MN tai H (H n&m giita O va B). Trén tia MN 14y diém C nin
ngoai dudng tron (O; R) saocho doan thing AC cét dudng tron (O; R
tai diém K khdc A, hai ddy MN va BK cét nhau  E.

1. Chdng minh AHEK la ti gidcnéi'ti€p; ACAE déng dang véi ACHK.

2. Qua N ké duong thdng vudng géc véi AC cdt tia MK tai F. Chung
minh ANFK cén.

3. Gia st KE = KC, Ching minh ;: OK /- MN va. KM* + KN? = 4R?,
Bai 5. (0,5d) Cho a, b, c la-cde-s6-thye-khéng-d&m-théa man a + b+c=3.

Ching minh ring : (a- 1)’ + (b-1)" + (¢ - 1) 2 -2.

PE THI TUYEN SINH VAO LGP 10 THPT TINH HAI DUONG
Bai 1. (2d) Rut gon céc biéu thic sau :

a) A= 25 -16 + 81 b) B = < wof8
J§+1
v2—
c) C= x 4x+4’ véi x > 2.
Xx-2

Bai 2. (2d) Cho ham s8 béc nhit y = ax + 3 ¢6 d thi 1a dudng thing (d).

a) X4c dinh hé sd a, biét duong thing (d) song sdng v6i dudng thidng y = 3x.
Vé (d) véi hé s8 a vira tim duge.

b) Putng thdng (d') c6 dang y = x + 1 cit dudng thdng (d) & chu a) tai
diém M. X4c dinh toa do di€m M.
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Bai 3. (2,5d)

a) Cho hai phuong trinh x* + 7x — 4 = 0. Ching té phuong trinh trén c¢

hai nghiém x,, x,. Khong giai phuong trinh, hay tinh x; + x; va x,x..
1+x

X +2 ) 2

c) Giai bai todn bing cédch lap phuong trinh :

b) Gidi phuong trinh :

Canh huyén cia mét tam giac vuong bing 13cm. Hai canh géc vuong cé
dé dai hon kém nhau 7em. Tinh d§ dai cdc canh géc vuéng cia tam

gidc dé6.

Bai 4. (3,56d) Cho nta dudng tron (O; R) dudng kinh AB. Vé ban kinh OC
vudng géc véi AB. Goi K 1a diém nim giita hai diém B va C. Tia AK cit

dudng tron (O) ¢ M.
a) Tinh sé do c4c géc : ACB, AMC.

b) V& CI vudng géc AM (I thugc AM). Chitng minh tit gide AOIC la t gide

noi tiép.
¢) Ching minh hé thic : ALAK = AO.AB.
d) Néu K la trung diém cia CB. Tinh/tanMAB.

PE THI TUYEN SINH VAO LGP 10 THPT TP. HAI PHONG
PHAN | : TRAC NGHIEM (24)
Bai 1. Can béc hai sd hoc'¢lia 51a"

A -5 B. +J5 C. V6 D. 25.
Bai 2. Ham sé nao sau day la ham s6 bac nhat ?
A.y=3x-3 B.y=-3x -3
1
C.y=-3 D.y= —x-3.
V3

Bai 8. Dudng thdng nao sau day song song vdi dudng thdng y = 2x — 3 ?

A.y=3x-3 B.y:%x+1
C.y=-201-x) D.y = 2(1 - x). |
Bai 4. Néu phuong trinh x* — ax + 1 = 0 ¢6 nghiém thi tich hai nghiém s& la :
A1l B. a C. -1 D. -a.
Bai 5. Pudng tron 12 hinh :
A. khong c6 truc ddi ximg. B. ¢6 hai truc déi xing.
C. c6 mdt truc ddi xing. D. ¢6 vd s8 truc ddi ximg.

o8
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N
A
A 5 B
70°
B 4 H 9 C M
Hinh 1 Hinh 2

Bai 6. Trong hinh 1, tam giac ABC vuong tai A, AH 1 BC. Dy dai caa doan
thang AH béng :
A. 6,5 B. 6 C.5 D. 4,5.

Bai 7. Trong hinh 2 biét AB la duong kinh ctia dudng tron (0), goc AMN = 70°.
So do géc BAN la :
A. 20° B. 30° C. 40° D. 25°.

Bai 8. Cho hinh chit nhat ABCD ¢6 AB = 3ecm, CB = 4cm. Quay hinh chu
rhat dé mét vong quanh canh AB dugc mét hinh tru. Thé tich hinh tru

¢o la :
A. 48cm® B. 36cm® C. 36nem” D. 48nem’.
PHAN 1 : TY LUAN (8d)
Bai 1.(1,5d) Cho biéu thite/M = (JE <42 J4_0)J§ vaN = ﬁ‘ 2
+

1. Rit gon biéu thie MvaN. 2. “Tinh M+ N.
Bai 2.(2d)
1. Gidi hé phuong trinh :{3" P
-3x + 2y =5.
2. Gidi phuong trinh 3x* - 5x = 0.
3. Cho phuong trinh 3x* — 5x — 7m = 0. Tim gid tri cia tham s6 m dé
thugng trinh c6 nghiém duong.
Bai 3. (3,75d) Cho tam gidc ABC vuéng & A c6 AB < AC, dudng cao AH.
Pudng tron dudng kinh AH cidt AB 6 P, cit AC -6 Q.
Chimg minh Pi—TQ = 90°.
Ching minh ti gidc BPQC ndi ti€p.
Goi E, F 14n luot 12 trung diém cia HB va HC. T\t giac EPQF la hinh gi ?
Tinh dién tich ti gidc EPQF trong trudng hgp tam gidc vudng ABC c6
anh huyén BC = a va ACB = 30°.
Bai 4./0,75d) Cho x 2 xy + 1. Tim gi4 tri 16n nhat ctia biéu thic
3xy

B 2 b =

P=

x? +y?
99
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DE THI'TUYEN SEINH\VAO LGP 10 THPT TINH QUANG NINH
Bai 1. (1,5d)
a) So sénh-hai s8 : 3V5 va 429.
3 +~5 4 3 "-{Ei
3-J5 3+46

Bai 2. (2d) Cho'hé phuong trinh : {ix; ; : :m -

b) Rut gon biéu thic A =

(m la tham sé).

a) Gidi hé phuong:trinh v6i m = 1.
b) Tim m d€ hé c6 nghiém (x;y) théa méan : x* - 2y* = 1.
Bai 3. (2,5d) Giai bai todn sauibding cdch lap phwong trinh va hé phugng
trinh :

Hai vdi nuéc cung chdy vao mdt bé khong cé nude thi sau 12 gid bé
diy. Néu timg widi.chdy riéng thi theéi gian voi thir nhat lam day b€ se
it 'hon vbi thi hai lam ddy bé la 10 gid. Héi néu chdy riéng tumg voi
thi mdi vdi chay bao ldu diy bé?

Bai 4. (3d) Cho dudng trdn (O; R), day.cung BC c¢6 dinh (BC < 2R) va diém A
di djng trén cung l6n BC sao'cho tam gidc ABC ¢6 .ba géc nhon. Céc
dudng cao BD va CE cla tam giéc c#t nhau tai H.

a) Ching minh ti gidc ADHE ndi tiép.

b) Gid s géc BAC = @0° hay tinh khodng cdch ti tdm O dén canih BC
theo R.

c¢) Chimg minh dutng thidng ké qua A va wuéng géc véi DE ilubn dli qua
mit di€m c6 dinh.

Bai 5. (1d) Cho biéu thuc P = xy(x — 2)Xy + 6) + E2x* - 24x + 3y* + 18y + 36.
Chimg minh P luén duong véi moi x, y thue R.

PE THI TUYEN SINH VAO LGP 10 THPT TiNH LAO CAl
Bai 1. (2d)
1. Thuc hién phép tinh :

a) B b) ¥25-9 :2.

9

Jx 2 -Jx
Vx-1 YxWx-1)
a) Tim gid tri cia x dé€ A c6 nghia.
b) Rut gon biéu thirc A.

2. Cho biéu thic A =
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Bai 2. 2d)
1. Cho hai dudng thdng d va d' c6 phuong trinh lan lugt la :
d:y=ax+a-1(v6ialathamsd), d:y=x+1
a) Tim céc gid tri cia a d& ham sd y = ax + a — 1 ddng bién, nghich bién.
b) Timgidtriciaadéd/d;d Ld.
2. V6i gid tri nao cia m thi dé thi ham s6 y = 2x + m - 4 cdt d6 thi ham

sdy= i—xz tai hai diém phén biét.

Bai 3. '2d)
1. Giai phuong trinh : x* — 4x + 3 = 0.
2. Tim gid tri cia m dé biéu thic A = x? + x3 + 3x,x, dat gid tri lén
phét. Biét ring x,, x 12 hai nghiém cia phuong trinh x* - 4x + m = 0.
Bai 4. (1d)
1. Giai hé phuong trinh : {ix_h;y:aa

ax+y=3

2. Tim céc gié tri cia a dé h¢ phuong trinh { c6 nghiém duy nhat.

X-y=

Bai 5. (3d) Cho tam gidc ABC vuéng tai A. Goi M la trung diém cua AC.
Dudng tron dudng kinh CM cdt BC & diém thd hai la N. BM kéo dai
gap dudng tron tai D.

Chimg minh bén diém B, A, D, C ndm trén mét dudng tron.
Chimg minh : MN.BC = AB.MC.

Ching minh rdng ti€p tuyén tai M cia dudng trdn dudng kinh MC di
qua tdm ctia dudng tron ngoai ti€p ti gidc BADC.

pé THI TUYEN SINH VAO LOP 10 THPT TINH THANH HOA
Baii 1.(2d) Cho phuong trinh : x* + px-4=0 (1) (véi p 1A tham sb).
1. Giai phuong trinh (1) kbi p = 3.
2. Gid sif x,, X, 12 cdc nghiém cia phuong trinh (1), tim p dé :

X; (X3 +1) + x,(x3 +1) > 6.

Ve +3 5-3][1 1

] véic>0;c=9.

Bai 2.(2d) Cho biéu thic C = " L8
[J_-?' Je+3)\8 e

1.. Rt gon C.
2.. Tim c d€ C nhén gid tri nguyén.
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Bai 3. (2d) Trong mit phdng toa do Oxy cho parabol (P) : y = x* va cac diém
C, D thude (P) v6i x¢c = 2; xp = -1.
1. Tim toa d¢ cdc diém C, D va viét phuong trinh dugng thing CD.

2. Tim q dé dudng thdng (d) : y = (2q° - q)x + q + 1 (vGi p la tham s¢)
song song véi dudng thing CD.

Bai 4. (3d) Cho tam giac BDC c6 ba géc nhon ndi tiép dugng tron tam O, cdc
dudng cao CM, DN cit nhau tai H.

1. Chitng minh CDMN la t& gidc noi tiép.

2. Kéo dai BO cdt dudng tron (O) tai K. Chimg minh ti giac CHDK la
hinh binh hanh.
3. Cho canh CD c3 dinh, B thay d@i trén cung lén CD sao cho tam giac BCD
luén nhon. Xdc dinh vi tri diém B dé dién tich tam gidc CDH lén nhat.
Bai 5. (1d) Cho u, v 1a cdc s6 duong théa man : u + v = 4.
33

Tim gi4 tri nhd nhat cia P = u” + v + ==,
uv

PE THI TUYEN SINH VAO LOP 10 THPT TINH NGHE AN
Vx 2 2
dxd<dchv e hixo i
1. Néu diéu kién x4dc dinh va rit gon biéu thic A.
2. Tinh gid tri cia biéu thuc A khi x = 9.
3. Khi x théa man diéu kién xdc dinh. Hay tim gi4 tri nhé nhat cua biéu
thic B, v6i B = A(x - 1).
Bai 2. (2d) Cho phuong trinh bac hai sau, vdi tham sé m :
X!-(m+ 1)x+2m-2=0 (1)
1. Gidi phuong trinh (1) khi m = 2.
2. Tim gid tri cia tham s6 m dé x = -2 1a mot nghiém cia phuong trinh (1).

Bai 1. (3d) Cho biéu thic A =

Bai 3. (1,5d) Hai nguoi cung lam chung mét cong viéc thi sau 4 gio 30 phut
ho l1am xong céng viéc. Néu mét minh ngudi thd nhat lam trong 4 gio,
sau d6 mdt minh ngudi thi hai lam trong 3 gié thi cd hai ngudi lam
dugec 75% cong viéc. Héi néu mdi ngudi 1am mot minh thi sau bao lau
sé xong cong viéc ? (Biét rding ning suat lam viéc cia méi ngudi la
khong thay déi). '

Bai 4. (3,5d) Cho ntta dugng trdn tdm O dudng kinh AB. Piém H c6 dinh
thugc doan thdng AO (H khéc A va O). Budng thing di qua diém H va
vuéng géc véi AO cit nita dudng tron (O) tai C. Trén cung BC lay diém
D bat ki (D khdc B va C). Tiép tuyén cia nita dudng tron (O) tai D cit
dutng thing HC tai E. Goi I 1a giao diém cua AD va HC.
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1. Chung minh ti giac HBDI noi tiép dudng tron.

2. Chung minh tam giac DEI la tam gidc can.

3. Goi F la tam dudng tron ngoai tiép tam gidac ICD. Ching minh goc
ABF ¢6 sé do khong doi khi D thay déi trén cung BC (D khac B va C).

DE THI TUYEN SINH VAO LGP 10 THPT TiNH HA TINH
Bii 1. Rut gon cac biéu thic sau :

x-vx x-1
1. JE—J—S_*\/_Q- 2. J)_( +J;—1‘

Bi 2. Cho phuong trinh : x*=5x+m + 1=0 (1) (m la tham sd).

1. Giai phuong trinh (1) khi m = 5.
2. Tim gid tri cia m dé phuong trinh (1) c6 hai nghiém x,, x, thoa man
dang thuc @ (x;xy = 1)* = 20(%; + X»).
Ri 3.
1. Trén hé truc toa do Oxy, dudng thing y = ax + b di qua diém M(0; 1)
va N(2: 4). Tim hé sé a va b.
2x 2y =5

2. Giai hé phuong trinh : {
xy = 1.

Fai 4. Cho hinh vuong ABCD, diém M thuéc canh BC (M # B va M # C). Qua
B ké duong thing vuéng goc vdi tiacDM,cdt. cac dudng thing DM, DC
theo thu tu tai E va_F.

1. Chimg minh cac tu gidc ABED va BDCE néi ti€ép dudng tron.
2. Tinh géc CEF.
3. Pudng thing AM cit dudng thing DC tai N. Chirng minh dang thuec :
i 1 1
AD’ AM?  AN®

Fai 5. Tim x dé y dat gid tri 16n nhat thoa man :

x* + 2y° + 2xy — 8x — 6y = 0.

PE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG BINH

IPHAN TRAC NGHIEM KHACH QUAK (2d)

Trong cdc cau tir 1 dén 8 déu c6 hon phu‘(mg 4an tra loi A, B, C, D trong
d6 c6 mot phuong dn ding. Chon chir cai ding trudc phuong dn ding.

Jai 1. Cho ham s6 y = (m — 2)x + 3 (bi€n x). Vdi gid tri nao cua m han sé
dong bién :
A . m<?2 B. m>2 C.m>-2 D.m=# 2.
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Bai 2. Cho ham sd y = —%x”. Diém nao sau day thujc dé thj ham sé :

A Q2; 1) B. N(-2; 1) C. P[l; -i-) D. M[l;i—}
Bai 3. Diéu kién xdc dinh cla biéu thuc vVx-4 la:

A x24 B.xeR C.x=»4 D. x < 4.
Bai 4. Dién tich hinh quat trdn c6 s6 do cung 90°, bén kinh R 1a :

2 2 2 2
A TR B. ™R c. TR” p. "B
4 5 6 3

Bai 5. Cho tam gidc ABC vuédng tai A, c6 AB = 3cm, BC = 6cm. Khi d6 cosB

bing :

A 2 g B e B D, 2,

2 3 2

Bai 6. Gia sif x;, x; 12 hai nghiém cia phuong trinh x* + 2x - 5 = 0.
Khi d6 tdng cia hai nghiém la |;
A X +X=-2 B.x;+x3=5
C.x;+x=2 D. x; + x; = -5.

Bai 7. Cho tam gidc ABC ¢6 AB = 6cm, AC = 8cm, BC = 10cm. Khi dé béan
kinh dudng trdn ngoai ti€p tam gidcrABC la:

A. 6cm B. S5em C. 4cm D. 3cm.
Bai 8. Di¢n tich cla tam gidc déu c6 ba canh bang a (em) la :
2 2
i 2 2 (cm?) g2 2 (cm?)
4 3
2 2
0, = f (cm?) 5 ;’5 (cm?).

I. PHAN TV LUAN (8d)

- 1 1 2vb
Bai 9. (1,6d) Cho biéu thic P = - - (v6ib 20,b = 4),
JE + 2 Jl—) = 2 b = 4

a) Rit gon biéu thic P.

b) Timb dé P = %

Bai 10. (2,5d) Cho phuong trinh : x* - 2n-1)x+2n-3=0 (1)
(n 1a tham sé).
a) Giai phuong trinh khi n = 3.
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b) Ching minh phuong trinh (1) c6 nghiém véi moi n.
¢) Goi X;, Xy 12 hai nghiém cia phuong trinh (1). Tim gid tri nhé nhat cua
biéu thac P = x? + x2.

Bai 11. (3d) Cho dudng tron tdm O, dudng kinh AB. Day cung CD vudng géc
véi AB tai P. Trén cung nhé BC ldy diem M (M khac C, B), dudng
thdng AM cét CD tai Q.

a) Ching minh ti gidc PQMB néi ti€p duge trong mdt dudng tron.

b) Ching minh AAQP «» AABM, suy ra : AC*> = AQ.AM.

¢) Goi giao diém cia CB v6i AM la S, MD véi AB la T. Chimg minh ST / CD.
Bai 12. (Id) Cho hai sé duong x, y ¢c6 x + y = 1. Tim gid tri nho nhét cua

biéu thuc B = (1 - —1,?][1 - %J

X y

PE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG TR]
Bai 1. (1,5d) Rut gon biéu thic (khéng dung mdy tinh cam tay) :
1. V8+18-2/2.
a+b-2Jab 1
Ja-vb  Ja ¥V
Bai 2. (2d)
1. Giai phuong trinh (khéng-dung-mdy-tinh-cdm tay) : x* — 3x + 2= 0.

2.

véia>0,b>0 a=h

x-y=3

2. Giai hé phuong trinh (khéng dung mdy tinh cdm tay) :
3x -4y = 2.

Bai 8. (2d) Trén mat phdng toa dé Oxy cho ham s6 y = —x + 4 ¢6 dd thj la
dudng thdng (d). Goi A, B ldn lugt l1a giao diém cua (d) véi truc tung va
truc hoanh.

a) Tim toa dd cdc diém A va B.

b) Hai diém A, B va goc toa d) O tao thanh tam gidc vudng AOB. Quay
tam gidc vuong AOB mjt vong quanh canh géc vuéng OA c6 dinh ta
dugec mot hinh gi ? Tinh dién tich xung quanh hinh dé.

Bai 4. (1,5d) Mot xe 6td téi va mdt xe du lich khdi hanh dong thoi ti thanh
phé A dén thanh phé B. Xe du lich ¢6 van téc 16n hon van toc 6to tai
1a 20km/h, do dé né dén trude xe 6to tai 15 phut. Tinh van téc méi xe,
bi&t rang khodng cdch giira hai thanh phd A va B 1a 100km.

Bai 5. (3d) Cho tam gidc ABC vudng tai A. Ké dudng cao AH va phéan giéc
BE cua géc ABC (H thujc BC, E thuéc AC). Ké AD vudng géc véi BE
(D thudc BE).

10¢
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a) Ching minh ring ti gidc ADHB la tu gidc ndi tiép, xdac dinh tam O
dudng tron ngoai tiép tu gidc ADHB (goi 1a dudng tron (0)).
b) Ching minh EAD = HBD va OD song song véi HB.

c¢) Cho biét s6 do géc ABC = 60° va AB = a (a > 0 cho trudc). Tinh theo a
dién tich phan tam gidc ndm ngoai duong tron (O).

PE THI TUYEN SINH VAO LGP 10 THPT TP. HUE
Bai 1. (2,25d) Khéng sit dung mdy tinh cam tay :
a) Giai phuong trinh va hé phuong trinh sau :
" {Qx -3y =-13

1. 52 - 7x-6=0
X 3x + 5y = 9.

b) Rut gon biéu thic : P = 5 - 2.5.
V5 -2

Bai 2. (2,5d) Cho ham sé y = ax®.
a) Xdc dinh hé s a biét ring do thi cia ham sé da cho di qua diém
M(-2; 8).

b) Vé trén cung mot mat phdng toa do do thi (P) cia ham sé da cho véi
gid tri a vira tim duge\valdudng thing (d) di qua M(-2; 8) c6 hé s goc
bing —2. Tim toa dd giao diém khac M cua (P) va (d).

Bai 3. (1,25d) Hai ngudi di xe dap cung xuat phat tu A dé dén B vdi van tac

b&ng nhau. Di dugc % quang dudng AB, ngudi tha nhat bi hong xe nén

dimg lai 20 phit va dén 6 té quay vé A, con ngudi thi hai khong dimg
lai ma ti€p tuc di véi van téc ci dé téi B. Biét ring khoang cdch tur A
dén B la 60km, van téc 6 t6 hon van téc xe dap la 48km/h va khi
ngudi thi hai t6i B thi ngudi tht nhat da vé A truée dé 40 phat. Tinh
van toc cua xe dap.

Bai 4. (2,5d) Cho tam gidc ABC vudng tai A va AC > AB, D la mét diém trén
canh AC sao cho CD < AD. Vé dudng tron (D) tdm D va tiép xic véi
BC tai E. Tir B vé tiép tuyén thid hai cua dudng tron (D) véi F la tiép
diém khic E.

a) Chung minh ring nam diém A, B, E, D, F cung thudc mot dusng tron.
b) Goi M la trung diém cia BC. Puong thing BF lan luot cit AM, AR,
AD theo thu tu tai cdc diém N, K, 1.
AK

IK
Ching minh : — = ——, Suy ra: IF.BK = IK.BF.
g TN i

¢) Ching minh ring tam gidc ANF la tam gidc can.
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Bai 5. (1,5d) T mot tdm thigc hinh chir nhat ABCD c6 chiéu rong AB = 3,6dn
chiéu dai AD = 4,85dm, ngudi ta cit mot phan thiéc dé lam mat xun
quanh ciia mot hinh nén véi dinh la A va dutng sinh bang 3,6dm, sa
cho dién tich mat xung quanh nay lén nhat. Mat ddy cuia hinh né
dugc cit trong phan con lai cia tam thiéc hinh chid nhat ABCD.

a) Tinh thé tich cua hinh nén dugc tao thanh.

b) Chung to ring c6 thé cdt dugec nguyén ven hinh tron ddy ma chi s
dung phan con lai cia tam thi€c ABCD sau khi da cdt xong mat xun
quanh hinh nén néi trén.

PE THI TUYEN SINH VAO LGP 10 THPT TP. DA NANG
Bai 1. (2d)
a) ‘Riit gon biéu thic A = (20 - V45 + 3v5)./5.

b) Tinh B = {(J/3 - WZ3.

Bai 2. (2d)
a) Giai phuong trinh : x* - 13%*—30 = 0.
3

1
O,
X
b) Giai hé phuong trinh : { -~
2 1
ok HayB,
Xy

Bai 3. (2,5d) Cho hai ham sé y = 2x* ¢6 dé thi (P) va y = x + 3 ¢6 do thi (d).
a) Veé cac do thi (P) va (d) trén cung mdt méat phéng toa do Oxy.

b) Goi A la giao diém cta hai do thi (P) va (d) c6 hoanh d am. Vi
phuong trinh cta dudng thdng (A) di qua A va cé hé sd géc bing —1.

¢) Puong thing (A) cdt truc tung tai C, cdt truc hoanh tai D. Put
thing (d) cdt truc hoanh tai B. Tinh ti s6 dién tich cia hai tam gi
ABC va tam giac ABD.

Bai 4. (3,5d) Cho hai dudng tron (C) tAm O, ban kinh R va duong tron ((
tam O, ban kinh R' (R > R') cdt nhau tai hai diem A va B. Vé ti
tuyén chung MN cia hai dugng tron (M € (C), N € (C')). Dudng thi:
AB cdt MN tai I (B nadm giira A va I).

a) Ching minh ring : BMN = MAB.
b) Ching minh ring : IN* = IA.IB.

¢) Pudng thing MA cit duodng thing NB tai Q; duong thing NA ¢
dudng thang MB tai P. Chiung minh rdng MN song song véi QP.

1
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PE THI TUYEN SINH VAO LOP 10 THPT TINH QUANG NAM
3ai 1. (2d) Riit gon cédc biéu thirc sau :

a) A= V25 - 16 + 81 B B oo sonlB.
J§+l
[
) Cm 22 -4x+4,vdix>2.
x-2

3ai 2. (2d) Cho ham s8 béc nhat y = ax + 3 ¢6 d6 thi 1a dudng théng (d).
a) Xéac dinh hg s8 a, biét dubmg thing (d) song song véi dudng thing y = 3x.
V& (d) v6i hé s§ a tim dugc.
b) Dutng thing (d') c6 dang y = x + 1 cit dudbng thing (d) ¢ cau a) tai
diém M. Xdc dinh toa do diém M.
3ai 3. (2,5d)
a) Cho phuong trinh x* + 7x ~ 4 = 0. Ching té phuong trinh cé hai
nghiém: x,, x3; khong gidi phuang trinh hay tinh x, + x, va x,x,.
1 1+x
x+2: 2|
c) Gidi bai todn bing cdch ldp phusng trinh :
Canh huyén cia mét tam gidc vuong béing 13cm. Hai canh géc vuéng
c6 d9 dai hon kém nhaw 7em.(Tinh-d¢ [daicdcicanh géc vudong cua tam
giéc vubng dé.
baii4. (3,56d) Cho nita dudng trdn (O; R) dutng kinh AB. V@ bdn kinh OC
vubng géc véi AB. Goi"K 1a diém nim giva hai diém B va C. Tia AK
ct dudng trdn (0) & M.
a) Tinh s8 do cia cdc.géc ACB va AMC.
b) Ve CI vudng géc.véi AM (I e AM). Chimg minh AQIC la tu gidc noi ti€p.
¢) Chimg minh hé thic : AL AK = AQ.AB..

d) Néu K la trung di&m cia CB. Tinh, tanMAB.

b) Giai phuong trinh :

PE THI TUXEN SINH VAO LOP 10 THPT TiNH.BINH: DINH
ki 1. (1,5d) Gidi phuong trinh :
a) 3(x-1)=2+x% b) x* + 5x - 6. = 0.
lai 2. (2d)

a) Cho phuong trinh x* - x + 1~ m = 0 (m la tham:sé). Tim diédu kién cia
m dé phuong trinh da cho c6 nghiém.

ax +2y =2

b) Xdc dinh a, b biét ring hé phuong trinh {
bx ~ay = 4

c6 nghigm (Jﬁ;—\/i.—’).
08
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Bai 3. (2,5d) Myt cong ti vaAn tdi didu mot s6 xe tdi dé chd 90 tdn hang ki
dén kho hang c6 2 xe bi hong nén dé chd hét s lugng hang thi mbi x
con lai phdi chd thém 0,5 tdn so vdi duidinh ban ddu. Hoi sé xe va
tai dugc diéu dén chd hang 1a bao nhiéu ? Biét rdng khéi lugng han
chd mdi xe la nhu nhau.

Bai 4. (3d) Cho tam gidc ABC c6 ba géc nhon ndi ti€p dudng tron tdm O. K
cdc dudng cao BB' va CC' (B’ thugc AC; C"thuéc AB). Dudng thing B'(
cidt dudng tron (O) tai hai diém M va N (theo thu tu N, C', B', M).

a) Ching minh tt gidc BC'B'C la ti gidc noi ti€p.
b) Ching minh : AM = AN.
¢) Chung minh : AM* = AC"AB.
Bai §. (1d) Cho a,'b, ¢:la cdc s6 théa mén diéu:kién 0 < a < b va phuon

trinh ax’ + bx + ¢ = 0 vé nghiém. Chimg minh ring : wa—::.—l:)--t-E > 3.

.b—a

DE THI TUYEN SINH VAO LOP 10 THPT TINH KHANH HOA
Bai 1. (3d) (Khéng dung may tinh cdm tay)

1. Rut gon biéu thic A = J5(J20 =3) + J45.

el o b B
2. Giai hé phuong trfh - {’ g
X-y=3
3. Giai phuong trinh : x* - 5x* + 4 = 0.
Bai 2. (1d) Cho phuong trimh bac hai 4n x, tham s6 m :
xX*-2m+1)x +m*-1=0.

Tinh gid tri cia m, bidt ring phuong trinh ¢6 hai nghiém x,, x, thé
man diéu kién : x; + Xz + X;. Xz = 1.

Bai 3. (2d) Cho ham s6 : y = mx — m + 2, c¢6 dé thi 1A dudng thing (d,).
1. Khim = 1, vé dudng thing (d,).

2. Tim toa 40 diém c6 dinh ma dudng thdng (d,,) lubn di qua v6i moi gi
tri cia m. Tinh khodng cdch 16n nhat diém M(6; 1) dén dudng thdn
(d,,) khi m thay déi.

Bai 4. (4d) Cho hinh vuéng ABCD canh a, 14y diém M b4t ki trén canh B
(M khdc B va C). Qua B ké dudng thdng vuéng géc véi dudng thdn
DM tai H, kéo dai BH cdt dudng thdng DC tai K.

1. Ching minh BHCD la ti gide ndi tiép.
2. Ching minh : KM L DB.
3. Ching minh : KC.KD = KH.KB.

10
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4. Ki higu Sppu, Spem lan lugt la dién tich cua tam gidc ABM, DCM.
Ching minh rang (Sapm + Spem) khong doi. Xdce dinh vi tri cia diém M
trén canh BC dé (S3py +Shey) dat gid tri nhé nhat. Tinh gia tri nho
nhat dé theo a.

PE THI TUYEN SINH VAO LGP 10 THPT TiNH BINH THUAN
Bai 1. (Id) Rit gon biéu thic : A = (28v3 - 3V27 - 2V12) : 5.
Bai 2. (2d) Cho ham sé bac nhat y = ax - 2.
1. Xdc dinh hé s6 géc a, biét ring do thi cia ham s6 di qua diém A(3; 4).
2. Ve d6 thi cia ham sé kia khi a = 2.
Bai 3. (3d) Giai c4c phuong trinh :
1 1 4

x-1 x+1 3

Bai 4. (4d) Cho dudng tron tdm O ban kinh R. Tir diém S véi OS = 3R ké
cdc tiép tuyén SA, SB véi dudng tron (O) (A, B la cdc tiép diém).

1. Chiing minh ti gidc S.AOB noi tiép.

2. Goi H la giao diém ciaa SO va AB, Tinh theo R.
a) Dién tich tam gidc SAO va dién tich tir gide SAOB.
b) D$ dai doan thing’AH!

3. Cva D la hai diém trén cung 16n AB sao cho AD song song véi BC, goi
M la giao diém cia AC va BD. Chimg minh OM vuéng géc véi BC.

1. xX>’-4x+2=0 2. 4xt ¥ x> —5=0 3.

PE THI TUYEN SINH VAO LOP 10 THPT TINH PAKLAK
3ai 1. (2d)
1. Gidi phuong trinh : 2x* + V3x = x* + 2V3x.

2. Xdc dinh a va b dé d6 thi ham s6 y = ax + b di qua hai diém A(2; 8) va
B(3; 2).

bai 2. (2d)
1. Riit gon biéu thic A = V2(+2 - 2) + (V2 + 1)°.

g’
2. Chobié“uthd’cB:[ 2 -J;):[ 1 +2J;‘} véix >0, x # 1.
\I—J; _ ‘1+J; 1—)(};

a) Rit gon biéu thiec.

b) Tim gid tri cia x dé biéu thic B = 5.
10
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9 0 1
Bai 3. (1,5d) Cho phuong trinh : x* — (2m + 1)x + m” + > = 0 (1)

(m 12 tham so).
1. Véi gia tri nao cia m thi phuong trinh (1) ¢6 hai nghiém phan biét ?
V6i gia trl1 nao cua m thi phuong trinh (1) ¢6 hai nghiém phan biét x,,
X, sao cho biéu thite M = (x; — 1)(x, — 1) dat gia tri nho nhat ?
Bai 4. (3,5d) Cho nira dugng tron c¢6 tam O va duong kinh AB. Goi M la diéem
chinh gida cia cung AB, P la diém thudc cung MB (P khéng trung vdi
M va B); duong thang AP cdt dudng thang OM tai C, duong thing OM
cdt duong thing BP tai D.
1. Ching minh OBPC la mt tu gidc noi tiép.
2. Ching minh hai tam giac BDO va CAO déng dang.
3. Tiép tuyén thi hai cia nita dudng tron ¢ P cdt CD tai I. Ching minh I
la trung diém ctia doan thing CD.
Bai 5. (1d) Ching minh ring phuong trinh :
(a' —b")x* - 2(@"=ab’)x + a" = a’* = 0

luén luén cé nghiém vadi moi-a|b!

N

PE THI TUYEN SINH VAO LGP 10 THPT TINH LAM PONG
Bai 1. (0,75d) Tinh : 3 9yi55% %J?E

X-3y =-5

Bai 2. (0,75d) Giai hé phuong trinh : {
2x +4y = 0.

Bai 3. (0,75d) Tim m dé d6 thi cua ham s6 : y = 2x + m — 4 cit truc tung tai
diém c6 tung dd bang 2.

Bai 4. (1d) Tu diém A ngoai dudng tron (O), ké tiép tuyén AB (B la tiéf
diém) va cat tuyén AMN véi dudng tron, sao cho tia AO n&m glu'a hai
tia AB va AM. Goi I l1a trung diém cia ddy MN. Ching minh :

a) T giac ABOI noi tiép.
b) AB* = AM.AN.

Bai 5. (1,25d) Cho ham sé6 : y = x* ¢6 db thi la (P).
a) Ve (P).

b) Biing phép tinh hay tim toa do giao diém cia (P) vdi dudng théng (d)
Yy=-X+ 2.

Bai 6. (0,75d) Mot hinh cdu c6 thé tich bing 288n (cm®). Tinh dién tich mat
cau.

Bai 7. (0,75d) Cho AABC vuéng tai A, dudng cao AH = y3cm, BH = 1.
Tinh HC va ACB.
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Bai 8. (1d) Mgt tam gidc vuéng c6 canh huyén bing 26cm, hai canh géc
vudng hon kém nhau 14cm. Tinh cdc canh géc vuéng.

Bai 9. (1d) Lap phuong trinh cé hai nghiém la x, va x, thoa :
X, +X, =6
x? -x2 =-12
Bai 10. (1d) Chophuong trinh : x* - (m - 1)x + m -3 =0 (%)
(x la &n, tham s6 m).
&) ‘Gidi phuong trinh (*) khi m = 3.
b) ‘Ching minh phuong trinh (*) luén c6 hai nghiém phan biét X), Xs.

Bai 11. (0,5d) Ritgen : (1-v3)y2 + 3.

Bai 12. (0,5d) Cho dutmg trdn (O; R), hai diy cung AB va CD vudng goc véi
nhau(AB, CD khéng di qua O). Ching minh : AC? + BD? = 4R%.

PR THI TUYEN SINH VAO LGP 10 THPT TINH BINH DUONG

Bai 1. (Id) Rit gon M = +/16x® + 8%+ 1. Tinh gié tri cda M tai x = 2.
Bai 2. (1,5d)
1. V& d4 thi cia céc ham 58 sau trén cung mt mat phing toa d :
(P) 1y = %% _ 1 (d)p: ¥ = 214 3.
2. Tim toa 49 giao di€m (néu c6) cia (d) va (P).
Bai 3. (2d)
1. Gidi phuong trinh x* + 5x + 6 = 0.

X+3y=4

2. Giai hé phuong trinh :{2}{ By =7

Bai 4. (2d)

1. Mt ngudi du dinh di xe gn mdy tit dia difém A dén dja diém B cdch
nhau 90km. Vi ¢6 viéc gép phdi dén B trude gid du dinh la 45 phit nén
ngudi Ay phédi ting vén tdc 1én méi gid 10km. Hay tinh van téc ma
nguti d6 dy dinh di.

2. Chimg minh réng phuong trinh x* - 2(2m - 1)x + 4m - 8 = 0 (m ]a
tham s6) ludn c6 hai nghiém phén biét va khéc 1 véi moim e R.

Bai 5. (3,5d) Mt hinh vuéng ABCD néi ti€p trong dudng trdn tdm O bén
kinh R. M¢t di€ém M di dong trén cung ABC, M khéng tring véi A, B
va C, MD cét AC tai H.

1. Chimg minh ti gisc MBOH ni ti€p dugc trong dudng tron va DH.DM = 2R?
2. Ching minh tam gidc MDC déng dang véi tam gidc MAH.
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3. Hai tam gidc MDC va MAH bang nhau khi M ¢ mdt vi tri dac biét M'. X4c

dinh diém M'. Khi d6 M'D cit AC tai H'. Duong thing qua M' va vudng
géc vai AC va cit AC tai . Chimg minh rang I 1a trung diém cta H'C.

PE THI TUYEN SINH VAO LGP 10 THPT TINH BA RIA - VONG TAU
Bai 1. (3d)

1. Giéi phuong trinh : 2x* + 3x - 5 = 0.
2x-y=3

2. Giai hé phuong trinh :
3x+y="T.

3. Rt gon: M=-}1—«/3E—2J5—0+J%

Bai 2. (1,5d) Cho phuong trinh : x> - mx - 2 = 0.
1. Chimg minh rang phuong trinh c6 hai nghiém phén biét véi moi gi4 tri
cda m.
2. Goi x4, x; la nghiém cia phuong trinh. Tim cdc gi4 tri cia m sao cho :

X:f + Xg - 31{112 = 14.

Bai 3. (1,5d) Mot ca nd chay véi van tdc khong déi trén mot khic séng dai
30km, cd di va vé hét 4 gid. Tinh'van toc cia ca né khi nuéc yén lang,
biét ring van toc cia dong nudela-4km/h.

Bai 4. (3,5d) Cho tam gidc ABC vudng tai A (AB > AC). Trén canh AC l4y
diém M khdc A va'C//Dudng tron'dudnig kinh ' MC cdt BC tai E va cit
dudng thdng BM tai D (E khéc C va D khac M).

1. Chung minh tu giac ABCD noi tiép.

Chimg minh ABD = MED.

3. Pudng thdng AD cit dutng trdn dudng kinh MC tai N (N khéc D).
Pudng thing MD cdt CN tai K, MN cdt CD tai H. Ching minh KH
song song véi NE.

L

x+3w/x-1 +1
X+4Jx-1+2

PE THI TUYEN SINH VAO LGP 10 THPT TINH DPONG THAP
Bai 1. (2d)
a) Rut gon c4c biéu thic :
A= (Y12 -6 +3)43 + V18
B= Vx.(x-y)+y.Jx-y) véix=0vay=0.

b) Chimg minh gi4 tri cia biéu thic sau khong phu thude vao x :

Cz[ . o . ]& véi x>0 vax ~4.
Yx+2 Jx-2) x-4

x>1)

Bai 8. (0,5d) Tim gid tri nhé nhét cla :y =
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Bai 2. (2d) Cho hé phuong trinh : {Zx -~y=4
X+y=-1

a) Giai hé phuong trinh trén.

b) Tim gid tri cia m d€ nghiém cla hé phuong trinh trén ciing l1a nghiém
cua phuong trinh : mx — 2y = 3m + 8.

Bai 8. (2d) Cho phuong trinh bac hai : x* - 2mx-3=0 (1)

a) Ching minh r3ng phuong trinh (1) luén c¢6 hai nghiém phan biét véi
moi m.

b) Goi x; va x; 1a hai nghiém cta phuong trinh (1) da cho. Khéng gidi phuong
trinh, hay tinh tng va tich hai nghiém cta phuong trinh (1) theo m.

c¢) Tinh gi4 tri cGa biéu thic D = x? + x5 khim = -1.
Bai 4. (2d) Cho tam gidc ABC vudng tai A, dudng cao AH (H e BC); biét
BH = 4cm, CH = 9cm. Ké HD 1 AB, HE L AC (v61 D € AB, E € AC).
a) T gidc ADHE 1a hinh gi ? Gidi thich.
b) Tinh d9 dai doan DE.
¢) Pu¥ng thing vuéng géc véi DE tai E cdt BC tai M. Tinh sinDME.
Bai 5. (2d) Cho tam gidc nhon ABC'¢6 céc dudng cao AM va BN cit nhau taj S.
a) Ching minh ring CMSN 1A tit gidc ndi tiép.
b) Ching minh bén diém A, B, M, N cung thudc mjt dudng tron,

c) Né&u tam gidc ABC céan tai A c6 AM = 8cm, BC = 12cm. Hay tinh chu vi
va dién tich hinh trdn ngoai tiép ti gidc ABMN.

PE THI TUYEN SINH VAO LGP 10 THPT TiNH VINH LONG

Bai 1. (2d) Gidi cdc phuong trinh sau :

a) §+2?x=x+l b) 2x*-9x +7=0 c) x'-2x*-8=0.

9y ='1
Bai 2. (1,5d) Cho hé phuong trinh : {“"” y
X+my=295

a) Gidi hé phuong trinh v6i m = 1.
b) Tim m d€ hé phuong trinh trén nhéan cip (-1; 2) 1am nghiém.
Bai 3. (2d)

a) V& dd thi cdc ham sd y = é—xz va y = X trén cung mét hé truc toa dd.
b) Tim toa d§ giao diém ciia hai d thi trén bing phép tinh.
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Bai 4. /1d) Rt gon biéu thic . A = Y469 + 1645 — V6 - 245.
Bai 5. /1d) Cho AABC vu™ 2 tai A ¢6 AB = 4; BC = 8. Tinh d9 dai canh AC,
ban kinh du i 1ron ngoai ti€p AABC, s6 do goée B.

Bai 6. (2,5d) Cho duong tron tim O, ban kinh 3, A 1a mét diém n3m ngoai
duong tron sao cho QA = 5. Ké cac tiép tuyén AB, AC-véi dudng tron
(0 (B, C la cac tiép diém).

a' Cnumg minh OA vubng géc vai BC.
b Bbuong thdng OC cit dudng tron (O) tai D. Chimg minh BD // OA.
¢) Tinh chu vi tam gidc ABC.

PE THI TUYEN SINH VAO LGP 10 THPT TINH AN GIANG
Bai 1. (2,5d)
1. Tinh gid tri cua biéu thie : A = V169 +/49 - /36 - J/25.
2. Giai phuong trinh va hé phueng-trinh sau :
2x+y=5

a) x-5x+6=0 b){
x-y=1,

Bai 2. (1,5d) Cho phuong trinh : x* + (m + 1)x,+ m — 2 = 0, m 12 tham s6.
1. Ching minh ring phuong trinh luén c6 hai nghiém x;, X, véi moi m.
2. Tim hé thuc lién hé'gita x;, 'x, doc lap véi m.

Bai 3. (1,5d)

1. Trén hé truc toa do Oxy, cho ba diém A(l; 4), B(-1; 2), C(2; 5). Ching
minh ring ba diém A, B, C théng hang.

2. Cho dudng thing d ¢6 phuong trinh y = 2x + 1. Tim m dé dudng thdng
d ti&p xdc véi parabol (P) : y = mx® (m # 0) va tim toa d9 ti€p diém.

Bai 4. (1d) Cho tam gidc ABC ¢6 AB = 6cm, AC = 8cm, BC = 10cm.
1. Chimg minh ring tam gidc ABC vudng tai A.
2. Tinh s6 do cia géc B (1am trdon dén dd) va dudng cao AH.

Bai 5. (3,5d) Cho tam gidc ABC vudng tai A, tia Cx n#m giita hai tia CA va
CB. V& dudng tron (0) c6 tam O thugc AB, tiép xidc véi CB tai M, tiép
xic véi Cx tai N. Goi E 12 giao'diém ciia AM va CO. Ching minh ring

1. Tu gidc ONAC ndi tiép duge trong mot dudng tron.
2. EA.EM = EC.EO.
3. Tia AO la phan gidc cua géc MAN.
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B. LOI GIAI

PE THI TUYEN SINH VAO LGP 10 THPT TP. HA NOI

Bai 1.
1. A = Vx + 2& _S%%9 véix>0,x#9
Vx+3 Jx-3 x-9
_ VG -3)+2Vx(x+3)-3x+9) _ x-3Vx +2x+6Vx -3x -9
(Vx +3)Vx - 3) (Vx +3)Wx -3)
__3x-9  3Wx-3 3
Wx+3)Wx -3 Fx+3)Wx-3) Jx+3
2.A=l<:> 8 =lc> x+3=9<:>&=6
3 Jx+3 3
< X = 36 (thoa man dieu kién),
3. A = 3 16n nhat < Yx +3 nhd nhit < x =0
&+3 f

Vay A dat gi4 tri 16n nhat 1a 1, khi x = 0.
Bai 2. Goi x (m), x > 0 la chiéu réng cta hinh chir nhat thi x + 7 (m) la

chiéu dai cia hinhchit nhat:

Tir gia thiét bai todn va dp dung dinh li Pytago, ta ¢6 phuong triah :

XX+ (x+77=13% o 2x*+14x-120=0

' X+ 7
o xXX+7x-60=0
A = 289 > 0 = Phuang trinh c6 hai nghi¢m : X om
Xi= _7+17=5; Xg = SIS =-12 <0 (loai)

2
Vay hinh chit nhit cé chiéu rong la 5m, chiéu dai 12m.
Bai 3.

1. Hoanh dj giao diém cda parabol (P) va dudng thing (d) la nghi3m cia
phuong trinh : —x*=mx-1 o x*+mx-1=0

Tacé:A=m?+4>0 véimoim.
= Phuong trinh ¢6 hai nghiém phan biét véi moi m.
Vay dudng thing (d) ludn cit parabol (P) tai hai didm phan biét.
2. Theo ciu 1, phuong trinh hoanh dé giao diém cua (d) va (P) la :
x*+mx-1=0.

Véi moi m phuong trinh luén c6 hai nghiém x,, x,. Ap dung linh li
Viéttacéd: x; + xo = -m; x;x9 = —-1.

11€
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Biéu thuc : X2X, + X5%X; — X;Xp = 3 & XiXa(X) + Xg) = XXz = 3
o X Xol(x; + x9) — 1] =3
& —(-m-1)=3 ©m=2.
Rui 4.
1. Trong dudng tron (O) ta co :
ACB = 90° (AB la duong kinh)
va AEB = 90°
— FCD + FED = 90° +90° = 180°.
Vay ti gidc FCDE ndi ti€p dudng tron.
2. Hai tam gidc vuéng DCA va DEB c6 :
CDA = EDB (déi dinh)

DC DE
B (g. —_—=—
= ADCA «» ADEB (g.g) = =

3. Trong dudng tron ngoai tiép tir gide FCDE ta cé :
CFD = CED (1) (gée ndi tiép cung chin cung CD).
Mit khéae trong duong tron (O):
CED = CBA (2), (géc noi tiép cung chin cung AC)
ma AOCB can tai O = CBA = OCB (3)
Tir (1), (2) va (3) """L€FD'L OCB (4)

Goi I la tam dudng tron ngoai tiép tf gidc FCDE thi I 1a trung diém
cua FD.

Ta ¢6 : CFD = FCI (do AFIC cén tai I)
ma FCI + ICD = FCD = 90° (FD la duong kinh) = CFD + ICD = 90°
Ti (4) = OCB +ICD =90° = IC L OC.

= DA.DE = DB.DC.

4. Ta c6 ACFB vuéng tai C = tanATB:tmeﬁ:%
ma ACBA «» ACFD (hai tam gidc vuéng c6 hai géc nhon CBA = CFD)
_ CB_AB _2R
CF DF R
B 5.Datt = vx2 +7 thit> 7.
Ta c6 phuong trinh : t* + 4x = (x + 4)t o t* -4t +4x —tx =0
tt-4)-x(t-4)=0 < ((t-xAt-4)=0
7 x20 N .
~ THl:t=xo ¥x2+7=x o (v0 nghiém)

x2+7=x

-2 = tanAFB = 2.
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- TH2:t=4 o Vx° +7=4 = x*+7=16 & x*=9 = x = +3.
* Cdch khde : X2 +4x + 7= (x +4)Wx> +7

ot x2+7+4x+16—16=(x+4) %547

< [.(sz+7)2—42]+4(x+4)_{x+4),fx‘2 +7 =0
o (I +T-DAE +7+0)-(x+ VA2 + 7 -4) = 0

o o
c:>(\fx2+7—4)( x2+7—x1:0<:>I X *;__1

L\JX?' +7 = X.

Tuong tu trén ta suy ra x = +3.

PE THI TUYEN SINH VAO LGP 10 THPT TP. HO CHI M INH
Bai 1.
a) 2x*-3x-2=0 c6a=2bs=3T0=-2
c = A=(-3l-42(-2=25>0 B2 =5

Phuong trinh cé hai nghiém : X, = ——-3;5; X, = 3; 3 hay x; = -,
&
A% + Y =~L 8x+2y=-2 _ [l4x=7 g =i
b) — N 9
6x -2y =9 6x2y =9 4sck Gninel |

Hé c6 nghiém duy nhat (x; y) = {—;- —BJ.

c) 4x* - 13x*+3=0. Patu=x%uz0.
" Tac6 phuong trinh : 4u* — 13u+3=0 (*) c6a=-4 b=-12 c=3
> A=(-132-443=169-48=121>0 = JA - 11

13-11
A 8 1-u = l (nhan)
Vay (*) < < 4 '
13+11 .
u= = (u =3 (nhan)

Ta tim duge x = t%; ++/3.

d) 2x2—2\/§x-1=0 céa=2;b=-2\f§;c=—1
= A= (-V2%-2(-1D=4>0 = =2
V2 -2 V2 + 2

Phuong trinh ¢6 hai nghiém : x, = = ;o Hy = ———
9
&
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Bai 2.
X2 T 5 via
a) Vedothiy= - i Bang mot so gid tri dac biét :

-~

x |-2 -1 0o 1 2

5 1 0 1 -2
L 2 2 va
D6 thi ham so la mot parabol rY 5 @

() c6 dinh la O(0; 0) va nam
bén dudi truc hoanh.

: 1
Vé duong thang (D) : y = -éx - 1.

Bang mot s6 gia tri :

y | -1 0
Duong thang (D) qua hai diém A(0; -1), B(2; 0).
b Phuong trinh hoanh do giao digm cua (#) va (D) :

)

—izlx—1@x2+x—2=0d ) (via+b+c=1+1-2=0
2 2 X = -2
! _ ¢
nén phuong trinh ¢6 nghiém x, = 17x} = ;—_—-2)

$=1=sy= --12-; X2 2y a=2

1
Toa d¢ giao diém cua (¥ va(D): A(l‘. —-9—], B(-2; -2).

Bai 3. Taco
A = {332 + J3-2V3)7 =13- 3| +|3-2V3|
- 5_J3-(8-2J3)=+48 W 3-4350;3-2y3<0)

B = g(\h+2J§+Je_;-2J§—J§)2+(J4-2J§+J6+2J5~J§)2

= 5(VV8 + 17 » Y6 =177 —JE)2 +(Va -3 + i+ VB -J§]2
- 543+ 11 + VB -1/ ¥B) + (1 - VB +]1.+ V5| - B
& 5(J§+1+J5—1-J5)2+(J§-1+1+J§-J§)2

5/3)% +(J6)% = 5.3 +5 = 20.

I

11!
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Bai 4.

a)

b)

Taco6:a=1;b=—-3m+1);c=2m*+m - 1.

A =[-CGm+ DP-41.2m* +m-1)=9m? + 6m + 1 - 8m? — 4m + 4
=m’+2m+5=(m?*+2m+1)+4
=(m+1°+420+424>0,ymeR (viim+1*>0, Yyme R)

= Phuong trinh luén c6 hai nghiém phan biét vdi moi gid tri cia mn.
Theo trén, phuong trinh luén c6 hai nghiém phan biét x,, x, véi moi
m. Theo hé thie Viét, ta cé :

X1+X=3m+1;, x%=2m°+m- 1. Khidé:

A = x}+x%-3x;x, = (X; +x2)? = 5x;%, = (Bm +1)? - 5(2m? + m - 1)

4

2 2
:_(m_}_] +2__5535_ vi (m-—%) 20. Ym.

+m2+m+6=~[m2—m+-}]+6+}-

2 4 4

Vay giad tri 16n nhat cia A bing Ef

* L1} " 2 1
Dau"="xdyrao m--=0 o m = =

Bai 5.

a)

b)

c)

120

Ta c6 : EAO = EMO = 90° (tinh chat ticp tuyén) nén td gisc AEMO
noi ti€p. Dé thay tit gisc APMQ la hinh chit nhat (c6 ba géc vuong).

T gide APMQ la hinh chir nhat (emt) ma
I la trung di€m cua duong chéo PQ nén I
cing la trung diém cia AM. Q M
AOAM cén tai O c¢6 OI la trung tuyén nén —
dong thoi la dudng phan gidc hay OI la Bl /
phan gidc cia AOM. Mat khéc OE cing la
phan gidc cia géc AOM (tinh chat hai tiép
tuyén cit nhau) nén OI va OE phai trung
nhau hay ba diém O, I, E thdng hang.

D

=

Y/ /-

>

AN

Ta c6 : sdABM = %sd}f(_fM (s6 do cua goc
ndi tiép va s do cia géc ¢ tam cung chin cung AM)

ma sdAOE = sdMOE = %sdAﬁ (cmt)

= sdABM =sdAOE (1)

Tron Bo SGK: https://bookgiaokhoa.com



d) -

Download Ebook Tai: https://downloadsachmienphi.com

Lai ¢6 : EAO = MPB = 90° (gt) nén AEAO « AMPB (g.g)
AO _AE _ \OMP=AEPB (2
PB MP
Mat khdc : KP / AE (L BC). Theo hé qua cua dinh li Talét, ta c6 :

KP _BP | KPAB=-AEBP (3)

AE AB
T (2) va (3) = AOMP =KP.AB ma AB =2A0
= AO.MP = KP.2A0O = MP = 2KP

Diéu nay chung t6 K la trung diém cua MP.
Cdach khdc : Goi D la giao diém cia tia BM va tiép tuyén tai A. Ta c
OI la dudng trung binh cia AMAB nén Ol / MB hay OE / BD.
Do dé E la trung diém cia AD hay EA = ED.
Mit khidc MP // AD (L BC) theo hé qua cua dinh li Talét ta c6 :

1\4—5 = Eri [= P—E) ma EA = ED (cmt)

ED EA BE
= MK = KP hay K la trung-diéin cia MP.
Trong tam gidc vuong ABM; ta cg :

MP? = PA.PB, trong d6 : PA=x; PB=AB-PA=2R-x
= MP = m; 0"<x'<2R (vi M 'thudc duong tron (O) va M kha
A, B).
Dién tich hinh chit nhat APMQ :

S = MP.PA = x/x(2R - x) = Jxa(zR - x)

Ta chung minh bo dé sau : Néu a, b, ¢, d khong am, ta c6 :

a+b+e+dTmm——
abed < . DAr'= xayracoa=b=c=d.
Ta c6 : a+b> 2Jab (1) Va,b20

(via+b> 2J/ab c:(J_-Jl_J)zzoluéndﬁngVa,bzﬂ
Tuong tu: c+d2 2Jed (2)
T (1) va(2) = a+b+c+d> 2(Vab +Jed)

Ta con ¢6 : JE+Jc_d > Q'JJEE.JEE
Dodé: a+b+c+d> 4yyabJed

—(a+b+c+d)!'>4%abed) = abed <

[a+b+c+d)4

Dau"="xayra<a=b=c=d.
12
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- & i T - S ,
—~ Ap dung bo dé trén vdi bon so E: %;gva 2R ~ x, ta c6 :
X X !
< x x E+(—+—}~+2R—x] R
JoR-x=27.2 2 XEoR-n<a7 33 = | =21
3 3 3 ‘ 1 J 16
\
; _ 3R
Déu":"xziyrac:»i=i=iz2ﬂ—x X = —,
3 3 3 2

Khi dé6 M la giao diém cua dudng tron va dudag vuong goc vgi AB, ve

qua diém P,, véi AP, = £ (P, 1a trung diém OB). Ta co hai duém M,

M. (xem hinh vé).

* Cach khac : Tuong tu nhu trén, ta co

X
g 2R - x : N
S = xyx(2R - %) = xy3 -;-‘r.'zR- x) < x+/3.2 N - 3[R~
i \ i Y
/x )
|2 o elLEY
b X) '3 " -t 33 s
= 3f3=|R{L| <33 | = L2238
31" 1B) ] 2 plio
[ Bown
[=% 2R—\
Dau "=" xdy ra < 3 _ ‘ Tu do xac dinh dugc M.
]x X 3R
—=R-=© x=—-.
'3 3 2

DPE THI TUYEN SINH VAO LOP 10 THPT TINH VINH PHI1T(

HAN | : TRAC NGHIEM (2 diém, méi cau 0,5 diém)
bai 1. 10.Y/40 = V400 = 20. Pap an B.
bai 2. Hamsé dongbién & m-2>0 < m>2  BapanC

tbai 3. Hinh chi nhat ¢é hai duong chéo vuéng goc thi no [a hinh vuorg

Dién tich hinh vuéng la 0,5% = 0,25 (ecm”). Dip an A.
bai4. Vx+2 conghia © x+220 < x=-2. bap an D.
HAN Il : T LUAN
[4x — By = - ((4x - Ty) - By) = (- 5
14i 5. Ta c6 - J4x Sy 5 - .,{ x -7y) -(4x - By) 1) - (-5)
|4x - 7y = -1 |4x - 5y = -5
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| 15
(2y = 4 y = -2 y = -2 .15
& 4 ! — o A
|4x - By = -5 4x - 5(-2) = -5 i =18 ily .,
_— o (15 0
Hé co nghiém . (x; y) = | _4 -9

Bai 6.

1 Tacé6:a=1;b=-2m-1)=b =-(m-1);e=m->5

D]
i . ( o Wi 15
vV =(l-mF-m-5=m“"-3m+ 6 = l:m —2 +—;—— >0 ¥Ym

)
=

( 3 " R o B ™ .
vi | m - —,} >0 vm. Vay phuong trinh da cho ¢6 hai nghiém phan bi
2 .

X,, X, vOl mo1 gia tri cua m.

Theo hé thic Viét, taed 4 =

b~

Khi do . x> + X¥- 10 = [Tk R - 2x,xN5 10
> ff%}‘_!__l_;ll__ -4 1) = 2(imn - 5)\= 10

m = 2

download s ot dphtchm0 = i
im =

1
t 2

i .—- =

Vay m = 2 hoac mesem-

[

Bai 7. Goi x (m) la do dai canh day cua tam giac da che (x > 0) Khi

: . N, 1, OX . o Pl : O
chieu cao cua tam gide la * (m). Dién tich la S = —x“ ().
5

Khi tanug chiéu cao thém 3m va giam canh ddav <i 2m thi dién tich ¢

o TR = {18% . :
tam giac mdi la §' = E(x =P & B 1)
! 7 w

Theo bai ra, ta co6 phuong trinh -

1/ . 3 o 3 . 3 4
-‘-:-ix+3!{x-—2}=—x‘ +9 o sz --x+—3-x-3:—x“+9
204 ) 8 8 2
c*»flez = x=10
4

Viy canh ddy cua tam giac la 16 (m); chiéu cao la 12 (m).
Rai 8.
a) Tacé - MAO = MBO = 90° (tinh chat ti&p tuyén)
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= MAO + MBO =180°. Do dé
bén di€ém M, A, O, B cung thuodc
dudng tron dudng kinh MO.

Mit khdac N la trung diém cua
PQ = ON 1 PQ (dinh li dudng
kinh day cung) hay MNO = 90°
ching té N cing thujc dudng
tron dudng kinh MO.

Vay nam diém M, A, N, O, B cung thudc duéng tron ban kinh R = %9
b) Tacé : PS L AO (gt); MA L AO (tinh chat tiép tuyén) = MA / PS
= AMN = RPN (déng vi). Lai c6 :
AMN = ABN (gbéc ndi tiép cung chin cung AN)
= RPN = ABN. Do dé tif gidc PRNB ngi tiép.
= BPN = BRN (g6c noi tiép cung chdn cung BN)
ma BPN = B‘XQ (goc noi tiép cungchén cung BQ)
= BAQ = BRN = RN // AQ (cap géc déng vi).
Xét ASPQ c6 N la trungidiém «ctia) PQ>(gt); NR '/ QS (cmt) nén RN li
dudng trung binh = R la trung diém cua PS hay PR = RS.
3ai 9. Ta c6 : a®>a’-(b-¢y¥=z@<b+cla+b-c) (1)
Tuong tu: b*>(b-c+a)b+c—a) (2)
c’>(c-a+b)lc+a-b) (3)
Vi trong mét tam gidc téng do dai hai canh luén 16n hon canh thi ba
nén cac vé phai cua (1), (2), (3) déu duong.
Nhan vé vdi vé (1), (2) va (3), ta duge :
a’b’c’ > [(a+b-c)b +c - a)c+a-b)
= abc>(a+b-ckb+c—-a)lc+a-b) (*)
Via+b+c=2nén (*) < abc 2 (2 - 2a)2 - 2b)2 - 2¢)
<>8-8a+b+c)+ 8ab + bec+ ca)— 9abe < 0
<> 8 + 9abc — 8(ab + bc + ca)> 0
<> 9abc - 8(ab + bec + ca) > -8
Talaic6:a’ +b’+c’=(a+b+c)' - 3(a+b+cXab + be + ca) + 3abe
= 8 — 6(ab + bc + ca) + 3abc
Vay: P =4(a’ + b’ + ¢’) + 15abc = 27abe — 24(ab + be + ca) + 32
= 3[9abc - 8(ab + bc + ca)] + 32>3.(-8) + 32=8 (dpcm).
24
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. 2
Dau "="xdyra<>a=b=c= 5

Vay gi4 tri nho nhat caa P bing 8, dat dugctaia=b =c = £

DE THI TUYEN SINH VAO LGP 10 THPT TINH PHU THO
Bai 1.
a) 2vE+3v25 =2v2? +3Y5% =22+35=19.

b) 2x-10>02x>10 & x> %:5_

) (Bx— 1Xx-2)-3(x"-4)=0 & @x - 1x-2)-3(x +2)x-2)=0
o x-2)Bx-1)-3x+2)=0
S-TMx-2)=0 & x-2=0 & x=2
Bai 2. Goi x (m) la chiéu réong cia khu vudn (x > 0), thi x + 20 (m) la chiéu dai
Theo gia thiét ta ¢6 : x(x +(20) = 2400 < x” + 20x — 2400 = 0
A' = 100 + 2400 = 2500 = 50% 'S phuong trinh c¢6 hai nghiém :
x; =-10 + 50 = 405 "%, = -10 — 50 = —60 < O (loai)
= Hinh chif nhat cé chiéu rong la 40m, chiéu dai la 60m.
= Chu vi cia khu vudn la 2(40 + 60)m = 200m.
Bai 3. ’
a) m = 2, ta c6 hé phuong trinh™
2x-y=3 2x -y =3 Xx=4-2 X=2
{x+2.:r=4 Q{2x+iy=8 <:}{5y=5 ym{y=1
Viy hé phuong trinh c6 nghiém duy nhat : (2; 1).
b) {mx-—y=3 @{y=mx—3 (1)
x+my =4 X+my=4 (2)
The y tir (1) vao (2)tacé: x + m(mx — 3) = 4
< (1+mi)x-3m=4 *)

Vil + m? # 0 Vm nén phueng trinh (*) luon ¢6 nghiém duy nhat v¢
moi m, suy ra hé c6 nghiém duy nhat véi moi m.
Bai 4.
a) Tacé BDC = BEC = 1v (géc ndi tiép chin duong kinh BC)
- ADH = AEH =1v = T gisc ADHE néi tiép dudng tron.
b) Treng AADH, theo gia thiét I 1a trung diém cia AH = DI = —A2—H (1

12
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Tuong tu vdéi tam gi* vuéng AEH ta cang c6 : El = —j}gﬂ (2)
Tir (1) va (2) = DI = EI
Xét AIDO va AIEO, ta c¢6 :
DI = EI |
10 chung; = AIDO = AIEO (c.c.c)
DO = EO

— DK = EK (K la giac diem cua DE va OI)

Do tinh chat cua dudng thang di qua O va
trung diém cua mot day ta c6 OI L DE = dpem.
1 j AB BE
Ta ¢6 : Syasc = —AB.CD = =ACBE —_— — (3)
c) Ta c6 : Siauc > 2 = 2C_ CD
Mat khac AEBA o ADCA vi c6 : AEB = ADC = 1v va EBA - DCA
BE - AE
= — =
CD AD

(géc noi tiép cung chdn cung DE) (4)

Tu (3) va (4) = A o = AD.AB = AE.AC ta c6 dpcm.
AC AD

1 1 9 1 9

1 b
3ai 5. A = xX+y+—+—=|—x+=|+|-yv+=]|-=(xX+y)
yx}'(‘l x][4yy)4y
+

2ng.-1— 2 2yl w -5—(‘x +y)“tap - dung BDT Cosi)
4 x 4" v 4
2

3 \§
= 2. ———(X+y)
TR

v

| w

Vay A > G—g(x-;-y)26—2.3:-13E (Vix+y< %) va dau "=" xay ra khi :

théa man diéu kién.

<
It
Wwinn win

Vay A dat gid tri nhoé nh4t la 6~§§=? khix=y= g

DE THI TUYEN SINH VAO LGP 10 THPT TINH NAM DINH
'HAN | : TRAC NGHIEM

3ai 1. A. ‘Bai 2. B. Bai 3. D. Bai 4. C.
3ai 5. D. Bai 6. C. Bai 7. B. Bai 8. A.
26
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PHAN Il : TU LUAN
Bai 1.

+ —
J;-.]_ \/;+1x+\/;4-2 x-1 JX+J;+2
X+ Vx +2 J; B J;

x -1 .x+. x+2'>{"1-

2 JEJ Jx [24&*1“&{&-1;7‘ Jx

L

i\

2. Thay x = 3+ 2J2 vao Ptaco -

B B2z Ja+v2?  1+42

1
T 3+22 -1 20+42) 20+42) 2

1)

Bai 2.
1. Dé thi diqua A(1;4) = x = 1; y = 4 thoa man phuong trinh

1
y=2X+2m+1 A= + 2T 2m=1:>m=~2-.

2. Hoanh do giao diém la nghiém-cua phuong trinh :
xX=2x+3 3 X ¥2x-3=0
Phuong trinh c6 cdc hé so théa man a - b + ¢ = 0 = phuong trinh c
hai nghiém x = —-1; x = 3.
Thay vao phuong trinh y =2x+3 >y=1y=9
Vay dé thi hamls§y = %% city do thi Hamiss y = 2x + 3 tai hai dién

(-1; 1), (3; 9
x+y+1+ X + 2y _
Bai 3. Xx+2y x+y+1 Piéu kién : (x +2y) #0;x+y + 1 # 0.
3x+y=4

- {(x+y+1)2+(x+2y)2 = 2x +2yNx+y+1)

3x+y=4
B 2 1-y)?=0
s [(x+y+1D)-(x+2y)]° =0 . i
3x+y=4 x=—3—

=1 A
- {y i thoa méan diéu kién.
X =

Vay hé phuong trinh c6 nghiém duy nhat : (x; y) = (1; 1).

Bai 4.
1. Theo gia thiét AOAM vuéong tai A va N la trung diém cia OM

— AN =ON = OA = R = AOAN déu = OAN =60° = NAM = 30°.
12
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B_—C

P
N
M
A
Q
2.a) Taco: BQA-= i ; LL2 (g6c c6 dinh ¢ ngoai duong tron)
va DCP = 180° - BCD = 180° - S4B
- ﬁaﬁ +DCP < 180° + sdAB - (sdDA +sdBD) _ 180°

2

= T\ gidc PQDC ndi tiép dudng tron.

b) 3BQ -2AQ>4R (1)
< 3BQ > 2AQ + 2AB (AB = 2R)
< 9BQ* > 4AQ* + AB?) + 8AQ.AB
< 9BQ? > 4BQ* + BAQ.AB  (Theo Pytago : AQ* + AB” = BQ?)
< 5BQ* > 8AQ.AB (2)
Vay dé chimg minh (1), ta can c¢hing minh (2).
Goi H la trung diém cua PQ, tacé.:

2BH > 2AB  (BH la.canh huyén. cia AABH)
< PQ > 2AB (AQBP vudng tai P)
< 4AQ.PQ > 8AQ.AB
< 4BQ* > 8AQ.AB (hé thic lugng trong tam gidc vuong)
- 5BQ® > 4BQ* > 8AQ.AB. Ta c6 dpcm.
ai 5. ﬂny—4+yJ;—4)=xy Piéu kiénx >4;y > 4

= 4xﬂ+4yﬁ—xy-—xy =0
o x(y-4-4y-4+4)-y(x-4-4Jx-4+4)=0

o x(fy-4-22-y(x-4-2°=0
. Jy-4-2=0
c:»x(,/y—4~—2)2+y(w/x—4—-2)"'=0w{y vix>0,y>0

J:t—4-2=0

-4 =4 = ;
[y o {y . théa man diéu kién.

=S
Ix -4=4 Xx=8
Vay c6 duy nhat mot cap so (8; 8) théa man phuong trinh.
28
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PE THI TUYEN SINH VAO LGP 10 THPT TINH HUNG YEN
i 1.
a) A

(V20 - V45 + 3J5)V5 = V4.25 - V9.25 + 3¥25

=25-35+3.5=10.

b) B = y/3-1%-V3=1V3-1-y3=y3-1-v3 (i J3-1>0)

= -1.

B 2.
a) Patt=x"t20. Tacé phuong trinh : t? — 13t — 30 = 0
A=169 + 120 = 289 = JE=17:>’£;= 13;17=15;
t, = = -2 <0 (loai)
Vay phuong trinh da cho ¢6 hai nghiém x = +15.
3_1_
b) ¥y diéu kién x 2 0,y # 0
2 1
BEewtwl
(X Yy
—1- =-1 x=-1 X =-1
c::,»; 1 =t 2_1_ == 1 ""'(théa man diéu kién)
s 5= p— ==
Xy y 10
Vay hé phuong trinh ¢6 nghiém duy nhat : (x; y) = [—1; —-1}0-]
Bi 3.
1) Bang gid tri cia ham s y = 2x* : 1Y

x [-2 -1 0 1 2
y |8 2 o 2 8
c6 d6 thi (P) trén hinh va.

Béng gi4 tri cia hAm s6 y = x + 3 :

(d)

x | -3 o0
y | 0 3
D4 thi ham sé 1a dudng thing (d) :
di qua hai diém (-3; 0) va (0; 3). (=3; 0) M

gl 2T orz %
)) Hoanh d¢ giao di€m cta (P) va (d) /
la nghiém ctua phuong trinh :

129
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N =x+3 ox%’-x-3=0c

Vay toa do giao diém cuia (P) va (d) c6 hoanh d§ am la A(-1; 2).
Phuong trinh dudng thing (A) c6 hé sé géc bang -1, c6 dangy = -x + b
A-1;2)e(A) >2=1+b=>b=1
Véy (A) ¢6 phuong trinh y = -x + 1.

c) (A):y=-x+1
x=0>y=1=C(0;1) ‘ ™
y=0=>x=1=D10)
Tir bang gid tri cua (d) = B(=3; 0).

C(0: 1)
Ta c6 : \
D, 0
_ XaA +*Xp, _YatYD 0 X
Xc 2 ’ yC 2

— A, C, D thidng hang va C la diém gita cia A, D.

Goi E(-1; 0) ta ¢c6 AE 1L BD va BE = ED = AABD can tai A.
Mit khéc CD c6 hé s& géc 1a —1 = tan135° = ADB = 45°.
Viay AABD vudng tai Al

— Hai tam gidc ABC va ABD c6 chung dudng cao BA.

1
laBAC
. Sasc _ 2 _1
Saep lagap 2
2

Luu y : Ta ciing c6 thé ching minh AABC vudng tai A béng cdch tinh
d6 dai cua cdc canh va dung dinh li Pytago dao.

Bai 4.

a) Tu tinh chdt géc ndi ti€p bing goéc
giita tiép tuy&én va mot diy cung chin
cung = Trong dudng tron (C) ta c6 :

BMN=MAB (1)
b) Xét AINB va AIAN. Ta c6 I chung.
Mit khéc ciing tuong tu nhu ciu a), ta cing ¢o

INB = IAN (2) (cung chdn cung BN)
IN IA
-> AINB «» AIAN (g. —=—h IN? = IA.IB.
> 7] (gg = B "IN ay

' Xét t gide APBQ ta c6 :

13¢
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MAN + QBP =mI+IEN+Q§P
- BMN + INB + MBN = 180° (
- Tu gidc APBQ noi ti€p duong tron.
Tu dé ta c6 : QFB = QKB (cung chdn cung QB)
= BMN

theo (1) va (2))

ma QPB va BMN 6 vi tri so le trong = PQ // MN.

PE THI TUYEN SINH VAO LGP 10 THPT TINH THAI BINH

Bai L.
[ 3 1 Jx—Q [ 3 1 }x—g
1. A = + y = + :
x-3Jx Yx+3) x |Vxx-3) Yx+3] Jx
_3(Wx+3)+x-3Vx (Yx -3)/x+3) _x+9
Ix(x - 3)x +3) Jx X
2. Bién ddi vé trai, ta co :
VT - J'-( 1 ]:J—J—+2+‘\/— 2 21{— - 10
-2 J5+2 45+2)5-2) 5 4
= VP (dpcm).
Bai 2.

1.a) Puong thing (d) di qua hai diém A(0; 2),/B(+1; 0) nén ta c6 hé :

b)

n=2 n=2
o
(k-1-1D+n=0 k=3

Viy v6i n = 2, k = 3 thi duong thing (d)
di qua hai diém A, B.

Putng thidng (d) song song véi dudng
thdng (A) khi va chi khi :

{k-ﬁ1=1 {k=2
=
2-k#n n=0
Vay v6i k = 2 va n # 0 thi (d) / (A).

V6i n = 2, phuong trinh dudng thing (d)la : y =
(d) va Ox cdt nhaukhik-120 <o k# 1.

Khi dé giao diém caa (d) va Ox la C(Iil-{—; 0].
Tam gidc OAB vuéng tai O, ta c6 :

Soan = -;-OA.OB , %.2.1 - 1(dvdt).
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1.1 2 2
Tuong tu: S _—OAOC=— dvdt).
g 0AC 5 \1 k‘ ‘1_k|(v )
Theo gia thiét : Soac = 2Soap < TEE =2 o |1-k| =1
[1-k =1 k=0
— <
1-k=-1 k=2
VaYk=0h05.Ck=2thi SOAC=2SOAH'

Bai 3.

1. Véi m = -1, ta c6 phuong trinh : x* + 2x -8 = 0
a=1;b=2=b=1;c=-8 khid6:A=1+8=9>0 = A =3
Phuong trinh c6 hai nghiém : x;, =-1-3=-4; x,=-1+3=2.

2
2. Tac6:A=m’-m+ 7= [m—%} +g41>0 Vm
= Phuong trinh luén c6 hai nghiém phan biét véi moi m.
3. Theo trén phuong trinh (1) |c6 ‘hai nghiém phan biét x,, x, Vm, nén
P =P
theo hé thic Viét ta c6 : {x‘ o = pm
X1 Xg =m -7
1 1 9 Xyl +/Xg , 2m

Khidé: —+—=16 =16 & —— =16
X; X XX m -7

P m=#7 - m#7 8
= 8.
2m = 16(m - 7) m=38

Bai 4.
1. Tacé: AKB =90° (AB la dudng kinh)
= AKB + AHE = 180°.
Do dé tit gidc AHEK ndi tiép.
T gide AHEK ngi ti€p (cmt).
= KAE = KHE (géc ndi tiép chin cung KE).
Do d6 ACAE «» ACHK (g.g). Hinh 1

2. Tacé: AB L MN tai H = HM = HN (dinh li dudng kinh dﬁy cung) hay
AB la dudng trung truc cia doan MN = BM = BN = BM = BN.

Do d6 MKB = NKB (1) (géc ndi tiép ciing chén hai cung bing nhau).
Lai c6 : KB// NF (LAC) = NKB=KNF (2) (so le trong)

va KFN=MKB (3) (déng vi)
Tt (1), (2) va (3) = KNF = KFN hay ANFK can.

132
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Gia st KC = KE, khi d6 AKEC vudng can tai K K'

= KEE:@C:45O. K
Lai c6 ta giac AHEK noi tiép (cmt) A

= ,__ 0 H
=> BAK = KEC = 45°.
Do d6 AAKB cing vudng can tai K, c6 KO la
trung tuyén nén dong thoi la dudng cao hay
KO 1 AB ma MN 1 AB (gt) = KO / MN (xem C

hinh 2). Hinh 2
Goi K' la giao diém cua KO véi duong tron (O), ta cé :
KK /MN = MK =NK = MK = NK.
Xét tam giac KMK' vuéng tai M (KK' 1a duong kinh).
Tacé: KM+ K'M?=KK* (dinh li Pytago)
hay KM? + KM? = (2R’ =4R* ma KM = KN
—  KM? + KN* = 4R".

zZNg\[ =

Bai5.Datx=a-1;y=b-1 Khidd§a+b+c=3 =c=1-x-y.

Khong mat tinh tong quat, ta cé thé coi c la s6 nhé nhat trong ba sd
khong ama, b, c,tacé: 3c<a+b+c=3 = c=sl

Vay 0 <c <1/ = ovwongsh
Taco: (a-1P+b-11+Cc-1 =x"+y" +(=x~-y)' =-3xy(x +y)
(x+y)2

Lai ¢6 : (X — y)° > 0 mmpeyy=sc =

= Xy(X +y) < m+y

(vio<x+y<1)
3

= =3xy(x +y)2 s

Vay (@a-1'+(b-1"+(-1)"2 --2-

Dé'u"="xéiyrac:>x=y=-;- {khidéazbzg-vac::O).

pE THI TUYEN SINH VAO LGP 10 THPT TINH HAI DUCGNG

Bai 1.
a) A =J2_5—J1-6+J§_=J5_2—J4_2-+@=5-4+9:10.
B o2 _j5.2-¥3B+y_-1-B_

J3 +1 J3+1 43 +1
133
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vx? -4x+4

¢c) C = , VOix>2
X -2
— 2 —_ p—
= Vix—2) =|x 21=x 2=1 (vix>2hayx-2>0).
Xx—-2 Xx-2 x-2
Bai 2.

a) Vi duong thdng (d) : y = ax + 3 va dudng thdng y = 3x khéng trung
nhau véi moi a. Do vay dé€ (d) song song véi dudng thdng y = 3x thi hé
s6 géc clia hai dudng thing nay biing nhau = a = 3.
Vay (d) c¢6 phuong trinh : y = 3x + 3.
Bang gid tri caa (d) :
x | -1 o
y | o 3
D6 thi qua hai diém A(-1; 0), B(0; 3).
b) Toa dd giao diém M cia (d) va (d') 1a nghiém
cua hé phuong trinh :
y=3x+3 2x+2=0 xi= -1
{y=x+1 77 {y=x+1 T {y=0

LR 4

Vay M(-1; 0).

Bai 3.
a) Phuong trinh x* + Tx /= do=10c60 A= 149 1+4.402165 > 0
= Phuong trinh c6 hai nghiém x,, x..
Theo dinh li Viét ta cé : x, + X, = =7; X;X3 = —4.
l+x {x % -2
= =
X+2 2 2-1+x)(x+2)=0

X # -2 X # -2 [x=0
@ C:> 'C-:'r
x> +3x=0 x(x+3)=0 |x =-3.

b) Phuong trinh :

c) Goi x va x + 7 la dj dai cda hai canh géc vuong, x > 0. Tir gia thiét va
4p dung dinh li Pytago ta c6 phuong trinh :
XX+ (x+7%=13" © x*+7x-60=0

7 4+17 7
A=289=172=>x|= ol =5 Xp = 7 17:—12(0([0@0
Vay d¢ dai hai canh géc vuéng la 5cm va 12em.
Bai 4.
a) Do AB la dudng kinh = ACB = 90°. Tir gia thiét C
OC L AB = C la diém giita cia cung AB.
= AOC =90° = AMC = 45° (géc ndi tiép
I
c6 sb do bling 2 géc ¢ tam cung chin cung). _
2 A O H B
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b) Ta c6 : AOC = 90° va AIC = 90° (gt) = Ti gidc AOIC c6 hai dinh lién
tiép O, I nhin AC duéi mét géc vubng = AOIC la ti gidc ndi ti€p.

¢) Xét tam gisce vuong ABC : CO la dudng cao ha tir dinh C, theo hé thuc
lugng trong tam gidc vuong ta co :

AO.AB = AC* (1)
Tuong tu doi véi tam gidc vuong ACK ta cung c6 :
AL.AK = AC? (2)
Tu (1) va (2), ta c6 : AILAK = AO.AB.
4) Tu K také KH L AB (K € AB) = KH // OC (v cing vudng géc v6i AB).
Néu K 12 trung diém caa CB thi KH la dudng trung binh cia AOBC.

_ga-22€.R aon-B_.2 AH- R+ B _3R
2 2 2
R
— KB —3—1
t:t, M I e T — T —
Suy ra : tan %0 ?E 3
2

PE THI TUYEN SINH VAO LGP 10 THPT TP. HAI PHONG

PHAN | : TRAC NGHIEM

Bai 1. C. Bai 2. D. Bai 3. C. Bai 4. A.
Bai 5. D. Bai 6. B. Bai 7. A. Bai 8. D.
PHAN Il : TY LUAN
Bai 1.

1. M = (VB - 442 + J20)V2 = /16 - 42 + 80

4-4.2+4J_=—4+4J5
-2 _(B-25-2 _9-46 o , &
J5+2 (B+2065-2 5-4
9. M+ N = (4 +45) + (9 - 445) = 5.
Bai 2.

I

N =

. = 3

st—y’:—l x-_-!._-_.—l & x:l
(—3X +2y =9

y=4 y=4
Vay hé phuong trinh c6 nghiém duy nhat : (x; y) = (1; 4).

2. 3x'-5x=0 <« x(3x-5)=0 & x=0ho@cx=-§-.
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3. Phuong trinh bac hai c6 nghiém duong : hodc hai nghiém duong hoac
hai nghiém trdi ddu hoac mot nghiém duong va nghiém kia biang 0.

-
25+84m >0
J—5->0
[(A>0 3
S=x, +%x, >0 _Z_’_n_;,o [ 95
< P<0 o —%n-<0 &S m>0
P=0 5
3
25
Sm> ——,
84

Bai 3.

1. Theo gia thiét tu gidc AQHP noi tlép dudng tron duong kinh AH ma
QAP = 90° = goéc doi cha né 1a PHQ 90°.

2. Tacé: QPH = QAH (géc néi tiép cing chin cung QH)
ma QAH + ACH = 90° (ACAH vudng tai H)
= QPH + ACH =90°. Mat khic : HPB = HPA = 90°
= QPB + ACH = QPH + HPB + ACH = 180°
= T gidc BPQC ngi tiép dusng tron: 30

3. Goi O la tam dugng tron-dusng-kinh-AH- P
Ta ¢6 : EH = EB (gt) ma AHPB vudng tai P \
= EH =EP = AOHE = AOPH (c.c.c) M
ma OHE = 90° = OPE = 90° (1) SN
Tuong tu ta cing ¢6 : AOHF = AOQF (c.c.c) ( 1\ I

A

= FQO = FHO = 90° (2) < - > S0,
Tir (1) va (2) = T gidc EPQF 1a hinh thang vuong. S

4. Tacé: ACB = 30° (gt) = CBA = 60° ma APEB can tai E (EP = EB)
= APEB déu = PEB =60° = QFE = 60° (hai géc dong vi).

Tu E ha duéng vudng géc EM xuéng QF.
Trong AMEF ta c6 :

C

EM = EF.sin MFE = 2sin60° = 3.—‘@ _a¥3 (BC =&
2 272 4
Dién tich hinh thang EPQF la :
2
EP + FQ M _ gl . rr)EM _ 3.—‘/-_31 1_a'V3 (dvdt)
2 2 2 4 2 16

.36
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Bai 4. Tir gia thiét x > xy + 1 thi x # 0.
- Néuy=0thiP=0.
- Néuy=0:
TH1 : x, y trai dau thi P < 0.
TH2 : x, y cung dau.
1 x<0,y<0 >xy+1>0 = xy+1>x (vix<0)trdi véi gia thiét.

2. x>0,y>0. Tirgia thiét x > xy + 1 :~'1>y+l>2J57 (BDT Cosi)

:fs-l—:blﬁ—l— (v*)
2 Xx 4

1‘)‘{n;t-1’-,0<tsl =5 P s
X 4 1+¢2
2
— 3t2_}_2_=3(17t 4t° -4) _34-t4t-1
17 1+¢2=37 17(t2:%1) 17(t%2 +1)
v10<ts—1-
4
12 ; . .
::>P*;—+vﬁdziu“:"xziyrakht:-l—c::-}izl
17 4 x 4 1
::-x:2;y=-2-

et Sty s 1
X

Vay P dat gi4 tri ldn.nhat la -:-% khiva.chi khix =2,y = %

DE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG NINH
Bai 1.

a)Tacé—SJ_—v/_"J_‘ 45 > 29 = 45 > 29, V@y3J§>J2_9_.
3+¥5 3-5 3+¥6°+@3-V6" 14+6/5+14-6/5 28
I 3+J' 32 _ (452 4 4

b A

Bai 2.
a) V6im =1, tacé hé :
2x +y =4 4x +2y = 8 6x =10 X =2
&5 = o
Xx-2y =2 X-2y=2 X-2y=2 y=0
Hé c6 nghiém duy nhat : (x; y) = (2; 0).

b) Giai heé :
{2x+y=5m—l 4x + 2y = 10m - 2 5x = 10m X = 2m
= =Y o
X-2y =2 X—2y =2 X-2y=2 y=m-1
13°
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Thay x, y vao hé thuc x2-2%=1,tach:
2mP-2m-17°=1 < 4m’-2m’+4m-2-1=0
o 2m*+4m-3=0 (¥
Tac6:a=2:b=4 =b=2c=-3 =A=2°-2(-3)=10>0.

-2+410 -2-+10

msy =

Phuong trinh (*) c6 hai nghiém : m,; = - 5

Vay véi m = _—_Zl_tzil_g hé da cho ¢6 nghiém (x; y) va thoa man x* — 2y* = 1.

Bai 3. Goi x (h) 1a thdi gian dé vdi thi nhat chay riéng day b€ (x > 12), vay

Bai 4.
a) Tacé AEH = ADH = 90° (gt)

b) Ta c¢6 : BOC = 2BAC = 2.60° = 120° (géc

138

trong 1h voi thi nhat chdy duge l(l’)t’é"). Voi thd nhat chay day bé it
:

hon voi thd hai 12 10h nén thdi gian voi thi hai chay riéng day bé la

: (bé). Hai voi
x +10

x + 10 (h), nén trong 1h voi thd hai chdy duge
chay chung 12h diy b, nén 1h ca hai voi chay dugc 1_12- (bé).

Ta c6 phuong trinh :

1 1 =—1-— o 12(x #10) + 12x = x(x + 10)

x x+10 12
& 12x + 12x + 1202 %% ¢ 10% &1%2 110145 01120 = 0 (*)
Tacé:a=1, b=-14 =>b =-7;¢c=-120
A=(-T)+120=169>0 = JA =13
Phuong trinh (*) ¢6 hai nghiém : x, = 7 + 13 = 20 (nhan);
x, =7 - 13 = -6 (loai).

Tra 1oi : Voi thu nhat chay riéng ddy bé trong 20 (h); vdi thit hai chay
riéng day bé trong 20 + 10 = 30 (h).

— AEH + ADH =180°.
Do dé tif gidc ADHE noi tiép.

ndi tiép va géc & tAm cung chin BC).

Goi OI 1a khoang cdch tir tam O dén BC
ta ¢6 OI la phan gidc cua BOC (ABOC
can tai O nén dudng cao dong thai la

dudng phén gisc) hay BOI = 60° = OBI = 30°. Do dé : OI = —IL;OB .
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¢) Ké duong kinh AA' ta c6 AA'B = ACB (géc noi tiép cung chin AB).
Khi d6 BAA'+ AA'B = 90°.
Dé thay ta gidc BEDC noi tiép (BEC = BDC = 90°) = ACB = AED
— AED + BAA' = 90°.
Goi K 1a giao diém cia AA' va DE ta c6 AKE = 90° chimg t6 AO 1 DE
Qua diém A chi c6 mot dudng thdng duy nhat vuong géc véi DE. Va
dudng thing qua A vudéng géc véi DE di qua diem O cd dinh.
* Cdch 2. Vé tiép tuyén qua A ta c6 xAB = ACB (1) (géc giita tiép tuyé
- mdt day va géc noi tiép cung chin cung AB).
Mat khac i giac BEDC noi tiép (BEC = BDC = 90°) = AED = ACB (2
Tir (1) va (2) = xAB = AED. Do d6 Ax // ED (so le trong) ma Ax 1 O.
(tinh chat ti€p tuyén) = ED L OA. Qua diém A chi ¢6 mdt dudn
thdng vudng goc véi DE.
Vay duong thidng qua A va vudng géc véi DE di qua diém O c6 dinh.
Bai 5. Tacé: P =xy(x— 2)y +6)(#12x* — 24x + 3y* + 18y + 36

= xy(x — 2)(y +6) + 12x(x — 2) + 3y(y + 6) + 36

= x(x - 2)[y(y + 6) + 12] + 3ly(y + 6) + 12]

= (y* W6y HI12)(x7112% 1) 8)
Trong d6: y*+6y+12=y"+6y+9+3=(y+3)°+3>0,Vy

X2 -2x+3=x-2x+1+2=(x-1)*+2>0, Vx

Vay P> 0, vx, y € R.

PE THI TUYEN SINH VAO LGP 10 THPT TiNH LAO CAI
Bai 1.

1l.a) %6—=JZ=2.

b) ¥25-9:2=16:2=4:2=2.

x>0 {x>0
fann}

&-—1:0

S 2x-Kx =x-(2x-JI)= x+¥x _ x(fx -1 _
Jx-1 xGx-1) xWx-1)  xWx-1  Jdx(x-1)

2.a) A c6 nghia khi va chi khi {
X #1.

b) A=
Bai 2.
l.a) a >0 thi ham sé y = ax + a — 1 dong bién.

a < 0 thi ham sé y = ax + a — 1 nghich bién.
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, a=1 _
b) - d//d @{a_lﬂ o a=1. /

o Vé dudng thdngd' :y=x + 1.
45"

x=0>y=1
d A(-l:m Y

Y= 0=>x=-1
D6 thi dudng thing d' cit truc hoanh tai A(-1; 0), cdt truc tung tai
B(0; 1).
= AAOB vuéng can tai 0 = BAO = 45",
Tu A ké tia At vudng géc vdi AB, ta c6 géc giva At va truc Ox la 135"
= hé sb géc cua At la tan135° =
Péd1d thid /At = d' c6 hé sogocla—l = a=-1.

> W

2. D6 thi hAm s6 y = 2x + m — 4 cdt d6 thi hAm s6 y = ix?’ tai hai diem

y=2x+m-4
phan biét <> hé phuong trinh - _1_3“2 (*) c6 hai nghiém phan
4
biét.
y=2x+m-4 y=2x+m-4 (1)
He ) = Lye 2
2x+m-4=zx X" 8x=4m+16 =0 (2)

Hé (*) c¢6 hai nghiém phan biét <" phuong trinh (2) c6 hai nghiém
phan biét © A'> 0 o 16==4m¥16)504m > 0 < m > 0.
bai 3.
1. Phuong trinh xz_ -4x +3=0c6 he s6a=1,b=-4; c =3 théa man
a+b+c=0 o= phuong trinh ¢6 hai nghiém x, = 1; x, = 3.
2. Phuong trinh x* — 4x + m = 0 ¢6 hai nghiém khi A'=4 - m > 0
< m<4 (1)
X, +Xy =4

Theo dinh li Viét, ta cé : {
X;Xy, = In

Vay A = x} +x3 +3x,X, = (X; +X,)% + XX, =16+ m

= A 16n nhat khi m 16n nhat.

Két hgp véi (1) khi m = 4 thi A dat gi4 tri 16n nhat bing 20.
)ai 4.

2 :3 ‘ = =
12 Héphudngtrinh:{x+y C:{Sx 96 c::»{x .

X-y=6 y=Xx-
Vay hé phuong trinh ¢6 nghiém duy nhat (3; -3).
40

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

=3 3 g
2. Hé phuong trinh : {ax & i {ax +y (3)

X-y=6 y=x-6 (4)
Thé (4) vao (3)tadugc:ax +x-6=3 o (a+1)x=9 (*¥)
Hé trén c¢6 nghiém duy nhat < Phuong trinh (**) c6 nghiém duy nha
oca+l120e az-1.
Bai 5.
1. Tacé: BAC =1v (gt)
CDM = 1v (géc nodi tiép chdn dudng
kinh CM)
T gidc BADC cé hai dinh lién tiép A, D
nhin canh BC duéi mét géc vuong = Bon
diém B, A, D, C nim trén mot dudng tron
dudng kinh BC. _
2. Tac6: CNM =1v (vi CM la duong kinh) va ACB = NCM.
Suy ra hai tam gidc vuéng ABC-va NMC déng dang véi nhau

AB _MN " MN.BC SABMC.
BC MC

3. Theo cdu 1, dudng trdon ngoai tiép ti gidc BADC c6 tam I la trur
diém cua BC. Tiéptuyén Mx tai /M) ciua dudng tron dudng kinh M
vudng géc véi AC = Mx // AB ma MC = MA (gt)

= ‘Mx'di'qua'trung diém'T cta BC.

PE THI TUYEN SINH VAO LGP 10 THPT TINH THANH HOA
Bai 1.
1. p =3, ta c6 phuong trinh x* + 3x = 4 = 0.

Ciché¢ sda=1;b=23;c=-4théaman a+b + ¢ =0 = Phuong trir
c6 hai nghiém x; = 1 va x, = —4.

2. Tacé:ac=-4 = A =b’- 4ac > 0 = Phuong trinh luén c6 hai nghié
véi moi p.

Theo dinh li Viét : x; + X, = —p; Xx;x3 = —4.
Biéu thifc : x,(x3 +1) + X3(x} +1)>6 < X;X2 + X, + X,X? + X, > 6
SO XX (X +X2) + X3 +X9>6 © (X + X)X1X2+ 1) > 6
& -p-4+1)>6 o p>2.
Bai 2.

=)

J vic>0,c#9

14
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e +3P -(Je-32)Ve-3) (c+6Jc+9-(c-6Jc+9)

=[ (e - 3)Jc +3) ]( BJE] 3Vee + 3)
12Jc _ 4
3Je(e+3) Je+3

2. DE C nhan gid tri nguyén thi V¢ +3 phai la uéc cia 4 = yc +3 nhan

céc gid tri +1, £2, +4.
Véi didu kién ¢ > 0 = Jc +3> 3.
Dodé: e +3=4 = Je=1>c=1

ai 3.
1. C va D la hai diém thujc parabol (P) : y = x*

2 ] _ i
2. d//CDc:»{zq *q‘lco{&l 4 iens @qu_% 5 i

ma xc=2;xp=-1 =>yc=4;yp=1 = C(2; 4), D(-1; 1).
Phuong trinh dudng thing CD ¢6 dang y = ax + b.
C(2; 4), D(-1; 1) théa man phuong trinh.

4=2a+b 3 =3a a<1
Ta cé6 :
= A {1=—a+b <::>{b=1+9. c>{b:2
Vay phuong trinh ciia dudng thang' €CD/lay = x + 2.
q:

q+1l+2 q=zl

lai 4.

1. Tacé : DNC = 90°(gt) va DMC = 90° (gt)

42

= T gidc CDMN c6 hai dinh lién ti€p M,
N nhin canh con lai duéi mdt géc vuong.

= CDMN la ti gidc ndi tiép.

Ta c6 : DN L BC, KCB = 90° (BK la duong
kinh) = DN // KC.

Chimg minh tuong tu ta ciing ¢6 CM // DK.
= Tt gidc CHDK la hinh binh hanh.

T gidc CHDK la hinh binh hanh ¢6 dudng chéo DC

1
= Sacou = Sacpk = ECD-h

(h 1a do dai dudng cao ha tir K xuéng canh CD)

Theo gia thi€t CD cd dinh = Dién tich cia tam giac CDH 16n nhat khi
h }én nhat = Khodng cach tir K dén canh CD lén nhit = K 1a trung
diém ciia cung nhé CD, ma BK la dudng kinh = B phai 1a diém chinh
giua cua cung lén DC.

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Bai5. Ta 6 : (u—v)? >0 va ddu "=" xay ra khiu = v = 2 (vi dieukién u + v = 4)
S uw+sviz2uv = (u+v) 2 4uv

2 2
WA A e (1)

4 4 uv 4
Miat khdcu® + v’ = (u+v)’ - 2uv216-24=8 (2)
Khi u = v = 2 thl dau "=" cing xay ra.
33 33 65

Tu(l)va(2)tacé :P=u?+vi+ —28+—=—
uv 4 4

= uv <

" 5 .
Vay P dat gia tri nhé nhat la BT khiu=v=2.

BE THI TUYEN SINH VAO LGP 10 THPT TINH NGHE AN
Bai 1.

sk L5 x20 x>0
1. Dieu kién : &_1$0@ —
Jx 2 2 |1 IxWx+D-20x -1 -2
A = — F = =
Jx-1//Jx+1 x-1 x-1
_ x+x - 2flowaloadsachaxenphiilk -1 Vx
x-1 x-1 x+DWx-1) Jx+1
2. Thay x = 9 vao A tac6 A= @ =E.
Jo+1 4
3. B =A(x~1)=&(x_1)= J; (J;*lj(&*kl)
J;+1 Jx +1
12 (1) 1y 1
= X- x=(&)2—2&.1+[-—] —(—] =(J———) —‘}-2-—-—
2 \2 2 2 4 4
1 - " " e | b 1 1
= B> -——. Dau "=" xay ra khi Jx-=-=0 ox==-.
s 2 4

Vay gia tri nhé nhat cia B la _71;_ khi x = i
Bai 2.
m=2tac6phu0ngtrinh:x2—3x+2=0.

Cic hé s6 a=1;b=-3; c=2théaman a + b + ¢ = 0 = Phuong trh
¢6 hai nghiém x =1 va x = 2.

2. Néu x = -2 1a mdt nghiém cia phuong trinh thi :
4+2m+1)+2m-2=0<4m+4=0 ©m=-1
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3ai 8. Goi x Ia s5 gid ngudi th nhat lam mét minh thi xong viée, X > -g
y la s6 gid ngudi tha hai lJam mét minh thi xong viéc, y > -g :
= 1 gid thi ngudi thi nhat lam duge 2 cong viéc va ngudi fhﬂ hai la
X
1 =
— cong viéc.
Ca hai ngudi cung lam chung thi 4h 30' (hay %gid) thi xong viéc

= trong 1 gi¢ thi ca hai cung lam dugc g cong viéc.

Ta c6 phuong trinh : 21 - 1.2 (1)
x y 9
Néu ngudi thi nhat lam trong 4 gid, sau dé ngudi thi hai lam trong 3
gits thi ca hai lam dugc 75% cong vide, = 4.4 +3.1 - % @)
X y
T (1) va (2) ta c6 hé phuong trinh -
l.}.l:g 4_.!'.4.4_.1_:,8_ l=_5._ 36
X y 9 X y , 9 y , 36 y = — (nhén)
1 .1 3 b e s gl St L |
4 —-+3.—=-— 4 —+3.—=-— —_—=——= x =12 (nhén)
x y 4 ¥unloadsacihk X,ch Onliny

Vay néu lam mjt minh,-ngudi-thi-nhat-lam-xong viéc trong 12 gid,
ngudi thit hai lam xong viéc trong §5§ g1d (hay 7 gio 12 phat).

ai 4. Xét tir gidac HBDI, ta c6 : E
IHB = 90° (gt),
ADB = 90° (AB la dudng kinh)
= Ti gidc HBDI ngi ti€p dudng tron.

— Xét ADEL ta c6 : EDA = 34AD

(1)

(g6c gilra ti€p tuyén va day cung) A H O B

MatkhacE"ﬁ)=m=goo_m=sdgﬂ-“‘23”=“‘f’ @)

Tu (1) va (2) = ADEI céan tai E.
— Goi M 1a giao di€m cta BC va dudng tron tim F.
Ta ¢6 : DIM = DCM (cing chin cung DM)
ma DCM = DAB (g6c néi ti€p cung chidn cung DB)
= DIM = DAB
t4
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Tit d6 CIM = CID + DIM = ATH + DAB = 90°
> CM la duong kinh cua dudng tron tam F hay F € BC.
- ABF = ABC khéng déi khi D thay déi trén BC.

PE THI TUYEN SINH VAO LOP 10 THPT TINH HA TINH
Bai 1.
1. VI8 -8 +V2=v92-V42+J2 =3J2 -2J2 + V2 = 22.
x¥x o x-1 O -L koD D e e
Vx o Jx -1 Jx Jx -1

2.

Bai 2.
1. Xhim = 5. Ta c¢6 phuong trinh : x* - 5x + 6 = 0
a=1b=-5c=6 >A=(-5F-416=1>0 o Ja=1

: ) -
?huong trinh c¢6 hai nghiém : x, = ; 1 =& Ky = 5—-—1 = 2.

2. Phuong trinh (1) ¢6 hai nghiém < A>0 o 25-4m+1)>0
21 -4m20<=4m <21l m< E
(G0i X;, X» 1a hai nghiém cta phuong trinh.

Theo hé thuc Viét, ta c6 :
xl x2 =1m+ 1

Vay (gxz — 1) = 20(x; + X2) < m® = 100 & m = +10.
Vimcg 24-1— nén ta lay m = -10.
Bai 3.

1. Diém M(0; 1) va N(2; 4) thudc dudng thing y = ax + b nén toa do M, N
- thoa man phuong trinh y = ax + b.

it o6 Hig : =a.0+b Q{bzl
' % 4=a2+b a=§.
2
2x +2y =5 + —5
2. Xét.hé:{ ¥ N Lt
Xy =1
Xy =

Vay x, y la nghiém phuong trinh : t? - gt +1=0 © 2t°-5t+2=0

i=2,b=-5;c=2 = A=(-5-422=95>0 = Ja-=3

5+3 5-3 1

Vay t= =% t=2_°

Hé cé nghiém : (x;y) = (2; %J. ( ;

145
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Bai 4. Huéng ddn : Cau 3) cua bai nay da rat quen thugc véi cdc ban ta sé

dua vé bai 9 trang 70 S4ch To4n 9 tap 1.

Ta c6 : DAB + DEB = 180°. Do dé tif gidc ABED noi tiép.

Ta c6 : BCD = BED = 90° (gt). Do dé tit gidc BDCE néi tiép.

Ta c¢6 ti gidc BDCE ngi tiép (cmt) / N

= BDC + BEC =180°

ma BEC + CEF =180° (ké bu) B

= CEF = BDC = 45°.

Ké tia Ax L AN ta c6 : a
DAx = BAM (cung phu véi MAD) al

Goi P 1a giao diém ciia Ax va dudng thing CD.

Khi d6 AADP = AABM (g.c.g) = AP = AM. P

Xét tam gidc vuong ANP c6 dudng cao AD (gt), ta cé : X

L + . ma AP = AM (cmt) = e + 1..

AD?* AP? AN? AD* AM? AN?

Cdch khdc : St dung cong thie sin“a + cos?o = 1 (Bai 14 trang 77 sach

Todn 9 tap 1).

(!

Dat canh hinh vudéng la a. Ta cd vé tréi.: .
AD?*  a®
Bién déi v& phai Dowdoadsach
AM?  AN?
Pat BAM = a. Ta c6 : BAM = AND (so le trong do AB / CD)
2
Xét tam gisc ABM tac6: AM = —— = AM? = —2_
cosa cos” a
a ‘ a2
Tuong tu trong ANDA ¢6 : AN = —— = AN?=
sina sin’a
2 . 2
Do d6 : - 4 : = : + . =250 81 Oon az_l.
AM? AN? a® a’ a’ a’

cos’a sin’a

Bai 5. Xét phuong trinh (4n x), ta c6 :

146

X+ 2y +2xy - 8x—-6y=0 & x>+ 2y-4)x+ 2y -6y =0 (¥
Phuong trinh ¢6 nghiém < A'>0 < (y-4)° - (2y*°~6y)>0
oy -8y+16-2y°+6y20 &y +2y-16<0 o (y+1)2<17
= |y+1| SJI_'T < —417 5y+ls‘[ﬁ & —1-J1—7$y5—1+1f17

Vay gid tri 16n nhAt cha y béng -1+ V17,
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Dau "=" xay ra khi va chi khi phuong trinh (*) c6 nghiém kép (vé
Y= -1+V17) > x=4-y= 4-(-1+17)=5- 17
Vay khi x = 5 - +/17 thi y dat gid tri l6n nhat bing -1+ V17.

PE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG BINH
Bai 1. Himsdy=(m-2)x + 3dongbién o m-2>0< m > 2.
Chon ddp 4an B.
Bai 2. Thay hoanh db ctia timg diém Q, N, P vA M vao phuong trinl

y = —ix’z. ta thay diém P thudc do thi ham sé, vi —% = {—i]lz.
Chon dédp 4n C.
Bai 3. yx-4 c6nghia © x-420 < x24. Chon ddp 4n A.
2 2 2
Bai 4. Dién tich quat trdon : S = ai's 3E 90 = i : Chon dép 4n A.
260 360 4

Bai 5. Trong tam gidc vuong ABC vudng tai A, ta c6 : cosB = g]—é

trong d6 AB = 3ecm; BC =6em = cosB = -g = % Chon ddp 4n D.
. - b
Bai 6. Tacod: X +x= ——=-2; Chon ddp 4n A.
a

Bai 7. Ta c6 : AB” + AC? = 6% + 8 = 100 = 10% = BC? = AABC vudng tai A.
= DPuodng tron ngoai tiép AABC c6 dudng kinh 1a BC, ban kinh bén,

_132_0_ - 129 = 5(cm). Chon d4p 4n B.

aV3

Bai 8. Dudng cao cia tam gidc déu canh ala h = 5 (cm).

- 1 1 3 a’
= SAB(j = —ah = —a. aJ_ = = J§ (mz)- Chgn dép an D.
2 2 2 4
Bai 9.
a) Tacé:P:Jg"z"JS_2+2JE=2(JE"2)= 2
b-4 b-4 J];—)+2
P2 s 2 n? & Bid-Be B=1 & bl
3 Jb+2 3
Bai 10,

a) Véin = 3, ta c6 phuong trinh : x* — 4x + 3 = 0.
Via+b+c=1-4+3=0nén phuong trinh c6 hai nghiém :
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Tac6:a=1;b=-2mn-1)=>b'=-(n-1)=1-n;c=2n-3.
A=b%?-ac=(1-n’-12n-3)=n"-4n+4=(m-2)°20, vn.
Vay phuong trinh (1) luén ¢6 nghiém véi moi n.

X; +X, =2(n-1)

Theo hé thic Viét, ta cé : {
X;Xg =2n -3

Tacé:P=x? +x2 =(x; +X)? - 2x;%, = 4(n - 1)* - 2(2n - 3)

=4n°-12n +10=4n*-12n+9) +1=(2n -3+ 121, vVn
(vi(2n-3)*>0, vn € R)

Diu "="xdyra ©2n-3=0cn = g-

Gid tri nhé nhat ciia P biing 1, dat dugc tai n = %

3ai 11.

a)

b)

c)

Ta ¢6 : AMB =90° (AB Ia dudng kinh)
QPB = 90° (gt)

— AMB + QPB = 180°.

Do d6 tit gisc PQMB ndi tiép. L —

Dé thay hai tam gidc vuéng APQ va

AMB c6 BAM chung/'nén

AQ AP

AAPQ »» AAMB (g.g) :’E:Kﬁ D
— AQ.AM = AB.AP (1)

Mait khdc AACB vuéng cé6 CP la dudng cao ta c6 :

AC? = AB.AP (2)  (hé thic lugng)

Tu (1) va (2) = AC’ = AQ.AM.

Ta c6 : CD 1 AB tai P (gt) = PC = PD (dinh li dudng kinh day cung)
hay AACD can tai A (dudng cao AP dong thoi la dudng trung tuyén)
— AC = AD = AC = AD = ABC = AMD hay SMT = SBT.
Do d6 ti gidc SMBT noi tié€p = STB + SMB = 180° ma SMB = 90°

— STB = 90° hay ST 1 AB. Lai ¢6 CD L AB (gt) = ST // CD.

2 2
3&i12.Tacé:B=1-[l+iJ+ L 4 2y .2

148

2 y2) xPy? 2y? | xiy?
2— —_—
=1_(x+y)222xy+ 212=1_122::y+ 212=1+_2"
XYy Xy Xy XYy Xy
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Taci: (Vx -y’ 20 vx>0,y>0

= x—2\[§+y20 > xX+y2 2,[; =5 x;ygm

2 1 4 1 8 2
i &

= < =

< — <
Xx+y Jxy (x+y)? Xy (x+y)? x+y

=5

Dau'="xayrao Jx = Jy o x=y.

2 8
Vay 1+ — 21+ =1+§=9.
Xy (x +y)? 1
oot o po s
Dau = xayrac:ox:y:a(v1x+y=1).

Vay gia tri nho nhat cua B bing 9, dat dugc tai x =y = —;-

DE THI TUYEN SINH VAO- LGP 10 THPT TINH QUANG TRI
Bai 1.
1. VB +yIB-2V2 = V2° + 322 =2V2 = 242 + 342 - 242 - 343.
a+b—2\/£E. 1 _(a+b—2J£E)(J;+JE)

2. : =
Ja-+vb|| Ja++b va - Vb
_(a + b - 24/abjidareyb)* N Hea ¥ b “2vab)a + b + 24ab)
- a—b a-b
2 a2
:(a+b) —4ab={a b) —a-b (viazif
a-b a-b
Bai 2.

1. Phuong trinh bac hai x*-3x+2=0c6a=1;,b=-3;c=2=a+b+c=
= Phuong trinh ¢é hai nghiém x, = 1; x, = 2.

[x-y=38 [8x -3y =9 X=3+y x =10
] = = &
13x -4y =2 |3x ~ 4y = 2 y=1 ¥o=T
Vay hé phuong trinh ¢6 duy nhat nghiém (x; y) = (10; 7).
Bﬂi 3. Ya
a) el A(0; 4)
X =0 = y=4

}:> A(0; 4), B(4; 0).
y=0 = ¥x=4

»

b) Quay tam gidc vuong AOB moét vong quanh OA © Bi4;00

ta dugc mot hinh nén, c6 duong sinh la AB = V4% +42 =42, c6 b4
kinh hinh tron ddy 1a OB = 4 = S,, = 1.4v2.4 = 16v2n (dvdt).

14
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3ai 4. Goi x (km/h) la vén tdc cia 6 td tdi (x > 0) thi x + 20 (km/h) la van
tdc xe du lich.

Khodng cdch tir A dén B l1a 100km, do vay thdi gian dé di tir A dén B
100

x + 20

cia 6 t6 tai 1a 220 gid, ciia xe du lich Ia 4,
X

15 phiit = igib’. Tu dé6 ta c6 phuong trinh :

100 _ 100 _1 _, 400(x + 20) - 400x — x(x + 20) = 0

X _x+20 4

= x* + 20x — 8000 = 0
A' = 100 + 8000 = 8100 = 90* = phuong trinh c6 hai nghiém :
x;=—-10+ 90 =80; x3;=-10- 90 =-100 < 0 (oai).
VAy van tdc cia o td tdi 1a 80kmv/h, van téc cia xe du lich 1a 100km/h.
3ai 5. C
a) Ta ¢c6 : ADB = AHB =1v (gt)| = Tu giac

ADHB c¢6 hai dinh lién ti€p D-yva H nhin
canh con lai AB dudi mét géc vudng.

= ADHB la tit gidc ndi, tiép cé duémg kinh
AB, c¢6 tam O 14 diém giita cua doan AB. E

b) Xét dudng tron ngoal tiépotd gidc ADHB.
Ta c6 AC L AB (gt) :

= EAD = (goc giira ti€p tuyén va day cung)

—.  sdDH B sdAD

HBD = > Ti d6 : EAD = HBD.
Ta c6 : AOD = 2ABD (géc & tam bing 2 lan géc ndi tiép cung chén cung)

= ABH
= OD // HB (hai géc & vi tri déng vi bing nhau).
c) Goi S la dién tich phdn AABC nim ngoai dudng tron (0), S, la phéan
dién tich cia mién tron ndm giita cung HB va day cung HB.

Tacé: S =Sspc- (%Smm -5S))

l‘Jg ‘J§2. 32

a—a=—a"; Stron = T—

S =
AABC 2 1

Ta c6 AOBH can tai O c6 B = 60° = AOBH déu ¢6 canh l1a ?2—

50
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= S - l 3 s ﬁ - £a2
—F AOBH — 22 2 2 16
S ’aT 60 na’
qua = Ple== | sz T
juat OBII Lz 360 24
Si =8 3 ma® V8
1 = “quat OBH \OBH = 24 16
Vay S = _J_Eaz_ na’ ~ na’ _Jgaz =3\[§a2 _n32 9\/_ an. a2 (dvdt
4 8 24 16 16 12
PE THI TUYEN SINH VAO LGP 10 THPT TP. HUE
Bai 1.
l1a) a=5b=-7¢c=-6 > A=b"-4ac=169 = JA=1350
7+13 7-13 3
Phuong trinh c¢é hai nghiém :x, = =2; Xy= —— = ——.
gtir ¢ 1 ngnie 1 10 2 10 o
2x -3y = -13 6x - 9yr==39 19y =§{ y=3
b) =S & 9 - 5y =
3x +5y =9 6x + 10y = 18 i e 2 X =-2
Hé phuong trinh ¢6 nghiém duy nhat (x; y) = (-2; 3).
‘ V5 V5-25+4y5 _5J5-25 5(/6-2)
2. P= ~2J_— = = 5.
5 - V5 -2 B-2 JANB-2
Bai 2.
a) M(~2; 8) nam trén dudng congy = ax* = 8 =a(-2)° = a=2.
Vay y = 2x°.
b) Bang gia tri cia ham s6 y = 2x* : v
AN
y l 8 2 0 2 8  Yeeeens .8 .....
Dé thi la parabol (P).
Phuong trink dudng thing (d) c¢6 hé sé géc -2
c6 dang y = -2x + b. i
M(-2;8)€e(d) >8=-2(-2)+b=>b=4
= (d) ¢6 phuong trinh : y = -2x + 4. o2
Bang gia tri caa (d) : Lo : :
x o 2 21 012 x
y | 4 0 (d)
151
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Dé thi la duong théng (d) di qua hai diém (0:4) va (2: 0).

Hoanh d giao diém cua (P) va (d) 1a nghiém ctua phuong trinh :
2x* = -2x + 4 'c:»x2+x—2=0 o x=1x=-2

Vay ngoai giao diém M(-2; 8), (P) va (d) con c6 giao diém (1; 2).

L
|

Goi C la diém ngudi thd nhat bi hong xe, theo gia thiét AC = 40km,
CB = 20km. Goi x (km/h), x > 0 la van tdc cia xe dap thi van tdc cua 6
to 1a 48 + x (km/h).

o . . -~ a 2 .
Do vay thoi gian dé ngudi thi hai di xe dap tir C dén B la _ng va
X

cua ngudi thi nhat di 6 té tir C vé A la gid.

48 + x
:  H— - s —
20 phiit = 3 gio; 40 phit = 3 gi0.

Theo gia thiét bai toan ta c6 phuong trinh :

@_{ 40 1] 2 B0 2 e gl b

= = =
3 X 48 +x

48+ x 3

X
55Xy I =T11231K,1=(£80 < 0 (loai)
Vay van tdc cia xe dap 1a 12km/h.
Bai4.
a) Tacé : DEB + DFB = 180° (gt)
= Ti gidc BEDF ngi tiép dudng tron duong M
kinh BD. F

Mat khiac DAB =90° = A cing ndm trén N

dudng tron ngoai tiép ti giac BEDF. .
b) Trén dudng tron di qua nam diém A, B,E, D, F A B

ta c6 DAE = DAF (géc noi ti€p chdn hai cung bing nhau DE va DF)

= Al la phan gidc trong tai dinh A cia AAKEF.

C
E

o - ; IK AK
Theo tinh chat dudng phan gidc trong, ta c6 : — = 22 (1)
gpuaneg & IF ~ AF
Mat khéc IAB = 90° (gt) = AB la phan gidc ngoai cua AAKF.
Theo tinh chat dudng phan gidc ngoai, ta c6 : L = — (2)
BF AF
IK BK _
Tu (1) va (2) > — = — hay IF.BK = IK.BF.
=5 IF ~ BF ay K.BF

152

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

¢) M la diém giita cia BC = CM = AM — ACMA can tai M
— [AN = ACM.
Tir d6 FAN = FAI + IAN = IAK + ACM
= 180° - CEA ( tong cdc goc trong AACE bang 180")
- AEB = AFB (géc noi tiép cung chin cung AB)
= AANF can tai N.
Bai 5.
a) Dé cit mot hinh nén c¢é6 dinh la
A, duong sinh 3,6dm, ta cit mot
hinh quat c6 bin kinh AB va dién 3.6dm I I

tich xung quanh cua hinh nén e
chinh la dién tich cua hinh quat,

A D

dién tich dé 16n nhat khi géc A B K i
I6n nhat (c6 thé duoc) va bang 90° (theo hinh dang cua tdm thiéc).
2 (AB)>
Taco: Sy A/n(ABR.— ~SAB)
360 4
Sy nen = TAB.r “(rlaban kinh hinh tron day)
2
Squal = Ssq nan K(AB) HmlABx
AB 53,6

oSr= —=—=0,9(dm).
4 4

b) Trén dudng chéo AC vé dudng tron tdm I ban kinh 0,9dm tiép xic v
hinh quat tai H.

Tacé: CI=AC- Al = 4,85 +3,6% - (3,6 +0,9) ~ 1,54dm

Tir I ké IK // AB (K € BC), ké IP // AD (P € DC).
IK CI CLAB 15436

Ta ¢6 : —=— 1K= > ~0,91>0,9
AB CA CA J4 852 + 3.62

Tuong tu :—I-l:—)- i = IP= shab >IK > 0,9 (do AD > AB).
AD CA

Vay sau khi cit xong mat xung quanh cda hinh nén, phan con lai c
tam thiéc cit dugc nguyén ven hinh tron ddy cua nén.

PE THI TUYEN SINH VAO LGP 10 THPT TP. DA NANG
Bai 1.
a) Taco:A = (V4.5 - 9.5 + 3V5)V5 = (25 - 3V5 + 3V5)V5 = 10.
1
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b) Tacé : B=|J§—1|—J§=J§—1—J§=—1
Wi 851 =8-1>0=|V8-1]=3-0.
ai 2.
a) DPatt=x%t>0. Ta cé phuong trinh : t* — 13t — 30 = 0
a=1;b=-13;¢=-30 = A=(-13)*-4.1(-30) = 169 + 120 = 289 > 0
= A =17. Phuong trinh c6 hai nghiém :

13 -17 13417

u = Tk -2 (loai); uy

=15 (nhén)

Viy x*=15 < x =+415.

| i | u-v="7 u=-1 u= -1
b) Pt u=—; v=—. Tacé hé :
} Bgku X’ v y s {2u—v=8 = {2u+v=8 = {v:—}o
i . 7 " P 1
Tiu dé, ta tim duge nghiém cua hé : (x;ly) = (-—1; _1_6]
ai 3.
a) Vedothi(P:y=2x*va(d) :y=x+3 yA
trén cung mét mat phing téa do-Oxy. o
Bang mot sé gid tri : P S
\ W Qf2-nnnes 3
X «] hh,
b
y = 2x* 2 9 A
X 0 1 2.
y=x+31| 3 4 \ N
2 .- A = P
Do thi (xem hinh vé). B/ H 'y R
b) Xét phuong trinh hoanh dé giao -3 -1 0 1\3/2
diém cia (%) va (d) :
x=-1
2x’=x+3 ©2x’-x-3=0¢& 3
X =—
2
Véix=-1 =>y=2. Vay A(-1; 2).

Phuong trinh dudng thing (A) qua A c6 hé s6 géc bing -1 :
y-2=(-1)x+1) © y=-x+1
¢) Toa do giao diém B cia (d) va Ox la B(-3; 0).
Toa do giao diém C, D cua (A) 1an lugt véi Oy, Ox la C(0; 1), D(1; 0.
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Dién tich tam gidc ABD : S, = %AH.BD 2 %.2.4 - 4 (dvdt)

Dién tich tam gide CBD : § = %OC.BD . %.1_4 - 2(dvdt)

Ta c¢6 : dién tich AABCla S, va S, =S, - S =4 -2 =2 (dvdt)
S, 1

—
S, 2
. i 1
* Cdch khdc : Trén hinh vé, ta thay C la trung diem AD = AC = EAD.

Hai tam giac ABC va ABD c6 chung dudng cao ha tu B dén (A)

Spsp AD 2
Bai 4.

a) Ta c6 : BMN = MAB (gbc gita tiép
tuyén va mot day va géc mdi tiép
cung chin BM).

b) Xét AINA va AINB co :

NIB chung;
IAN = INB (géc noi tiép va goc giva
tiép tuyén mot day cung chidn cung BN),

Do d6 AINA o AIBN-(gg)y—=r—=——=-—=IN* = [A.IB.

c¢) Xét AMBN, ta c6 :
BMN + BNM + MBN = 180° (tong ba géc trong tam giac)
ma BMN = MAB (cmt), BNM = IAN (cmt) va MBN = QBP (déi dinh)
— MAB + BAN + QBP = 180°. Do dé tif gidc AQBP noi tiép
=1 BaP = BAP (géc noi tiép cung chin cung BP) ma BAP = INB (cmt)
— INB=BQP = PQ// MN (cap géc so le trong biing nhau).

Dﬁ‘ THI TUYEN SINH VAO LGP 10 THPT TiNH QUANG NAM
Bai 1.
a) Taco:A=5-4+9=10.

b) Tace:B=2Y3-D_B5_F_1_/5-1

3-1
f 2
= -2
¢) Taco:C = (x=2) =Ix |=1(vix>2:>x—2>0::>|x—2|=x-2}
x-2 Xx-2
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Bai 2.

yA
a) Pudng thing (d) song song véi dudng thing

y=3xnéna=3. Khidéy=3x + 3. B3
Bang gid tri : :-’

X -1 0 o

n
y= 3x + 3 0 3

Pudng thing (d) qua hai diém A(-1; 0) va *I/A— —)x
B(0; 3) (xem hinh vé). IO

b) Toa d¢ giao diém M cua (d) va (d') théa man heé :
{y=3x+3 {2x+2=0 {x=—1
= o

Vay M(-1; 0).
o gl ay )

y_—.x+1 y:O

Bai 3.
a) Ta nhan thdy a = 1; ¢ = -4 = a va ¢ trdi dau nén phudng trinh luén 6

hai nghiém phan biét x,, x,.

Theo hé thuc Viét, ta c6 : x; +ks= -

® o

= —7, XXy = E =4,
a

b) Piéukién:x +2+#0 o x # -2
Quy dong va khi mau, ta duoc :
x = 0 (nhan)

2=(1+x)x+2) ox*+3x=0 c:>x(x+3l:0c:>[
x = -3 (nhan).

c) Goi x (cm) la d¢ dai canh-gée-vudng16m;khi dé canh géc vuong ngin
hon la x — 7 (cm). Diéu kién x > 7.

Theo dinh li Pytago, ta c6 :

X+ (x-7°=13 o x*+x*-14x+49=169 o x*- Tx-60=0

Giai phuong trinh bac hai, ta duoe : x;, = 12; x, = -5.

Vi x > 7 nén ta lay x = 12.

Tra 161 : Dg dai hai canh géc vuéng cua tam gidc la 12 (cm) va 5 (cm).
Bai 4.

o C
a) Tacé: ACB =90° (AB la dudng kinh)
e s ] M
AMC = —AOC = -.90° = 45°
2 2 I
(s6 do cua géc noi tiép biang nua sé do cua A 0 1 B

géc ¢ tam cung chdn mét cung).
b) Tacé: AOC = AIC = 90° (gt) = T gidc AOIC noi tidp.
c) Ta cé AACK vuong tai C cé CI la duong cao nén
AC* = ALLAK (1) (hé thuc lugng).
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Tuong tu AACB vuong tai C c6 CO la dudng cao : AC* = AO.AB (2)
T (1) va(2) = ALAK = AO.AB.
d) Ké KH 1 AB. Ta c¢6 KH la dudng trung binh cua ACOB (néu K la trung

diém cua BC) = KH = %OC = % va H la trung diém cua OB

hay 0H=HB=@:E:\AH:AO+OH: R+E:£
2 2 2 2
KH R 3R 1
AR wngtai B =il e S
vuong tail — tan AH 5 5 3

PE THI TUYEN SINH VAO LGP 10 THPT TINH BINH DINH
Bai 1.
a) x-1)=2+x o 2x=6 o.Xx= —
b) Y +5x -6=0.Via+b+ec=1+5-6=0 nén phuong trinh cé

aghiém x; = 1 va x, = < = -6
a

Bai 2.
a) Phuong trinh cé nghiém,<3<A2 0, <2n1i—4(1 —m) =20

X

o -3+4m >0 <o4m=>3 © m?2

b) Hé c6 nghiém (x; y) = (¥2; -V2) nén ta c6 :
V2.a-2J/2=-2 o a=+2+2
JL_’.b+J§a=4 b=J§—2.
Bai 3. Goi x (xe) 12 s6 xe lic diu cua cong ti (x > 0).

Mbi xe theo du dinh phai chd ?P-(té'n).
X

Vi hai xe bi héng nén thuc té chi con x — 2 (xe), x > 2 nén lic nay méi
i phii hid —20_(tfa).
X -2

Theo bai ra ta c6 phuong trinh :

90 _.9£=% & 180x — 180(x — 2) = x(x - 2)

x-2 x

x = 20 (nhan)

o> x(-2x-360=0 o .
x = —18 (loai)

Tra loi : S6 xe dugce diéu dén 1a 20 (xe).
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Bai 4. A

a) Tacé: BBC =BCC = 90° (gt)
nén td gidac BC'B'C ndi tiép.
b) Tu gidc BC'B'C ndi tiép = ACB = AC'M N

ma ACB = -;—sd(fl_ﬁ + NA)

ACM = %sd(ﬁﬁ + MA) (g6c c6 dinh

—

bén trong dudng tron) = NA =MA = NA = MA.
¢) Xét AABM va AAMC' ¢c6 BAM chung, AMB = ACB (géc ngi ti€p cung
chén cung AB), ACB = AC'M (cmt) = AMB = ACM.

AM AB .
Vay AABM «» AAMC' (g. —_—— AM? = AC'AB.

Bai5.Tac6:(b-c)’20 o b?>2bc-¢* (1)
Mat khac phuong trinh ax® + bx #c = 0 vd nghiém < A <0
< b?—4ac<0 o bt<dac (2)
T (1)va(2) > 2bc-c*<4ac > 2b-c<4a >a+b+c>3b-3n
= as/bcs3(bHa)

a+b+ec

>Bavi0<ca<b=b-a>0).
b-a :

DE THI TUYEN SINH VAO LGP 10 THPT TINH KHANH HOA
Bai 1.

1. Tac6: A= 100 -3V5 +3V5 = 10.
& {x+y=5 c:.{x+y=5 Q{x=4 Q{x=4
X-y=3 2x =8 4+y=5 y=1
3. Patt=x%t>0.Tacé phuong trinh : t*— 5t + 4 = 0
a=1b=-5c=4 via+b+c=1-5+4=0 =t =1, t,=4
ct=zl ox*=1c x=t1
s t=4 ox’*=4 x=12
Phuong trinh da cho c6 bén nghiém : x = +1; +2.
Bai2.Tac6:a=1;b=-2m+1) =>b =—m+1);c=m?-1
A=b?-ac=(m+1?-1m?’-1)=m?>+2m+1-m?+1 = 2m + 2
Phuong trinh da cho c6 hai nghiém © A' >0 2m+ 220 m> -1,
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. X; + Xy =2m + 2
Theo hé thuc Viét ta cé : 5
X;Xo =m” -1
Khidé:x +Xe+xx2=12m+2+m’-1=1
m = -2 (loai)

2 =0
< m° +2m = Q[sz(nhan)

Vay m = 0.
Bai 3.
1. Khim=1,tacé(d;):y=x+1
Bang mot s6 gia tri :
X | -1 0 Pil
y=x+1 | 0 1 /
Dé thi ham s6 y = x + 1 1a dudng thdng qua hai diém P(-1; 0), Q(0; 1).

2. Gia st A(xy; yo) la diém cd dinh ma ho dudng thing (d,,) luén di qu
khi m thay déi.

Tacé:yp=mxp-m+ 2, Vm & (Xo- 1)m + 2 -y, =0, V.

v

Phuong trinh (4n m) ¢6 v6 s6 nghiém < {

2 il yo = 0 yO = 2
Vay ho duong thing (d,,) luén di qua diém A(1; 2) ¢d dinh.
Tac6: AM = J(6-1)% +(1-2)% = 26 ol

Tu M ké MH 1 (d,,); H € (d,,,) (xem hinh veé).
Ta luén c6 MH < AM = 26
Vay MH 16n nhat < H trung M.
Khoang céch 16n nhat tit M dén (dy,) : ‘
bing 26 (dvdd). AT : é
Bai 4.
1. Tacé : BHD = BCD = 90° (gt). Do dé tit gisc BHCD néi tiép.

2. Xét tam gidc BKD c6 DH L BK (gt), BC L DK (gt) ma DH cdt BC t:
M nén M la truc tdm = KM la dudng cao thit ba nén KM 1 DB.

3. Ta c6 ti gidc BHCD ngi ti€p (cmt)

o - A B
= BDC = CHK.
Xét AKHC va AKDB c6 :
BKD chung va BDC = CHK (cmt)
= AKHC « AKDB (g.g) %
= §E=EH— oo KC.I{D:KH.KB.
KB KD D C I
15
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1 8BM+ipCCM
2 2

4. Taco : SAI!M + S[)(:M

1 1

- l.Bm+ Yacm= LtasMscm
2 2 2

1

1 1

2 2

a2

a2

//a’ a
= 7|
2[ m
:E——(BM"'EJ +E-
2 2 4
27/ 2 4
5 e_BM-i] s
2\ 2 8 8

Dau "=" xay ra © BM_%=0 o BM=%

= -Z-{QBMz - 9BM.a + a?)

2
g T P
4 9

« YaBO = 2af (khbng b,
2 2

lazBM2 + -l-azCM2
4 4

2
- 2 BM?+CM?) = i[BW +(a- BMF]
4 4

2 2
BM2 -2BME + 2 -2 2
2" 4

4\\ 2

4

Vay gia tri nhé nhat cia SZpy + S3cy bing % < BM = -3- hay M la

trung diém cua BC.

PE THI TUYEN SINH VAO LOP 10 THPT TINH BINH THUAN
lai 1. Tac6: A = (28v3 -9V3 - 443):5 =153 : 5 = 3/3.

bai 2.
a) D6 thi ham s6 y = ax — 2 (a # 0) qua A(3; 4)
=>3a-2=4 = a=2(nhan).
b) Béng gid tri :
x | 0 1
y=2x-2|-2 0

D6 thi ham s6 y = 2x — 2 la dudng thing qua

hai diém M(0; —2) va N(1; 0) (xem hinh vé).
60
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Bai 3.
1. Tacb:a=1;b=-4=b'=-2;¢c=2
Tacé:A =b?*-ac=(-2°-12=2>0.
Phuong trinh ¢6 hai nghiém : x; = 2 + J_ Xy = 2 - JE
2. Pitt=x"%1t>0.Tacé phuangtrmh 4t +t-5=0
Tathidy :a+b+c¢c=4+1-5 =0 nén phuong trinh ¢6 hai nghiém :

1=l tas= —g. Wtz()néntalé'yt=l<:>x=11.

x-120 x=1
I
xz-1

3. Diéu kié11:<l
x+120
Quy dong va khu mau, ta dugce :
3x+1)+3x-1)=4x*-1 o 2x°-3x-2=0
Taco:a=2:b=-3;c=-2 = A=(-3)*-4.2(-2)=25>0.

Phuong trinh c6 hai nghiém : x, = 2 (nhén); x, = —%(nhan).

Bai 4.
1. Tacé: SAO = SBO = 90° (tinh chat ti&p tuyén) A_D
— SAO + SRO =180°.

Do d6 ti gidc SAOB
noi tiép. S

2.a) Xét tam giac vuong'SAO":
SA* = SO* - AO? (dinh 1i Pytago)
= (3R)* - R* = 8R* B

= SA = 2V2R

Vay Sgro = -;—SA.AO = %.EJER.R = V2R?

Mat khac ASAO = ASBO (c.c.c) = Sgao = Ssso
Do d6 : Ssaon = Ssao + Ssuo = 2Ssa0 = 2v2RE.
b) Tacé: SA =SB (tinh chat hai tiép tuyén cidt nhau)
OA=0B (= R)
Do d6 SO la duéng trung truc cua doan AB = SO 1L AB tai H.
ASAO vudéng c6 AH la dudng cao theo hé thiic lugng trong tam gidc
vudng ta co :
SAOA _2J2RR _2J2R
SO 3R 3
3. Ta cé : AD // BC (gt) nén ABCD la hinh t.hang ndi ti€p dudng tron (O).
Do d6 ABCD la hinh thang can va AB CD = ACB = DBC (hai géc noi

SO.AH = SAOA = AH =
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tiép cung chin hai cung béing nhau) hay AMBC céan tai M = MB = MC.
Lai ¢c6 OB = OC (= R) nén MO la dudng trung truc cua doan BC hay
MO 1 BC.

DE THI TUYEN SINH VAO LGP 10 THPT TiNH DAKLAK
Bai 1.
1. Tacéo: 2x2+J§x=x2+2J§x & x2—J§x=0 — x(x—ﬁ) =0

. |x=0 x=0
CDLl—\/§=0 @[x=\/§
Phuong trinh ¢6 hai nghiém phan biét : x, = 0; x; = J3.
2. D6 thi ham s6 y = ax + b di qua hai diém A(2; 8) va B(3; 2) nén ta cé
hé :
22+b =8 a=-6 a=-6 a=-6
{3a+b=2¢{2a+b=s@{2(—6)+b=s q’{bfzo.
Bai 2.
la) Taco: A= 2-2J2+2+2J2 155,
b) V6ix>0;x#1.Tacé:
C2-Wx@-Vx), 1-Vx+2dx  x-Vx+2 1-V0a+ V)
T 1-Jx A-Yod+dx 15k 144k
=x—&+2.
2. Taco: B=5 < x-Jx+2=5S x-Jx-3=0
Patt= Jx;t>0vat=1 (vix20;x=21) = tP=x
Ta c6 phuong trinh : t* ~t-3=0 (*); A=13>0 = JA =13

] 1+J1§

t=
2

1=413
2

B

(nhéan)
Viy : (*) ©

t =

L

2
1+-13 [1+ J13] 7+ 13
oo X = o X = 2 L

(loai)

Tac6:&=
2 2

Bai 3.
1. Phuong trinh cé hai nghiém phan biét < A > 0

<:>(2m+1)2—4[m2+%]>0 S4am’ +4m+1-4m*-2>0
1
S4m-1>0 o m> Z
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2. Véim> 7 phuong trinh c6 hai nghiém x;, x,. Theo hé thirc Viét ta c6
X; + X5 =2m +1

X, X =m? +=

Vay M =(x; - 1)(X2—- 1) =x3%X — (X; + X2) + 1 = m2+%—(2m+1)+1

= m2—2m+%=(mz—2m+1)+-;-r-l=(m—-1)2——1-2—l

2

Vay gia tri nhé nhat cia M bing —%.

D4u "=" xdy ra <> m - 1 = 0 < m = 1 (théa diéu kién m > i).
Bai 4.
1. Ta c6 M la diém chinh giita cia cung AB D
= OM 1 AB tai O hay COB = 90° .
Lai c6 APB =90° (AB la duong kinh) Nt
= COB + APB = 180°.
Do d6 t gisc OBPCnditicp. 3
2. Dé thay hai tam gidc vuong BDO va CAO ¢6 :
D = A, (cung phu véi géc B) 1
= ABDO v ACAO (g.g). 2 8 B
3. Tacé B = ﬁlﬂ(géf ndi ti€p va géc giira tiép tuyén mot day cing chdn
cung AP), ma B = C; (do ABDO va ACAO déng dang (cmt))
= API =C; ma C; = G2 (d6i dinh)
= C2 =CPI hay ACIP can tail = IP=IC (1)
Lai c6 API+IPD =90° (do APB =90°), D+ B =90° (do DOB = 90°)
ma API =B (cmt)
> IPD=D hay APID can tail = IP=ID (2)
Tir (1) va (2) = IC = ID hay I 1a trung diém doan CD.
Bai 5.Xét h¢ s6 cia x* : a* - b* = (a? + b?(a® - b?)
a?+b% =0 a=b=0
a?-b%2=0 = [a=ib

1

e Néua'-b*=0 co[

+ Néua=b = 0. Ta c6 phuong trinh : 0x = 0. Phuong trinh c6 vo sé
nghiém.
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+ Néu a = b. Ta c¢6 phuong trinh : 0x = 0. Phuong trinh ¢6 vd 58
nghiém.
+ Né&u a = -b. Ta c6 phuong trinh : 4a°x = 0 < x = 0 (a 2 0)
(a =0 da xét ¢ trén).
e Néua'-b*'20 o a#b=0
Ta c6 : A = a®b*(b — a)®> > 0. Vay phuong trinh luén c6 nghiém.
e Két luan : Phuong trinh da cho luén c6 nghiém véi moi a, b.

PE THI TUYEN SINH VAO LGP 10 THPT TiNH LAM PONG
Bai 1. J§-2J1_2+§.[7_5=J§-4J§+§.5J§zJ§-4J§+QI=_J§.

_3y=-— 2% — By = -10 10y = 10 =]
Bai 2. {" qy==0 c:»{x y c:{ y @{y

2x+4y =0 2x +4y =0 x-3y=-5
Hé c¢6 nghiém (x; y) = (=2; 1).
Bai 3. P thi ham s y = 2x + m —4 c#t truc tung tai diém c6 tung do bing
2, dé 1a diém A(0; 2). '
Viay: 2=20+m-4 = m=6.
Bai 4.
a) Ta c6 I 12 trung diém'chaday MNI(gt)
= OI L MN (dinh li dudng kinh day cung) A
hay AIO = 90°.
Lai c6 ABO = 90° (tinh chat ti€p tuy&n) N
= ABO + AIO = 90° +90° = 180°. Do dé tu gidc ABOI ngi tiép.
b) Xét AAMB va AABN c¢6 BAM chung, ABM = ANB (g6c gira tiép tuyén
mot day va géc ndi tiép cung chin mot cung BM)

X = -2

AB AM .
AAMB o AABN (g. ol BN e AB? = AM.AN.
= 7] (g.g = =

Bai 5.
a) Vé dé thi (9 cia ham sd y = x°.
Béng gid tri :
x |2 <1 o 1
|

y=x*| 4 1 0 1
Dé thi 1a mét parabol.

b) Phuong trinh hoanh d¢ giao diém
cia (P va (d):

X*=—x+2 o xX*+x-2=0
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Via+b+c=1+1-2=0nén phuong trinh c¢6 nghiém x, = 1; xp = -2
« Néux, =1 =y, =1, toadj giao diém M,(1; 1).
. Néux,=-2=y,=4,toa dd giao diém M,y(-2; 4).

4nR3 4nR?

— 288n = & 723 =R*

Bai 6. Thé tich hinh cau: V =

< R = 3216 = 6 (cm)
Vay dién tich mat cdu la : S = 47R* = 4.1.6” = 144n (cm”).
Bai 7. Ap dung hé thuc lugng trong tam gidc vudng ABC, ta c6 :
AH? = BH.CH,
trong d6 AH = 3 (cm), BH = 1 (cm)
— (3 =1.CH = CH =3 (cm)
Trong tam gidc vuong AHC, ta cé6 :

tané:éﬂ:J—g-::s C = 30°.
CH /73
Bai 8. Goi x (cm) la d6 dai mét canh|gdc vuong (x > 0), do dai canh goc vuong
dai hon sé la x + 14 (cm).
Theo dinh li Pytago, ta ¢cé6 phuong trinh :

x* + (X + 14)° = 26%0/eB102x* 4 28X ¥ 196 =676 < x’ + 14x-240=0
Tacé: A = 7% + 240 = 289. = VA" = 17
Phuong trinh c¢6 hai nghiém ;. x, = -7 - 17 = —24 (loai)
Xy = =7 + 17 = 10 (nhén)
Tra 101 : Pd dai hai canh géc vudng cua tam gidc vudng l1a 10 (cm) va 24 (cm).

B 1H ’ : C

X, +%; =06 ) Xo-urD
Bai9.Tacé:{ . =——
(xl + X2 )(x1 e X2) = —12

X] - x5 = -12
— 2 = 4 L
c}xl+x26c>x1 c>x12
X, — Xo = =2 X, +Xy =6 X, =4
Vay x,, x» la nghiém phuong trinh :
x-2)x—-4)=0 & x*-6x+8=0.
* Cach khdc : Theotrén : x, =2;x,=4 =>x%x=8=P; x,+x,=6
Theo dinh li Viét x,, x, 12 nghiém phuong trinh : x’-6x+8=0.
Bai 10.
a) Khi m = 3, phuong trinh (*) tré thanh :

XX -2%x=0ox(x-2)=0 ¢:>|:x D
X =2
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b) XétA=m-1°-4m-3)=m?’-2m + 1 — 4m + 12
=m’-6m+13=m’-6m+9+4=(m-3°+4>4>0, Vm
vi (m - 3)? >0, Vm.

Vay phuong trinh (*) luén c6 hai nghiém phan biét x,, x,.

Bai 11. Tac6 : (1- Y32+ V3 = (l‘ﬁw‘g%ﬁ) _ ﬂ—ﬁ)\ﬁ +243

_A-VBVEB+1? _a-V3)1+VB) _1-3_ 2 _F
J2 V2 2 2
Bai 12. Ké dudng kinh BB' cia dudng tron (0O), ta cé C
B'A 1 BA (BB' 1a dudng kinh). "_\

Mait khdac AB'DC néi tiép trong duding tron (O)
nén AB'DC 1a hinh thang can = AC = B'D.

Ta c6 ABDB' vuéng tai D (BB/la duong kinh).
Theo dinh li Pytago : B'D? + BD? = B'B% = (2R)* = 4R*
Thay B'D = AC ta c6 : AC* + BD*=4R? (dpcm).

Lai ¢6 CD 1 BA (gt) = B'A // CD hay AB'DC la /
hinh thang.
B

D

PE THI TUYEN SINH LGP 'VAO'10'THPT TINH BINH DUONG

Bai 1.Tacé : M = ydx #+1)% = }4x #-1]|
Vé6i x = 2, ta c6 : M =42+ 1=19}="9

Bai 2. P
1. Vedothihams6y =x* (P vay=2x + 3 9
trén cung mot mat phdngtoads. | A .B
Bang gié tri : ’
x | -2 -1 0 1
y=x*| 4 1 0 1
= | o 1 P 3
y=2x+3 I 3 5 ' cos
D6 thi ham s6 y = x* 1a mét parabol, Al ¢ |
dé6 thi ham s6 y = 2x + 3 la mot duong __:13_: _:1 1 2 3
thdng qua hai diém (0; 3) va (1; 5). 7 IO

2. Phuong trinh hoanh dé giao diém cua (%) va (d) :
x=-1(via-b+c=0)

x’=2x+3 Qx2—2x—3=0c{
X =3
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- x=-1>y=1
. X = 3 — y — 9
Vay () va (d) cidt nhau tai hai diém A(-1; 1) va B(3; 9).

. x°4+5x+6=0. Taco:a=1;b=5;c=6
> A=52-416=25-24=1>0 = JA =1
=T N i~

Phuong trinh ¢6 hai nghiém : x, =

= - - = —-v = -1 =1
x+3y4@{2x 6y = -8 @{y Q{y

. Tacéd:
e {2x+5y=7 2x +95y =17

Hé c¢6 nghiém (x; y) = (1; 1).

Bii 4. Goi x (km/h) 1a van tdc du dinh (x > 0). Thoi gian du dinh la @(h).
X

Vian téc thuc té& 1a x + 10 (km/h) nén thdi gian di tir A dén B lic nay la
90

(h). Vé dén trudéc gid:- du dinh 45 phiit = g(h}, ta c6 phuong

x+10

trinh :

0__9 Jj# 30 30 1 . 1906+W0)-120%=x(x+ 10)
x x+10 4 X nx+104 14

o x2+10x - 1200 =0 (¥)
a=1,b=10=b ' =5;¢=-1200. Tacé:
A'=25+1200=1225>0 = JA' =35

x =-5+35 Q[x=30(nhén)
x=-5-35 x = —40 (loai)
Tra 191 : Van toc du dinh la 30 (km/h).
. Taco6:a=1;b=-22m-1)=>b'=-2m+ 1;c=4m - 8
> A =(-2m + 1’ - (4m-8)=4m’* - 4m + 1 - 4m + 8
=4m°’-8m +9=4m*-2m + 1)+ 5
=4m-1¥+525>0,Vmvi (m - 1)?2>0, Vm.
Vay phuong trinh luén c6 hai nghiém phén biét, véi moi m.
Thay x = 1 vao phuong trinh, ta dugc :
1-22m-1)1+4m-8=0 ©1-4m+2+4m-8=0
< -5=0(vé li)
Vay x = 1 khong phai la nghiém cia phuong trinh.

Két luan : Phuong trinh da cho luén c6 hai nghiém phan biét va khac
1 vé1 moi m € R.

Vay (%) o [
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Bai 5.
1. Tacé6 : BMD = 90° (BD la duong kinh), BD L AC (tinh chat duong
chéo hinh vudéng) hay BOC = 90°
= BMD + BOC = 180°.
Do dé tit giac MBOH nai tiép.
Xét ADOH va ADMB c6 :
BDM chung va DOH = DMB = 90° (cmt)

Do d6 ADOH » ADMB (g.g) = 25 - DO

DB DM
= DH.DM = DB.DO = 2R.R = 2R".
2. Xét AMDC va AMHA c¢6 DMC = AMH (hai géc néi tiép chin hai cung
bing nhau DC = AD) , MDC = MAH ( géc nédi tiép chan cung MC).
Do d6 AMDC «» AMAH (g.g).
3. Ta c6 AMDC = AMAH = MD = MA hay AMAD can tai M
= MAD = MDA = MAB = MDC (cing phu vdi hai géc bang nhau) ‘
= MB = MC hay M la diém chinh giira cia cung BC.
Vay M' 1a diém chinh giita ctia cung BC.
AM'DC = AM'AH' = M/C =aM'H’ 'ThaycAM'H!C l¢an tai M'. Do dé6 M1 1a
dudng cao dong thai cing la dudng trung tuyén = H'l = CI.

Vay I la trung diém c¢ia H'C.

PE THI TUYEN SINH VAO LGP 10 THPT TINH BA RIA - VONG TAU
Bai 1.
1. 2x°+3x-5=0. Tathdya+b +¢c =2+ 3 -5 = 0 nén phuong trinh

c6 hai nghiém : x, = 1; x, = —-g-.

~y=3 5x =10 =
2. Tacé: 2x -y o X2 r=2
x+y=17

< —
Ix+y =7 32+y=17 y =1.

3. Taco: M = i.J2.16 ~-242.25 & Jf—?— = \[2- - 10J§ §f D -—8\/5.

Bai 2. Xét phuong trinh : x* - mx - 2 = 0.
1. Via=1>0;c=-2<0 = ava c trai didu nén phuong trinh luén co6 hai
nghiém (trdi dau), Vm; tic 1a luén c6 hai nghiém phan biét. (Ban ¢6
thé tinh A = (-m)* - 4.(-2) = m* + 8 > 0, Ym).

2. Theo trén, phuong trinh luén c6 hai nghiém phan biét x,, x., ¥m.
Theo hé thic Viét, ta cé : x, + x, = m; x,x, = -2.
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Vay xf + x% -3x;x, =14 & (x) + Xy)’ — 5xixy = 14

omi+10=14 © m’=4 © m=+2

Bai 3. Goi x (km/h) la van téc cua cano lic nuée yén lang. Diéu kién x > -

Bai4
:

]

7]

Do dé van téc cia cand khi xubi dong 1a x + 4 (km/h); van téc cia car
khi ngugc dong la x — 4 (km/h). Thai gian ca di va ve hét 4 gig, neén |
c6 phuong trinh :

30 30

+ -4 < 30(x — 4) + 30(x + 4) = 4(x* — 16)
Xx+4 x-4
< 2x*-30x-32=0
Vi a — b + ¢ = 0 nén phuong trinh ¢6 hai nghiém : x;, = -1; x, = ]

a
Vi x > 4, ta lay x, = 16.
Dap s6 : Van téc cua canéd lic nude yén lang la 16 (km/h).
:
Ta ¢6 : MDC = 90° (MC ly-dugng kinh)
— MDC = BAC = 90°.

Do dé6 tit gisde ABCD ndi tiép:
Ty giac ABCD noi tiép (cmt)
— ABD = ACD (géc ndi tiép
cung chin cung AD),
ma ACD = MED (géc noi tiép cﬁng chdn cung MD) = ABD = MED
Ta c¢6 : MDC = 90° (MC la duong kinh) = KDC = 90°.
Tuong tu MNC = 90° = KNH = 90°. Do d6 KDC + KNH = 180°
— T\ gisgc KDHN ni tiép
— KDN = KHN (géc noi ti€p chdn cung KN).
Lai c6 : KDN = ADB (déi dinh)

ADB = ACB (géc noi tiép cung chin cung AB)

ACB = MNE (géc noi tiép cung chidn cung ME)
Dodé: KHN = MNE = HK / NE (cap goc so le trong Béng nhau).

Bai5. Ditu= vx-1;u>0 (khix>1) = x=u’+ 1.

2
s o u9+3u+2 r— (u+1)u+2) Sy u+2
u“ +4u+3 (u+1)u+3) u+3
1
L ..—_1-—
J u+3
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dat gia tri 16n nhat

y dat gia tri nhé nhat <
u+3

< u + 3 dat gia tri nhé nhat

Viu20=>u+323. V@yminy:%(khiu:Oc:x:l).

PE THI TUYEN SINH VAO LGP 10 THPT TINH DPONG THAP
3ai 1.
a) A= (2¥3 -6 +V3)W3+3vy2=-6-3V2+3+3V2=9.
B= (Vx-y)Vx+{y)=x-y (x=0;y20).
Vx-2+J/x+2x-4

b) C= x>0;,x24) o C=2

x-4 Jx
Vay gia tri cia C khong phu thujc vao x.
3ai 2.
2x -y =4 3x =3 ¥=1 x=1
a) = = o~
x+y=-1 Xx+y=-1 I Hy = -1 y =+2

Hé c¢6 nghiém : (x; y) = (1; -2).
b) Nghiém (x; y) = (1; —2) la nghiém cua phuong trinh :
mx — 2y = 3m %8V dmd 4/2(<22))=3m '+ 8
< 2m=-4 < m=-2
Jai 3.
a) Taco6:A'=m*+3>0, Vm vi m* > 0, Vm.
Vay phuong trinh (1) luén c6 hai nghiém phan biét véi moi m.
b) Goi x,, x; 12 hai nghiém ctia (1), theo hé thie Viét, ta cé :
X) + X2 = 2m; X;x; = -3,
¢) Theotrén : x;, +x,=2m va x;x, =-3
Véim=-1> x; +x, =-2.
Vay D= x? +x3 = (x, + %)% - 2x,x, = 4 - 2.(-3) = 10.
ai 4.
a) T gidc ADHE la hinh chir nhat (c6 3 géc vuong).

b) Ta c6 : DE = AH (hai dudng chéo hinh A

chir nhat).

Xét tam gidc vuéng ABC c6 dudng cao E

AH, ta c6 :

AH? = HB.HC (hé thic lugng) D
=49 =36
= DE = AH = /36 = 6cm. B 4 H :9 M
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¢) Goi O la giao diém hai duong chéo AH va DE cia hinh chia nh3

ADHE ta c6 : OH = OE = AOHE can = OHE = OEH

ma OHE + EHM = 90° va OEH + HEM = 90°

— EHM = HEM hay AMHE can tai M = MH = ME.

Mat khac C + MHE = 90° (HEC = 90°) va MEC + MEH = 90°
— C = MEC hay AMEC can tai M = ME = MC.

Do d6 : MH = ME = MC hayME:%HC: 9=

o | ©

1
2
ADEM vuéng tai E (gt) : DM? = DE* + ME® (dinh li Pytago)

2
= 6%+ (g) - 56,25 = DM = 7,5cm

Vay sinDME = 11;)_1\% > 08
Bai 5. : A
a) Tac6 : SNC = SMC = 90° (gt) N
= SNC + SMC = 90° + 90° = 180°. /S

Do d6 tu gise CMSN ngi'tiép!

b) Tacé: AMB = ANB = 90° (gt) i M
= Tit gidc ABMN-ndi-tiép-hay-bén-diém A, B, M, N cung thudc mg
dudng tron.

c) (Xem hinh vé bén)

2 A

Ta c6 hinh tron ngoai tiép ti gide ABMN
¢6 duong kinh la AB va tam I la trung
diém doan thing AB.
Xét tam gidc can ABC c6 AM la dudng 8
cao (gt) nén dong thoi la dudng trung

o ' BC 12 B——"M
tuyén > MB = MC = — = — = 6cm.
uyén — > = il

Xét tam giac vuong AMB ta c6 :
AB? = AM? + BM* (dinh li Pytago)
=8+ 6°=100
= AB=10= ]JA = IB = 6cm.
Goi p l1a chu vi va S 1a dién tich hinh tron (I) ta c6 :
p = 2nR = 2n.5 = 10n (cm) va S =nR*=25n (cm?).
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PE THI TUYEN SINH VAO LGP 10 THPT TINH VINH LONG
3ai 1.

a) i+§-=x+1c:>3x+4x=6(x+1)¢:>7x:6x+6c>x=6.

2 |
b) 2x>-9x+7=0. Via+b+c=2-9+ 7 =0 nén phuong trith c6

nghiém x, = 1 va x, = .

c) x'-2x*-8=0. Batt:xz;tZO,tacdphlwngtrinh:t2—2t—8=0
a=1;b=-2=b'=-1;¢c=-8 =>A=1+8=9>0> VA =3
Phuong trinh ¢6 nghiém : t; = 1 + 3 = 4 (nhén),

ty = 1-3 =-2 (loai)
Viy x’=4 o x = 12,
3ai 2.
a) Vé6im=1. Tacé hé :

x+2y=1 y=-4 x=9
o e
X+y=95 X+y =5 y = —4
Hé c6 nghiém duy nhat : (x; y) = (9; —4).
b) Cap sé (-1; 2) la nghiém mén tacd
o, M =23

m(-1)+22=1 " -m+4=1
~-1+mi2 =13 2m=0
3ai 3.

! 5

a) Vé do thi cadchamso y = Ex va y = X trén cung mét hé truc toa do.

Bang gia tri :
x |-2 -1 0 1 2
<283 le 2 o & @
=3 2 2
x |0 1

yEx I 0 1
D6 thi ham sd y = 12 mét parabol (9), dé thi ham sé y = x la duong
thdng (d) qua hai diém (0; 0) va (1; 1) (xem hinh vé).
b) Xét phuong trinh hoanh do giao diém (néu cé) cua (%) va (d) :

l::2=Jv;«:::> x)=2x & x(x-2)=0 c::»[ (2)

Il

X
X
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x=0>y=0;, x=2=y=2
Toa dé giao diém cua (#) va (d) : O(0; 0) va A(2; 2).

Jai 4. Ta ¢6 :

M+J5)2 -6 -1

A =
_ I8+ 5l-W5 -1 ={8+V6) -5 -1 (vi 8+5>0;Y6-1>0)
= J§+J5—J5+1=J§=3.
}ai 5. Ta c6 : AC? = BC* — AB” (dinh li Pytago) A
= 8% - 4 = 48 :
— AC = 48 = 43 . - s

AABC vudng tai A c6 canh géc vuong AB = 4,
canh huyén BC = 8 nén AABC la nua tam gidc
déu. Do dé ban kinh dudng tron ngoai tiép la 4

va B = 60°.
}ai 6.
a) Ta c6 AB = AC (tinh chat hai ti€p tuyén cdt nhau)
OB = 0C (s R)

Do dé OA la dudng trung truc cua BC ¥ 5
hay OA L BC.

b) Ta cé CBD =90° (ED-la-dudng-kinh)

hay DB L BC

= BD // OA.
ma OA L BC (emt)

¢) Ta c6 AABO vudng tai B (tinh chat ti€p tuyén)
= AB? = AO? - OB? = 5 - 3% (dinh li Pytago)
— AB?=16 = AB = /16 = 4
Goi H 1a giao diém clia OA va BC ta c6 AABO vuong cé dudng cao BH.
BO? = OA.OH (hé thuc lugng)

2 2
= OH = -E'_O—='§—=1,3 > AH=A0-OH=5-1,8=3,2
OA 5
Ta lai ¢6 : BH? = AH.OH = 3,2.1,8 = 5,76 (hé thic lugng)
= BH=24

= BC = 2BH =48
Goi pagsc 1a chu vi cia AABC ta c6 :
pasc = AB+ AC+ BC =4 + 4 + 4,8 = 12,8 (dvd).
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PE THI TUYEN SINH VAO LGP 10 THPT TINH AN GIANG

jai 1.
1. A=13+7-6-5=09.
2.a) x*-5x+6=0. A=25-24=1>0
Phuong trinh ¢6 hai nghiém : x, = 5;1 o 5—;l=2

{2x+y=5 {3x=6 {x=2
b) o &
x—y=1 x—y:l y:l

Hé c6 nghiém : (x; y) = (2; 1).
bai 2.
1. Tac6:A=(m+1*-4m-2)=m*+2m + 1 -4m + 8
=m’-2m+1+8=(m-1*+828>0
Vay phuong trinh da cho luén ¢6 hai nghiém x,, x, véi moi m.
2. Theo hé thic Viét, ta c6 : {"‘ ETY
XXy 5 M- 2
Cong vé véi vé hai ding thic trém, ta dugce : X, + X, + XX = 3.
D6 chinh la mét hé thic lién hé giita x,, x:ddoc lap véi m.
lai 3.
1. Phuong trinh duong thing qua hai diem A, Bco dang:y=ax+b (¥
Toa dp A, B théa phuong trinh (*), ta c6 hé :
{4=a+b {2b=6 m{b=3

2=-a+bc> a+b=4 a=1

Vay phuong trinh dudng thdng AB la : y = x + 3.
Thay toa d§ C(2; 5) vao phuong trinh trén, ta dugc : 5 = 2 + 3 (dung).
Vay C nim trén dudng thdng AB hay A, B, C thdng hang.
2. Xét phuong trinh hoanh d¢ diém chung (néu c6) cia (P) va (d) :
m’=2x+1 © mx’-2x-1=0 (¥
(P) va (d) ti€p xic nhau khi va chi khi phuong trinh (*) c6 nghiém kép
S>A=01+m=0c< m=-1.
Vé6i m = -1, phuong trinh (¥) tré thanh :
x*-2x-1=z0 ©xX*+2x+1=0o (x+1*=0
<x+1=0& x=-1

Khi x = -1 = y = -1. Toa d tiép diém : (-1; -1).
74
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Bai 4.
1. Tacé: AB* + AC* = BC? (6 + 8% = 10°). A
Theo dinh li Pytago ddo AABC vuong tai A. 6 8
2 Tacs:sinB=2C-8 _08= B ~53%
BC 10 _
i B H (
Ta ¢6 AAHB vuong tai H (gt) . 10 5

— AH = AB.sinB = 6.sin53"8' ~ 4,8cm.
* Cdch khdc : AABC vuéng tai A c6 dudng cao AH, ta c6 :
AB? = BH.BC (hé thic lugng)
AB* = -‘i = 3,6 cm
BC 10
— HC = BC -BH =10 - 3,6 = 6,4cm.
Lai ¢6 : AH? = HB.HC (hé thic lugng)

— AH?=3,6.6,4 =23,04 = AH = /23,04 = 4,8cm.

— BH =

Bai 5. Huéng ddn : Phan l6n [cdc ban hoc sinh tir trung binh tré xuén,
khéng xdc dinh duge dugng tron' (O) théa man hai diéu kién :
— ¢6 tam O thuéc AB.
— tiép xic véi Cx tai N, ti€p xic véi CB tai M.
Dé théa man dong thoi Hai‘diéu kign’trén’ thi tam O phai la giao diér
cua AB va phéan gidc Ct cia g6c BCx. Miat khdc duosng tron (O) cé ba
kinh bing OM (hodc ON), trong d6 M (hoac N) la chan dudng vudng goé
ké tir O dén CB (hog¢Cx).
1. Ta cé : ONC = OAC = 90° (gt). Do dé tir gidc ONAC ndi tiép.
2. Dé thdy ta gisdc OACM ndi ti€p (OMA +OAC = 90° + 90° = 180°)
— MAC = MOC (géc ndi tiép
cung chdn cung MC), tuong tu
OCA = OMA .
Do d6 AEAC «» AEOM (g.g)
EA EC
EO EM
= EA.EM = EC.EO.
3. Ta cé tif gidc ONAC noi tiép (cmt)
= NAO = NCO (géc ndi tiép cung chdn cung NO).
Lai c6 tu gisc OACM ndi tiép (cmt) => OAM = OCM (géc ndi tiép cun
chdn cung OM) ma NCO = OCM (gt)
= NAO = OAM ching té AO la tia phan gidc ctia géc MAN.
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Phén IV

CAC DE THI TUYEN SINH VAO LGP 10 THPT
NAM HOC 2009 - 2010

A. DE BAl

PE THI TUYEN SINH VAO LGP 10 THPT TP. HA NOI
X 1 1

+ +
x-4 Jx-2 Jx+2

bai 1. (2,5d) Cho biéu thuc A = , Vi x 2 0 va x # 4.

1. Ruit gon biéu thirc A.

2. Tinh gid tri cia biéu thie A khi x = 25.

3. Tim gid tri cia x dé A = —%.

lai 2. (2,5d) Giai bai todn biing cach 1ap phuong trinh hozc hé phuong trinh.
Hai t§ san xuit cung may mot loai ao. Néu té tha nhat may trong 3
ngay, t8 tha hai may trong 5 ngay thi ca hai t6 may duge 1310 chiéc 4o.
Biét riing trong mdt ngay t6 thi nhat may dugc nhiéu hon té thd hai la
10 chiéc d0. Hoi méi t8 trong mot ngay may dugc bao nhiéu chiéc 40 ?

bai 3. (1,0d) Cho phuong trinh-tdmx)=x*=2tm+Dx + m* + 2 = 0.

1. Giai phuong trinh da cho khi m = 1.

2. Tim gid tri cia m dé phuong trinh da cho ¢6 nghiém phan biét x,, x,
théa man hé thae x? + x2 = 10.

bai 4. (3,5d) Cho dudng trdon (O; R) va diém A n3dm bén ngoai dudng tron.
Ké tiép tuyén AB, AC vdi dudng tron (B, C la céc tiép diém).

1. Ching minh ABOC la ti gidc ndi tiép. o

2. Goi E 1a giao diém cia BC va OA. Chimg minh BE vuéng géc véi OA
va OE.OA = R%

3. Trén cung nhé BC cia dudng tron (O; R) ldy diém K bat ki (K khiac B
va C). Tiép tuyén tai K cia dudng tron (O; R) cdt AB, AC theo thu tu
tai P, Q. Chimg minh tam gidgc APQ cé6 chu vi khéng d6i khi K chuyén
dong trén cung nhé BC.

4. Dudng thdng qua O va vuong géc vdi OA cit cic dudng thing AB, AC
theo thi tu tai cdc diém M, N. Chitng minh PM + QN > MN.
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Bui 5. (0,5d) Giai phuong trinh :
x2—l+ xz+x+l:l(2x3+x2+2x+1).
4 J 4 2

pE THI TUYEN SINH VAO LGP 10 THPT TP. HO CHI MINH
Bai 1. Giai cdc phuong trinh va hé phuong trinh sau :

8’ — 2 120 2x+3y =3
) S R S 5x - 6y = 12
c) x*-2x*-3=0 d) 3x* - 2/6x +2=0.

Bi 2.
; x> :
a) Vé do thi (P) cia ham s6 y = = va dudng thing (D) : y = x + 4 trén
cung mot hé truc toa dd.
b) Tim toa dé giao diém cuaa (P)-va (D) bang phép tinh..
Fai 3. Thu gon cédc biéu thic sau :
4 __8 15
3+v6, 1++5. 5
B = [J;+J3_f+ J_-J;]:[x+xy]-
L J;:; 1+ yxy

1-xy
Fai 4. Cho phuong trinh : x* — (5m — 1)x + 6m* — 2m = 0 (m la tham sd).

AE

a) Chung minh phuong trinh luén cé nghiém véi moi m.
b) Goi X, x; la nghiém ctia phuong trinh. Tim m dé x: +x5 = 1.
Jai 5. Cho tam gidc ABC (AB < AC) c6 ba géc nhon ndi ti€p dudng tron (O)

¢6 tam O, ban kinh R. Goi H la giao diém cia ba dudng cao AD, BE,
CF cua tam gidc ABC. Goi S la dién tich tam gidc ABC.

a) Ching minh ring AEHF va AEDB la céc tif gidc ndi tiép dudng tron.

b) V& dudng kinh AK cua dudng tron (0). Ching minh tam gidc ABD va
tam gidc AKC dong dang véi nhau.

Suy ra: ABAC=2R.ADvaS= m
4R
¢) Goi M la trung diém cia BC. Chimg minh EFDM la ti gidc noi ti€p

dudng tron.
d) Chimng minh ring OC vuéng géc véi DE va (DE + EF + FD).R = 2S.
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PE THI TUYEN SINH VAO LGP 10 THPT TiNH VINH PHUC

A. PHAN TRAC NGHIEM (2.0 diém)
Trong mébi bai dudi day déu cé 4 lua chon, trong dé c6 duy nhat mot
lua chon diing. Em hay chon lua chon ding.

Bai 1. Diéu kién x4c dinh cia biéu thic v1-x la:
A xeR B.x<-1 C.x<1 xS 1.

Bai 2. Cho ham s6 y = (m — 1)x + 2 (bién x) nghich bién, khi dé gi4 tri cua
m théa man :
A m<l1 Bm=]l Cm>1 D. m> 0.
Bai 3. Gia sk x,, x; 12 nghiém cia phuong trinh : 2x* + 3x — 10 = 0. Khi d¢
tich X), X2 bﬁ.ﬂg :
3 3

A — B. — C. -5 D. 5.
2 2

Bai 4. Cho AABC c6 dién tich bing 1. Goi M, N, P tuong iing l1a trung diém
cia cdc canh AB, BC, CA va X, Y, Z tuong img la trung diém cuaa céc
canh PM, MN, NP. Khi d6 dién tich tam gidc XYZ bing :

A. 1 B. 1 C. x D. l
4 16 32 8
B. PHAN TY LUAN (8 diém)
Bai 1. Cho hé phuong trinh : {m" VRN
2X=4y=3

(m 1a tham s8 c6 gié tri thuc).
a) Gidi hé (1) véim = 1.
b) Tim tdt cd cdc gid tri cia m dé€ hé (1) ¢c6 nghiém duy nhA4t.

Bai 2. Rit gon biéu thic : A = 248 - V75 - J(1 - V3)2.

Bai 3. Mot nguoi di by tir A dén B v6i van t6c 4km/h, rdi di 6té tir B dén C
v6i van téc 40km/h. Lic vé anh di xe dap trén ca quang dudng CA vé6i
vén tdc 16km/h. Biét ring quang dudng AB ngdn hon quang dudng BC
1a 24km, va thoi gian lic di bdng th¥i gian vé. Tinh quang dutng AC.

Bai 4. Trén doan thdng AB cho diém C ndm giita A va B. Trén cung mjt
nia mat phing c6 by 1a AB ké hai tia Ax va By cing vuéng géc véi
AB. Trén tia Ax ldy diém I, tia vuéng géc véi CI tai C cit tia By tai K.
Pudng tron dudng kinh IC cit IK tai P (P khéc I).

a) Ching minh tir gide CPKB nji ti€p mot dudng tron, chi rd duong tron
nay.
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b) Ching minh : CIP = PBK.

c) Gia su A, B, I ¢6 dinh. Hay x4c dinh vi tri cia diém C sao cho dién
tich tu gidc ABKI 16n nhat.

PE THI TUYEN SINH VAO LGP 10 THPT TINH NAM DINH

Bai 1. (2d) Trong moi cdu tir cau 1 dén cau 8 déu c6 bon phuong dn tra 1vi
A, B, C, D; trong d6 chi c6 mt phuong 4n ding. Hay chon phuong 4n
ding va viét vao bai lam.

Cdu 1. Trén mit phdng toa do Oxy, dé thi cdc ham s y = x> va y = 4x + m
cit nhau tai hai diém phan biét khi va chi khi :

A m>-1 B.m>-4 C. m< -1 D. m< 4.

Cau 2. Cho phuong trinh 3x — 2y + 1 = 0. Phuong trinh nao sau day cung
v6i phuong trinh da cho lap thanh mgt hé phuong trinh vé nghiém ?

A 2x-3y-1=0 B.6x-4y+2=0

C. 6x+4y+1=0 D. 6x +4y-2=0.
Cau 3. Phuong trinh nao sau day ¢6 it nhat mot nghiém nguyén ?

A (x- 52 =5 B.9x’-1=0

C.4x*-4x+1=0 D.x3+x+2;0.

Cdu 4. Trén mat phéng toa dd Oxy, géc tao bdi dudng thing y = V3x + 5 va
truc Ox bing : '

A. 30° B. 120° C. 60° D. 150°.

Céu 5. Cho biéu thic : P = ay5, v6i a < 0. Dua thira s6 ra vao trong déu cin,
ta dugc P bing :

A. \5a? B. —J5a C. J5a D. —5aZ.

Cau 6. Trong cdc phuong trinh sau day, phuong trinh nao c6 hai nghiém duong ?
A x*-2J2x +1=0 B.x*-4x+5=0
C.x*+10x+1=0 D.x*- J5x -1=0.

Céu 7. Cho dudng trdn (O; R) ngoai ti€p tam gisc MNP vuong cdn ¢ M. Khi
dé MN bing :

A R B. 2R 'C. 2V2R D. RV2.

Céu 8. Cho hinh chir nhat MNPQ c6 MN = 4cm, MQ = 3cm. Khi quay hinh
chir nhat da cho mét vong quanh canh MN ta duge mét hinh tru c6 thé
tich béng :

A. 481 cm® B. 36n cm® C. 247 cm® D. 72r cm®.
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Bai 2. (2d)
1. Tim x, biét : J(zx -1)2% =9

" 4
2. Rt gon biéu thic : M = 7 " -
V3 +45
3. Tim diéu kién xéc'dinhl ciia biéu thic : A = J—iz +6x-9.
Bai 3. (1,5d) Cho phuong trinh : x* + (3 — m)x + 2(m — 5) = 0 (1), vdi m la

tham sé.
1. Ching minh rdng véi moi gid tri cia m, phuong trinh (1) luén cé
nghiém x, = 2. '

2. Tim gi4 tri cia m dé phuong trinh (1) ¢6 nghiém x, = 1 + 2V2.

Bai 4. (3d) Cho dudng tron (O; R) va diém A nidm ngoai dudng tron (O; R).
Pudng tron dudng kinh AO cdt duong tron (O; R) tai M va N. Dudng
thing d qua A c4t (O; R) tai B va C (d khdng qua O; diém B nam giira
hai diém A va C). Goi H la trung diém ctia BC.

1. Chimg minh AM la tiép tuyén cita(O; R) va H thugc dudng tron dudng
kinh AO. '

2. Pudng thing qua B vuong géc v61 OM cdt MN ¢ D. Chimg minh ring :
a) AHN = BDN.
b) Dudng thdng DHsongsong vdi dudng thdng MC.
¢) HB + HD > CD.

Bai 5. (1,5d)
X+y-2xy=0

x+y—x2y2=J(ny1)2+l'

1. Giai hé phuong trinh :

2. Ching minh ring véi moi x ta luén c6 :

@2x+ DY —x+1 > @x - IWxZ +x +1.

DE THI TUYEN SINH VAO LGP 10 THPT TiNH THAI BINH
X 1 1

4 +
x-4 Jx-2 Jx+2

Bai 1. (2,5d) Cho biéu thic A = , voix 20, x # 4.

1. Rut gon biéu thic A.
2. Tinh gi4 tri cta biéu thuc A khi x = 25.
3. Tim giditri ciia x 48 A’ -%.
Bai 2. (2d) Cho parabol (P) : y = x* va dudng thang (d) : y = mx - 2
(m 1a tham s8, m # 0).
a) V& db thi (P) trén mat phéng toa dj xOy.
b) Khi m = 3, hay tim toa dj giao diém (P) va (d).
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¢) Goi A(xa; ya), B(xg; yn) la hai giao diém phan biét cua (P) va (d). Tim
céc gid tri cia m sao cho : ya + ys = 2(xa + xg) — L.
Bai 3. (1,5d) Cho phuong trinh : x* — 2(m + 1)x + m’® + 2 = 0 (4n x).
1. Giai phuong trinh da cho v6i m = 1.
2. Tim gid tri cia m dé phuong trinh da cho cé hai nghiém phan biét x,,
x, théa man hé thic : x} + x5 = 10.
Bai 4. (3,5d) Cho duong tron (O; R) va A la mot diém naAm bén ngoai dudng
tron. Ké cdc ti€p tuyén AB, AC véi dudng tron (B, C la cac tiép diém).
1. Ching minh ABOC 1a ti gidc noi tiép.
Goi E 1a giao diém ciua BC va OA. Ching minh BE vudng géc véi OA
va OE.OA = R?,

3. Trén cung nhé BC cia dudng tron (O; R) 1dy diém K bat ki (K khdc B
va C). Tiép tuyén tai K cia dudng tron (O; R) cdt AB, AC theo thu tu
tai cdc diém P va Q. Ching minh tam gidc APQ c6 chu vi khong déi
khi K chuyén déng trén cung nho BC.

N

4. Duyng thing qua O, vudng goc véi OA cdt cdc dudng thing AB, AC
theo thi tu tai cdc diém M, N. Ching minh : PM + QN > MN.

Bai 5. (0,5d) Giai phuong trinh : sz - —‘II 5 sz X+ % 3 %(2){3 + X5+ 2x+ 1)

DA THI TUYEN SINH VAO LOP 10 THPT TP. HAI PHONG
PHAN | : TRAC NGHIEM (2.0 diém)
Bai 1. Gié tri biéu thic M = (v2 - y3)(¥2 + V3) bing :

A1 B. -1 C. 243 D. 3+2.

Bai 2. Gid tri cia ham s y = —%x2 tai x = -3 1a:

A V3 B. 3 a 3 'y il
J3
Bai 3. C6 ding thic Jx(I-x) = Vx.4/1-x khi.:
A x20 B.x<1 C.0<x<1 D.0O<x<1.

Bai 4. Dudng thing di qua diém M(1; 1) va song song v6i dudng thing y = 3:
c6 phuong trinh la :

A 3x-y=-2 B. 3x+y=14 C.3x-y=2 D.3x +y=-2.
18
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Bai 5. Trong hinh 1, cho biét OA = 5cm, O'A = 4cm, AH = 3cm. Dg dai OO
bing : '
A. 9cm B. 4++7)em C. 13cm D. V41 cm.

Bai 6. Trong hinh 2, cho biét MA, MB la tiép tuyén cua dudng tron (0), BC
la dudng kinh, BCA = 70°. S5 do AMB bing :
A. 70° B. 60° C. 50° D. 40°.

Bai 7. Cho dudng tron (O; 2cm), hai diém A, B thujc dudng tron sao cho
AOB = 120°. D¢ dai cung nhé AB la :

A. f—’—‘-cm B. t cm C. -8—n-cm D. Ecm.
3 3 3

Bai 8. M¢t hinh nén c¢6 bdn kinh dudng tron ddy 6cm, chiéu cao 9cm thi thé

tich 1a :

A. 36n cm® B 162n'cm” C."108n em® D. 1827 cm®.
PHAN Il : T LUAN (8,0 diém)

1 1
Bai 1. (2d) 1. Tinh A = - 3
2+ Jg 2 - JE;

2. Gidi phuong trinh (2 - Vx)(1+ VX) = -x + 5.
3. Tim m d€ dudng thdng y = 3x — 6 va dudng thdng y = -g)u-m cét

nhau tai mét diém trén truc hoanh.
Bai 2. (2d) Cho phﬁang trinh xX* +mx +n=0 (1)
1. Giai phuong trinh (1) khim =3 van = 2.
2. X4c dinh m, n biét phuong trinh (1) ¢6 hai nghiém x,, x, théa man
X, - Xy =3
{x? -x3 =9
Bai 3. (3d) Cho tam gidc ABC vudng géc tai A. Mot dudng tron (O) di qua B
va C cdt cdc canh AB, AC cia tam gidc ABC lan lugt tai D va E (BC

khéng 1a dudng kinh cia dudng tron tam O). Pudng cao AH cua tam
gidc ABC cdt DE tai K.

1. Ching minh : ADE = ACB.
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2. Ching minh K 1a trung diém cua DE.

3. Truong hop K la trung diém cua AH. Ching minh ring dudng thing
DE 1a tiép tuyén chung ngoai cia dudng tron duong kinh BH va dudng
tron duong kinh CH.

Bai 4. (1d) Cho 361 so tu nhién a,, ay, as, ..., azs thoa man diéu kién :
1. 1 " 1 % 1
+
J‘:‘T Jg NER Jaam
Ching minh ring trong 361 s tu nhién dé, ton tai it nhat hai s6 biéng
nhau.

= 317.

pE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG NINH
Bai 1. (2d) Rit gon céc biéu thuc sau :

1 { 3 1
a) 243 + 3427 - 300 b) {x—&+&—1]'&(f-1)'

Bai 2. (1,5d)
a) Giai phuong trinh : x> + 3x =4 = 0.
3x-2y =4

b) Giai hé phuong trinh : :
2%+ y- =5

Bai 3. (1,5d) Cho ham s8.:y,=/(2m ~,1)x +m# 1;v6i m la tham s6 va m :%.

Hay xdc dinh m trong mdi trudng hop sau :
a) DPé thi ham s6 di qua diém M(-1; 1).
b) D4 thi ham s& cdt truc tung, truc hoanh lan lugt tai A, B sao cho tam

giac OAB can.
Bai 4. (2d) Giai bai todn sau bing cdch lap phuong trinh hodc hé phuong
trinh :

Mot ca nd chuyén dong xudi dong tir bén A dén bén B sau d6 chuyén
dong nguge dong tir B vé A hét tong thoi gian la 5 gig. Biét quang
duong song tir A dén B dai 60km va van téc dong nuée la Skm/h. Tinh
van toc thuc ctia ca né (van tdc cua ca nd khi nudc ding yén).
Bai 5. (3d) Cho diém M nim ngoai dudng tron (O; R). Tir M ké hai tiép

tuyén MA, MB dén dudng tron (O; R) (A, B 1a hai tiép diém).

a) Ching minh MAOB la tu gidc ndi ti€p.

b) Tinh dién tich tam gidc AMB néu cho OM = 5cm va R = 3cm.

c) Ké tia Mx nim trong géc AMO cit dudng tron (O; R) tai hai diém C va
D (C ndm gita M va D). Goi E la giao diém cia AB va OM. Ching
minh ring EA la tia phan gidc cua goc CED.
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PE THI TUYEN SINH VAO LOP 10 THPT TINH THANH HOA
Bai 1. (1,5d) Cho phuong trinh : x* - 4x + n = 0 (1) véin la tham s0.
1. Giédi phuong trinh (1) khi n = 3.
2. Tim n dé phuong trinh (1) ¢6 nghiém.

Xx+2y=5

Bai 2. (1,5d) Giai hé phuong trinh : {2" g =

Bai 3. (2,5d) Trong mit phing toa do Oxy cho parabol (P) : y = x* va diém

B(0; 1).

1. Viét phuong trinh dudng thing (d) di qua diém B(0; 1) va c6 hé sé k.

2. Ching minh ring dudng thing (d) luén cdt parabol (P) tai hai diém
phén biét E va F véi moi k.

3. Goi hoanh d cia E va F lan luot 1a x, va x,. Chimg minh ring x,.x, = -1,
tir d6 suy ra tam giac EOF la tam gidc vuong.

Bai 4. (3,5d) Cho nia dudng tron tam O dudng kin_h AB = 2R. Trén tia daoi
cia tia BA 1dy diém G (khéc v8i/diém B). Tir cac diém G; A; B ki céc
tiép tuyén véi dudng tron (0). Tiép tuyén ké tir G cit hai ti€p tuyén ke
tir A va B lan luot tai C va D.

1. Goi N la tiép di€m/cia) ti€p tuyén ké tiri Gotéi nita dudng tron (O),
Ching minh ti gidc BDNO noi tiép duoc.
2. Ching minh tam giac BGD dong dang vdi tam gidc AGC, tir d6 suy ra
" A\ CN DN

— T —

CG DG’

3. Ddat BOD = a. Tinh d§ dai cdc doan thidng AC va BD theo R va a.
Chiing t6 réng tich AC.BD chi phy thujc R, khong phu thujc o.

2
Bai 5. (1,0d) Cho sé thuc m, n, p théa man : m2+mn+n2=1~§%-. Tim gia

tri 16n nhat va nhé nhat cia biéu thic : B=m + n + p.

PE THI TUYEN SINH VAO LGP 10 THPT TINH NGHE AN

Bai 1. (3d) Cho bidu thic A = X¥*+1_ x-1

x-1 Jx +1

1. Néu diéu kién x4c dinh va rit gon biéu thic A.

2. Tinh gid tri cda biéu thic A khi x = ;.
3. Tim tat ca cdc gid tri cia x dé A < 1.
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3ai 2. (2,5d) Cho phuong trinh b4c hai, v4i tham sé m :
2% - (m+3)x+m=0 (1)
1. Giai phuong trinh (1) khi m = 2.
2. Tim céc gi4 tri cia tham s6 m dé phuong trinh (1) ¢6 hai nghiém x,, x.

théa man : x; + x3 = -2-x1x2.

3. Goi x,, x2 la hai nghiém cua phu’crng trinh (1). Tim gi4 tri nho nhat cu:
biéu thic P = |x, — x»/.

3ai 3. (1,5d) Mot thia rudng hinh chir nhat c¢6 chiéu rong ngén hon chiéu da
45m. Tinh dién tich thira ruong, biét ring néu chiéu dai giam 2 lan v:
chiéu rong tang 3 lan thi chu vi thita ruong khéng thay déi.

3ai 4. (3d) Cho dudng trdn (O; R), duong kinh AB cé dinh va CD la md
duong kinh thay déi khong trung véi AB. Tiép tuyén cua dudng tror
(O; R) tai B cdt cdc dudng thdng AC va AD lan luot tai E va F.

1. Chung minh ring : BE.BF =4R%
2. Ching minh tif gidc CEFD néitiép duge dudng tron.

3. Goi I 1a tam dudng tron ngoai ti€p tu gidc CEFD. Ching minh réng
tdm I luén nim trén mot dudng théng cd dinh.

DE THI TUYEN SINH VAO LGP 10 THPT TINH HA TINH
3ai 1. Giai phuong trinh-+x*+-x—6-=-0-
Trong hé truc toa do Oxy, biét duong thidng y = ax — 2 di qua dién
M(2; ~1). Tim hé sd a.

1

Vx

Xvx x2
3ai 2. Cho biéu thic P [J‘ === J[

-2J véix>0vax=+1.

1. Rut gon biéu thuc P.
2. Tim gid tri caa x dé P = 0.

Jai 3. Mot doan xe van tai nhén chuyén chd 10 ‘tdn hang. Khi sip khd
hanh thi mdt xe phai diéu di lam cong viéc khdc, nén mdi xe con la
phai chd nhiéu hon 0,5 tdn hang so véi du dinh. Hoi doan xe lic da
c6 bao nhiéu chiéc. (Biét ring khdi lugng hang méi xe chd 1a nhu nhau).

3ai 4. Cho dudng tron tam O c6 cdc duodng kinh MN, PQ (PQ khéng truny
vGéi MN).

1. Ching minh tif gidc MPNQ la hinh chir nhat.
2. Céc tia NP, NQ c4t tiép tuyén tai M cia dudng tron (O) theo thu tuf
E,F.
18!
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a) Chung minh 4 diém E, F, P, Q cung thugc mot dudng tron.

b) Khi MN c¢8 dinh, PQ thay ddi. Tim vi tri cia E va F khi dién tich
tam gidc NEF dat gid tri nho nhat.

3ai 5. Cac s6 a, b, ¢ € [-2; 5] théa man diéu kién a + 2b + 3c < 2. Chung
minh bat ddng thic : a? + 2b* + 3c? < 66. Dadng thic xay ra khi nao ?

PE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG NAM
3ai 1. (2d)

1. Tim x dé méi biéu thic sau cé nghia: a) vx _ b) = ! .
G B 3 1
2. Truc can thic ¢ mau : a) — b) ——.
V2 v3-1

x-1=0
3. Giai hé phuong trinh : { :
x+y=3
3ai 2. (3d) Cho ham sé y = x* va y = x|+2,
a) Vé dé thi cia cdc ham sé nay trén cung mot mat phdng toa do Oxy.

b) Tim toa do cdc giao diém A, B ctia dé thi hai ham s¢ trén bing phép
tinh.

c¢) Tinh dién tich tam gidc OAB.
3ai 3. (1d) Cho phuong trinh x* - 2mx '+ m* — m + 3 cé hai nghiém x,, x,

(véi m la tham s6). Tim m dé biéu thic x? + x; dat gid tri nhé nhat.

3ai 4. (4d) Cho dudng tron tdm (O), duong kinh AC. Vé day BD vuong goc
véi AC tai K (K nam gitia A va 0). Lay diém E trén cung nhé CD (E khéng
trung C va D), AE cit BD tai H.

a) Chuing minh ring tam gidc CBD can va t¥ gidac CEHK néi tiép.
b) Ching minh ring : AD? = AH.AE.
¢) Cho BD = 24cm, BC = 20em. Tinh chu vi eda hinh tron (O).

d) Cho géc BCD bing a. Trén mit phéng by BC khong chira diém A, vé tam
giac MBC can tai M. Tinh géc MBC theo o dé M thudc dudmg tron (O).

PE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG NGAI
3ai 1. (1,5d)
1. Thyc hién phép tinh : A = 3J2 - 449.2.

a+./;+1][a_,/;
J;+l a,/;ul

2. Cho biéu thic P = [ - IJ véia=>0;a=1.
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a) Chiung minh P=a - 1.

b) Tinh gi4 tri cia P khi a = y4 + 243.

Bai 2. (2,5d)
1. Giai phuong trinh x> — 5x + 6 = 0.

2. Tim m dé phuong trinh x> — 5x — m + 7 = 0 c6 hai nghiém x,, x, tho:

man hé thae x} +x3 =13,

3. Cho ham sé y = x* ¢6 dé thi (P) va dudng thidng (d) : y = -x + 2.
a) Vé (P) va (d) trén cung mét hé truc toa dJ.
b) Bing phép tinh hay tim toa do giao diém cua (P) va (d).
Bai 3. (1,5d) Hai voi nudc cung chay vao mét c4i bé khong c6 nude thi tron;
5 gio sé day bé. Néu voi thit nhat chay trong 3 gir va voi thi hai cha,

; - J—— S e e ma e .
trong 4 gio thi dugc 3 bé nuéc. Hoi néu moi voi chay mot minh th

trong bao lau méi day bé ?

Bai 4. (3,5d) Cho dudng tron (O; R) va mot diém S nédm bén ngoai dudng tron
Ké cac ti€p tuyén SA, SB véi dubng tron (A, B la cdc tiép diém). Mo
duong thing di qua S (khéng di qua tam O) cit dudng tron (O; R) tai ha
diém M va N v6i M ném gitta S va N.,Goi H1a giao diém ctia SO va AB
I 1a trung diém MN. Hai dudng thing OI va AB cit nhau tai E.

a) Chung minh THSE'la tir gidc' noi tiép dudng tron.

b) Chdng minh OI.OE = R?
¢) Cho SO = 2R va MN = Rv3. Tinh dién tich tam gidc ESM theo R.

Bai 5. (1d) Giai phuong trinh : Y2010 - x ++/x — 2008 = x* — 4018x + 4036083.

PE THI TUYEN SINH VAO LGP 10 THPT TINH BiNH DINH
x+2 Jx+1  Jx+1

Bai 1. (1,5d) Cho P = -
Xxvx -1 x+4Jx+1 x-1

a) Rit gon P.
b) Chimg minh P <1/3 véi x 20 va x # 1.
Bai 2. (2d) Cho phuong trinh : x* - 2(m - 1)x +m-3=0 (1)
a) Chiing minh ridng phuong trinh (1) luén luén cé hai nghiém phan biét.

b) Goi x,, x la hai nghiém cia phuong trinh (1). Tim gi4 tri nhé nhat cu:

biéu thic P = x} + x3.

¢) Tim hé thuc gita x; va x; khong phu thude vao m.
18’
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@i 8. (2,5d) Hai vdi nu6c cing chdy vao mot cdi bé khong cé nuée trong 6
gid thi ddy bé. Néu dé riéng voi thit nhat chdy trong 2 gid, sau d6 déng

lai va md voi thu hai chay ti€p trong 3 gid nira thi duge §- bé. Hbi néu

chdy riéng thi mdi vdi chdy ddy bé trong bao ldu ?

iai 4. (3d) Cho tam gidc ABC noi tiép trong dudng tron (0), I 1a trung diém
cia BC, M la mét diém trén doan CI (M khéc C va I). Pudng thdng AM
cdt (O) tai D, ti€p tuyén cia dudng tron ngoai ti€p tam gidc AIM tai M
cit BD tai Q va cit DC tai P.

a) Chimg minh : DM.AI = MP.IB.

b) Tinh ti s§ L.
MQ

\ai 5. (1d) Cho ba s& duong a, b, ¢ théa man diéu kién a + b + ¢ = 3. Ching

a b c 3
minh ring : i 4 5 .
. 1+b% 1+e% ATaiu2

PE THI TUYEN SINH VAO LGP 10 THPT TINH KHANH HOA
i 1. (2d) (Khong dung mdy tinh cAm tay)
a) Chobiét A =5+ 15 va B =5- 15, Hay so sanh : A + B va tich A.B.

2x +y =1

b) Gidi he phuong trinh-: :
) MR Y {3x—2y=12

lai 2. (2,5d) Cho parabol (P) : y = x* va dudng thidng (d) : y = mx - 2 (m la
tham s6, m # 0).

a) Vé dé thi (P) trén mat phéng toa d§ Oxy.
b) Khi m = 3, tim toa do giao diém cua (P) va (d).

c) Goi A(xa; ya), B(xp; yp) 12 hai giao diém phan biét cia (P) va (d). Tim
cdc gid tri ciia m sao cho : y, + ¥y = 2(x5 + Xp) -

bai 8. (1,5d) Mot manh dat hinh chir nhat c6 chiéu dai hon chiéu ring 6m va
binh phuong do dai dudng chéo gap 5 l4n chu vi. X4c dinh chiéu dai va
chiéu rong hinh chir nhat.

bai 4. (4d) Cho dudng tron (O; R). Tir mét diém M & ngoai (O; R) vé hai ti€p
tuyén MA, MB (A, B la cdc tiép diém). Lay mot diém C trén cung nhd
AB (C khdc A va B). Goi D, E, F lan lugt 12 hinh chiéu vuéng géc cua C

trén AB, AM, BM.

a) Chimg minh AECD la mot ti gidc ndi tié'p.
b) Chimg minh : CDE = CBA.
88
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¢) Goi I 1a giao diém cia AC va DE; K la giao diém cua BC va DF. Chim
minh : IK // AB.

d) X4c dinh vi tri diém C trén cung nhé AB dé (AC? + CB®) nhé nh4
Tinh gia tri nho nhat dé khi OM = 2R.

PE THI TUYEN SINH VAO LOP 10 THPT TINH LAM PONG
Bai 1. (0,5d) Phan tich thanh nhan tu : ab + bva+va +1 (a=0).
Bai 2. (0,5d) Don gian biéu thic : A = tan®a - sin®a.tan’a  (a 1a géc nhon).

Bai 3. (0,5d) Cho hai duong thang d, :y=(2-a)x+ 1vady:y=(1+2a)x+
Tim a dé d, // d,.

Bai 4. (0,5d) Tinh dién tich hinh tron biét chu vi cia né bing 31,4cm.
(Cho n = 3,14).

Bai 5. (0,75d) Cho AABC vuédng tai A. Vé phan gidc BD (D € AC).
Biét AD = lcm; DC = 2cm. Tinh sé do géc C.

Bai 6. (0,5d) Cho ham s§ y = 2x” c6 dd thi parabol (P). Biét diém A nam tr
(P) ¢6 hoanh d¢ bing -%. Hay-tihh tung do cia diém A.

Bai 7. (0,75d) Viét phuong trinh dutng thdng MN, biét M(1; -1) va N(2; 1).

Bai 8. (0,75d) Cho AABC vuéng tai A, biét AB = 7cm; AC = 24cm. Tinh dif
tich xung quanh cua hinh 11én duge sinh ra khi quay tam gidc ABC m
vong quanh canh AC.

Bai 9. (0,75d) Riit gon bidu-thicB.=(y2.=/34 y2 + ¥3)2.
Bai 10. (0,75d) Cho AABC vuéng tai A. Vé dudng cao AH, biét HC = 1la
AB = 2v3 cm. Tinh dé dai canh BC.

Bai 11. (0,75d) Mot hinh tru cé dién tich toan phan la 90n ¢m?, chidu cao
12cm. Tinh thé tich cua hinh tru.

Bai 12. (1d) Cho hai dudng tron (O; R) va O'; R') cdt nhau tai A va B. M
dudng thing di qua A cit (O) tai C va cét (O') tai D.

Chimg minh ring : — = —.

Bai 13. (1d) Cho phuong trinh bac hai (4n x, tham s§ m) : x* — 2mx + 2m-1=0 (
Véi gid tri nao cia m thi phuong trinh (1) c6 hai nghiém x,, x; th
man x, = 3xg ?

Bai 14. (Id) Trén nia dudng tron tam O dudng kinh AB 14y hai diém E va

sao cho AE < AF (E # A va F # B), cdc doan thing AF va BE cdt nh
tai H. V& HD L OA (D € OA; D # 0). Chimg minh ti gidc DEFO 1
tiép duoc dudng tron. ‘

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

E THI TUYEN SINH VAO LOP 10 THPT TiNH BA RIA - VONG TAU
3ai 1. (2d)

a) Giai phuong trinh : 2x*-3x-2=0
2x+3y =5

b) Gidi hé phuong trinh : :
) Giai hé p g tri {3x—2y=1

#2.(2d) Choham sé y = gxz c6 do thi la parabol (P) vii haim s v = x + m

¢6 do thi 1a dudng thing (D).
a) Ve parabol (P).
b) Tim gi4 tri cia m dé (D) cdt (P) tai hai diém phan biét.
bai 3. (2,5d)
@+Vx)? -(2-Jx)*
1+2Jx ’

b) Tim gid tri cua k dé phuong trinh x* — (5 + k)x + k = 0 ¢6 hai nghiém
X1, X; thda man diéu kién : x> +x2=18.

a) Riit gon biu thic: M =

(x >0).

bai 4. (3d) Cho nia dudng tron tam O/cé-duong kinh AB = 2R. Ax, By 14 céc
tia vuéng géc véi AB (Ax, By va nia dudng tron thudc cung mot nia
mat phéng c6 by 1a dudng thing AB). Qua diém M thay déi trén nia
dudng tron (M khdc A, B), ké ti€p tuyén) voi mia dugng tron lan luot
cAt Ax, By tai C va D.
a) Ching minh td gidc ACMO ndi tiép.
b) Ching minh : OC L OD va —— + —— = —
0oc? oOD? R?
c) Xdc dinh vi tri cia M d& (AC + BD) dat gi4 tri nhé nh4t.
lai 5. (0,5d) Cho a + b, 2a va x la céc s8 nguyén.
Chimg minh y = ax® + bx + 2009 nhén gid tri nguyén.

PE THI TUYEN SINH VAO LGP 10 THPT TP. CAN THO

i .2 1 1 XVX - X
iai 1. (1,5d) Cho biéu thic A = - - :
Yx+¥x-1 J;—Jx—l 1-Vx
1. Rit gon biéu thirc A. | 2. Tim gid tri cia x dé A > 0.
ai 2. (2d) Gidi bat phuong trinh va cdc phuong trinh sau :
1. 6-3x2>-9 2. §x+1=x—5

2— —
¥ 2x“ - 3x 2=3
2x +1

3. 36x*-97x2+36=0
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Bai 3. (1d) Tim hai so a, b sao cho 7a + 4b = —4 va dudng thing ax + by = -1 di
qua diém A(-2; -1).

Bai 4. (1,5d) Trong mat phing toa do Oxy cho ham sé y = ax* ¢6 d6 thi (P).
1. Tim a, biét ridng (P) cit duodng thing (d) c6 phuong trinh y = -x —g

tai di€ém A c6 hoanh d¢ bing 3. Vé dé thi (P) @ng vdi a vira tim duoc.
2. Tim toa do giao diém thit hai B (B khéc A) ctaa (P) va (d).

Bai 5. (4d) Cho tam giac ABC vuéng ¢ A, c6 AB = 14, BC = 50. Pudng phan
giac cua géc ABC va dudng trung truc cia canh AC cit nhau tai E.

1. Chung minh t gidc ABCE ngi tiép dugc trong mét dudng tron. Xac
dinh tam O cua dudng tron nay.

2. Tinh BE.

3. Vé duong kinh EF cia dudng tron tam (O), AE va BF cit nhau tai P.
Ching minh cédc dudng thidng BE, PO, AF déng quy.

4. Tinh dién tich phan hinh tron tam (O) ndm ngoai ngii giac ABFCE.

-

PE THI TUYEN SINH VAO LOP 10 THPT TINH AN GIANG
Bai 1. (1,5d)
1. Khong dung mdy tinh} hay tinh gig tri biéa thuc sau :

A_[J1_4—J'?+J1_5—J5_ 1

V2-1 31 ) J1i-J5

2. Hay rit gon biéu thic : B = = —2x_‘[;,diéukiénx>0v&x¢1.
Vx-1 x-+x

Bai 2. (1,5d)

1. Cho hai dudng thdngd, : y = (m + 1)x + 5; d, : y = 2x + n. V6i gia tri
ndo cia m, n thi d; trung véi d, ? '
2

2. Trén cung mat phlng toa dd, cho hai dé thi (P): y = x?; diyed—x
Tim toa dj giao diém cta (P) va d bing phép todn.
Bai 3. (2d) Cho phuong trinh : x* + 2(m + 3)x + m? + 3 = 0.
1. Tim m dé€ phuong trinh c6 nghi¢m kép ? Hay tinh nghiém kép d6.
2. Tim m dé phuong trinh c6 hai nghiém x,, x, théa x; — x, = 2 ?
Bai 4. (1,5d) Giai cdc phuong trinh sau :

1 3

=2 2. x! ‘_4=0.
x—2+6—x X +3x°-4=0
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Bai 5. (3,5d) Cho dudng tron (O; R) dudng kinh AB va day CD vuéng géc v6i
nhau (CA < CB). Hai tia BC va DA cit nhau tai E. Tt E ké EH vuéng
géc v6i AB tai H; EH cdt CAg F.

Ching minh ring :
1. Tu gidc CDFE noi ti€p dugc trong mt dudng tron.
2. Ba diém B, D, F thing hang.
3. HC la tiép tuyén cua dudng tron (O).

PE THI TUYEN SINH VAO LGP 10 THPT TINH KIEN GIANG
Bai 1. (1,5d) Giai hé phuong trinh va phuong trinh sau :

{3"*2":1 b) 9x* + 8x*— 1 = 0.

5x + 3y = 4

Bz‘ni2.(2,0d)Chobié"uthti’c:A=( SR 1]: x+3 Jx+2)
=3 IWx) (Yx-2 Jx -3

a) Véi nhitng diéu kién dugc xac dinh-cda x hay rit gon A.
b) Tim tat ca céc gid tri cia x dé A nho hon 1.
Bai 3. (3d) |

a) Cho ham sé y = -x?va ham 86y =/% =2/ Vé‘ddé thi hai ham sé trén
cung hé truc toa do. Timtoa d¢-giao-diémcia hai dé thi trén bing
phuong phép dai sé.

2
b) Cho parabol (P): y = 54- va dudng thdng (D) : y = mx - gm - 1L

Tim m dé (D) tiép xiic véi (P). Ching minh ring hai duéng thing (D,)
va (D) ti€p xic véi (P) va hai dudng thdng 4y vuéng géc véi nhau.

Bai 4. (3,5d) Cho dudng tron (O) c6 dudng kinh AB = 2R. Trén tia doi cia
BA ldy di€ém C sao cho BC = R, trén dudng tron lay diém D sao cho
BD = R, dudng thing vudng géc véi BC tai C cdt tia AD ¢ M.

a) Ching minh tit gidc BCMD la ti gidc ndi tiép.
b) Chimg minh tam gidc ABM la tam gidc can.
¢) Tinh tich AM.AD theo R.

d) Cung BD cia (O) chia tam gisgc ABM thanh hai phan. Tinh dién tich
phin cia tam gidc ABM n3m ngoai (O).
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B. LOI GIAI

DE THI TUYEN SINH VAO LGP 10 THPT TP. HA NOI
Bai 1.
1. Véiix>0vax=4. Tacé:

x+¥x +2+¥x -2 x+2¥x  x(dx+2) Jx

B s = 2 .
X -4 x4 x-2x 2y Yx-2
2 Khix=25 - A= Y2 __5
J25 -2 3

Jx

3. Tacé: A= = -

Jx -2

Bai 2. Goi x (chiéc 40) ma té tha hai may duge trong mot ngay (x € N¥).

r— 3\/;:—(1/;~2} QZJ;:lca»x:%.

Lo

Khi d6 s6 do to6 thd nhat may duge trong mét ngay la x + 10 (chiéc do).

Trong 3 ngay to thi nhat may dugce 3(x + 10) (chiéc d0); trong 5 ngay
to thu hai may duge 5x (chiéc ao):

Theo bai ra, ta ¢6 phuong trinh:

3(x + 10) + 5x #1310, -, o>, 8x,+:30,=,1310

| <> 8x = 1280 <> x = 160 (thoa diéu kien).
Tra 161 : Mot ngay to thu nhat va 'to tha hai Ian lugt may dugc

160 + 10 = 170 (chiéc ao) va 160 (chiéc do).
Bai 3.
1. Khim =1, ta ¢6 phuong trinh : x> —4x +3 =0

Via+b+c=1-4+3 =0 nén phuong trinh ¢6 nghiém x, = 1; x, = 3.

2. Phuong trinh da cho c¢6 hai nghiém phan biét < A >0

S m+1)-m+2)>022m-1>0 o m >

B | -

- ]x, + Xy = 2(m + 1)
Theo hé thuc Viét, ta c6 : )
lxlx._, =m + 2
Khidé: x3 +x2 =10 < (X + x2)* — 2xyx. = 10
o 4m+1r-2m*+2)=10 > 2m* +8m-10=0
Via+b+c=2+8-10 =0, nén phuong trinh (an m) c¢é hai nghiém :

m; =1, m,=-5.

™ 1 - -
Vim> 5 nén talaym=1.

193

Tron Bo SGK: https://bookgiaokhoa.com



Bai 4.
1. Tacé ABO = ACO = 90° (tinh chat tiép tuyén)
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— ABO + ACO = 180°
Do d6 t gisc ABOC ndi tiép.
Ta c¢6 : AB = AC (tinh chat hai tiép
tuyén cit nhau)

OB =0C (=R)
Do d6 OA la trung truc cia doan BC = OA 1 BC tai E.
Ta c6 AABO vuong tai B ¢6 dudng cao BE nén
OE.OA = OB? (hé thic lugng) hay OE.OA = R”.
Ta ¢6 : PK = PB va QC = QK (tinh chat hai tiép tuyén cit nhau).
Goi papq la chu vi cia tam gidc APQ khi dé :
AP + PK+ KQ + QA=AP +PB + QC + QA
= 2AB (khong déi vi (O) va A cé dinh).
Ta c¢6 : MN L OA (gt) ma OA L BC (emt) > MN // BC.
Do d6 AAMN cén tai A = M = N va AM = AN.
Lai c6 : AB = AC = AM - AB = AN - AC hay BM = CN.
Do d6 AOBM = AOCN/(glc.g) = MOB = NOC:
Theo tinh chat hai tiép tuyén cit nhau ta c6 :
BOP = POK va ﬁQ = @C
ma MOB + BOP + POK + KOQ + QOC + NOC = 180°
hay 2(MOB + BOP + QOC) = 180°
— MOB + BOP + QOC = 90° (ma MOB + BOP = MOP)
= MOP +QOC = 90°
Mat khdc AOCQ vudng tai C nén 660 + QT)-C -90° = MOP =06(2

ParqQ

.Xét AOMP va AOQN c6 M = N (cmt), MOP = OQC (cmt)

PM OM
Do d6 AOMP « AQNO (g. L.
0 « AQNO (g.g) = NO - QN
2
 PM.QN = OMON = MN M2N - M}:

. -—Mz£ - JOMON = MN = 2JOMON ma OM.ON = PM.QNnén

MN = 2/PMQN <PM + QN (Ap dung BDT Casi cho hai sé {uong).
Vay PM + QN > MN.
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B 5. Phuong trinh dugce bién doi thanh :

5 1 iy
2x=—4~+ x+-2; =x(2x+ 1D+ (2x+ 1)

o 2J4x2 --1+4x+% =(2x + D(x*+ 1)

( . { 2 _ 2
- J4x2—1+4x+%]=(2x+1)(x2+1) - (2x +1)° =(2x + 1)}(x° +1

.
2x+120 2
2 2x+1=0
2x+1)x“+1-1)=0 <=0 x=0
— 1 e - = 1.
X2 -—— 1
2 X>-—— 2
2

PE THI TUYEN SINH VAO LGP/10 THPT TP. HO CHI MINH
Fi 1.
a) 8x°-2x-130. Tac6:a=8b=-2;c=-1 =\b =-1
VAl A & 1B 2930, = JA' =3
Phuong trinh c6 hai nghiém :
_\\-3 1+3 1 1

X = yelg.= ha Xp.=5—— Xy =
1 3 X2 3 Y. 1 2 X2
- [2x +3y =3 4x + 6y =6 9x =18
b) Ta cé : &5
5x - 6y =12 5x - 6y =12 5x — 6y =12
X =2
:2 1
= * = 1 Hé cé6 nghiém (x; y)=(2; ﬂ—].
5x - 6y =12 y=-= 3
3
¢c) x'-2x>-3=0.Patt=x%1t>0.
; t = -1(loai)
Ta c6 phuong trinh : t* - 2t -3 =0 -
acop ng trin m[t=3(nhén)

Vay : x* = 3o X = +43. Phuong trinh da cho c6 hai nghiém : x = +4/3.
d) 3x¢- 2/6x +2=0.Tac6:a=3;b=-2J6;c=2
‘>b'=-6;A=(-6)?-32=0.
b V6

Phuong trinh ¢6 nghiém kép : x = -—— = i
a
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Bai 2. /
a) Trén cung mot hé truc toa do, vé  \............. T ¢
dé thi (P) cia ham sé y = i;—
Bang mot sé gia tri : .
X | -4 -2 0 2 4 4
y |8 2 o 2 8 i \N 2
Do thi (P) 1a mét parabol. : ! :
Vé dudng thdng (D) : y = x + 4. /_'4 _2: 0 z j‘— >
Bang mét sé gid triciay = x + 4.
X [ -2 0
y | 2 4

Pudng thing (D) qua hai diém A(-2; 2) va B(0; 4).

b) Xét phuong trinh hoanh dé giao-diém (néu ¢6 ) cua (P) va (D) :
x2 :
—é—=x+4 < x4 -2x[-8=0.

a=Lb=-2cs-8=b=-1A=(-1’-1-8=9>0= JA' =3
Phuong trinh ¢é hai nghiém : x,=1+3=4;x,=1-3= -2
* X3 =4 =Yy =8; xDewdao s
Vay (P) va (D) cidt nhautair-hairdiénr-M=2-2y"N(4: 8).
4 8 15

3+J§_1+J§+J§

Ta c6 thé quy dong mau s6 hodc truc can thuc ¢ mau sé. Bai todn nay
ta nén truc can thic ¢ mau sé.

_ _ [ 4
- Pagbrd s 4(34‘[5’-8“/5; 1’+15;G=3-J5-2J5_+2+3J5 = B

Bai 3. Rit gon : A =

(Ban c6 thé kiém tra lai két qua bang cach dung may tinh bé tui).

Vx+fy x-Jy | (xexy

Thu gon : B = - lt J
1-yxy 1+ xy ] \1-xy

- Truc cén thic ¢ mau s6 hay quy dong mau sé cua cac phan thdc trong

ngodc thi nhat 1a hai viéc giong nhau. Sau dé, can chi y dén phép chia
phéan thue.

B=[&+J;+J_—J§].(x+xy]
1-Jxy  1+xy | (1-xy
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. .f{J;+J;J(1+JE} IJ_—J;)(I—JE}’[x+xy\]

\ 1-xy 1 - xy 1-xy,

"

fJ;+xJ;+J;+.vJ;+J;xJ§Jﬂyﬂ_(l-xy]

1-xy X+ XYy

—

(2Jx +2yVx |{1-xy | 2Vx(l+y) 2
| | - :

\ 1-xy  Jix+xy)  xTey) Jx

Cach khac : Dat u = Jx: v = J;; u20;v=>0=x=u’y=v". Rut gon
biéu thue chua u, v.
Bai 4.
a) Tacéo:a=1;b=-5m=1);¢c=6m"-2m
— A=0Bm-1F-46m*-2m=m*-2m+1=(m-1°*20, Vm
Vay phuong trinh luon c¢6 nghiém vdéi moi m.
b) Theo trén : A = (m - 1)°. Phuong trinh ¢6 hai nghiém :
om-1-(m-AV =1+ (m - 1)

| = Xy = hay x; =2m; x, = 3m - 1.
2 2
Vay x}+x3=1 < 2m)+4Bm-17=1 < 13m’°-6m=0
‘m =0
« 6
m=—

L 13
“ Cach khac : Theo hé thuc Viet, ta co :
X, + X A&m - 1; X1X, = 6m” — 2m.
Vay x5+ x§ =1Ve (X + X —2%X;x2 =1
o (bm - 1) - 26m*=2m) =1 < 13m° - 6m = 0
(Ta tim duogc ciac gia tri m nhu trén)
- Ban neén luu y rang khi tinh A, cho ta két qua la mét binh phuong
dung. ta thuong tinh truc tiép cac nghiém cua phuong trinh bac hai.
Bai 5.
a)- Ta cé : AEH + AFH = 180° (gt) nén tu gidc AEHF noi tiép.
— Tacé: AEB = ADB = 90° (gt) nén tu gidc AEDB noi tiép.
b) Tacé: ADB = 90° (gt),

ACK = 90° (AK la dusng kinh)

— ADB = ACK.

=
k<

Lai ¢6 ABC = AKC (géc noi tiép cung
chan cung AC).
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AB AD
Do d6 AADB v» AACK —_—_ = —
od w (g.8) = AK - AC
= AB.AC = AK.AD hay AB.AC = 2R AD
= AD = AB'AC.
2R
1 1 AB'AC.BC _ AB.AC.BC-

Sape = —AD.BC = -
ABC = 3 iR

Ta c6 M 1a trung diém cia BC (gt) nén EM la trung tuyén cua tam giac
vuéng BEC = MB = ME = MC hay ABME can tai M = B, = BEM

ma Bz = DAC (cung phu véi ACB) = BEM = DAC (1)
Mat khéc tid gide AEHF noi tiép (cmt) nén E; = A, (2)
Tir (1) va (2) = E; + BEM = A; + DAC hay FEM = BAC (3)

Lai c6 tif gide AFDC ndi tiép (AFC = ADC = 90°) = BAC = FDB  (4)
Tir (3) va (4) = FEM = FDB. Do'dé ti gisc EFDM noi tiép.
Cdch khdc : Chdc h&n cdc ban da timg gap bai todn "Dudng tron Ole"
hay con goi 1a "Vong tron chin diém" trong dé c6 ba diém la chan ba
dudng cao, ba diém la trung di€ém cia ba canh cia tam gidc néi tiép va
ba diém nua 1a trung diémocia ba doan thangnéi truc tAm vdi ba dinh
cua tam gidc. Ro rang bai todn nay da cé chan ba duong cao E, F, D va
trung diém M cua canh'BC.
Vé tiép tuyén vdi dudng tron tai C. Khi dé BCx = BAC (5)
(géc gitta ti€p tuyén va mot day va géc ndi ti€p cung chin cung BC).
Mat khéc td gidc AEDB nbi tiép (AEB = ADB = 90°) = BAC = EDC (6)
Tir (5) va (6) = BCx = EDC.
Do dé6 DE // Cx (so le trong) ma Cx L OC (tinh chat tiép tuyén)

= DE 1 OC.
Cdch khdc : (Khoéi ké tiép tuyén tai C)
Vé dudng kinh CC'. Goi I la giao diém cua
CC’ va DE (Xem hinh vé bén). Ta c¢6 ti gidc
AEDB néi tiép (AEB = ADB = 90°)

= EDC = BAC ma BAC = BC'C (géc néi tiép
chdn cung BC)

= EDC = BC'C ma BC'C + BCC' = 90° (CBC' = 90°)

= EDC + BCC' = 90° hay DIC = 90°. Chung t6o DE 1L OC.
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* Ching minh tuong tu ta ¢c6 EF L OA va FD 1 OB. Dé thay O nam
trong AABC (vi AABC c6 ba goc nhon).
S = Sanc = Saror + Seron + Scron
. -%EF.OA g %FD.OB i %DE.OC . %R(EF + FD + DE)

- 2S = R(EF + FD + DE).

pE THI TUYEN SINH VAO LGP 10 THPT TINH VINH PHUC
A. PHAN TRAC NGHIEM
Bai 1. Biéu thuc J1-x xdcdinho1-x20ox<1. Chon dap an D.
Bai 2. Ham s6 y = (m — 1)x + 2 nghich bién ® m-1<0& m< 1.
Chon dédp an A.
c 10

Bai 3. Theo hé thic Viét, taco : x;Xxy = — = o R -5. Chon ddp 4n C.
a

Bai 4. Ta ching minh dugc bon tam gidac AMP; A
BMN: MNP va PNC bing nhau nén dién
tich cua ching cung bing nhauva bang X p

1 | 1
-"S 1=- {dth) = S 1= —, Ly
4 ABC 4 MNI 4 yA

1
1

: i |
Tuong tu : Sxyz = — - — = —. Chon dap an B.
g XYZ 1 16 : P

1
4
B. PHAN TY LUAN
Bai 1.

a) Vgim=1,taco hé:

»
I
| on

x+2y =1 2x +4y =2 4x =5 4
ox -4y =3 = |2x-4y=3 _ |x+2y=1_ |5 -
-4y y y Z+2y=1 l

[
"

Hé c6 nghiém duy nhat : (x; y) = [-2, —%]

b) Hé c6 nghiém duy nhat khi va chi khi hai dudng thidng mx + 2y = 1 vi

2x — 4y = 3 cit nhau @Eat—z—- < m# -1

mx+2y=1 (2)

* Cdch khdc : Ta cé hé :
ach khdc 6 hé {2x—4y=3 3)

2x - 3

Tu((3) =»> y =
& 4

19
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=1 & 2m+1)x=5 (4)

Thay vao (2), ta duge : mx + i

Phuong trinh (4) ¢6 nghiém duy nhat ©m+120 < m=«-1
Vay hé c¢6 nghiém duy nhat < m = -1.

2J16.3 - ¥25.3 - {1 - ¥3)?

Bai 2. Tacé: A

= 3J§-5J§-|1FJ§|
= 38 -(3-1 (vil-J§<0c::-|1~J§|=J§-11
=2J3+1.

Bai 3. Goi x (km) la quang duong AB (x > 0).

Ta c6 quang dudng BC la x + 24 (km). Thoi gian di td A dén C la

i+x+24 X+ X +24

4
Theo bai ra, ta c6 phuong trinh :
i+x+24:x+x+24cllx+24 x + 12
4 40 16 40 8
< IIx+24 =56x+60 & 6x=36 <=0
Tra loi : Quang duong AC dai: 2.6 + 24 = 36 (km).
Bai 4.
a) Tacé CPK = 90° (IC Ja duéng kinh),
CBK = 90° (gt) ! P __lk
= IPC +IAC = 180°.
Do dé tu giac CPKB néi tiép.
b) Ta cé ACIP vuong tai P (emt) L e
— CIP + PCI = 90° ma CK 1 CI (gt) ¢ ¥
= PCI + PCK = ICK =90° = CIP = PCK
Mat khac do tir giac CPKB ngi tiép (cmt) = PCK = PBK => CIP = PBK.
c) Ta c¢6 AIKB la hinh thang vuéng (Al // BK L AB) c6 AB la duong cao.

(Al + BK)AB
2

Vi A, B,1codinh = AI, AB khong déi.
Vay Sauki 16n nhat < BK lon nhat.

; thoi gian di tir C vé A la

Do dé : SAHKI =

Dé thay hai tam gidac vuong AIC va BCK c¢6 AIC = BCK (cung pha vdi
ACI).
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Al AC
Do do AAIC ABCK ( ) = —— = —
0 do v &8 = Bo T BK
. BK = L BC.AC = 2 (AB - AC)AC = 1 (AB.AC - ACYH)
Al Al Al
3 o r
; B AB? ] ABY
:——,{A(‘ zABAmﬁ_"A_L___I[ B
Al 9 4 4 ) ALl 2
| By AB®  AB?
= —LIf AC - i ‘ + < i
All 2 | 4Al  4Al
AB ~ AB

Dau "="xayra < AC-— =0 & AC=—
2 2

<> C la trung diém cua doan AB.

Vav Syt lon nhat khi C la trung diém cua AB.

DE THI TUYEN SINH VAO LOP 10 THPT TiNH NAM DINH

Bai 1.
Cau 1. Phuong trinh hoanh dé giao diém (néu c6) cua hai dé thi :

"=4x+m < x —-4x-m=0 (%)

| AB°

)

Hai dé thi cdt nhay tihhai diém phanbiét khi va chi khi phuong trin|

(+) c6 hai nghiém phanbiét < V>0 < 4+m>0 < m> 4.

Chon dap an B.

Cau 2. Hé vo nghiém khi va chi khi har duong thang song song. Ta thay hs
duong thang 3x — 2y + 1 = 0 va -6x + 4y + 1 = 0 la hai dudng than

song song. Chon dip an C.

Ct‘i::3.Tacé:fx+J§)3:5 C’X--JE:.JIJE - x = 246

X =0
0 ¢ 7. Vay chon ddp an A.
Caud.Taco:tanu=k= V3 = u=60" Chon dap an C.

Caus.Tacs:P=avs (a<0) — P= —y5a%. Chon ddap an D.

(A0
|

Cau 6. Phuong trinh bac hai ¢6 hai nghiém duong < iP >0
S

V

Xét phuong trinh x* - 242x+1=0, taco:

=1>0:P=1>0;S=2J2 >0. Chon dap an A.
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'éu 7. Canh huyén la dudng kinh cua dudng tron ngoai ti€p tam giac vuong
cin MNPGM = NP=2R = MN = & _R/Z. Chon dép an D.

J2
'‘éu 8. Ta c6 MN la chiéu cao hinh tru, ban kinh ddy la MQ.
Vay V, = nR’h = 1.4.3% = 36n (cm”). Chon ddp an B.
Jai 2.
2x-1=9 X=95
1. Tacé: J(2!—1)‘2 -9 o [2x-1/=9 o {2: 1<-9 o [x— z

Phuong trinh c6 hai nghiém : x, = 5 va x, = -4.
45 - J3) :2ﬁ+4(J§—J§)
(5)% - (/3)? 2
= 2V3 +2(J5 - V3) = 2/5.
3. Biéu thuc A xdc dinh (c6 nghia) < -x* + 6x -9 >0
oS xX-6x+9<0 (Ix—3)2$0c:>x—3=0 (vi(x-3)>0)

4=-X H 3.

2. Taco : M = 2J§+

lai 3.
1. Thay x, = 2 vao phuong trinh da cho, ta dugc :
2°+(3-m)2 +2m+5)=0
< 4+6-2m + 2m - 10 =0 (luon ding Vm).
2. Thayx;, =1+ 22 vao phuong trinh da cho, ta dugc :
(1+ 2422 +(3-m)1+2V2)+2(m -5 =0

9+ 4J§+3+6J§—(1+2J§)m+2m—10=0
& 22 -1m=102+2 & m= M=6+2J§.
2J2 -1
jai 4.

1.— Ta c¢6 M la giao diém cua dudng tron
dudng kinh AO va dudng tron (O) nén

AMO = 90° (AO la dudng kinh)
= AM 1 OM.
Chitng t6 AM la tiép tuyén cua (O; R).
— Vi H la trung diém BC (gt)
= OH L BC hay AHO =90° hay H thuéc dudng tron dudng kinh AO.
2.a) Tacé:BD/AM (L OM) = BDN = AMN (déng vi)

ma AMN = AHN (géc noi tiép cung chdn cung AN) = AHN = BDN.

C

02
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b) Tacé : AHN = BDN (cmt) = Ty giac BDHN noi tiép
—» DNB - DHB hay MNB = DHB
Lai c6 MNB = MCB (géc ni tiép cung chdn cung BM)
—> DHB = MCB. Do dé DH // MC (cip géc déng vi biing nhau).
¢) Xét ACHD theo bat dang thuc tam gidc ta co :
HC + HD > CD ma HC = HB (gt) = HB + HD > CD.
Jai 5.
X +y = 2xy (1)
2xy - x’y? = szy2 - 2xy + 2 (2)

1. Hé duoc viét lai thanh : {

Xét phuong trinh (2).

Dat u= Jx2y2—2xy+2;u20 = u® = x°y* - 2xy + 2

=xy— 2xy = u’ - 2.
Phuong trinh (2) c6 dang : v*=2= —u

Suw+u-2=0 Q[u=—2(loa1) (via+b+c=1+1-2=0)

u=d (nhén)

Vay &zyz—ny+2=1 o xly? —2xy + 2 =1

Skxy-1F=0 < xy=1.
Két hgp vé6i (1), taco: x +y=2.

=\a
Vay - {x+y
xy =1

Khi dé x, y la nghiém phuong trinh bachai:t*-2t+1=0 < t=1
Vay hé c6 nghiém duy nhat : (x;y) = (1; 1).
2. Tac6: (2x + lhhr.2 ~x+1>(2x-DYx® +x+1

Pt Jx2+x+l+\(x2+x+1 >2x{\{x2+x+1—wfx2—x+l}
2x.(2x)

Vx2+x+1+Yx2-x-1
(truc cdn thic g tua so !)

[ a
Lt \'x“-x+1+Jx2+x+12

<> (w/)r.g—x+1+w.(1|(2+x+lj2241{2

o -x+1+ 202 +1D2 - x2 +xP+x+ 1245

<:>Jx4+x2+12x2—1 (luon ding vitacé : x' + x* + 1 > x*

, L.
= Jx*+x2+1 2x¥2 x4 - 1)

20¢
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le] THI TUYéN SINH VAO LGP 10 THPT TINH THAI BINH
Bai 1.
1. Vix>0vax=4. Tacé:

X + x+2+\/;—2u x+2\/; &{&+2} J;

A=

J25 5

2. Khix=25 = A= - —.

J25 -2 3
1 Jx 1

3. Taco: A= -- o =—§<::>3J~=2—J;

o 4fx =2 = &:% — x=i (thoa diéu kién x > 0; x # 4).
3ai 2. ™
a) Ve do thi (P):y = x% ?
Banggidtri: = = _ mm————. YT T
x |2 1 o 1 _2 .
y=x|4 1.0 1@ =
Do thi la mét parabol (P). I
b) Khim=3,tacé:(d:y=23x-2 _2 _; )1: .»!
Toa do giao diém cua|(P)va, (d)thdaman lié ;
{y-—-x” & iix” ~3x+2=0 (1)
y=3x-2 |y =3x~2 (2)

. ) |x =1 : ;
Tu (1), taco : (1) <5 (via+b+c=1-3+2=0)
lx =2
Thay x = 1 vao (2), ta duge : y = 1; thay x = 2 vao (2), ta duge : y = 4.
Vay toa d¢ hai giao diem la (1; 1) va (2; 4).
(Ban c¢6 thé xét phuong trinh < hoanh d¢ giao diém cua (P) va (d) :
x*=3x-2 < x° - 3x + 2 = 0 (d6 chinh la phuong trinh (1)).
c) Xét phuong trinh hoanh do giao diém cua (P) va (d) :
X*=mx-2x°-mx+2=0 (¥
Phuong trinh (*) ¢6 nghiém phan biét < A>0 <o m’ -850
& |m| > 242

Theo hé thuc Viét, ta c6 : (x4, x5 1a hai nghiém cua (*))

Wx-2Vx+2)  (x-2Wx+2) (Wx-2Jx+2) x -2

4

XA+ Xp=m =3 ya+yp=(mxy—2)+(mxy—2) = m(xy + X) — 4

Vay ya+yu=2(xp +Xp) — 1 < mixy + x) — 4 = 2(x, + Xp) — 1

|

B I-m = -1 (loai)
- 3 (nhan).

om-4=2m-1 & m-2m-3=0

| m

04
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Bai 3.
1. VGi m = 1, ta c6 phuong trinh : x* = 4x + 3 = 0.
Via+b+c=1-4+3=0nén phuong trinh cé6 nghiem x, = 1 va x, = 3.

2. Phuong trinh da cho ¢6 nghiém phan biet < N >0

= MmM+1)P-m+2)>50 ©2m-1>0 < m>~2~

|X) + X3 =2(m <+ 1)

Theo hé thuc Viet, ta co : | .
|X;Xo =~ + 2

Vay x(+x5=10 < (x + X)) — 2x,%2 = 10

> 4m+ 1 -2m +2)=10 < 2m°+ 8m = 10

=

, m = 1 (nhan)
oS2mm+8m-10=0 < l

m = -5 (loai)
Viy m= 1.
Bai 4.
1. Tacé ABO = ACO = 90° (tirh chat tiép tuyén)
> ABO + ACO = 90° + 901 = 180"
Do dé tur giae ABOC ndi tiép. M_~
2. Ta cé: AB = AC (tinh¢hat/hai tiép-tuyén citrmhau)
OB 3 0C (= R)
Do d6 AO la duong trung truc cua
doan BC hay BE | OA: _
Ta c6 \ABO vuong tai B ¢6 BE la duong cao :
OE.OA = OB" = R” (hé thuc lugng).
3. Goi papq la chu vi cua tam gide APQ ta co : N>~
Parq = AP + PK + KQ + AQ
ma PK = PB, KQ = QC (tinh chat hai tiép tuyén cat nhau)
= parq = AP + PB + QC + AQ = AB + AC = 2AB (khong déi).

A

4. Ta ¢6 : ABC = %B'(*SC (géc noi ti_é'p va goc o tam). vi PB va PK la hai
tiép tuyén cidt nhau, nén OP la phan gidce cua gée BOK
hay BOP - POK - %Bﬁh’..
Tuong tu véi hai tiép tuyén tai Q ta o :
KOQ - QOC - %K6C ma BOP + POK + KOQ + QOC - BOC
— POK + KOQ - %B()C hay POQ - ABC.
205
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Lai ¢6 cac tam giac ABC va AMN can chung dinh (vi MN / BC (L AO gt))
:msz‘M=A‘§E=P‘6Q (1)
Xét APMO ta ¢6 : MPO = 180° - (PMO + POM) = 180° - PMO - POM
= 180° - POQ - POM = QON
hay MPO=QON (2

Tiu (1) va (2) = APOM «» AOQN (g.g)

_, PM _OM _ pM.QN = OM.ON = OM?

ON QN
Theo bat ding thitc Cési tacé : PM + QN > 2/PM.QN = 20M = MN
Dau "=" xay ra < PM = QN < K la diém chinh giira cia cung BC.

Bai 5. X —l+"x2+x+—1-=l(2x”+xz+2x+1}
4 4 2
12

o [x+5} —(2x + X2+ 2 + 1)

1 1
o X2 -=+|x+—= =—[x(2x+1)+(2x+1}l

4 2

g 1 1 (i sag ]

& L x —Z+x+—2—=—-(2x+1)(x +1)(vi2x+120)

2
&5 [x+%] =%(2x+ TS 2(){4—;13-] =(2x + I(x*+ 1)

2% +1=0 {-1

oS2x+1)x*+1-1)=0 o & 2
x2 =0 .

PE THI TUYEN SINH VAO LGP 10 THPT TP. HAI PHONG

PHAN | : TRAC NGHIEM

206

Tac6:M=2+ V6 -6 -3=-1. ' Chon d4p 4n B.
Khi x=-V3 = y=-%(—af§)2 =-1. Chon d4p an C.

Piéukién:x>20val-x20 < 0<x<1

(khéng can dit thém x(1 - x) > 0). Chon ddp an D.

Pudng théng (d) song song véi dudng thing y = 3x ¢c6 phuong trinh :
y=3x+m m#0) Med =1=31+m=>m=-2

Vay phuong trinh (d)la y =3x - 2 < 3x -y = 2. Chon ddp 4n C.
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Bai 5. Trong tam giac vuong OHA, ta cé :
OH = JOA? - AH? = y5? - 3% =4 (cm).
Tuong tu: O'H = J7 (cm) = 00’ = 4 + V7 (cm). Chon dap an B.

Bai 6. Trong tam giac OAC can tai O = AOB = 2.70° = 140° (géc ngoi
bing tong hai géc trong khong ké no)
Tu giac AOBM néi tiép vi MAO = MBO = 90°
= AMB = 360" - (180" + 140") = 40".
Chon dép dan D.
2nRa 2n.2.120 4n

Bai 7. Ta c6 do dai cung nho AB bang : = — (cm).
360 360

Chon ddp an A.
Bai 8. Taco: V= %B.h = :-13-7r.62,9 = 1087 (cm”). Chon ddp an C.
PHAN Il : TY LUAN
Bai 1.

-5
1. Tac6: A= 24 JS—_ 24+J5§ =—(2—J§)+(2+J§)=2J5.

2. (2—\/;}(1+J;)=—x+f5—c>2+2J;—J;—x=—x+J5
=B e x = (5 - 2)2
& x= 9-445.
3. Puong thing y = 3x — 6 giao véi truc hoanh tai M = tung do M bang
Tac6:3x-6=0>2>x=2

Diém M(2; 0) thudc dudng thang y = gx +m=>0-= %.2 +m=>m=~{

Bai 2.
1. Khim=3van=2, tacéphuong trinh : x*+3x+2=0
Via-b+c=1-3+ 2 =0 nén phuong trinh c6 nghiém :

X1=—1VQ.X2= —E =—2.
a

2. Tacé: X2 -x5=9 o (X — X)) (X2 + X,X, +x2) =9
Vi Xx;-%x=3> xf+x1x2+x§=3
= (X; — X2)° + 3X1X2 = 3 = X;X = -2.
X, —Xp =3 (1)

Ta c6 hé phuong trinh :
3 phutang {2 o
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a) Ta c6 tif gide BDEC ngi tiép dudng tron nén

b) Ta cé : ADE = ACB (cmt),

c)

)8
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Tir (1) = x; = 3 + x,. Thay vao (2), ta dugc :

9 . rx; = _l
(B+Xxu)xu=-2¢ X5+3x, +2=0 | °
- - )(3 = “'2
Né—u Xy = -1= X) = 2
.. . ) X, + X, = -1
X1, X la nghiém phuong trinh da cho — l ! 2
[xlxg =10

[2+(—1)= -1 m = ~1
—_ forece |
]2(—1}: n {n = -2

Thu lai : Véim = -1 va n = -2, ta c¢6 phuong trinh :

" = -1
X —X—-2=0 & ]ix
X=2
Vay phuong trinh ¢6 nghiém va lay x, = 2; x, = -1 (théa man diéu kiéen
da cho).

Néu x, = -2 = x; = 1. Tuong tu, ta timn dudc m = 1: n = -2,
DPdp s6 : (m: n) = (-1; -2) hoac (m:;m) = (1: -2).

ACB + BDE =[180%, |, - |
ma BDE + ADE = 180° (ké bu)
—> ADE = ACB.

ACB = A, (cung phu vdi Bj

= ADE = A, hay AAKD can tai K

=5 KD = KA
Chimg minh tuong tu ta c6 : KA = KE = KD = KE hay K la trung diém
cua DE.
Ta ¢6 K la trung diém cua AH (gt) déng thoi K la trung diém cia DE
(emt) nén tir giac AEHD la hinh binh hanh, lai c6 A = 90" nén AEHD
la hinh chir nhat nén 'ADH =90° = BDH = 90° (ké ba). chimg to D
thudc duong tron tam O, duong kinh BH.
Khi dé : OB = O,D = O|H.
Ta c6 : AKDO, = AKHO, (c.c.c) = KDO, = KHO, = 90° hay DE 1 O,D
tai D, ching to DE la tiép tuyén cuia duong tron dusng kinh BH. Véi
dudng tron dudng kinh CH ching ta ciing ching minh tuong tu.

Vay dudng thang DE la tiép tuyén chung ngoai cua dudng tron duong
kinh BH va dudong tron duéng kinh CH.
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Bai 4. Gia su khong c6 hai sé6 nao trong cac so tu nhién a;; a,; ...; ay; bang
nhau va a, < a, < ... < a45. Vi cdac s6 nay la sé tu nhién, ta cé thé coi
a2 1;a,22; ...; 235 2 361. Tacod:

1 1 1 1 1 1

4 + ...+ <14 —=+—+ ...+
Ja—l \[a_z V@361 V2 3 V361
2 2 .2 . 2
S+l Bz Bl 36143881
(1 1 1 |
2[ + + ...+

J2+1 J3+42 J361 + /360
= B2 1448 = Y2 +.... # Y361 =~J380)
= 2361 -1) =219 - 1)

= 36 < 37. Diéu nay trai vdi gia thiét.

Vay ton tai it nhat cé hai sé bing nhau.

DE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG NINH
Bai 1.

a) 243 + 3427 {4300 = 23 + 5F=103 = 3.

b) Diéu kién : x > 0 va x,# 1. Ta ¢6 :

1 1 ). 1 S | I -
[x-&JFJ;-J'J;(J‘-n_{J;(J‘-n J_—l"/_{f =

"&(&«1)"!_(‘/— 1)=1+Jx.

Bai 2.
a) Taco:a+b+c=1+3-4=0nén phuong trinh cé6 nghiém :
xi1=1; x,=-4.
3x -2y =4 c}{3x—2y=4 [7x = 14 [x =2

b) Ta c6 : o Y
2x +y =5 4x + 2y =10 12x+y=5  |y=1

Bai 3.
a) D6 thi ham sé6 di qua diém M(-1; 1) nén ta c6 :
1=-2m-1)+m+1 < 1=1-2m+m+1 & m=1.
b) Do thi ham s6 cdt truc tung tai A nén A(0; m + 1)

g ; . ~m~1
= OA = |m + 1/, dé thi ham s& cdt truc hoanh tai B nén [ = : OJ

2m -1
m+1 ( IJ
m # —
2

2m -1

:DOB:

2m -1

—m—ll

208
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Tam gidc OAB céan (tai O) < OA = OB

m+1
=m+1 -]
o |m+1|= Sk An=a N
2m -1 m+1 AT m = 0.
2m -1

Bai 4. Goi x (km/h) la van tdc thyc t& cia ca n6 (x > 0).

Van tdc cia ca nd khi xuéi dong la x + 5 (km/h); van toc cua ca no khi
ngugc dong la x — 5 (km/h); x > 5.

Th&i gian cia ca nd khi xudi dong la 605 (h); khi nguge dong la
X +
60 .
(h). Ta c6 phuong trinh :
x —
o + 20 =5 < 60(x — 5) + 60(x + 5) = 5(x* — 25)

X+9 X-95
< Bbx° - 120x — 125 =0
E“ i ;;z:’:;;) (vi a b+ ¢ = 0)
Tra 1oi : Van téc thuc cia ca n6 la 25 (km/h).
Bai 5.
a) Ta c6 MAO = MBO = 90° (tinh chat ti&p tuyén)
= MAO + MBO = 180°
Do dé t gisc MAOB néi tiép. i
b) Ta c6 : MA = MB (tinh chit hai
ti€p tuyén cit nhau)

OA=0B(=R)

nén MO la dudng trung truc cia doan AB hay MO 1 AB tai E.
Xét AMAO vudng tai A c6 dudng cao AE :

AO? = MO.EO (hé thirc lugng)

AO?

MO

Lai c6 AE* = ME.OE = 3,2.1,8 = 5,76

= AE = Jﬁ = 2,4cm

= AB = 2AE =2.24 = 4,8cm

= EO =

2
=3? = 1,8cm = ME =MO-EO =5~ 1,8 = 3,2cm

Vay Sams = %AB,ME = -;-4,3.3,2 = 7,68cm?.
210
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¢) Tacé : MAC = ADC (géc giita tié€p tuyén mét day va géc noi tiép cung
chdn cung AC).

MA MC
A AMDA (g. _— —
Do d6 AMAC »» (gg) = MD - MA

Lai c6 AMAO vuéng c6 dudng cao AE nén ta ¢6 : MA* = MO.ME (2)
(hé thuc lugng).
Tu (1) va (2) > MC.MD = MO.ME
Do d6 AMEC & AMDO (c.g.c) = MEC = MDO = T gidc DOCE ndi tiép
Mait khédc ACOD can tai O
—» MDO = DCO ma DCO = DEO (géc ndi tiép ciung chin cung OD)
— MEC = D‘I:].—f) ma MEC + CEA =90° (do AE 1 MO)
va DEO + AED = 90°
— CEA = AED. Chimng t6 EA la tia phan gidc cia géc CED.

= MA?% = MC.MD (1)

PE THI TUYEN SINH VAO LOP 10 THPT TINH THANH HOA
Bai 1.
1. Khi n = 3. Phuong'trinh'(1) c6'dang

. =1
x‘-4x+3 20 @[x 3(vizzm—b+c=1---4:-|-3=0).
X =

2. Phuong trinh (1) ¢6 nghiém < A'20 < 4-n2>20 < n<4.
Bai 2. Xx+2y=5 - x+2y=5 - 3x =9 - x=3.
2x +y =7 4x +2y = 14 2x+y="17 y=1
Bai 3.
1. Phuong trinh dudng thdng (d) c6 hé s6 géck : y = kx + b.
PiémB0;1)e(d) = 1=k0O+b = b=1.
Vay phuong trinh ctia (d) 1a : y = kx + 1.
2

2. Toa do giao diém (néu c6) ctia (P) va (d) théa man hé : o=
y=kx+1

Trir vé véi vé hai phuong trinh, taduge : xX* ~kx-1=0 (¥

Phuong trinh (*) c6 hé s6 a = 1; ¢ = -1 = a.c < 0, nén phuong trinh (*)
luén c6 hai nghiém trdi dau.

Vay (P) va (d) luon cit nhau tai hai diém E, F c¢6 toa do théa man hé
phuong trinh trén.

211
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" - - c
3. Xét phuong trinh (*) ¢ trén. Ta ¢ : x;x; = — = -1

a
Dat toa do E(x,; kx, + 1), F(x,; kx, + 1)

= OE = x2 + (kx, + 1)?; OF = yx2 + (kx, + 1)

EF = {(x, - x,)? + (kx, - kx;)”
— OE? = x? + k?x? + 2kx, +1; OF* = x3 +k’xj +2kx, +1
EF? = x2 - 2x;x, + xZ + kx5 - 2k?x,x, + k2x?

= OE* + OF? = x} +x3 +k*(x] +%3) + 2k(x; + x;) + 2

(x2 +x3)(k* + 1) + 2k* + 2 (vi X, + X, = k)
EF* = (xf - x%)(k2 +1)+ 2+ 2k* (vi x;x, =-1)
— OE? + OF? = EF* = AOEF vuéng tai O.

Bai 4.
1. Tacé: OND =90° (tinh chat tiép, tuyén).

212

Tuong ty OBD = 90°

= OND + OBD = 180°

Do dé ti giac BDNO noi tiép.

Dé thay hai tam giac vuong BGD N

va AGC ¢6 G chung D

= ABGD «»» AAGC (g'g) _

= a8 Ul ' A ]0 - B G
BD DG .

- AC:BD:CNZDN
CG DG CG. DG

ti€p tuyén cit nhau)

C

(vi CN = AC va DN = DB tinh chat hai

Tacé: O; = Oz O3 = O4 (tinh chat hai tiép tuyén cit nhau)
ma O; + 02 + O3 + 04 =180° => O; + Oy = 02 + O3 = 90°
Mat khac ACAO vuéng tai A = 01 +C1 =90° = C; =04 =«

Xét tam gidc vuong OBD ta c6 :
DB = OBtana = Rtana.

Tuong tu doéi véi tam gidc vuong CAO ta c6 :
AC = AO.cota = Reotu

— AC.BD = Rtana.Rcotu = R*.tana. = R

tana
Chimng to AC.BD chi phu thu¢c R, khong phu thudc «.
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) . 3p?
Bii5 Taco: m+mn+n°=1- %

<> 2m* + 2mn + 2n° + 3p° = 2

< 2m? + 2mn + 2n° + 2mp - 2mp + 2np - 2np + 3p =2

Sm+n+p +m-pr+n-pr=2

< (m - p)3 +n-pFf=2-(m+n+ p)3
Vim-pr+m=-pF20 =>2-(m+n+pQ*=0

=2-B'20 o |B|sV2 o J2<B<2

Vay :
J2
3
Gia tri nho nhat cua B bang V2. dau "="xdyra < m=n = P —%.

Gia tri 16n nhat cua B bing V2, ddu"="xayra < m=n=p-=

Do

DE THI TUYEN SINH VAO LOP 10 THPT TiNH NGHE AN
B 1.
x >0

X +1=0 c:{xz?
X #

l&+1¢0

1. Biéu thic A c6 nghia < -

Khi dé, ta ¢6 :

X x+1v(x+1)lw/)_t~1)_x\/;+1-(x\/—x_~x—\/;+ll

A =
(Vx - 1)({x=+1) d—1)Vx + 1)
) X + Jx  xWx+ 1 W
Wx -DWx +1 (Wx -Ifx +1) fx=1
3

2. Ehi x j = A= 4 2 = 3.
9
= A
4 12

3. Taco: A<le Vx <1 & Vx —1<0m‘/;_“/;"“<0

Jx -1 Jx -1 o dx -1

<0 & JYx-1<0

" J;<1 <> 0 <£x < 1(nhan).

Chi y:Néubiéndéi: A<l o Jx <1 o Jx <x -1

Jx -1

sé 1a sai lam, vi khi dé ban da coi rang Jx -1>0, nhung thuc ra ta
thay Vx ~1<0 '

213
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Bai 2.
1. Khi m = 2, ta c6 phuong trinh : 2x* - 5x + 2=0
a=2b=-5c=2 =A=(5?-422=25-16=9>0 = s =3
5+3 5-3 l

2. Phuong trinh c6 hai nghiém < A>0 < [-(m + 3)]°-4.2m >0
om’-2m+920 & m-1°+820,Vm (vi(m-1)*20, ¥m)
m+ 3
2

Phuong trinh c6 hai nghiém : x; =

[\

X, + Xy =
Khi dé ta c6 :
X, Xg = % (hé thic Viet)

m+3 5m

2 4
o2m+6=5m © 3m=6 © m=2.
3. Tac6:P= |x1—x2|20

= P?’=(x, - x)*= xf—2x1i2+x§

Vay : X, + Xo = Exlxz —

2

m+3)2_ m

(X; + X2)° — 4%,Xy = [ =;1-(m3+6m+9—8m}

= %{m2—2m+1+8)=%(m—1)2+222 (vi(m —1)*20, Vm)

Diu"="xdyra © m-1=0 © m=1.
Vay gid tri nhd nhat ciia P bing 2 <> gié tri nho nhat cia P bing V2,
dat dugec khi m = 1.

Bai 3. Goi x (m) la chiéu rjng ctia thia ruong (x > 0). Chiéu dai cua thua
rupng sé la : x + 45 (m).
Chu vi cia thua rugng la : 2(x + x + 45) (m).
Téng chiéu rong 1én 3 lan nén chiéu rong lic nay sé la : 3x (m); giam

chiéu dai di 2 1dn nén chiéu dai lic nay sé 1a : = . (m).

Khi dé6, chu vi sé la : 2[3:{ + . ;45:| (m)

Theo bai ra, ta c6 phuong trinh :

2(x + x + 45) = 2[3x+ x+45:|

S4x+90=Tx+45 o 3x=45 © x=15
Véay chiéu rong cta thira rugng la 15 (m); chiéu dai la : 15 + 45 =60 (m).
Tra 101 : Dién tich cia thira ruong la : 15.60 = 900 (m?).
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Bai 4. E/"’J

™~

1. Ta c6: CAD =90° (CD la dudng kinh) hay AEAF vuéng tai A c6 AB la
duong cao :
BE.CF = AB? = (2R)* = 4R* (hé thic lugng).
2. N&i B véi D ta c6 ADB = 90° (AB la dudng kinh) nén ABDF vuéng tai D

= F + DBF = 90° (1)
Mat khac ACD = ABD (2) (géc ndi tiép cung chin cung AD)

ma ABD +DBF =90° (3).
Tu (1), (2), (3) = F = ACD (= ABD). Do dé tu giac CEFD nai tiép.
3. Ta ¢6 I la tam ciia dudnig tron higoai tiép it giac CEFD (gt) nén I 12
giao diém hai dudng-trung-truc.dy,-dy-lanlugt cua CD va EF.
Goi K la trung diém cta EF ta c6 AK la trung tuyén cua tam gidc vuong AEF
= KA = KF hay AKAF can = Kﬁzl‘iﬁ%}
Lai ¢6 t gidc CEFD ndi tiép (emt) nén  ADC = AEF
KAF + ADC = KFA + AEF =90° hay AK 1 CD ma OI 1L CD = AK /O

Ta cé6 KI // OA (L EF). Do d6 AOKI la hinh binh hanh = KI = OA = F
(khéng déi). Vi K ¢6 dinh nén tdm I ndm trén dudng thing d song
song vdi EF va cich EF mét doan bing R.

Vay d ¢4 dinh.

PE THI TUYEN SINH VAO LGP 10 THPT TiNH HA TINH
Bai 1. |
. x*+x-6=0
a=1l;b=1;c=-6 =>A=b’-4ac=1-41-6=25>0 = JA=5

Phuong trinh ¢6 hai nghiém : x, = _12+ 2 =2; Xy = _1;5 = -3.

21!
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2. M(2; -1) thugc duong thdng:y=ax-2 = -1=a2-2

= 2a=1 = a=~l—.
2
Bai 2.
1. Vdix>0;x=t1,tac§5:
p - xvx ~ x? 1-2Jx
Jx-1 x(Wx-n| Jx
. & x—x‘l—ZJ;:x(&~11(1—2&l:&(1_2&)_
J;—l w/; {x—l}.&
=0
= [
2. Tac6: P=0 o \/;(1—2\/;):0@[\/_ o 1
[1-2\[_=0 X—Z

Vix>0vax=1, nén talay x=i.
Bai 3. Goi x (xe) la so xe lic dau (x|e N;'x > 1). Khi d6, méi xe phai chd :

10 ‘ ; " = ? 3 A\ . i
— (tan). Mgt xe di lam cong-viéc khdc nén chi con x — 1 (xe) va lue
X

nay moi xe phai chd @am).

x —
MGoi xe phai chd nhiéu'hion du dinh/14 0,5 (tai) ivén ta co phuong trinh :
10 10

-— =05 o 20x-20x-1)=x(x~-1)
x-1 x

5 (nhan)
-4 (loal)

&, XC—-x-20 =075
X

Tra 15i : Doan xe lic ddu c6 5 chiéc.
Bai 4.
1. Tac6: OM=0ON =0P =0Q (= R)
nén tu gidc MPNQ la hinh binh hanh.

Lai c6 : MN = PQ = 2R nén hinh binh hanh
MPNQ la hinh chir nhat.

2.a) Tacé: N_f’-Q = NﬁQ (géc noi tiép cung chan N_Ql
ma NMQ =F (cung phu vdi FNM)

—° N.]:;Q =F
Do dé ti gidc EFQP noi tiép hay bon diem

‘1 \o
E, F, Q, P cung thugc mdt duong tron. KB )‘*
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bi Taes: Sy = %MN.EF 2 -;-.2RIEM + MF) = REEM + MF)

Theo bat ding thic Cosi : EM + MF > 2JEMMF (%)
Tam giac NEF vuong c¢6 NM la duong cao :
EM.MF = NM?  (hé thuc lugng)

Vay (*) < Snir 2 R2VNM? = 2R.MN = 2R.2R = 4R* khong doi
Dau "=" xay ra < EM = MF <« ANEF vuong can tai N

& NM la tia phan gidc cia QNP

< MPNQ la hinh vuong < PQ L MN
Vay gia tri nho nhat cua Sy bang 4R° <= PQ L MN.
ja -2 a+220

L

Baib. Taco: ae{-2;5|' = ~-2<8%£8 =
la<5s la-5<0

Sf{a+20a-5<0. o a--3a-10<0

< af:<3ah 10 (1)
Chuing minh tuong tu : 2b7-£'6b + 20 (2)
va 3¢ <£9¢+ 30 (3)

Cong vé vai ve (1), (2) va (3) ta dugc :

a’ + 2b” + 3b° < 3a+ 6b+ 9c+ 60 = 3(a + 2b + 3c) + 60
3121¥600=66ch(vilact 2b + 3b < 2)
Vay : a° + 2b* + 3¢*=<—66-tdpem):

n

A

DE THI TUYEN SINH VAO LOP 10 THPT TINH QUANG NAM
Bai 1.
1 a) Jx c6 nghia < x> 0.

b)

conghia © x-120 <o x=z1.

X -

2 Truc can thdc ¢ mau.

'l] --:..i_:_---BJ§
2 2

] e W3+  JB3+1 341
Y3-1 (f3-13+1 3-1 g

x-1=0 [x =1
C¥
‘x+y:3 11+y:3

3 Gial hé :

o
l

- x
I
[

Hé ¢6 nghiém : (1; 2).
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3ai 2.

a) Trén hé truc Oxy, vé do thi ciahamsd y =x*vay =x + 2.
Bang mét so gid tri :

x |2 -1 0 1

X | -2 0

y=x+2 | 0 2

P6 thi cia ham s6 y = x* la
parabol (P).

Do thi cia ham s6 y = x + 2 1a
mot dudng thidng (d) qua hai
diém (-2; 0) va (0; 2).

b) Phuong trinh hoanh dé6 giao diém
(néu cé) cia (P) va (d) :

X=x+2 o x*-x-2=0

=-1
@[x (via—b+c=0=>x|=—l;x2=—£)
X =2 a

X=-12>y=1ll| x3=2=>y=4
Toa do giao diém : A(=1; 1), B(2; 4).
c¢) Goi C(-2; 0), D(2; 0). Ta c6 :

1 1
SOAB = Sm[) e (SOA(‘, + SUBI)) = ECDBD = [ECOAE + -;-ODBD]

= 1.4.4 - [1.2.1 + —1—.2.4] =8 - (1+4) =23 (dvdt).
2 2 2

Bai 3. Phuong trinh da cho ¢6 nghiém < A'20 < m*-(m*-m+ 3)>0
< m-320 © m23.
Theo hé thic Viét, tacéd : x; + X, = 2m; XXy = m’ —m + 3.
Vay x¥+x2 = (x+x)° - 2x;%, = 4m* - 2(m* - m + 3)

= 2m°+2m -6

2
2(m2+m+—i—}—%~6=2(m+l) _E

2
Tact‘i:mz.'.’v:>m+lz-'Z :[m+1] 2£
2 2 2 4

18
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2
:>2m+lJ~13_>_il-9——E=18
2 2 2 2

Dau "=" xay ra khi m = 3.
Vay gia tri nho nhat cia x5 + x5 bing 18, dat dugc khi m = 3.

Bai 4.

a)-

b)

c)

d)

Ta c6 : BD L AC tai K (gt)
— KB = KD (dinh li dudng kinh day cung)

ACBD c6 dudng cao CK dong thai la duong
trung tuyén nén can.

Ta c6 - AEC = 90° (AC la dudng kinh)
— AEC + HKC = 180°
Do dé t giac CEHK néi tiép.

Xét AAKH va AAEC ¢6 KAH chung; AHK = ACE (do ti gidac CEH
noi tiép)

AK | AH
= AAHK « AACE (g8) = ~=/5 -= — AH.AE = AK.AC (1
Lai ¢c6 AADC vudng tai D c¢6 DK la dudng cao, ta c6 :
AD?=ACIAK (k8 thir¢ Widgng) (¢
Tu (1) va (2) = AD?= AH.AE.
BD 24

Tacé: KB =KD= T=?=12(Cm),

ABKC vudng tai K :
KC = VBC? = KB? = y20% - 12? = 16 (cm)
Lai c6 BC*?= AC.KC (hé thuc lugng)
2 2
= AC = BC =£— =25(cm) = 0OA=0C = égz-z—s(cm)
’ KC 16 =

Vay chu vi cia dudng tron (O)1a : C = 2aR = 2n.—2§—’ = 2571 (cm).

ACBD can tai C ¢6 CK la duong cao nén dong thoi cing la phéan gi

hay pﬁ:ﬁ):%]z:% N BKC:QO"*%

M thujc (0) khi BAC + BMC = 180° < BMC = 180° - 90° +% =90° +-

ABMC céan tai M nén ﬁCzL;mw—Q-:{QO" ——;—]:2=45° -%.
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PE THI TUYEN SINH VAO LGP 10 THPT TINH QUANG NGAI
\i L.

1. Tacod: A= 3J2 - 4.3J2 = -942.

s 1
.a) Tacd:Pz[Ml—)+l.l/—;(—‘[-z—lr'--—1|:(w/;+ln‘/;—ll:a -1.
| Va+1 Ja-1 |

bi a= 4.+ 5J8 = YW + 1F =B +1 = F= 43 +1-1=+8.

ai 2.
1. Tac6:a=1;b=-5c=6=>A=(-5"-416=1>0
o 5-1 5+1 . _
Phuong trinh c6 hai nghiém : x, = 5 s Xy = ; hay x; = 2: x., = 3.

2. Phuong trinh da cho ¢6 nghiém < A 20 < (-5 - 47 -m) 20

S>4m-3 0 <> m > ::—

Goi x;; x; la hai nghiem, theo hé thdc Viét, ta cé :
X; + Xy = §; X1 Xo = 7 — M _
Vay X2 +x5 =13 & (x; + %) - 2x;x: = 13 & 5°- 27T - m) =13
o MYF 2/ P35S 'mt'E'Y Gthdn).
.a) Ve parabol (P):y = x*
Bang gia tri :
X | -2 -1 0 1 2
y I 4 1 0 1 4
Vé duong thang (d) : y = -x + 2.

Bang gid tri :

X | 0 2
S CEC
b) Phuong trinh hoanh dg giao diém (néu c6) cua (P) va (d) : \K“:)
X*z-x+2 @ x*+x-2=0

x=1 (=x,)
o (via+b+c=14+1-2=0)
X =-2 (=Xy)

Xm=layizl; =8 =y.=4q. *
Toa do giao diém cua (P) va (d) : A(1; 1), B(-2; 4).

ai 3. Goi x, v lan lugt la thoi gian voi thi nhat va voi thd hai chaly mot
minh day bé (x, v tinh bang gig; x > 5, v > 5).

0
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F 1 B i : 5 1 ”
Mot gio voi tha nhat chay duge — (bé), voi tha hai chay duge — (bé)

X ¥
1 1 1
—_— — T —
) . . X y O
Theo bai ra, ta ¢6 hé phuong trinh :
1 L &
: 3.—+4.—=—
| X y 3
1 3
Dat u- —; v=—. Tacé hé
X y
[}
u+v:1 4u+-4v:i u:1
5 5 15
) 2 2 7 1
lSu+4v:— 3u+4v = — lv:_-
3 3 15

15
Ta tim duge : x = -?Z—;y =15

Tra lai : Voi thd nhat chay mot minh day bé trong % = 7 gio 30 phu

voi thit hai chay mot minh day bé trong 15 gio.

Bai 4.

a)

b)

E

Ta c6 SA = SB'(tinh 'chat tiep tuyen
cit nhau), OA = OB (= R). Do d6 SO
la duosng trung truc cia doan AB hay
SO | AB tai H.

E la giao diém cua AB va OI (gt)

nén SHE = 90° S5

Lai ¢6 I la trung diém cia MN

- OI L MN (dinh li duong kinh day cung)
hay SIE = 90°

Ta c6 : SHE = SIE = 90°. Do dé tu giac IHSE noi tiép.

Xét AOIH va AOSE c6 OIH = OSE (do ti giac IHSE noi tiép)
va IOH chung = AOIH «» AOSE (g.g)

o O _OH  5s.0H = OLOE (1)
0OS OE
Lai c6 ASAO vuong tai A c6 AH la dudng cao :

0S.OH = OA* = R* (2)  (hé thic lugng).
Tir(1)va (2) = OLOE = R*.

2%
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c) Tacé: IM:IN:B—}IEQB—J—5 (gt).
. 2 2
Xét tam gidc vudong OIM cé :
2
2
012=0M2—IM2=R2-(R;/§} =I: (dinh li Pytago)
ﬁOIzB—
2
Xét tam gidc SIO vuong tai I ta cé :
2 2
312=soz~012=(2R)2-(5] . :>s[=5_‘/_1—.§
2 4 2
L SsM-SI_Mi - BV15_RB_RBGE-1
2 2 2
| 9 Rf R?
Tac6é: OILOE =R t OE= —=— =2R
ac (emt) = o E
2
o Bl = OB Ol = i 2% = 5
B2achf

Vay SEMS . lEISM 1] _1_ I 3R : RJE(JE ¥ o 1) ply 3J-3_(Jg = 1) R2 (dth)_
2 2 2 2 8
ai 5. Didu kién {2010 X290 . 2008 <x <2010
X — 2008 > 0

Theo bat ddng thitc Bunhiacdpxki :

1¥2010 - x + 1Vx — 2008 < V12 + 12 2010 - x-2008 + x = 2

J2010-x  x-2008
= 1 1

Mait khéc, x? — 4018x + 4036083 = (x — 2009)% + 2> 2

Dau "=" xay ra < x = 2009.

D4u "=" xdy ra © x = 2009.

¥2010 - x + vyx - 2008 < 2
Vay : 8
x“ —-4018x + 4036083 > 2

Dau "=" xdy ra < ¥2010 - x + ¥x - 2008 = 2 < x = 2009.
x% - 4018x + 4036083 = 2
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" PE THI TUYEN SINH VAO LGP 10 THPT TiNH BINH DINH
Bai 1.

X+ 2 J;+1 J;+1
WP 1 xedxel (x-Lidx+1)

(x+2)+(J;+1)(J_—1J—(x+J;+1) x+2+x—1—xﬂJ;—l

al) P=

Wx)? -1 (Vx)* -1
Cox-Ix o Gx-p o x
WxP -1 Wx-Dx+vx+1 x+Jx+1
Jx 1

b) Tacé:P<l D — g
3 x+Jx+1 3

o 3&cx+ x+1l(vix20vaxz1> x+-f£+l>0]

o (Wx-1% >0 (uon ding vx 2 0, x = 1).
Bai 2.
a) Taco:a=1;b=-2m-1)=>b =—(m-1);c=m-3
8y 7
= A =[-(m=~=1)°-(m-3\=m%-3m+ 4 = (m-—a] +Z>0,Vm
Vay phuong trinhdaicho luén ¢é hai nghiémiphan biét, véi moi m.
b) Theo hé thiec Viet, tacé : x; +x, =2(m - 1); x;x, =m — 3
=P = x} +x2 = (x; + Xp)* — 2x;%; = 4(m - 1)* = 2(m - 3)
2
=4m’ - 10m + 10 = [Zm-——s-J +Eal§
2 4 4

D4u "=" xdy ra o 2m—%=0 T =

| e

Viy minP = ? (dat dugc khi m = g).

X, +X; =2(m -1 X, +X, =2m -2
¢) Theo trén, ta cé : { . 2 ( ) { 1 2

XX =m -3 2X,Xy = 2m -6

Trir vé& cho vé& hai ding thiic trén, ta duge : x; + X, — 2X,X = 4
Hé thic nay ro rang khong phu thujc vao m.
Bai 3. Goi x la thoi gian dé voi thd nhat chdy mét minh day bé (x > 6

x tinh bing gi®). Trong 1 gid vdi thit nhat chdy duge L (b€); ca hai v
X

cung chay dugc % (bé), do d6 1 giy vdi thit hai chdy mét minh dug

22,
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é .- (bé). Theo dé ra, ta c6 phuong trinh :
X
2.l+3[lﬂl]=z < E_E:-z--g = “_1_=___1___ <> X = 10 (nhan).
X 6 x 5 X X 9 6 X 10
i de &=
6 15

Vay voi thit nhat chay mot minh day bé trong 10 gio, voi thu hai chay
mot minh day bé trong 15 gio.
3ai 4.
a) Ta c6 AIM + AIB = 180° (ké bu)

Tuong tu : AMP + PMD = 180"

ma AIM = AMP (g6c ndi tiép va gi')_c_ gita

tiép tuyén va mot day cung chin AM)

= AIB = PMD

Xét AAIB va APMD ¢6 : AIB = PMB; (¢mt)

ABC = |ADC (goc noi tiép cung chin cung AC)

Do d6 AAIB » APMD (gg) = —» - 1B _ pM.AIL MP.IB.
PM/ 1 MD

b) Xét AMDQ va AICA ¢6 MDQ = ACI (géc ndi tiép cung chin cung AB),
QMD = AIC (-~ AMP)

L = @ (1) //Lai c6 : IB = IC (gt)

1A IC
MQ MD . MP MD MQ _MP _ MP

—_ M — =T =
IA IB Al IB IA IA MQ

Do d6 A\AMDQ «» AICA (g.g) =

=1.

5 8 . ; - 1
3ai 5. Ta chung minh bo dé sau : — S P (*), vx > 0. That vay :
3 At ve
x° +1 2
(%) < _)1 >2°X L 2:@2-0t+D) o 222x+2-x'—x
x“ +1 2

< x(x = 1)* 20, luén ding vx > 0.

Ap dung b dé, ta c6 : z o L ,C g (via=>0;¢c>0)
a“+1 2 az +1 2
Tuong tu : - 5b—Pi; ‘Ja 23_112
"+l 2 b° +1 2
Vay .u & 2 + ‘c 2(.’::11+b+cJ——-—...ab+bcH“.a

124
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Ta lai ¢6 : a* + b*>2ab; b*+ ¢*>2bec; ¢ + a° > 2ac
= a’+b*+c®>ab +bc+ca
— 3(ab+bc+ca)<(a+b+c)=9

= ab +bc +ca <3

Vay B b PR 2a+b+c‘§=3—§-=§(dpcm).
2 2 2

b4+l e*+1 a%4+1

PE THI TUYEN SINH VAO LGP 10 THPT TINH KHANH HOA

Bai 1.

Bai 2.

a) Taco:-A+B= 5+J1_5+5—Jﬁ=10
AB = (5++15)5-+15) = 25 -15 = 10.
Viay A +B = AB.

n Tacé:{2x+y=1 Q{y=1~2x ﬁ{x=2 <::’{)|c=2
3x-2y =12 |3x-2(1-2x) =12 y=1-2x y=-3
Hé c6 nghiém duy nhat : (2:--8), . Ay
a) Vé dé thiciahamssy=x*. \e-eof Beocrine
Bang mot s6 gia'try. - .
x| B B iR 2
y=%° | 4 0 4 ) 1 :
P4 thi 1a mot Marabol (P). — 6 et

b) Khim=3 = (d)\y.=3x-2.
Phuong trinh hoanh d9 giao diém (néu c¢é) cua (P) va (d) :

. : =1
x*:Sx-—2c:»x‘-3x+2=0<:>[x 0 (via+b+c=1-3+2=0)
X =

X=l=sysl; ¥=2=y=4
Toa d¢ giao di€m cia (P) va (d) : A(1; 1), B(2; 4).
c) Phuong trinh hoanh d¢ giao diém (néu cé) cta (P) va (d) :
xX*=mx-2 o xX*-mx+2=0 (¥
Phuong trinh (*) c6 nghiém phéan biét © A>0 o m*’-8>0
< |m| > 242
Khi d6 xa, x5 1a nghiém cta (*), theo hé thitc Viét, ta c6 : x5 + xg = m.

Ta can c6 : ya + yp = (mxs — 2) + (mxp — 2) = m(xs + xp) — 4

22
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Vay ya+ys=2(xpa+xp) — 1 & m(xs + xp) — 4 = 2(xp + x3) - 1

om-4=2m-1 & m*-2m-3=0

c:{m_;l (via-b+¢=1-(-2)-3=0)

Vi |m|>2J§ nén ta ldy m = 3.

Bai 3. Goi x la chiéu rgng cua hinh chir nhat (x > 0; x tinh bing mét), khi

Bai 4.

a)

b)

c)

dé6 x + 6 (m) la chiéu dai. Theo bai ra ta c6 phuong trinh :
X+ (x+6P=52x+x+6) © x*-4x-12=0
a=1l;b=4>b=-2c=-12 A =(-22+12=16>0 = JA =4,

Phuong trinh ¢6 hai nghiém : x, =2 + 4; x, =2 - 4 hay x, = 6, x, = -2.
Vi x > 0 nén ta chon x = 6.
Vay chiéu rong hinh chir nhat 1a 6 (m), chiéu dai 1a 12 (m).

Ta c6 CD 1L AB, CE 1 AM (gt)
— AEC + ADC = 180°

nén ti gidc AECD ndi ti€p. M
Ta c6 td gidc AECD ndi ti€p (cmt) Q
— CDE = CAE (gé¢ noi tiép cling chin CE)
ma CAE = CBA (g6¢ giita tiép tuyén ' mot day
bing géc ndi ti€p cungchinAC)=-CDE=CBA.
(Xem B; phan bai tap vé tif gidc noi tiép)
Ching minh tuong tu ta ¢6 tir gidc CDBF ndi tiép
= CDF = CBF (géc nji tiép cung chdn cung CF)
ma CBF = CAB (géc giita ti€p tuyén mot day va géc noi tiép cung
chdn cung CB) = CDF = CAB.
Xét AACB theo dinh li "Tdng ba géc trong tam giac" ta co :
ACB + CAB + CBA =180° = ACB + CDF + CDE = 180°

hay ACB +IDK =180° = Tu gidc CIDK ndi tié&p.

— CIK = CDK (géc ndi tiép chdn cung CK)
ma CDK = CBF = CAB (ecmt) = CIK = CAB
Do dé6 IK // AB (ciip géc dong vi béing nhau).

Goi H la trung diém cia AB ta ¢6 OH 1L AB (dinh li duong kinh day
cung), vi O, A, B ¢d dinh = H ¢4 dinh = OH khéng déi.
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Khéong mat tinh téng quat, gia s D nam gita H va B.
Ta c6 AADC vuong tai D theo dinh li Pytago :

AC*= AD* 4+ CD* (1)
Tuong tu ABDC vuéng tai D :
BC? = DB? + CD* (2)

Cong vé& véi vé (1) va (2) ta c6 :
AC? + BC? = AD? + DB? + 2CD?  (*)
ma AD = AH + HD
va BD = AH - HD (vi HA = HB)
2
— AD? = (AH + HD)? = (%B-+ HDJ

2
Tuong tu : BD? = (ﬁ;i = HDJ

2 2 2
— AD? + DB? = (%+HD} +[-AEBi—HDJ B Ao + 2HD?
Lai ¢6 AHDC vuéng tai D : CH*=HD? + CD?
2 2
Tir d6 (*) & AC? + BCA ks Zaact gHD?+20D% = 22, 2(HD? + CD?)
2
= AI; + 2CH?

Xét ba diém O, H, Cta c6 HC > OC - OH (b4t ding thuc tam gidc)

hay HC >R - OH
2

Do d6: AC?+ BC?> L + 2(R — OH)” khéng déi.

Dédu "=" xdy ra <> H ndm giita O va C < C la diém chinh giita cung AB.

Ta ¢6 : MA = MB (tinh chat hai tiép tuyén cit nhau), M, O, H cung
thujc dugng trung truc cia doan thdng AB = M, O, H thing hang

Khi OM=2R thi cosMOA<22_R _1 _ M5& - 60

OM 2R 2
AH = OA.sinAOM = Rsin60° = -5—.R = AB = 2AH = 3R
OH = OA.cosAOH = Rcos60° = %
Vay OM = 2R thi gi4 tri nhé nhat cia AC? + BC? 1a 2R2.
227
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PE THI TUYEN SINH VAO LGP 10 THPT TINH LAM PONG
Bai l. Tacé : ab + bJ;-f-J;-i-l:b\/;(w/;+1)+(\/;+1)=(q/;+l)(bw[;+1).

2

Bai 2. A = tan?a(1 - sinza) = tan’acos’a = bayl a.cosza = sin’a.
CcCos O
2—g =142
Bl 8 @3 as 42 B LEER L a1 & as
122 3
1 1
Bkl 4 Taoh : ald=noR 5B 2t Bl . 5
or 2314

= S = nR? = 3,14.5% = 78,5 (cm?).
Bai 5. Theo tinh chat phan gidc, ta c6 :

B
AD &b 4B 4
DC BC BC 2
Trong tam gidc vuéng ABC, ta ¢6 :
AB 1
sinC = — = sinC == = €=30". A 1D 2 C

BC 2

1 {3 1

Bai6.Tacé Ae(P) = yp= 2xi;trong do xp = = =2 y,\=2_{—-2-) =§.

Bai 7. Phuong trinh dudngthing MN cé/dangly =‘ax'+ b.
Ta c6 M thujc dudng thing = -1=a.1 +b;
N thujc dudng thding — 1=2a+b
a+b=-1 a=2
Tac6 ho: {2a+b=1 < {b=—3
Vay :y =2x - 3.
Bai 8. Trong tam gidc ABC, ta c6 : BC = YAB? + AC? = {72 +24% = 25,

Khi tam gidc ABC quay xung quanh AC thi AB la ban kinh ddy cua
hinh nén va BC la dudng sinh.

Tacé: S, =nRl=nAB.BC =27.25 = 175n (cm®).
Bai9 Tacé: B=2-v3+2J2-V3)2++3)+2+V3=4+2/2-3 =6.
Bai 10. Trong tam gidc vuéng ABC, ta c6 : AB? = BH.BC.

PitBH=x = BC=x+ 11 (x > 0)

Vay (2vV3)2 = x(x + 11) o x* + 11x — 12 = 0.

Via+b+c=0 = x=1;x=-12. Vix>0nénta lady x = 1.
Vay BC =12 (cm).

228
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Bai 11. Ta ¢6 : S, = 2n.Rh + 27R* = 24nR + 2nR*

241R + 2nR* = 90n A
> R*+12R-45=0 2V3,
R = -3 (loai)
<P
R = 15 (nhan) B H 11 C

Vay V = nR*h = n.15%12 = 2700n (cm”).

Bai 12. Ta ¢6 (0O) va (O') cidt nhau tai hai diém A va B nén OO’ la dudng
trung tryc cia doan AB = OO’ la dudng phan gidc cia géc AOB hay

O, = 0..
Khi d6 ACB = %Kﬁﬁ (b ndi Gi&p

va géc ¢ tam) hay ACB = 0y

Ching minh tuong tu ta cé ADB =0
—» ACBD « AOAO (g.g)
BC BD OA'" BD R’
= = = — ha .
OA OA’ OA BC R BC
Bai13. Tacoa=1b=-2m;c=2m-1 >a+b+c=0

Phuong trinh ¢é hai nghiém : x=1va x = 2 =2l 1.
a

- Giasux,=1lvax,=2m- 1. Tacé:

X1=3x3¢1=3(2m-1) © m=4, ng.
- Giasux, =2m-1vax;=1. Tacé :
X1=3Xy, © 2m-1=3& m=2
Dép s6 : m=E hoac m = 2.
. F
Bai 14. Ta c6 : EAF = %E—(_)_F (g6c ndi ti€p va
géc ¢ tam cung chdn cung EF).
Tuong tu ﬁz=%§6¥' — A) + B2 = EOF Az D O B

Lai ¢6 t gidc AEHD ndi tiép (AEH + ADH = 180°) = A; = Dy
Chuing minh tuong tu ta c6 :
B2 =D2 ma D; + D2 = EDF = EDF = EOF
Do dé ti gisgc DEFO noi tiép.
229
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* Cdch khdc : Ta c6 ti gide AEHD noi tiép (AEH + ADH = 180°)
= Az = DEH (géc ndi tiép cung chin cung DH), A: = E, (g6c noi tiép
cung chdn cung BF)

— DEH = E; = A2 ma BOF = 2A; (géc ndi ti€p va géc 0 tam cung
chin cung FB)

= DEH +E; = BOF hay DEF = BOF = T gisc DEFO ndi tiép.

PE THI TUYEN SINH VAO LGP 10 THPT TiNH BA RIA - VONG TAU
Bai 1.

a) 2x°-3x-2=0
a=2b=-3:c=-2=>A=(-3%-42-2)=9+16=25>0= JA =5.
Phuong trinh cé hai nghiém :

_3-5 ~3+5 1

X, = Y, hay N Xy = 2.
2x +3y =5 4x + 6y '=10 13x =\I3 x=1
b) Ta cé : R o *H - =
3x -2y =1 9x - 6y =3 2x + 3y\x b y =
Hé c6 nghiém duy nhat :(x; y) = (1; 1),
Bai 2. i f
: 35 y 3?21"!
a) Vé parabol (P) la d6 thi cia ham sé y = —2—x e 7/ -
Bang mdt so gia tri dac biét.
x | 2 -1N\o 1 2
6 = 0 i 6
y 2 2 3/2...
D5 thi : (xem hinh vé). : ! :
b) Xét phuong trinh hoanh d¢ giao diém iy —] o2 -
(néu c6) cua (D) va (P) :
—g—x2=x+m o 3x*-2x-2m =0 (*)

(D) va (P) cdt nhau tai hai diém phan biét < Phuong trinh (*) cé hai

nghiém phan biét © A'>0 ©1+6m>0 < m:»a%.

Bai 3.
| 9+6Jx +X)—(4-4Jx +x) 51 + 2Jx)
a) M= = = 5.
1+2Jx 1+ 2Vx
230
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b) Xét phuong trinh : x* -~ (5 +k)x+k=0;a=1;b=~(5+k);c=k

Phuong trinh c6 hai nghiém x;, x, < A>20< (5+k)*-4k>0
= 25+10k +k*-4k >0 o k*-6k +25>0
& (k — 3)° + 16 > 0 luén diing Vk
(vitk-3)?20; Yk =>(k-3)7+162>16 > 0).
Theo hé thuc Viet,tacé : x; + x. =5+ k; xx, =Kk
Khi dé :)c"l2 +:lc?2Z =18 o (x; + xu)° — 2x;x, = 18

> B5+k)F-2k=18 ok’+8k +7=0

k =-1
<:>|ik:*7 (via—-b+c=1-8+7=0).

Bai 4.

a)

b)

c)

Ta c6 : CAO = CMO = 90° (tinh chat tiép tuyén) = CAO + CMO = 18
= T gide ACMO ndi tiép.
Ta c6 CA, CM la hai tiép tuyén cua (O) (gt) X

nén O; = Oa.
Chung minh tuong tu ta cé-; O\
O3 =04 ma O; + O3 + O3 + Oy = 180° ¢

= 03 + 0y = 90°0h4y 00CS1COD.

ACOD vuéng tai O c6 OM la dudng cao ta c6: A : 0‘1 P
1. -+ ! — = . - thé-thue-lugng trong tam gidc vuéng)

oc* oD* oOMm?

1 1 1

ha + = :
Y 0C? O0OD? R?

Ta c6 AC = MC, BD = MD (tinh chat tié€p tuyén cit nhau)
= AC + BD = MC + MD = CD
CD nho nhit < CD L Ax < CD// AB

Vay C,D, la tié€p tuyén tai M, (M, la diém chinh giira cia nia dud
tron dudng kinh AB).

Bai5.Tac6:(a+b)eZ va 2aeZ > 2a-(a+b)eZ —=(a-b)eZ

Vay:(a+b)eZva(a-b)eZ = ((a+b)-(a-b)eZ =2bec?
Néu a; b € Z thi hién nhién y € Z (khi x € Z).
Néu a c¢6 dang : a:% (mlé;me Z)vab e Z = a+ b khong nguyé

2k+l;b=2l+l;k,£ez
= 2

Vay b:—%vénlé.Tacé:a=
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- NéuxeZvaxchin > alax+b)eZ > yeZ
- NéuxeZvaxlé:x=2h+1;heZ

2k +1 20 +1

= ax+b= 2k +1) + =(2hk+h+k)+1€Z

=> x(ax+b)eZ =>yel

DE THI TUYEN SINH VAO LGP 10 THPT TP. CAN THO

bai 1.

1. Tacé: A=

(J_—m)—(&+\/;—_l)_—x(l-\/;) =_2m+x”
Wx)? - (fx-1)? 1-Jx
(x>0
x-120
2. Didu kién xdcdinhcia A: {Vx -Vx-120 < x>1
JRES = 0
Ll—v’;to
Theo trén, tacé : A= x-2Jx -1 =x-1-1)°
Vay A>0 & (Wx -0 fxenbi# Lo x # 2
Két hop cdc diéu kién, chota: x> 1 va x # 2.
jai 2.
1. Tac6:6-3x2-9 & 3x<6+9 < x<65.

Z Tacé:%x +1=x—5c>x—-§x=1+5 c:a%xzb' & x=18.

3. Pat t =x*t20. Tacé phuong trinh : 36t° - 97t + 36 = 0
A=b’-4ac=97"-4.36°=4225>0 = JA =65
Phuong trinh (4n t) ¢6 hai nghiém :
_97-65_4  _97+65

t Sy
1 72 9 2 72

-t
4

Vay phuong trinh da cho ¢6 bon nghiém : x,, = i%; X34 = ig-.

2
4. Tacé: 2x —3x—2:3
2x +1
2x+1#0
1 i x;t——l—
< 2(x—2)(x+§J x 2?(2x+1) < 9 & x=5
— _—'3 —'2:3
2x + 1 2x +1

32
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Bai 3. Duong thing ax + by = -1 di qua diém A(-2; -1), nén ta c6 :
2a-b=-1 < 2a+b=1
Ta c6 hé phuong trinh :

7a +4b = -4 b=1-2a [-a=-8 [a =8
<> o =
2a +b =1 7a + 4(1 - 2a) = 4 |b=-12a |b = -15.
Bai 4.
1. Diém A c6 hoanh do x = 3 va A thudc dudng thiang
3 3 9
o i AP e s, y4
4 2 ~ 7 2~ 2
o -3-8-1 jo1 23
Vay toa do cua A la A[B; _E] 3 : X
Laico A e (P) > L =ald8) = a :--l =
’ 2 2
: 3 1 o NN oA \
Phuong trinh cua (P): y = =—x* 972 N
2 g 1o N
y = X ~
2 - » & a 1 9 \:’
Vé do thi (P) cua ham sé y = ~§x "
Bang mét so gia tri,
x | 3 -2 o 2]/ 3
x| -2 off -2
"\ 2 S i 2

Do thi (xem hinh vé).
2. Phuong trinh hoanh d¢ giao diém (néu c6) cua (P) va (d) :
-1
=8

2 k-2 & PoUymEeD & |
2 2 X

(via-b+c=1-(-2)-3=0)

Diém B c6 hoanh d¢ x = -1 =5 ¥ = —%.

Bai 5.

1. Ta c6 AABC vuong tai A (gt), goi O la
trung diém cia BC. AO la dudng trung
tuyén cua AABC
Diéu nay chimg t6 O cing thudc trung
truc cia doan AC hay OE 1 AC ma
AB L AC = OE // AB.

23.
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— B1 =E: (sole trong) ma B: =By (gt) = B: = E;
Do dé ABOE can tai O = OB = OE.
Vay ta ¢c6 OA = OB = OC = OE hay bon diém ABCE cung thudc mét
dudng tron tam O. Vay ti gidc ABCE ndi ti€ép duong tron tam O la
trung diém cia BC.
Xét tam gidc vudng ABC ta c6 :

AC? = BC? — AB® = 50° - 14* = 2304 (dinh li Pytago)
= AC = 48.

AC 48 _

Goi I 1a trung diém cia ACtacé: [A=IC = 5 24.

Xét tam gidc vuong AIO ta cé :
OI’ = AO? - AI” = 25° - 24 =49  (dinh li Pytago)
=>0I=17
=>IE=0E-0I=25-17=18.
Xét tam gidc vuong AIE theo dinh 1i Pytago ta c6 :
AE? = AI” 4+ [E* = 24* + 18 =900 = AE = 30.
Mait khdc E thujc trung truc doan AC nén EC = EA = 30.
Tw gidc ABCE nai tiép\(cmt) (5> BEC ' BAC'290° hay ABEC vudng
tai E ta cé :
BE” = BC* - EC? = 50° — 30* (dinh li Pytago)
= 1600
= BE = 40.
Ta c6 FA L PE (EF la dudng kinh), tuong tu EB L PF.
Goi H la giao diém cua FA va EB. Khi dé H la truc tam cua APEF
= PH L EF (1) (PH la dudng cao thi ba cua APEF).
Lai c6 B: = F1 (géc noi tiép cung chidn cung AE) va By = E1 (cmt)
- F1=E
Do dé6 AFHE céan c6 HO la trung tuyén (OE = OF = R) nén dong thoi la
duong cao hay HO L EF  (2)

Tir (1) va (2) = PH va HO trung nhau hay ba diém P, H, O thing hang,
nén PO 1a dudng cao thit ba cia APEF = BE, PO va AF déong quy.

Ta c6 tit gisc BECF noi tiép dudng tron (O) ¢c6 EBF = 90° nén la hinh
chit nhat = CF = BE = 40

Mit khdac ABFE la hinh thang can (vi 1a hinh thang néi tiép dudng
tron (0)).
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(AB + EF).Al _ (14 + 50).24
2

= 768 ( dth )

Ta c6 : Spprg =

s %CF.EC _ % 40.30 = 600 (dvdt)

Goi S la dién tich can tim.
S = Sioy — Sasrce = Sy — (Saprr + Skcr) = 1R* — (768 + 600)
= 125% - 1368 = 6257 — 1368 (dvdt).

Pk THI TUYEN SINH VAO LGP 10 THPT TINH AN GIANG
Bai 1.

JId2-1) BB -1 1
1. A = + : ___(ﬁ+Jg)(ﬁ_J’g)
{ V2 -1 B-1 | T1-45
= (J1)? -(f5)2 =7<5 =2.
2
9 B = X _&(2&—1)___xﬂ2&+1=(&_1) - Bq
Vx -1 Ixx-1) Jx -1 B\-1
Bai 2.

. mhl =2 m =1
1. Hai duong thang trung nhau < J = {

l5=n n=>5

2. Phuong trinh hoanh d¢ giao diém (néu c6) cua (P) va (d) :

x> ;
2h=6-X © x°+3x-18=0

a=1:b=3c=-18=>A=9-41-18/=81>0 = JA=9
Phuong trinh ¢6 hai nghiém phan biét :

o P x2=—3+9

X =
A 2 2

x=-6>y=12; x=3d =2yv=3a
Toa do giao diém cua (P) va (d) : A(-6; 12), B(3; 3).
Bai 3.
1. Phuong trinh da cho ¢6 nghiém kép < A' =0
Sm+3°-m*+3)=0 om*°+6m+9-m*-3=0

oS6m+6=0om=-1

Khi d6 phuong trinh c¢6 nghiém kép : x, = x, = = =—(m + 3) = -2.
a

2. Phuong trinh da cho ¢6 nghiém < A'20©6m+62>0 & m=2>-1
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Theo hé thic Viet ta ¢6 : x; + X, = -2m - 6 (1)
XXz =m° + 3 (2)
Theo gia thiét, tac6: x; —x, =2 (3)
Tu(l)va(3) =>x;,=-m-2; x,=-m-4. Thé x,, x, vao (2), ta dudc

(-m-2-m-4)=m‘’+3 om’+6m+8=m’+3 & 6m=-5
e mz—é (nhan). Vay: m:=§.
6 _ 6
ai 4.
x-2#0

=2 & <6-x20
6-x+3(x-2)=2(x - 2)6 - x)

1 3
+
x-2 6-x

X2 x#2
o {x#26 Y 26
6-x+3x-6=26x~-x%-12+2x) 2x% ~14x+24 =0 (*)

Giai phuong trinh () :a=2;b=-14;¢=24 = b' = -7
va A=(-TF224=1
L e
B\ 9 x/2/8(nhan)
=
7+1 X = 4 (nhéan)
2

Phuong trinh da cho c¢6 hai nghiém : x, = 3, x, = 4.
2. Pat t=x%1t > 0. Ta cé phuong trinh :
t =1 (nhan)
t = —4 (load)

Phuong trinh (*) <
3 =

t.2+3t—4=0c>[ (via+b+c=1+43-4=0)

t=1o x*=1c x = +1.
Phuong trinh da cho c6 hai nghiém : x, = 1, x, = -1.
ai 5.
1. Tacé D1 = Br (géc ndi tiép cimg chin AC)
ACB = 90° (AB la dugng kinh)

= AFCE vuéng tai C.

Do d6 Fi = By (cung phu véi géc HEC) H
= f)l = Fl

Vay tir gidc CDFE nai tiép.

2. Ti gidac CDFE ndi tiép (cmt)

I_'\
16
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— EDF = ECF =90° hay ED L FD

Lai c6 ADB = 90° (AB la duvng kinh) hay AD 1 DB

— FD va DB phai trung nhau hay ba diém F, D, B thing hang.
3. Ta c6 tif giac ECAH nai tiép (vi EHA + ECA = 180°)

~— HCA = HEA (géc ndi ti€p cung chdn cung HA).

Lai c6 : CD / EF (L AB) — HEA =D (so le trong),

D; = B: (ecmt) = B = HCA (1)
AACB vuéng tai C (cmt) = By + OAC =90° (2)
Mit khdc AAOC cén tai O = OAC = OCA (3)

Tur (1), (2), (3) = HCA + OCA = 90° hay HCO = 90°
Chitng t6 HC la tiép tuyén ciua dudng tron (O).

PE THI TUYEN SINH VAO LGP 10 THPT TINH KIEN GIANG
Bai 1.
3x+2y =1 9x + 6y =3 -x =11
1 <
5x + 3y =4 -10x - 6y =8 3x+2y =1

x=-11 x=-11
S =X
3(-11)+2y =1 y =17
Hé c6 nghiém duy nhat : (<113/17);
b) DPat t=x*%t>0.Ta c6 phuong trinh:
t = -1 (loai)

9t? +8t-1=0 < (via—-b+c=9-8-1=0)

t= b (nhan)
9

Ta c6 ; x> =-51;¢:> L= i%. Phuong trinh c6 hai nghiém : x =i%.
Bai 2.
x>0 x)O
a) Biéu thiic A x4c dinh < X -320 o {x29
Jx-2%0 X # 4
s A=[&—(&—3)]_[(&wx&-a)—(&mx&_m
' Vx(x - 3) (Vx - 2)(Vx - 3)
__ 83  x-20x-3) _ -3x-2
Yx(Jx-3) -5 5Vx

23
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b) A<le i‘/i‘—m-d o 83X -2 <5yx  (vix>0= 5Jx >0)
5vVx
9
& »3J;+6<5J; caBJ;>6<:>4J;>3 <:>J;>§<:bx;i-é-
. 9
§5
16
Két hop véi diéu kién cha cAu a), tadugc A<1 << x#9
X # 4.
ai 3.

a) Veddthiy=-x*vay=x-2trén cuing mjt hé truc toa dj Oxy.
Bang mot sd gid tri.

x | -2 -1 0 1 2

y = -x* | -4 -1 0 -1 -4

x | o 2
y=x-2| -2 0
Do thi (xem hinh vé). ;
Phuong trinh hoanh d¢ giao diém
(néu cé) caa (P) va (d) :

—_—

xl=x-2 & x2+x—2=0c:>[:_ 5 (via+b+c=0)

XxX=1l>2y=-1;\¥=-2=>y=-4
Toa dd hai giao diém : A(-2; -4), B(1; -1).
b) Xét phuong trinh hoanh dj diém chung cia (P) va (D) :

x2

—4—=mx—%m—l & X*=4mx+6m+4=0 (*)

(D) ti€p xic vdi (P) khi va chi khi phuong trinh (*) c6 nghiém kép

SA=0 © 4m’-6m+4)=0 o 2m?’-3m-2=0

1
m = —
= 2 (ban hay tu giay
m =2
1 1 1
m =-—— =D y=—-—X-—, =2 =2x-4
1 2 y 2 2 my =Yy X

Vay c6 hai dudng thdng (D)) : y = -%x «i va(Dy):y=2x -4
Khi d6 : m;.ms = [—%}2 =-1> (Dl) 2 2 (Dg)
38
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Jai 4.
a) Tacé ADB = 90° (AB la duong kinh)
= MDB = 90° (ké bi)
Do d6 MDB + MCB = 180°
Vay tua giac BCMD nai tiép.
b) AADB vudng tai D ¢6 AB = 2R, BD = R (gt)

— sinB_rXD=§-Q:}-
AB 2

= BAD =30° = ABD = 60° va DBC = 120°
Xét hai tam gidc vuong BDM va BCM c¢6 BM chung, BD = BC (gt)

= ABDM = ABCM (canh huyén - canh géc vuéng)
DBC 120° DB

=60° > BM = it
2 2 cos60° 1
2

= DBM = CBM =

= 2R

Khidé AB =BM=2R. Do dé AABM can tai B.
¢) Xét tam gidc vuong ADB c6 :

AD = AB.sin ABD =2Rsin60° = RY3
AABM can c6 dudng cao BD.dong thoi la trung tuyén hay AD = MD
= AM = 2AD = 2R3
Dodé : MA.AD = 2RV3.RV3 = 6R”.

2
d) Ta co : SBDM = '!'BDDM = "];RR‘J— = L Jg
2 2 2
g _ mR%.60 nR’
T 360 6
: - RV3
Tam gidc OBD la tam gidc déu, canh R nén dudng cao 1a 3
1 RJ3 R%*/3
= = —R. =
Sosp F P

Vay dién tich hinh vién phan la Syp, ta cé :

nR? ~ Rzﬁ _ 2n —3J§R2
6 4 12

Goi dién tich cin tim 1a S, ta ¢6 :

' "R*J3 21-3v3 ., _9V3-2n
12

Swp =

S = SBI)M - Svp.— 2 12 R2 (dth).

239
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Phén V

CAC DPE THI TUYEN SINH VAO LGP 10 THPT
CAC TRUONG CHUYEN

A. DE BAI

PE THI TUYEN SINH VAO LGP 10 THPT CHUYEN TP. HO CHI MINH
NAM HOC 2010 - 2011
Bai 1. (4d)

+y=1
1. Giai hé phuong trinh : {**1

+8y =3
X+ 1 y

2. Giai phuong trinh : (2x* — x)* +2x*=x - 12 = 0.
Bai 2. (3d) Cho phuong trinh : x* — 2(2m(¥ 1)x + 4m* + 4m — 3 = 0 (x la &n sd).
Tim m dé phuong trinh c6 hai nghiém phan biét x;, x; (x; < X») thoa
| X3 | = 2 I X9 | i

Bai 3. (2d) Thu gon biéu thic : A = J7 L i J7 46 - J3-2J§.
V742411

Bai 4. (4d) Cho tam gidc ABC-can-tai-A-ndi-ti€p-dudng tron (0). Goi P la
diém chinh giita cia cung nhé AC. Hai dudng thing AP va BC cit
nhau tai M. Chitng minh ring :

a) ABP = AMB b) MA.MP = BA.BM.

Bai 5. (3d)

a) Cho phuong trinh : 2x* + mx + 2n + 8 = 0 (x 1a 4n s6 va m, n la céc sé
nguyén). Gia st phuong trinh cé cdc nghiém déu la sé nguyén.

Ching minh ring : m* + n* 1a hop sé.
b) Cho hai s6 duong a, b thda : a'® + b'® = a'" + b'"' = '™ 4+ b'*2,
Tinh P - a2010 + b2010

Bai 6. (2d) Cho tam gidc OAB vudng can tai O véi OA = OB = 2a. Goi (0) la
dudng tron tdm O ban kinh a. Tim diém M thudc (O) sao cho MA + 2MB
dat gid tri nhé nhat.

Bai 7. (2d) Cho a, b 1a cdc s6 duong théa a® + 2b® < 3¢®. Ching minh :

240
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PE THI TUYEN SINH VAO LGP 10 THPT CHUYEN TINH NAM DINH
NAM HOC 2010 - 2011
PHAN 1 : TRAC NGHIEM (1.0 diém)

Mb6i cau sau c6 néu 4 phuong an tra loi A, B, C, D, trong d6 chi c6 mot
phuong 4n ding. Hay chon phuong an ding (viét vao bai lam chir céi
duing trudc phuong én dugc lua chon).

Bai 1. Toa dd giao diém ciua do thi ham sd0y = x — 2 va déo thi hAm s y = -x + 4

la :

A. (1; 3) B.(3;1) C. (-1; -3) D. (-1; 5).
Bai 2. Trong ciac ham sé sau, ham s6 nao déng bién khi x > 0 ?

Ay = (82 - 9)x° B.y= (1,4 - y2)x*

C.y=(2-v5)x+1 D.y=-x+ 10.

Bai 3. Cho hinh chit nhat MNPQ néi tiép dudng tron (O; R). Biét R = 5cm va
MN = 4cm. Khi dé canh MQ c6 dé dai bing :

A. 3cm B. Jﬁcm C. JZIcm D. J8_4cm.
Bai 4. Mot hinh tru c6 ban kinh ‘ddy bing 2cm, c6 thé tich bing 20n cm®.
Khi dé, hinh tru da cho c6 chiéu ¢ao bing :

A. _-5-cm B..,10cm C.rH5cm D. 15em.
T

PHAN 2 : T LUAN (9.0 diém)

Bai 1. (1,5d) Cho biéu thic : P = (

x+2 = ) //Jdx -1
xJ; +1 B J; + IJ
Véi diéu kién : x > 0 va x # 1.
1. Rit gon biéu thuc P.
2. Tim xdé P = 10.
Bai 2. (2d) Cho phuong trinh bac hai : x> + 2x—m = 0 (1)
1. Giai phuong trinh (1) khi m = 4.

X-+Jx +1

2. Xac dinh m dé phuong trinh (1) ¢6 nghiém. Goi x,, x, 1a hai nghiém

caa phuong trinh (1). Tim gid tri nhé nhat cia biéu thac M = x} + x3.

2 2 _
Bai 3. (1d) Giai hé phuong trinh : {* *¥ *3%Xy =5
(x+yNx+y+1)+xy="1.

Bai 4. (3,5d) Cho dudng tron (O; R) c6 dudng kinh AB. Trén dudng tron
(O; R) lay diém M (kh4c A va B). Goi H la trung diém cia MB. Tia OH
cit dudng tron (O; R) tai I. Goi P la chan dudng vuéng géc ké tir I dén
dudng thing AM.
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1. Chuing minh :
a) Tu gidc OHMA la hinh thang.
b) Pudng thing IP la tiép tuyén cua dudng tron (O; R).

2. Goi N la diém chinh giita cung nhé MA cia dudng tron (O; R). Goi K 1a
giao diém cta NI va AM. Ching minh PK = PL.

3. Lay diém Q sao cho tif giac APHQ 1a hinh binh hanh. Chimg minh OQ = R.

Bai 5. (1d) Cho cédc s6 duong x va y thay déi théa man diéu kién x — y > 1.

o st ; 4 1
Tim gid tri 16n nhat cda biéu thic P = — - —.

X Y

PE THI TUYEN SINH VAO LGP 10 THPT CHUYEN TiNH THAI BINH
NAM HOC 2010 - 2011

&—7 _J;+3+2J;+1

x-5Jx+6 Jx-2 Jx-3

Bai 1. (2,5d) Cho biéu thic : A =

vix20;x#4;x#9.
a) Rit gon A.
b) Tinh gid tri cia A khi x =3 - 242,
Bai 2. (2d) Cho hai dudng thing :

(dl):y=(m—1)x—m2—2m

] (véi m latham s6) cdt nhau tai G.

dy):y=(m-2)x-m° -m+1
a) Xéc dinh toa d¢ diém'G.

b) Ching td ring diédm G ludon thudc mot-dudng thidng cé dinh khi m thay

déi.
Bai 8. (1,5d) Gidi cdc phuong trinh sau :
2
S T - b)x2+(x]=l.
x+1 x-1 x%-1 x+1

Bai 4. (3,5d) Cho diém M thudc nita duodng tron tam O, duong kinh AB. Pi€m
C thudc doan OA. Trén nia mit phidng by AB chita diém M ké tiép
tuyén Ax, By véi dudng tron. Pudng thdng qua M vudéng géc véi MC
cidt Ax, By tai P, Q. Goi E 1a giao diém ciia AM véi CP, F' 1a giao di€m
caa BM véi CQ.

a) Ching minh réng :
+ Tu gide APMC va ti gidce EMFC 12 ti gidc ndi tiép.
+ EF // AB.
b) Gia sit ¢6 EC.EP = FC.FQ. Ching minh ring : EC = FQ va EP = FC.

Bai 5. (0,5d) Cho hai s6 thuc x, y thda man x* + y* + xy = 1. Tim gi4 tri l6n

nhét va nhé nh4t cia biéu thic B = x* — xy + 2y
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PE THI TUYEN SINH VAO LGP 10 THPT CHUYEN TP. HAI PHONG
NAM HOC 2010 - 2011
Bai 1. (1d) Cho biéu thuc :

Mo 2 1 - 1 2 2010
3 1+{2J§+1] 1+[2&-1] x+1
V3 V3
Tim x dé biéu thic c6 nghia, khi d6 hay rit gon M va tim gi4 tri 16n
nhat cua M.
Bai 2. (2d)

1. Gidi phuong trinh : yx-1++x-4 = 3.

2. Tim m dé€ phuong trinh : x* + (2m + 3)x + 3m + 11 = 0 ¢6 hai nghiém
1

X; X

) . < |
Xi; Xz # 0 thoa man = >

Bai 3. (2d)
1. Cho cédc so thuc a, b, ¢, d. Chihg minh ring :
vaZ +b? + Jc? + d2 3 J@he)? +(b+d)?,
DPéng thic xay ra khi nao ? '
2. Cho cdc sd duong db, ¢l théa manracs b'¥ ¢=2. Ching minh ring :
a2+—1—+ b? +‘——1——+ c2+i?_' 97.
b2 2 82 9

¢
Bai 4. (3d) Cho dugng tron (O; R) va dudng tron (O'; R') cit nhau tai A va B.
Trén tia déi cua tia AB lay diém C. Ké tiép tuyén CD, CE véi dudng
tron tdm O, trong dé D, E 1a cdc ti€p diém va E n¥m trong dudng tron
(O'). Budng thdng AD, AE cdt dudng tron (O') lan lugt tai M va N
(M, N khédc A). Tia DE cdt MN tai K. Chitng minh :

1. Céc ti gidc BEKN, BDMK nJi tiép.
2. ABKM « ABEA.

3. OK 1 MN.
Bai 5. (2d)
R 2 5 Ay =%
1. Gidi hé phuong trinh nghiém nguyén : 3 .. &
x“+y° =2z

2. C6 2010 vién s6i. Hai ngudi choi thay phién nhau béc s6i, méi lugt di
ngudi choi duge quyén bdc mdt s§ lugng vién séi 1a liy thira véi s6 mi
tu nhién bat ki cia 2 (1, 2, 4, 8, ...). Ai bdc dugc vién séi cudi cung la
thdng cudc. Gia sif cad 2 ngudi chai déu la ngudi théng minh. Héi ai la
ngudi thdng cuje ?
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D THI TUYEN SINH VAO LGP 10 THPT CHUYEN PHAN BOI CHAU
TINH NGHE AN
NAM HOQC 2010 - 2011
Bai 1. (7d)

a) Giai phuong trinh : x* + 8x — 3 = 2yJx(8 + x).
x® - y3 = 4x + 2y

b) Giai hé phuong trinh : )
x2-1=3(1-y?

Bai 2. (2d) Tim tat ca cdc sé nguyén n dé n* + n’ + n* 1a s6 chinh phuong.

Bai 3. (4d) Cho tam gidc ABC va AD la dudng phan gidc trong. Trén doan
AD 14y hai diém M, N (M, N khac A va D) sao cho ABN = CBM. Dutng
thing BM c#t dudng tron ngoai tiép tam gidc ACM tai diém thu hai la
E. Duong thing CN cidt dudng tron ngoai tiép tam gide ABN tai diém
thit hai 1a F. Ching minh ba diém A, E, F thang hang.

Bai 4. (3d) Cho tam gidc déu ABC ndi tiép dudng tron (O; R), M la mét diém
bat ki trén cung nhé BC (M khdc B, C). Dugng tron (O'; R') tiép xic
trong véi dudng tron (O; R) tai(diém M (véi R' < R). Cdc doan thing
MA, MB, MC lan lugt cit dudng tron (O'; R) tai diém thu hai la D, E,
F. Tit A, B, C ké céc ti€p tuyén Al, BJ, CK véi duong tron (O'; R)
trong d6 I, J, K la céc tiép diém, Ching minh DE song song vdi AB va
Al = BJ + CK.

Bai 5. (4d)

a) Cho cédc so thuc khéng Am a, b, cthoaman:a+b +c=3.

Tim gid tri 16n nhat cia biéu thic : P = ayb + bye +cva - Jabc.

b) Trong mit phing cho 2010 diém phan biét sao cho khong c6 3 diém
nao thing hang va khéng c6 4 diém nao cing nam trén mot dudng
tron. Chimg minh ring trong 2010 diém da cho, c¢6 thé dung duge mot
dudng tron di qua 3 diém, chia 1000 diém va khong chua 1007 diém
con lai.

PE THI TUYEN SINH VAO LGP 10 THPT CHUYEN QUOC HOC
TINH THUA THIEN HUE

NAM HOC 2010 - 2011
Bai 1. (1,5d) Xac dinh tham sé m dé phuong trinh :
m+1Dx*-2m-1x+m-2=0
c6 hai nghiém phén biét x;, x, théa man : 4(x; + Xz) = Tx;X2.
Bai 2. (2d) Tim gia tri nhd nhat cia biéu thic : -
P=x*+xy+y’ - 2x— 3y +2010 khi céc sd thuc x, y thay 40ii.
Gia tri nho nhat dé dat duge tai cdc gid tri nao cua x va y.
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Bai 3. (2,5d)
a) Giai phuong trinh @ ¥x+3 +¥5- x = 2.

X+y+ 1 - —1— +4=0
'3 g XY
b) Giai hé phuong trinh : :
1 x y
Xy+—+—+=-4=0
Xy y X
Bai 4. (2d) Cho tam giac ABC c6 BC = 5a, CA = 4a, AB = 3a. Dudng trung
truc cua doan AC cit dudng phan gidc trong cua géc BAC tai K.

a) Goi (K) la dugng tron c6 tam K va ti€p xdic véi dudng thing AB.
Ching minh ring dudng tron (K) tiép xic véi dudng tron ngoai ti€p
cua tam giac ABC.

b) Chung minh ring trung diém cua doan AK cing la tam dudng tron noi
tiép cua tam giac ABC.

Bai 5. (2d)
5

a) Vdi bd so (6; 5; 2), ta c6 dang thic/ding : gg NG

Hay tim tat ca cac bd so (aj-b; c¢) gom cac chi sé hé thap phan a, b, ¢
. ab b
doi mot khac nhau va khéac 0 sao cho ddng thic — = — ding.
ca C

b) Cho tam gidc c¢6 s6 do mot géc bing trung binh cdng cua sé do hai géc
con lai va do dai cac canh'a, b, ¢'cua tam gidc dé théa man :

Ja+b—c:J;+JE—JE.

Chung minh ring tam gidc nay la tam gidc déu.

PE THI TUYEN SINH VAO LGP 10 THPT CHUYEN TP. HO CHi MINH
NAM HQC 2008 - 2009
Bai 1.
a) Tim m dé phuong trinh : x* + (4m + 1)x + 2(m — 4) = 0 ¢6 hai nghiém
X,. X thoa man |x, — x»| = 17.
2x >m -1

c6 nghiém duy nhat.
mx >1

b) Tim m dé hé bat phuong trinh {

Bai 2. T'hu gon céc biéu thic sau :
a b c
+ +
(m-bXa-c) (b-a)b-c¢) (c-a)c-b)

b) \/?:+21JX—1 +Jx—2‘fx—1
x+v2x -1 - yx-y2x -1

(a, b, ¢ doi mot khac nhau).

vdi x = 2.
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Bai 3. Cho a, b, ¢, d 12 cdc s6 nguyén thbamana<b<c<dvaa+d=Db+c.
Chiing minh ring :

a) a’+ b’ + ¢? + d?1a tdng cia ba s6 chinh phuong.
b) bc > ad.

Bai 4.

a) Cho a, b la hai sé thuc théa 5a + b = 22 va phuong trinh x* + ax + b= 0
c6 nghiém la hai sé nguyén duong. Tim cac nghiém dé.

b) Cho hai sé thuc x, y sao cho x + y, x* + y*, x* + y' 1a cdc s nguyén.
Chiing minh x* + y* ciing 1a s6 nguyén.

Bai 5. Cho dugng tron (O) dudng kinh AB. C la mot diém thugc duong tron,
ké CH vudng géc vdi AB (C khac A, B va H thugec AB). Ké dudng tron
tam C ban kinh CH cdt dudng tron (O) tai hai diém D va E. Chung
minh DE di qua trung diém cua CH.

Bai 6. Cho tam gidc ABC déu cé canh bing 1. Trén canh AC lay diém D, E
sao cho ABD =CBE =20°. Goi M la trung diém cia BE, N la diém
thugc canh BC sao cho BN =:BM. Tinh téng dién tich hai tam gidic
BCE va BEN.

Bai 7. Cho a, b 1a hai s6 thuc sao che-a’+'b’ = 2. Ching minh :

0<a+b<2

PE THI TUYEN SINH VAO-LGP 10 THPT CHUYEN LAM SON
TINH. THANH HOA

NAM HQC 2009 - 2010
(Danh cho thi sinh thi vao 16p chuyén Toan)
Bai 1. (2d)

1. Cho sé x (x € R; x > 0) théa man diéu kién : x* + i2 =7. Tinh gia tri

X
cac biéu thue : A = x3+—1? vaB = x5+—1-5—.
X X
—1—+ 2—-1-=2
2. Giai hé phuong trinh : < :
1 1
—_— 2 -— =2
\[; X

Bai 2. (2d) Cho phuong trinh : ax* + bx + ¢ = 0 (a # 0) c6 hai nghiém x,, x.
thoa man diéu kién : 0 < x, < X3 < 2.

2a’ - 3ab + b?

2a% —ab + ac

Tim gid tri 16n nhat cta biéu thic : Q =
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Bai 3. (2d)

1. Giai phuong trinh : ¥x -2 +/y + 2009 + yz - 2010 = %(x +y+2)

2. Tim tat ca cdc s6 nguyén t& p dé 4p* + 1 va 6p® + 1 ciing la s& nguyén t3.
Bai 4. (4d)

1. Cho hinh vuéng ABCD cé hai dudng chéo cit nhau tai E. M§t dudng
thdng qua A, cit canh BC tai M va cét dudng thdng CD tai N. Goi K 12
giao diém cia cac dudng thdng EM va BN. Chimg minh ring CK 1 BN.

2. Cho duong tron (0) ban kinh R = 1 va mot diém A sao cho OA = 2. Ve
cac ti€p tuyén AB, AC véi dudng tron (O) (B, C la céc tiép diém). Mt
géc xOy c6 s6 do bing 45° c6 canh Ox cit doan thdng AB tai D va canh

Oy cit doan thing AC tai E. Chimg minh ring 2J2 -2<DE < 1.

pE THI TUYEN SINH VAO LGP 10 THPT CHUYEN LUONG THE VINH
NAM HOC-2009 - 2010
PE CHUNG
Bai 1. (3,5d)
1. Giai phuong trinh : Jx+1=x+1
Xx=-3y=-5
8x + 6y = 2010

B3
J5-2/6

4. Gia sit dudng thing ¢6 phuong trinh : y = (m — 1)x — m + 1 (v6i m 12
tham s&, cit parabol c6 phuong trinh @ y = x* tai hai diém phan bigt 2
va B. Ching minh hoanh dj cé hai diém nay khong thé cung 4m.

Bai 2. (2d) Chi nhét, hai anh em cing 1am mét céng viéc giip b me. Bié&
ring, néu ngudi anh lam trudc hét mét nira cong viéc, sau d6 ngudi en
ti€p tuc nita cong viéc con lai, thi tdng thoi gian clia hai anh em pha
lam hét 6 gidy 15 phiit; con néu hai anh em cung lam thi sau 3 gi¥ cony
viéc hoan thanh. Héi néu chi ngudi em 1am mét minh thi sau bao la
cdng viéc hoan thanh ? (Biét ngudi anh lam nhanh hon ngudi em).

Bai 3. (3,5d) Cho tam gidc ABC (AB < AC) c¢6 3 g6c nhon ndi tiép tron
dudng tron tam O, ban kinh R, ¢6 géc A biing 60°.
1. Tinh géc OBC.
2. Goi I 1a trung diém cia BC. Tinh chu vi cia tam gidc BOI.
3. Tir di€m K trén doan IC, vé dudng thing song song véi dudng thin,
Al céit canh AC tai M, cit tia BA tai N. Ching minh KM + KN = 2AL

24
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Bai 4. (1d) Ching minh : Q = 4a" + 4a” — 3a” — 2a + 1 > 0 (vdi a la s& thuc
tuy y).
DE CHUYEN TOAN
Bai 1. (1,5d) Cho phuong trinh : x> + 5x + 1 - V6 =0. Goi x;, x, 1a hai
nghiém cia phuong trinh da cho (véi x; > x,). Tinh gid tri cua biéu
thic : T = (x; + 2)x2 + 3).
Bai 2. (2d) Gidi cdc hé phuong trinh sau :

2 3 1+2*3

X + y = 3xy g Ix" 9

2x+y=3 5. g
4x" +y° =5

Bai 3. (2d) Trén mat phing vdi hé truc toa do Oxy cho hai diém M(-4; -1),
N(S; -;—J va parabol (P) c6 phuong trinh : y = %xz.

1. Xdc dinh toa do cédc giao diém cia E va F cia duong thing MN vai
parabol (P) biét E c6 hoanh do @m, Fic6 hoanh dé duong.

2. So sdanh ME va NF.
Bai 4. (1d) Tim tat ca cdc sé nguyén tva v sao cho : u(u + 1) = v2

Bai 5. (3,5d) Cho tam gidc vuong ABC c6 I 1a trung diém cua canh huyén BC.
Trén tia doi cia tia'BA/ldy-diém D'(D'khéng’trung B). Goi J 1a trung
diém cia doan BD. Vé DH vuéng géc véi BC (v6i H thude dudng thing
BC). Goi K la trung diém ctia ‘doan CD.

1. Ching minh : BA.BD = BC.BH.
2. Chitng minh tif giac AIJH la t gidc ndi tiép duge dudng tron.
3. Chimng t6 diém K thuge dudng tron ngoai tiép ti gisc AIJH.

- >
B. LOI GIAI
PE THI THPT CHUYEN TP. HO CHi MINH (2010 - 2011)
3ai 1.
1. Dat u= . Ta cé hé :
x+1
Y—l
u+y=1 2 = - T3
y = u+2y=2 - 3y =1 - 3
2u+5y=3 2u+5y =3 u+y=1 2
u=—
3
. *E S 2%+ =3 mx*l Hé c¢6 nghiém : 1-1
x+1 3 x+120 2 o0 DRI 2’3/
48
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; ; t=3
2. bat t =2x*- x. Tacé phuong trinh : t* +t—-12=0 @{
. x:—l
t=3 & 2x*’-x=3 o %x*-x-3=0 ]
X —
2
=45 2xX-x=-4 & 2x* - x+ 4 =0 (v6 nghiém)

Phuong trinh c¢6 nghiém : x; = -1, x, = %
Bai2.Tacé: a=1;b=-22m+1) >b =-2m+ 1) c=4m’ + 4m - 3
> A=02m+17°-4m*+4m-3)=4>0, Vm
Phuong trinh luén cé hai nghiém phan biét x,, x..
Pat x;=2m-1; x,=2m + 3,tacé : x; <x, (hién nhién)
Ta cé : |x|| =2|x2| & [2m- 1] =2|2m + 3|

/i
2m-1=2@m+3) _ ==
2m +1.= -2(2m + 3) 5

ln:-*g

J7+¥6 +J7-+5

Bai 3. Xét B = , nhan thay B > 0, nén
7+2~/1_1
B? = 14_4'2_@ dSochy B=J§
7+2Jﬁ-
Vay A= 2-(2-1)=1.
Bai 4

a) Tacé : ABP = lsdfP (s6 do cua géc ndi ti€p va cung bi chdn)

]

T T |
AMB = Esd(AB - PC) (géc ¢6 dinh bén ngoai duong tron)
= %sd(i(é —PC) (vi AB = AC (gt)) &
= —l-sdgl?'
2

Do d6 : ABP = AMB.

B B C
b) Tacé : ABP = AMB (cmt) \_/

ma ABP = CBP (vi P la diém chinh giira cung AC)
= CBP = AMB hay ABPM can tai P = PB = PM.
Mit khdc xét AMAB va ABAP ¢c6 MAB chung, ABP = AMB (cmt).
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MA BM MA BM
MAB « ABAP (g. — i sl O i
Do d6 AMAB «» (g.g8) = . = =%~ Pl

— MA.MP = BABM (vi PB = PM).
Jai 5.
a) Goi x;, x; 1a hai nghiém nguyén cua phuong trinh. Ta c6 :
X) + Xg = -%; X1X2 = n + 4 (hé thuc Viét)

o> m=-2(X; +Xz); n=xxX2—4

= m? +n? = 4(x? + x% +2x,%,) + x}x5 - 8x,%, +16
= 4x2 +4x3 + x2x5 + 16 = (x% + 4)(x3 + 4)

Vi x? +4 va x} +4 déunguyén, I6n hon 1 nén m* + n” 1a hop sé.

ariiI~a) + b1 -b)=0
al%'1-a)+b'1-b)=0

(

b o 100 , pl00 _ 4101  p10] |
acé: o =
a101 , pl01 _ 4102 , 102 l

= a1 -a)+b"™M1-b)=a"t-a) +b"'(1-b)
= a'%1 < a2}k b1 - b =0 ‘
{a"’"(l-aﬁzo jl—a—-—-O

- a=b=1.
b'%1-b)? =0 - 1-b=0 ~
Véy aZI]l(l 4 b‘."lll'llr - 2.

bai 6. Goi D, E theo thi tu la giao diém cua tia AO vdi
dudng tron (O; a) ta ¢6 D la trung diém cua OA.

Goi I 1a trung diém cia OD va F la giao diém
cua OB vdi duong tron (O).

— Néu M trung véi D ta c6 : AM = AD, IM = ID.
Vi AD =2ID = AM =2IM

— Né&u M trung vé6i E ta c6 : AM = AE, IM = [E.
Vi Al = IE = AM = 2IM.

— Néu M khong trung véi D va E.

Xét AOMA va AOMI ¢6 AOM chungva -0 -OM _1
OM OA 2
MI 1
= AOMA » AOIM (c.ge) =» —=— = MA =2MI
MA 2

= MA + 2BM = 2MI + 2BM = 2(MI + BM)
Xét AIMB theo bat ddng thic tam giac ta c6 : MI + BM > IB

50
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2JOB? + OI? (dinh li Pytago)
2 2
2J(2a)2 +(%J - o3 _ o7

= 2(MI + BM) > 2IB

4
Dau "=" xay ra < M trung F.
Vay AM + 2BM dat gid tri nhd nhat bing av17 < M trung F.

Bai 7. Ta chiing minh bé dé sau. Véi a, b, ¢ khéong am, ta ¢6 :

a+b+c> 3%abc (bat ddng thic Cési cho ba s6)

Tacd: a;bZJEE; c;dzm % “b;“dzJEJrJE

Lai o8y Jab+ el =9y Jabyod & a”’;““ s o Jab Jod

Tur két qua trén, ta chimg minh :

atbtc Yabe cawb+c+ Yabe >4%abe. That vay :

Pat d = 3abc, ta c6 :

a+b+c+ Yabe 2 4JJabc\N3 abc = 4%abc (dpcm)

Ap dung bd dé trén, ta c6 :

a+2b=a+b+b>3%¥ab®; l+2=.1_+l+l233%
a=~b a b b ab®

Céc vé déu duong, tacé:(a+2b)(l+g]29 = 1+-2—2 s (
a b a b a+2b

Ban c6 thé ching minh tryc tiép bat ding thic (*) biing cich bién dé
tuong duong nhu sau : _
(*) < (a + 2b)2a + b) > 9ab < 2a*— 4ab + 2b*> 0

< (a - b)* >0, luon ding

Talaicé:a+b+b$~jl?+12+12.\’32+b2+b2

(bat ddng thic Bu-nhi-a-cép-xki
hay a+2bs< {3(a?+2b%) (*%)

(Ban c6 thé chimg minh truc ti€p bat ding thic (**) bing cdch binl
phuong hai vé&). Tu (*) va (**), ta c6 :

1 2 9 O 3

c

S A > > (vi a® + 2b* < 3c%).

a b a+2b - 3(82 +2b2)

Tu dé ta c6 dpem.
25
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Bat ddng thic Bunhiacépxki (Bunyakovsky) :
. |ax+by| < Ja2+b2.Jx2 +y2:va, b x,yeR
b

* n " > a
Dau "="xayra & — =—
X Y

. lax + by + cz| < Ja’Z +b? +02.J;2 +y?+22;va,b,c,x,y.2€ R
. , a b c
Dau "="xayra & —=—=—.
X y z
(Ching minh cdc bat ding thic nay, ban hay binh phuong hai vé va
bién déi thanh mét téng binh phuong).

PE THI THPT CHUYEN TiNH NAM DINH (2010 - 2011)
{AN 1 : TRAC NGHIEM
ai 1. Toa dé giao diém cua hai dé thi ham s6 y =x -2 vay = -x + 4 thoa
y=x-2 x=3
=
y=-x+4 y=1
Ta chon ddp dn B (dung may tinh bo tui dé tim nghiém).

man hé phuong trinh : {

ai 2. Ham s6 y = ax’ dong bién v6i x>0 < a>0 < J82 -950
Ta chon dédp én A.

ai 3. Ta ¢c6 NQ la duong kinh = NQ = 10cm. Q
Trong A vuéng MNQ, ta co :
4cm
MQ = JNQ? - MN2 = {100 - 16 = /84 (cm)

Ta chon ddp dn D. v P

ai4.Tac6:V=1nR’h < 20n=n4h = h =5 (cm)
Ta chon d4dp én C.
AN 2 : TJ LUAN
ai 1.
1. Véix>0vax=1,taco:

x+2—{x—\{)_c+1.l x—J;+1_ 1+J; 1

P= - = = .
Wx+Dx-vx+1) Jx -1 Wx +DWx -1 Jx-1
2. P=10 : =10 < &&lz—l— o &:E — x:lﬂ.
g =3 10 10 10
ai 2.

1. V6i m = 4, ta c6 phuong trinh : x* + 2x -4 =0
a=1,b=2>b=1c=-4Tac6:4=1+4=5>0> VA’ =6
Phuong trinh cé hai nghiém : x,, =-114/5.

2
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2. Phuong trinh ¢6 nghiém & A'>0 < 1+m>0 < m>-1
Gai x,, %, 15 el nghifin, theo hé thite Vier, t ao s 1 0 * =2
[X,Xy = -m
Khidé: M = xi +x3 = (xf +x%)® -2x3x2 = [(x; + x2)% — 2x;%2)° - 2x3
= (4 + 2m)* - 2m* = 2m® + 16m + 16
Patm+1=t>20>m=t-1=M=2(t-1)°+16(t -1) + 16
=2t°+ 12t + 222 Vt=20
Vay gia tri nho nhat cua M = 2.
Diu "="xdyra & M= 1.
Bai3.Diat S=x+y; P=xy =>x+y'=(x+y’-2xy=58*-2P
Tacdhé:{shpﬁ (1)
SS+1)+P=7 (2)
T (1) = P =5 — 8* Thay P vao (2), ta c6 :
S*’+84+5-8*=7 < S=2
Tu do, ta tim duge P = 1.
Vay x, y la nghiém phuong trinh: X*-2X +1=0 &< X =1
Hé ¢6 nghiém : (x; y) = (1; 1).
Bai 4.
l.a) Tacé H la trung diém cua MB (gt)
= OH 1 MB (dinh 1i duong kinh day cung)
Lai ¢6 : AM | MB (AB la dudng kinh)
= OH // AM. Vay OHMA la hinh thang.
b) Tacé6:IP L AM (gt), AM // Ol (cmt)
=5 IP 1. Ol tai L
Chimg té IP la tiép tuyén cua dudng tron (O).
2. N la diém chinh giita cia cung nhé AM

- NA =ﬁ4, OH 1 MB (cmt)

= I la diém chinh giita cia cung MB = M = IB.

Ta c6 MKI = ésd(ﬁ +Im) (goc ¢6 dinh bén trong dudng tron)

PIK = %Sd(ﬁ’[ +IM) ( goc giira tiép tuyén va mot day).

= MKI = PIK hay APKI vudng can tai P = PK = PL.
3. D& thay ti giac PIHM la hinh chit nhat (c6 ba géc vudng)
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= PI// MH va PI = MH ma H la trung diém cia MB (g.g)
= MH =BH = PI// HB va PI = HB.
Do dé tif gidc PIBH 1a hinh binh hanh = PH // IB
= H; = B: (déng vi), cdc tam gisde HMP va BHI vuéng tai M va H
— MPH = HIB (phu véi hai géc bing nhau)
ma HIB = QAB (géc néi tiép cung chin cung QB)
= QAB = MPH.
Lai c6 APHQ la hinh binh hanh (gt) = MPH = AQO (hai géc déi,
= AQO = QAO hay AAOQ can tai 0 = OQ = OA = R.
4 1

aid. Vi x-y21 = Ps{x—yj[ —} ::Ps5—[i+iZJ
X Yy y X

Theo bat ddng thic Cési, ta c6 :

Viy P<5-4=1.

Gid tri 16n nhat cia P bing 1. Dau "=" xdy ra < X\ S X = +2y.
y x

Vix>0;,y>0= x=2y.

PE THI THPT CHUYEN TINH THAT BINH (2010 - 2011)
ai 1.
a) V6ix>20;x#4;x#9. Tacéd:
X-5Jx +6=x-3Vx - 2Jx +6 = Vx(v¥X - 3) - 2(vx - 3) = (Vx - 3)(Wx - 2)
VX -7 - (¥x + 3)Vx - 3) + (2Vx + (VX - 2)

Vay A= (Vx - 2)Xx - 3)
- &—7—x+9+2x-—4&+\r-2___ x——2J;
(Vx - 2)(x - 3) Wx - 2)/x - 3)
xx-2 Jx

S Wx-2Wx-3) Jx-3
b) x= 3-2J2 = (2 -1)?

. JoZ - 17 V2-1  2-1_ (2-1D2+4) 2-342
= .

J¥Z-1% -3 V2-1-3 2-4 (2-4)J2+4) 14
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Bai 2.
a) Toa do giao diém G cua (d,) va (d,) thoa man hé :

{y =(m-1x-m?-2m (*)

y=(m—2)x—m2—m+l

Trifr vé cho vé hai phuong trinh, ta duge :
m-1Dx-m’-2m-(m-2x+m°+m-1=0 & x=m+1
Thay x = m + 1 vao phuong trinh (¥) :
y=(m-1)m+1)-m°-2m < y=-2m-1
Vay toa dg G(m + 1; -2m - 1).
(C6 thé xét phuong trinh hoanh do giao diém cia (d,) va (dy)).
) {xG=m+1 {2xu=2m+2
b) Tacé: Gm + 1; -2m — 1) hay
yeo = -2m-1 Y =—2m-1
> 2% +yc=1 = yc=-2xc+1
Vay G thugc duong thidng c¢6 dinh y = ~2x + 1, khi m thay dai.
Bai 3.
a) Diéu kién x # +1. Quy déng v& khir méu, ta dugc :

x-1+x+1+1=0 & 2x+1=0 © xz—% (nhan).
b) Diéu kién : x # 1

2 2
Ta c6 : x° + - ] =1c:enp %% 2x, . + 2X. = +( = } =]
x+1 Xx+1 x+1 x+1

2
( X J 2x?
+

= & -1=0
\ x+1 Xx+1
(.2 )2 2
1 +2 > __1=0
\x+1 x+1
2 «
Diat u = > Ta c6 phuong trinh : u> +2u-1=0 o u=-1% V2.
X +
2
. u=-—1+J§ < x1=—1+J§ <:x2+(1—J§)x+1—J§=0
X +
x_JE—liJzJE—l
2
2
cu=-1-y2 o xn=~1-J§ o xX+(1+Y2)x+1+4/2=0
X+

ViA=(1+v2?-40+2)=1+V2)1++2-4) =1 +2)(-3+2) <
nén phuong trinh vé nghiémn.

25
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Bai 4. y
a)- Tacoé: Ax L AB (tinh chat tiép tuyén) X -
hay PAC = 90°.
PQ qua M va PQ 1 MC (gt) hay PMC = 90°
= PAC + PMC = 90° + 90° = 180° A
Do dé tir giac APMC nai tiép.
~ Ta c6 ti gidc APMC noi tiép (cmt) = Co B
= MPC = MAC (géc noi tiép cung chin cung MC).
Ching minh tuong tu ta c6 ti giac BQMC ndi tiép
— M’Q‘C = WC, AAMB vudng tai M (AB la duong kinh)
= MAB + MBA =90° = MPC + MQC = 90°
Trong APCQ = PCQ = 90°.
Dodé: PCQ+AMB =180° =!Ti gisac EMFC nbi tiép.
— Ta c6 tir gidc EMFC ngi tiép (cmt)
— MEF = MCQ (1)  (g6c ndi ti€p cung chin cung MF).
Laic6 MCQ = MBQ (2) 7" (goéc noi'ti€p cung chidn cung MQ).
Vi BQ la tiép tuyén ciaa (0) nén IMBQ = MAB (3)
Tir (1), (2), (3) = MEF = MAB.
Do d6 EF // AB (cap géc déng vi bing nhauy.

b) Xét AEPA va AEMC c¢6 AEP = MEC (déi dinh): APE = AMC (g6c néi
ti€p cung chdn cung AC)

EP EM
= AEPA v AEMC (g.g) = s EP.EC = EA.EM.
Tuong tu tir gide BQMC ngi tiép ta c¢6 : FC.FQ = FM.FB.
Lai c6 : EP.EC = FC.FQ (gt) = EA.EM = FM.FB (4)
Mait khac : EF // AB (cmt).

Theo dinh Ii Talét : =4 - FM EM.FB = EAFM (5)
EA FB

Nhan (4) va (5) vé véi vé ta c6 :

EM*EA.FB = FM’EAFB = EM? = FM? = EM = FM
Khi d6 AEMC = AFMQ (g.c.g) = EC = FQ.
Lai c6 : EP.EC = FC.FQ (gt) = EP = FC (dpcm).
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2 2
Bii 5.Tacé: B= X X +2y

e . Ta nhan thay ti va mau thic la cdc da thic
x2 +y? + xy

bac hai ding cap cia x va y, chia tif va méu cho y~.
e Neuy=0 =>B=1

Y
[EJ -—+2
@« Neuy#0 = B= .l -4

5 .  Dbat z=i,tac6:
- +—+1

2
B=222*2 o B-1?+B+Dz+B-2=0
z-+z+1

2
vizZ+z+1= [z+-1-} +E > 0)
2 4

« Néu B # 1 : Phuong trinh (*) c6 nghiém < A2>0
> B+1)°-4B-1XB-2)>0 <> 3B*-14B+7<0

2
@[B‘%} £-—2§c:>‘B-z <2ﬁ 7_2‘/'?

S — O
3

3

*)

sBsZ-J'—;ﬂrz— (B

1)
@« NéeuB=1.Tacé;: (*) < 2z-1=0 (phuong trinh c6 nghiém)
Vay Eﬂzﬁngzizﬂ
3 3
« Gig tri nho nhat cia B bing Z—_2_'J"_?__
N B+1 & B+1y
2= e
Diu "="xdyra o {x>+xy+y2=1 o {y=1% ; =
L1247 V3B2 - 6B + 7
3 p_71-2V7
« Gid tri 10n nht cia B bing 7*:‘/7_.
,x_ B+l e B+1y
2_o9B° 2-2B
Dau"="xdyra o {x’+xy+y2=1 o {y=4% 28— :
2
Y V3B2 - 6B +7
k - 3 B=7+2ﬁ
3
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PE THI THPT CHUYEN TINH HAI PHONG (2010 - 2011)
Bai 1. Biéuthic M c6 nghia & x20 (x>0 =>x+1=0)
Khi d6, M = = 3 & 3 ].2010
3ldx+4Jx +4 4x-4Jx +4|x+1
x+1 2010 2010

x2+x+1 x+1 x24+x+1

2010 _ 5.t g trj 100 nhilt © x* + x + 1 dat gid tri nhé xhat

M= 2
X“+x+1
' 2
T.sictfnitz-t-llu-l:x"!+2.—x+—+—=(x+1 +§ZE
2 4 4 2 4 4

— M dat gi4 tri 16n nhat 1a 2010 : g - 2680 & x = _%.

Bai 2.
x>4

1. Vx-1+VJx-4=3 o
2%x -5+ 2Yx% -5x+4 =9

X4 4 <x<7 4 <x <7
= S R1P! s &
x2 -B5x+4=T7T-x X? -5x+4=49-14x + x Xx =5
& x =5,
2. Phuong trinh cé hai nghiém 'x;j; x; # 0 ' &
4m® -35:0

(2m +3)*> - 4(3m +11) > 0

A=0 2 A
3m+11# 0 S m e 11
3 3
e
J35 3
jm] 2 —
2 11
= o m# —
m e 1L :
3 J35
mET

+Xo =—2m -3
Theo hé thic Viét, ta cé : X1t X m
X;X, = 3m + 11

1

1 1
== o 4x; - xp)? = x?x%

—_——_—_—] -
o 4[(x; + Xp)% — 4x;x,] = xfxg

< 4[(2m + 3)* — 4(3m + 11)] = (3m + 11)?
m = -3 (nhéan)

~ x — x
Vay e W

X) X9

< Tm®-66m - 261=0 < 87
m = - (nhan).
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Bai 3.

1. Ta cé : s/az+b2 +\/cz+d2 2~\/(£i+c)2+‘(b+d)2

e al+b?+ct+d?+ 2y(aZ +b2)c? +d?) > (a+c)? +(b+d)

& \ﬁa2+b2)(c2+d2)23c+bd (%)
« Néu ac + bd < 0, ta ¢6 (*) luén dung.
+ Néuac+bd=>0,tacé:
*) < @ +b*)c*+d*)2(ac+bd? < (ad-be)?>0 (dung).
2. Ap dung bat ding thic 6 cau 1. Ta c6 :

2
Ja2+-1—+‘[b2+—1—+ g 5 (a+b+c)2+(—1-+l+1) (1)
b2 C2 32 a b ¢

Theo bat didng thitc Cosi, ta 6 : -a—ﬁlgzaabc va
-1-+—1-+1233—1— :>(a+b+c)(l+—+1J29
a b ¢ abc a c
1 9 9
=S —+—+ =2 2 —
a b ¢ a+b+c 2
. 2
Tudé: (a+b+c)+ l{i(--1-+-1—+—1-) 2.2.-‘%(3+b+c)[-—l—+—1-+l >8
8d\ah Hly |De 9 a b ¢
. 2 2
b(a+b+c)2+[l+—1-+l] =(a+b+c)2+l—[—1-+-1-+lJ +
a b c 8lla b ¢
65(1 i 1Y 65 81 97
t——+—+—| 28+ —-—=—
8l\a b ¢ 81 4 4
Tir (1) va (2) = Jaz +i +Jb2 +i +Jc2l— > Vo7 (dpem).
b? c? a’ 2

Bai 4.

1. Ta c6 bon diém AMNB cung thuc dudng
tron (O') hay tir gidce AMNB noi ti€p

= BNM = BAD (cung bu v6i BAM)

ma BAD = BED (géc noi tiép cung
chén cung BD)

= BNM = BED.

Do dé ti giac BEKN néi tiép

- BKN = BEN (géc ndi ti€p cung chin cung BN)
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ma BEN = BDA (do ti gidc BEAD ngi tiép)
— BKN = BDA. Do dé tir gidc BDMK noi tiép.

2. Ta c¢6: BKN = BEN (cmt) ma BKN + BKM = 180°.
Tuong tu : BEN + BEA =180° = BKM = BEA.
Lai c6 BMN = BAN (géc ndi ti€p cung chdn cung BN)
— ABKM « ABEA (g.g).

3. Xét ACDA va ACBD c6 DCA chung va CBD = CDA (géc noi ti€p va
géc gila tiép tuyén mét day cung chdn cung AD).

Do d6 ACDA «» ACBD (g.g) = on = %
CA DA
Chimg minh tuong tu ta c¢6 : L2 = L ma CD = CE (tinh chit tiép
CA EA
tuyén cit nhau) = Dp0
A EA
Xét ADBA va AKBN c6 DAB = BNK (cmt), BDA = BKN (= BEN) (cmt)
Do d6 ADBA «» AKBN (g.g) = =l —K—B-—
DA KN
Lai ¢c6 ABKM »» ABEA (cmt) ta c6 : E-——-@- .5 E:E

KM EA KM KN
= KM = KN hay K la trung diém day MN cua dutng tron (O')
= O'K 1L MN (dinh li duong kinh day cung).
Bai 5.
1. Néuz = 0. Hé c6 nghiém : (x; -x; 0), x € Z.
Néu z # 0. Tt hai phuong trinh, ta cé6 :
X +yY =x+y? o x+y)x*-xy+y)=(x+y)’
oxX-xy+y’=x+y oxX-@FF+1x+y’-y=0 (%
Ta coi day la phuong trinh bac hai ctia 4n x. Ta c6 :
A=(y+1P?-4(*-y)20 o -3y*+6y+120
3-412 <y< 3+12

3 3
ViyeZnény=0holicy=1hosicy = 2.

=

+ Néuy =0, tir hé‘da cho ta tim dugc nghiém (1; 0; 1).

+ Néuy = 1. T phuong trinh (*), ta tim dugc x = 0 hoic x = 2.
Tu d6, ta c6 cdc nghiém : (0; 1; 1), (2; 1; 3).

+ Neéuy = 2. T phuong trinh (*), ta tim dugc x = 1 hoic x = 2.
Tu dé, ta c6 cdc nghiém : (1; 2; 3), (2; 2; 4).
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2. Nguoi di trude béc 2* vién soi.
+ N&u k chén thi 2* chia cho 3 ¢6 du la 1, ngudi di sau sé bac 2 vién.
+ N&u k 1é thi 2* chia cho 3 ¢6 du 1a 2, ngudi di sau sé boc 1 vién.
Sau lan di nay, ngudi di truée phai boc s6 séi chia hét cho 3 va nhu vay,
ngui di truée khong thé boc vién séi cudi cung. Ngudi di sau sé thing.

PE THI THPT CHUYEN PHAN BOI CHAU, NGHE AN (2010 - 2011)
Bai 1.
a) Pat t=Vx2 +8x;t>0 = x’+8x=t

Ta b phwngrtenh ; Fg— g o |b " 100D
rinh: t* -2t -3 =
S SRR 't =3 (nhén)
A 2 2 [x=1
Viy x*+8x=9 © x"+8x-9=0 &
(x =-9

3_ .3 R

—y® =4x+2 —yd =4x+2

b) Ta cé : x2 i x+2yc> x2 }'2 R
x“-1=31-y°) x“+3y“ =4
Chia vé cho vé hai phuong trinh; ta dugc :

X~y _Ax +2y

—— o 2 =y") = x* + 3y*)2x + y)
x° + 3y :
& 010y" # 12xy? + 2%y = 0
y=0
S YX+Yy)x+5y)=0 < [x=-y
X = -5y
Tu dé, ta tim duge cdc nghiém cua hé :
5 -1 -5 1
(#2; 0), (1; -1),(=1; 1), (ﬁ, ﬁ], (ﬁ’ J’?]
Phuong trinh 10y + 12xy? + 2x%y = 0 goi la phuong trinh déng cap thuan
nhat bac ba, ta thuyng chia hai vé& cho y’ (phai xét y = 0; y # 0).
Bai2.Taco:P=n'+n®+n®=n’n®+n+1)
~ N&un =0, ta c6 s6 da cho P = 0 (la s6 chinh phuong).
— Né&un # 0, P la sé chinh phuong < n® + n + 1 la sé chinh phuong
hayn’+n+1=k* (ke N) < 4n’+n + 1) = 4k?
< (2n + 1) - 4k* = -3
< 2n+1-2k)2n + 1+ 2k)=-3
Vizn+1+2k>2n+1-2k,VneZ;keN

2n +1-2k = -1 - 2n+1-2k = -3
2n +1+2k =3 2n+1+2k =1

Ta céb : {
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Ta tim dugc n = 0 hoficn = -1. Vin # 0 nén ta ldy n = -1.
Vidy:n=0;n = -1.

(D€ ching minh ba diém A, E, F thdng hang ta chiing minh hai tia FA
va FE trung nhau).
Ta c6 bon diém A, N, B, F cing nim trén dudng tron (ABN)
= NFB = NAB (gé6c ndi ti€p cung chdn cung BN)
Tuong tu déi véi dudng tron (ACM);ta c6 :
MEC = MAC ma NAB = MAC/((do AD la phéan gidc cia géc A)
= NFB = MEC hay CFB = CEB.
Do d6 tit gisc BFEC ngi ti€p = CBE = CFE. Lai c6 CBE = NBA (gt)
ma NBA = NFA (géc nji tiép cung chdn cung NA) = NFA = CFE.

Do d6 hai tia FA va ‘FE ‘phai trung nhau hay ‘ba diém A, E, F théng
hang.

va (O') tai M ta ¢c6 BAM = BMx (géc noi
ti€p va géc gilra ti€p tuyén va mot day
cung chin cung BM).
Tuong tu véi dudng tron (O') ta c6 :

EDM = BMx = BAM = EDM.
Do d6 DE // AB (cap goc dong vi béing nhau)

BM AM
BE BM
—_=— 1 dinhli T
= AD M (1) (dinh li Talét)

Xét ABEJ va ABJM c6 MBJ chung, BMJ = BJE (géc ngi tiép va géc
giita ti€p tuyén m¢t day cung chdn cung JE)
BJ BE

— ABEJ v ABJM (g. SN ST e B BRI
88 = BM BT -
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BJ? BEBM
= =

(2)
AI? AD.AM

Ching minh tuong tu ta c6 : AI? = AD.AM

BJ? BM? BJ BM

Tu (1) va (2) > = i Al (3)
Chimg minh tuong tu ta cé : C—K=C—M (4)
Al AM

BJ+CK BM+CM
Tu (3) va (4 = (5)
(3) v |

Trén AM ldy P sao cho MP = MB.

Khi d6 ABPM déu (can c6 géc BMP = BCA =60°) = BP = BM.

Xét AAPB va ACMB c6 : AB = BC (gt), BAM = BCM (géc noi ti€p cung
chidn cung BM), PB = BM (cmt)

— AAPB = ACMB (c.gc) = AP=CM.

Ma AM=AP+PM = AM=BM +CM (¥

BJ+CK _ AM

Thé (*) vao (5) ta c6 :
Al AM

=1 = Al = BJ + CK (dpem).

Bai 5.
a) bat szg;y:Jg;z:JE;x,y,zaO. Tacé a=x% b=y c =22
Khi d6 diéu kién a+b+c=3 o xX*+y* +2°=3
va P=x% 4+ y’z + 2%x < xyz.
Khong maAt tinh téng quét, ta coi ring y <x <z
= y(x-yNx-2)<0 = x% +y’z - xyz < xy*
= X’y + y’z + z’x - xyz < xy* + z’x = x(y® + z%) = x(3 - x?)
=2-(x-1*x+2)<2
= P£2
Dau "="xdyrakhia=b=c=1hodca=1;b=0; c =2
Vay gid tri 16n nhéat cia P bling 2, dat dugc chdng han:a=b =c = 1.

b) Gia st A, B la hai diém trong sé 2010 diém da cho va 2008 di€m con
lai nim vé mot phia cia dudng thing AB.

Goi céc di€ém d6 1a X, Xy, ..., Xaos, vi cdc diém da cho khong c6 4 diém
nao cing nim trén mét dudng tron nén cé thé gia si :

AX,B > AX,B > ... > AX,,3B.

Vé dudng tron qua ba diém A, B, X,g0;. Khi d6 X;, X, ..., X1000 n&m bén
trong dudng tron va cdc diém Mgz, ..., M2gs con lai sé ndm bén ngoai
dudng tron (dpcm).
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PE THI THPT CHUYEN QUOC HOC THUA THIEN HUE (2010 - 201)
Bai 1. Phuong trinh da cho c6 hai nghiém phén biét

azx0 m+1#0 m#= -1
it o o (*)
A'>0 3-m>0 m<3

2(m -1)
X, + Xg = ———
Theo hé thic Viet, ta 6 : m +1
m-2
XX =
m+1

Vhy dlng 5 1) Tapey s do=1) GRS E
m+1 m+1

< 8m-1)= 7tm-=2)

< m=-6 (théa man diéu kién (*)).
Bai2.Tacé: P=x*+(y- 2)x + y* — 3y + 2010

2 2
S P= [x+y_2] _(y—2)
2 4

+y* — 3y + 2010

2
1 s 3( 4V 6023
SP=—-2x+y-2)° +~y—-| +
/< +4(y 3] 3

2
Vay P26023vi(2x+y—2)220va (y——;—] 20 vVx,y
1
2x+y-2=0 X=—-
Dau "=" xdy ra < 1,114 = i
3 .Y=§
Vdy gid tri nhé nhat cta P bing 6.;323- dat dugce khi x:% va 3:%

Bai 3.

a) Tac6: Yx+3+Y5-x=2 (¥

>x+3+3Yx+3Y5-x(Yx+3+Y5-x)+5-x=8
Thay ¥x+3 +V5-x =2, ta duge :

Yx+3)5-x =0 :[":;3
X =

Thir lai : x = -3; x = 5 nghiém ding phuong trinh (*).

[(x+—];]+{y+—l-]+4 =0
5 X
b) Hé duge viét lai dudi dang : | d

1
[x+—Iy+—)=4
. . y
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{u+v=~4

1 .
Pat u:x+l; v=y+—, tacé hé:
: uv = 4

X y
Vay u, v la nghiém phuong trinh : X* +4X +4 =0 X =-2
Hé trén c6 nghiém (u; v) = (-2; -2).

Tir dé ta tim duoc : x = -1; y = —-1. Hé da cho ¢6 nghiém : (x; y) = (-1; -1).

Ta c6 : BC? = AB? + AC?
((5a)* = (3a)* + (4a)®)

Theo dinh li Pytago ddo ta c¢6 AABC
vuong tai A nén BC la duong kinh dudng
tron ngoai ti€p AABC. Goi R la ban kinh-
D L

2 2
Goi | l1a giao diém dudng trung truc cia doan AC véi AC. Va P la tié
diém cua dudng tron (K) véi AB, ta c6é tit gidc AIKP la hinh chi nhé
(c6 ba goc vuong). Lai c6 KI = KP = r (r la ban kinh dugng tron (K
nén AIKP la hinh vuéng (hink chir nhat c6 hai canh ké bing nhau)

= KI = KP = Al = %:%:23 hay r = 2a.

Goi O la tam duong tron ngoai tiép AABC, vi O la trung diém BC, I ]

trung diém AC = OI la du¥ng trung binh cua AABC
O W = AT
2 2
Khids OK=RINoOr-%_32 _18_bar, @=R-1
2 2 2 2

Chung t6 (K) tiép xic vé1 dudng tron (O) ngoai tiép AABC.
Huong ddn : Goi M la trung diém cia AK. D€ c6 M la tdm cia dudn
tron noi ti€p AABC ta ching minh BM (chdng han) la tia phan gi¢
cua géc ABC.
That vay : Goi M la trung diém cua AK va BM cit OI tai N. Xét AML
va AMPB c6 MIN = MPB (so le trong do AP // OI), MP = MI (tinh ch:
dudng chéo ciia hinh vuomg), M1 = M2 (déi dinh).
Do d6 AMIN = AMPB (gc:g) = IN=BP = AB - AP = 3a- 2a = a.

ba

Khi d6 - ON = OI + IN = %+a=-§—=R.

Ching t6 N thudc (O) va IN la diém chinh giita cung AC hay BM la ph3
giac cia géc ABC. Do dé M la tam cua dudng tron ndi tiép AABC.

2€
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ai 5.
a) Tac6é: (1) < (10a + b)c = (10c + a)b < 10c(a— b) = b(a — ¢)
= b(a — ¢) : 5. Ta xét cdc kha ning sau :

a
«b=5:(2 -5)=a- =
(2)> 2c(a-5)=a-c =>c o

= 2c= = =1+ 9

2a-9 2a-9

= 2a-9=3 hodac 2a-9=9

Ta tim dugc : (a; b; ¢) = (6; 5; 2), (9; 5; 1).
ca-c=5=>a=c+5

(viaz5vaa=c)

2
@)= Sle+ - =b =b= 2 t10e
2c+1

= 2b=2c+9 - 2
2c+1

= 2c+1=3 hodc 2c+1=9
Ta tim dugc : (a; b; ¢) = (6; 4; 1),(9; 8; 4).
ca-c=-5=>c=a+b

(vicz0)

2a2 +10a

2 2 B5Xa.—b)=1-b Bist r—
(2)= 2(a + 5Xa ) — =
= 2B - 2p0ungagsatid

5 b'5/19'(loai).

b) Gidsi B+C=2A = 3A=A+B+C=180° = A =60°
Ta c6 : Ja+b-c=J§+Jl_)—JE

=>a+b-c=a+b+c+ 2@—2&-2Jb7
= Je(Je-va)+vb(va-Ve) =0 |
= (J_—JE)(‘ﬁ;—JE)=0 = a=chodcb=c

AABC cén va c6 mjt géc 60° nén né la tam gidc déu.

PE THI THPT CHUYEN TP. HO CHi MINH (2008 - 2009)

a) Tacba=1;b=4m+ 1;c=2(m - 4)

>A=(4m+1°-42m-4)=16m?>+ 8m + 1 — 8m + 32

= 16m” + 33 > 0, Vm = Phuong trinh luén ¢6 nghiém, Vm
Goi x,, x; 1a hai nghiém ctia phuong trinh. Ta c6 :

X3 +X2=—(4m + 1); x;x2 = 2(m — 4) (hé thie Viét)
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Ta c6 : |x, —x2| =17 o (x,-x2)*=289 & xf-—2x112+xg =289
& (X) + X2)? — 4x;X, = 289 < (4m + 1) — 42m — 8) = 289
< 16m’+8m +1-8m+32=289 < m°-16=0 < m=#4.

b) Tacé:2x>m-1= x> 1 (*)

Xét phuong trinh : mx > 1 )

. . 1
e Néeum>0: (**) & x> —
m

Két hgp (*) va (**), ta suy ra hé khéng thé c6 nghiém duy nhit.
+ Néum =0 : (**) vd nghiém.

= ; 1
e« Neum<O0:(**) & x<—
m

1 m-1
o {m’—m—2=o
2 o

Hé c6 nghiém duy nhat & {m om=-1
w0 m<0
Bai 2.
a(c-b)+bla-c)+c(b-a)- ac-ab+ab-be+bec-ac
a) S= = =0.

(a - b)b -c)c-a) (a—bXb—-cXc—a)
b) XéttirsdcitaP. Pat u=+vx-1;(x22) > uv¥=x-1>x=u"+1
Ta c6 : Ju2 +2u+1+s/172 S20%11 =J(u+1)2 +J(u—1)’

=u+l+|u—1| =u+l+u-1
=2u WVix22->o>x-121=>uz21l
v+l

Xét mAu s6 clia P. Pit v=+42x-1;x22)>vV=2x-1> x=

2 2
Tziu’:(i:JV +l+v—Jv +1—-v=-—1—[(v+1)-(v—1)]=1,§
2 2 2

vix22=>v>]

2u _ &
Vay P= Tg—ﬁu—ﬁ.«/x—l—,[%x 1).

Bai 3.
a) Tac6:a+d=>b+c = 2ac+ 2cd = 2be + 2¢*

= 2bec + 2¢ — 2ac — 2cd = 0

Vay a’+b?+c®+d®=a’+b?+c®+d® + 2be + 2¢ — 2ac — 2cd
= (a% + ¢% - 2ac) + (b® + ¢* + 2bec) + (c* + d® — 2
=(a-cl+b+cl+(c—-d?

D6 12 téng cta ba sd chinh phuong via,b,c,d € Znéna—-c;b +c;c -

nguyén.

26
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b) Theo trén ta cé6: 2ac +2cd = 2bc + 2¢?
= bec =ac +¢d — ¢ = ad - ad + ac +ed — ¢
=ad+c(dc-c)-a(d-c)=ad +(d — ¢) (c - a)
Via<sb<c<d=d-¢2>0;c-a>0=>(d-c)(c—a)=>0
= ad + (d — ¢) (¢ — a) > ad = be > ad (dpcm).
ai 4.
a) Gia sif x,, x; 12 hai nghiém nguyén duong ctia phuong trinh da cho va
X; < Xp. Theo hé thic Viét tacé : X, + X, = -a; X;Xx2 = b
= a=—X; +X2); b =x1%x5
Tur gid thiét : 5a + b =22 = -5(x; + x2) + X;X2 = 22
= -5X; + X;X — 5x; + 25 =22 + 25
= X;(x2 — 5) — 5(x2 — 5) = 47
= (x2 - 5)(x; — 5) = 47.
Vi, xoe N* =5 x,-5>24;x-5>4vax;—-5<x,-5

Vay x;,-5=1;%x-5=47 = x, = 6; x, = 52.
Ta tim dugc : a = -58; b = 312.
b) Tacé: 2xy=(x+y)’ - (x*+y’), vikx+yvax’+y’ nguyén
= 2xy nguyén.
Laics: 2xy’ = (x* + y)' - (x* £y, /vix®* + y’ va y' + y* nguyén
= 2x°y" nguyén

2
= 2%y = (2’;"’) nguyén hay (2xy)’ : 2= 2xy : 2 = xy nguyén.

Vay X +y =(x +y)® =3xy(x +y) 12 sd nguyén (dpcm).
ai 5. Goi I va K lin luot 1a giao diém cia DE véi
CH va CO.
Ta ¢6 OC L DE (tinh chit dudng néi tdm
ctia hai dudng tron cét nhau)
Do d6 ACKI «» ACHO (g.g)
c1_CK
CO CH

= CI.CH = CK.CO

= 2CI.CH = CK.2CO
= 2CI.CH = CK.CF (1) (CF la dudng kinh cuia (0))
Mat khac ACEF vudong c6 EK la duong cao ta cé :
CE*=CKCF (viCH =CE)
= CH? = CK.CF (2)
Ta(l)va(2) = CH*=2CI.CH = CH =2CI

DPiéu nay chimg t6 I 1a trung diém cia CH. Hay DE di qua trung diém
cia CH.
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Bai 6. Ta c6 : ABD = CBE = 20° (gt) = DBE = 60° - 40° = 20°
Do dé6 AABD = ACBE (g.c.g) = BD = BE hay
ABDE can tai B c6 géc ¢ dinh DBE = 20°.

Lai c6 M la trung diémn cua BE va BM = BN (gt)
- BM = BN = %BE

—- AMBN cung can tai B va c¢6 géc ¢ dinh
MBN - 20°

S M2 (1Y’
Do d6 ABMN «» ABDE = _BMN =[B ] =(_) _

1
= Spmn = ZSBDI".

Vi M la trung diém cua BE nén

SeMmN = Sgmy = %SBNE (chung duong cao; BM = ME)

1
= SeNe = ESBDE

Goi I 1a trung diém cua DE, ta c6 :

1 ; ¥y Vo 1
Sgia = Sgic = ESABC ma SABC = 4 = —'4— va Sgig = Spip = -2'5
= Sine = Spie
1 1 ¥3 3
A S = Sace + Srie=Spic= =S =—-—=—
Vay Sgce + Sene = Ssce + Sgie = Spic o =5 =

Bai7. Vi a°+b’=2 = a'+b’>0 = a’>-b> >a>-b > a+b>0(
Taluoncé:(a—b)*>0=> (a+bla-b)*20
= a’+b’-a’b-ab’20 = a’+b’>abla+
= 3(a’ + b®) > 3abla + b)
= 4(a’ + b%) > a® + b® + 3ab(a + b) = (a + b)’
=422>(@+b’ >@+b’<8>a+b<2 (
Tu(1),(2) >0<a +b <2 (dpcm).

PE THI THPT CHUYEN LAM SON, THANH HOA (2009 - 2010)
Bai 1.

2 X x

2
1. Tacé: x2+—1-=7 - [x+1) =x2+-1—2+2=9
X

= x+l=3 (vix>0)
X

2
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1 1
Ta cé6 : [x+%Ix’+;li)=[xa+;1§]+[x+;]=x3+;5+3=21

:>A=13+—13-=21—3=18.
X

s

1
- X +— =718 -3 = 123.
x

2. mvéchovéhaiphMgtﬁnh cua hé, ta dugc :

RN

Gia — —- =5 F—~—>J ——. Khi d6 phuong trinh (* wo
J'
nghiém. Tuong tu -l—<i, phuong_trinh (*) vé6 nghiém. Vay x = y.

oy

Thay vao mét phung trinh cia hé da cho ta c6 : -J—_+ J2=—1— 2 (**)

Ap dung bit ding thitc Bunyakovsky :
lax + by| < Jaz +b? sz +y2

l—+l‘ﬁ J +12. +2———2

Dau "= xaymc;—: 2~—l ox=1

Jx x
Vay : (**) & x=1. Hé ¢6 nghiém (x; y) = (1; 1).

2
2 (3
1i2.Tac6:Q= —=>_ 27 (viaz0)
b
2 —+—
a a .
TheohéthﬂtViét,tacﬁ:x|+xg=+P-; xlxzz_‘i
a a

2+ 3(x, +X,) +(x; +X,)?
2+(x; +X5) +X.Xg

:)Q:

: MO x <% <2

S XX, VA X<4 D> X AHXI<XK X, +4 2 (X + X2)? € 3xyx0 4 4

= & 2+ 3Ux; +X,)+3x;%X, +4

2+(x; +X5) + XX,

=3

Dau"="xayra < x=x2=2hoéicx; =0, x,=2
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b_y4

] a

£=4 ¢c=-b=4a
= :ab < | [b=-2a

-—=2 g=10

a

1

£ -0

| la

Vay gid tri I6n nhét cua Q bing 3.

Bai 3.

:

Diéu kién : x > 2; y > -2009; z > 2010
Phuong trinh da cho duogc viét dudi dang :

(Vx-2-1)% + (Jy + 2009 - 1)? + (V2 - 2010 - 1) = 0
41—2—1:0 XxX=3

o 1‘br+2009-1=0 & <yi= -2008.
Vz-2010 -1=0 ¥ 2011

2. Nfuplasonguyéntd > peNvap>1=>4p’+1>5;6p>+1>5
— Néup = 5k + 1, koe/N* =4p% # L= 45k +1)° + 1 = 100k® + 40k + 5
S6 nay ro rang chia hét cho 5 (trai gia thiét).
— Neup=5k+2 ke N* = 6p>+1=6(5k+2)°+1=150k’+ 120k + 25
S6 nay chia hét cho 5 (trdi gia thiet).
— Néu p = 5k + 3 ho#ic 5k + 4. Li luan tuong tu din dén 4p* + 1 ho
6p’ + 1 khong phai 1a nguyén to.
Vay p = 5k va p la nguyén t6 = p = 5.
Bai 4. ;
1. Trén tia BC ldy F sao cho CF = CN.
Khi d6 ta c6 ADCF = ABCN (c.gc) = F=BNC (1) N
AB // CD (gt) hay AB // CN. Theo hé qua dinh li Talet -
MB AB M C
—— =— ma AB =BCva CN =CF B
MC CN ¥ e
MB_BC _ _MB__ &C
MC CN MB+MC BC+CF ol
MB BC 2
ay — = — = BC? = MB.BF 2
Y BC " BF (% 2 .

ABCD vuéng tai C e6 duing cao CE (tinh chat hinh vudng), theo hé th
lugng trong tam gidc vuéng ta c6 : BC2 = BD.BE (3)
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Tu (2) va (3) > MB.BF = DB.BE.
Do d6 ABME o ABDF (c.gc) = BEM=F (4)
Tir (1) va (4) > BNC = BEM
Do dé tit gidc DEKN nbi ti€p = BKE = BDC = 45°.
Vi AC la dudng chéo hinh vuéng ABCD nén BCA = 45°
— BKE = BCA =45° = T gidac BKCE néi tiép
— BKC = BEC = 90° hay CK 1 BN.
Ta c6 AB, AC la hai tiép tuyén cua (O)
nén AB | OB va AC 1L OC
= ABO = ACO = 90°
Lai c6 OB = OC = 1va OA = 2
= ABOC la hinh vuéng. Liy M
trén cung nho BC sao cho
DOM =DOB (1)
— ADMO = ADBO (c.g.c) = DMO = DBO = 90°.
Lai c6 : DOE = DOM + MOE = 45° (gt) (2)
= DOB + COE = '45°/(vi BOC'='90°)"“"(3)
Tir (1), (2), (3) = MOE =COE-
Do d6 AEMO = AECO (c.g¢)="EMO=ECO= 90°
= DMO + EMO = 90° + 90° = 180°
hay ba diém D, M, E thdng hang va DE la ti€p tuyén cua (O)
= DM = DB va EM = EC (tinh chat ti€p tuyén cat nhau)
Xét AADE theo bat ddng thic tam gidc ta c6 : DE < AE + AD
= DE + DB + EC < AE + AD + DB + EC
= DE + DE < AE + EC + AD + DB
= 2DE < AC + AB =1+1=2
=>2DE<2 =DE<1 (¥
Pit DM=x va EM=y = DB=DM=x va EC=EM=y.
Khidé: AD=AB-DB=1-x va AE=AC-EC=1-y
AADE vuéng tai A, theo dinh li Pytago :
DE? = AD? + AE?
hay (x+y)’=(1-x°*+1-y)

SxX+2xy+y'=1-2x+x*+1-2y +y*

©2xy=2-2x+y) © 2xy=2[1-(x+y)l © xy=1-(x+y)
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Theo bat dang thuc Cosi :

2 2
,/xysx;y = xy£{x+y) — e 2l-(xX+y)

DE?

hay >1-DE (viDE =x +y)

-~ DE*+4DE-4>0 < DE°+2DE2+4-820
o (DE+228 < |DE+2| >2J2 ©DE+22 2/2
= DE>2J2-2 (**)
Két hop (*) va (**) ta cé : 2J2 -2<DE<1.
Bai 5. Ta c6 : (ac + bd)? + (ad — be)* = a’c? + 2abed + b%d” + a*d* - 2abed + b*c’
= a’(c® + d%) + b*d® + ¢*)
= (a* + b*)c* + d°)
Vi ad - bc =1 nén 1+ (ac + bd)* = (a® + b’)c* +d*) (1)
Theo bat dang thic Cosi, ta ¢6 :

P=al+b?+cidd +acFbd 2ya® s b2)c? +d?) +ac + bd

= P2 2Jl+(ac +bd)* +ac/+bd (theo (1))

Ré rang P> 0 vi: 2,/1+(ac+bu:i}2 > |ac + bd |*
bat x =ac + bd, taled '

P> 2vVl1+x? +x

= P2 > 41 + %%) +=drydtgplopmgpedtnZ ) + 4%Y1 + X% + 4x° + 3

— | 1 +x%2x)2 +323

Viay P=23.

pE THI THPT CHUYEN LUONG THE VINH (2009 - 2010)

Dé chung
Bai 1.
x+120 x> -1 x=0
1. Vx+1=x+1 o {x+1=(x+1)2 = {(x+1){x+1—1)=0 c:'[x:_
x-3y =-5 x=3y-5 x=3y-95
&5 =
8x + 6y = 2010 8(3y - 5) + 6y = 2010 30y = 2050
=%5— x = 200
< 205
yw Gt & &
3
2
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05
Hé c¢6 nghiém : (x; y) = (200 23—}

2+  J2+43 tJ§+J§F:5+2J5
R i R |

4. Phugng trinh hoanh dé giao diém cua dudng thang va parabol da cho :

=m-1x-m+1 o x*-(m-1x+m-1=0 (%)
Gia su phuong trinh (*) ¢6 hai nghiém x,, x,. Theo hé thuc Viet, ta co °
X3 +X,=m—-1; xXxo=m-1
Néux, vax,cungam = x; +Xx,<0vaxx,>0
haym-1<Ovam-1>0(véli
Vay x,, x, khong thé cung am.
bai 2. Goi x (h) la thoi gian ngudi em lam xong coéng viéc, (x > 0).
Goi y (h) 1a thoi gian nguoi anh lam xong cong viée (x > y > 0).

Ly )=

Moi ngudi lam mdt nira cong viéc va hét ca thay 6h 15mn = Td (h).

Ta c6 phuong trinh : = + % = —t,

2
2

Mot gio méi ngudi lam duge

X Yy
phuong trinh : 2\ =
X Yy 3
x+y_25 Jx+y 25 ( 95
9 o 4 :‘_' X+y=—
Tac6he:{2 2 % o 2 D[ -
1+1 1 1 75
Ay X+ = —X SR 5
x y 3 4 3}' \)’ 5
15
Vay x, y 1a nghiém phuong trinh : X* - —EX+7_5. =0 a5 ‘(-2—
2 . X =5

Vix>y>0, ta lay x=1—25-;y=5

%
Vay nguti em lam mét minh xong céng viéde trong 1—;— (h) = 7h 30mn.

ai 3.
1. Ta c6 : BOC = 21 = 2.60° = 120" (géc 3 tAm via g6c noi tidy cung chéa
cung BC).
74
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2. Ta ¢6 ABOC can tai O c6 Ol la duong trung tuyén (gt)
nén OI dong thoi cang la dusng cao, duong phan giac, N
ta c6 O] L BC
BOC 120
2 2
Xét tam giac vuong BIO ta c6 :

va  BOI =10C = - 60°

Bl = OB.sinBOI = R.sin60" = Y2—

va 10 = OB.cos BOI = R.cos60" = %
Goi pyo la chu vi ABOI ta c6 :

psn=0OB+0Il + Bl =R + — + _

R RV3 2R+R+R43

2 2 2
_3R+RJ3 RV3B+1D
= = g ;
3. Ta cé KN // Al (gt) theo hé |qua-eua dinh li Talét : %— — I—f—'l;—

Tuong tir véi AAIC ta co :
KM  KC oy KN sKMm KB IKC
= e + = -+
Al 1§ & Al Al IB IC
hay ok = sl (vi IB = IC)
Al IB
—%:2. Do dé6 KN + KM = 2Al.
Bai 4. Ta c6 : Q = (2a%)* + 2(2a¥)a+a®—=4a’= 2a + 1

=(2a°+a)-22a*+a)+1=(2a°+a - 1)3_2 0, Va € R.

=

Dé chuyén Toan
Bflil.Tacé:azl:b:S;c:l—Jg
> A=5-411-V5)=21+4y6 =(2J5 + 1)’ = JA = 25 +1

Phuong trinh ¢6 hai nghiém :

il g -5— "
gy = 20 2\/§+1;;_2+J§; xzz.i__g_z‘/i___l:_;),_\/g

Theo hé thuc Viet, tacé : x; + xo, = -5, xxu= 1-+56

Vay T =(x; + 2)x, + 3) = x;X, + 2(x, + X))+ X, +6
=1=45-10=-2++5 + 6=-5.
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3ai 2.
+y =3x =3-2x y=3-2x
{§:+§=3y Q{;x+3—2x=3x(3—2x) Q{6x3v9x+3=:0
x=1
= 1\{-:l (via+b+¢c=6-9+3=0)
y=3-2x

. , 1
Ta tim duge nghiém cua hé : (x; y) = (1; 1), (-2— 2).

Bai 3.
1. Phuong trinh dudng thing MN c¢6 dang : y = ax + b. Thay toa do M. N
vao phuong trinh trén, ta c6 hé :

-4a+b=-1 -4a +.b.= -1 i
-5

b

4 . : 1
Vay phuong trinh cua duong thang MN : y = —2—x +1

1l

Bk L 2 (o =
2 ™ =5

Phuong trinh hoanh do giao diéem cua MN va (P) :

l:4:2=%x+1 & X -x—-2=1

I

5 Wia=btc=141-2=0)

-

i

X
R

. . " at r‘ 1 \
Tir dé tim dugce toa d§ hai giao diem : E/ -1; -2—] Fr(2:2)
\ J

2
; 5 : 1
2. Taco: ME= J{xg %y ) +(YE — Yy ) = J1_1+4)2 +(§+1]
/

= 9+ —

9 _5V3
4 2

2

: : 7
NF = (xp - xx)* + (yp - yn)? -le-sf +(2—§]

{ 9 53
= J9+—=——.
4 2

Vay ME = NF.
Baid. Taco: uu+1)=v: odu"+4du=4v- o 4du” +4u+ 1=4v: +
o 2u+ 1P =(2v) =1
S (2u+1-2v)2u+1+2v)=1
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Viu, v € Z, ta xét cac truyng hgp sau :

2u+1-2v =1 lu=0
« C>
|12u+1+2v=1 lv=0
[2u+1—-2v:—1 lu = -1
i :
12u+1+2v:-1 iv-:o

Bai 5. Huong dan : Cau 3 : Dé ching minh K thugc duong tron ngoai tiép tu

2.

giac AJJH ta ching minh nam diém A, I, K, J, H cung thudoc mot
duong tron dua vé ching minh hai ti gidec AIJH va AIKJ ngi tiép.

Xét AABC va ABHD c6 : A
BAC = BHD = 90° (gt),
B: = By (dgi dinh)

Do dé AABC «» AHBD (g.g)

- — =— = BXBD = BC.BH.

Ta ¢6 AABC vuong c6 Al la trung D

tuyén nén IA = IB = IC = -%—C— hay AAIB can tail = IAB = B;.

Chung minh tuong tu, véi A vuong BHD, c6 HJ la trung tuyén (gt)
—, JHB = B2 ma B: = By (d6i dinh)

—» JHB = IAJ . Do dé t giac AIJH ndi tiép.

Cdch khac : Xét. AAHB va ACDB ¢6 :

e, AR AN, AB BC
ABH = CBD (déi dinh), — = — (cmt).
01 din BH BD cm
Do d6 AAHB o ACDB (c.g.c) = AHC = ADC (1)

Xét ABCD c6 1 la trung diém cua BC, J la trung diém cua BD (gt) né
1J 1a duong trung binh = 1J / CD = AJI = ADC  (2)

Tir (1) va (2) = AHC = AJI = Ti gidc AIJH nai tiép.

Ta c¢6 K la trung diém cua DC, I 1a trung diém cua BC (gt)

— KI la duong trung binh cia ABCD = KI // BD.

Chung minh tuong ty ta ¢6 JK 1a dudng trung binh cia ABCD
— JK // BC. Do dé ti gidac BIKJ la hinh binh hanh

— JKI=JBl ma JBI+B; =180° (ké bu), By = JAI (cmt).
Do d6 JKI + JAI = 180° = T gidc AIKJ ndi tiép.
Lai ¢6 tu giae AIJH ndi tiép (emt) = Nam diem A, 1, K, J, H cung thu
mét dudng tron hay K thude dudng tron ngoai tiép tu gidac AIJH.
217
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