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LJi noi dau

(Quyén sach BAI TAP TRAC NGHIEM TOAN 9 (Tap 1) dugc bién
oan ttheo chuong trinh Toan 9 hién hanh.

Mhirng bai tap thuoc loai tric nghiéfn c6 nhieu lua chon da dang,
luge :sédp xép tur dé dén khé nham giup hoc sinh tu hoc, tu rén luyén
:ién tthic toan tur co ban dén nang cao.

MWo0i dung quyén sach gom c6 :
e IPhan dai s6 :
-— Chuong 1 Can bac hai — Can bac ba
— Chuong II  Ham s6 bac nhat
e PPhan hinh hoc :
-—— Chuong 1 Hé thuc lugng trong tam gidac vuong .
-—— Chuong II  DPuong tron

MBOoi van dé trong chuong déu cé phan tém tdt kién thice co ban, bai

ap triéc nghiém : '
udi moéi chuong déu c6 phan 6n tap chuong va huéng dan cach giai
not séd bai tap cua chuong.

P’han 6n tap cudi nam hoc 1a bd dé tong hop giup hoc sinh tu lam,
u kiéim tra danh gia két qua hoc tap ciia minh.

Tac gia hy vong quyén sich nay con giup phu huynh hoc sinh cé tai
iéu dé hudéng dan, kiém tra viéc hoc todn cia con em minh.

Du chung t6i ¢ gang nhiéu trong qua trinh bién soan nhung chéc
thong: tranh khoi mot s6 thiéu s6t. RAt mong nhan duge y kién déng gop
& bam doc dé giip chung tdi ¢6 diéu kién hoan chinh quyén sach nhim
bhuc vru ban doc tot hon.

Cac tac gia -



PHAN BAI S0
CHUONGI. CAN BAC HAI - CAN BAC BA
Van dé 1. CAN BAC HAl

A. KIEN THUC CAN NHO

[1] can bac hai
Pinh nghia
Cdin béac hai cua 36 a khong am la sé6 x sao cho 2* = a
e Méi s6 thuc a duong c6 dung hai cian bac hai 1a hai s6 déi nhau
- Sé duong ki hiéula Ja
- 88 am ki hiéula - Ja
e S6 0 c6 ding mot can bac hai 1a chinh 6 0, VO = 0. 7
* 86 a am khéng cé can bac hai, khi dé ta néi biéu thac Va
khong ¢6 nghia ( Va khong xdc dinh).
Vi du:
e J49-7vi49="T"
e S6 16 ¢6 hai can bac hai, 46 1a : V16 =4 va —J16 = - 4
(2] can bac hai s8 hoc | '
DPinh nghia
*  Véi s6 duong a, Ja dugc goi la cdn bdc hui s6 hoc ciia a.
* 86 0 cing dugc goi la cdn bdc hai sé hoc cia 0.
e S6 x la cdn bdc hai s6 hoc ciia a, ki hiéu x =Ja .
e V220 va (Val=a
Vidu 1:
e Canbachaisd hoccia91a3(/9=3)vi9=3%
¢ Can bac hai s6 hoc cia 121 1a 11 (V121 =11) vi 121 = 112

Vidu2: e (\/1_5)2 =15

2
. ( x2+1) =x?+1




\gj So sanh cac can bac hai sé hoc
Dinh li
'Véi a, b la hai s6 khong 4m,tacé:a<bo Ja < Vb
Vidul: 10>9 = V10> 9 =3 |
Vidu 2: So sanh 7 va 47

i 72 = 49
a co
(J47)? = 47

Ma 49 > 47 nén 7 > J47
= Chu y
* Néux=+Ja thix >0vax =a.

2 . A . 2 "
Ddo lai, néux >0 vax” =athix = Ja.

x>0

Tém tdt x='Ja o {

X =a

B. BAITAP
1. Tim céan bac hai s hoc cta céac so : 0,01 ; 0,49 ; 0,0081 ; 0,000064.
Khang dinh nao sau day sai?
A. /0,01 =0,1 B. /0,49 = 0,7
C. /0,0081 = 0,009 D. ,0,000064 = 0,008
2. Trong cac so F62‘ ) \/6—2 ; ~\/—e_.2— ; ——\/(_—_ST) thi s6 nao la can bac hai
s6 hoc cua 36. ]
A e ¢ B. V6’ C. -Ve? D. -J-6%)
3. Khéné dinh nao sau day dang?
A. Can bac hai cia 121 1a 11
B. Can bac hai cua 144 1a 12

C. V169 = +13
D.Can béac hai cuaa 225 1a 15 va -15
4. Ping ghi b, sai ghi S vao 6 trong:

A.[:4>\/§_5- B. 6 <39
c. [ Je<v2+1 D. [ J1<¥3-1




5. Khang dinh nao sau day dang?
Cho s6 duong a :
A.Néua>1thiJa >1
C. Al B) déu dung

6. Khang dinh nao sau day dung?
Cho s0 duong a
A.Néua<1thiJa<1

~C. A) dung ; B) sai

7. Tim s6 x khong am, biét Vx <8

A.x>16 B. x< 16

)

D.

C.

8. Tim x, biét: x> = 7 (két qua lam

tha hai)
A. X1 = 2,65 va X9 = — 2,65
C. x;=3,14dvaxy;=- 3,14

B.
D.

9. Tim x, biét x2 =7 (két qua lam

thda ba)
A.x=1528 vax=- 1,528
C. x=0,845 va x = - 0,845

10. Giai phuong trinh Jx = -2 (%)
A. Phuong trinh cé nghiém x = - 4
B. Phuong trinh ¢é nghiém x = 4

C. Phuong trinh ¢6 nghiém x =+ 4

D. Phuong trinh v6 nghiém

"PAP AN

B.
D.

Néua>1thia>+Ja

. A), B) déu sai

Néua<1thi a<+a
A), B) déu ding

X < 64 D. x>64
tron dén cha s6 thap phan

x; = 2,83 va xo = - 2,83
A), B), C) déu sai

tron dén chit s6 thap phéan

x = 1,627 va x = - 1,627
x = 0,947 va x = - 0,947




Van dé 2. CAN BAC HAI VA HANG DANG THUC VA2 = | A
A. KIEN THUC CAN NHO

1] Can bac hai ciia mét biéu thuc
Pinh li Véi moi s6 a, ta c6 \ﬁai =lal.

Vide 527 - |V5 - 2|

Ma V5 >2nén V6 -2>0= |\5-2|=v5-2

Vay V(5 -2 =5 -2
Giai
o Tacéy=x+1+4(x-1)>2 =x+1+[x-1|
Max>1nénx-120=|x-1l=x-1
* Vayy=x+1l+x-1Deoy=2xkx=21)
Téng quat
¢ Néu A la mét biéu thite dai s6 thi bidu thite YA dugc goi la cdn
thitc bdc hai ctia A, va A dugc goi la biéu thite ldy cdn hay biéu
thic dudi ddu can.
¢ JAxdc dinh (c6 ¥ nghia) khi A 20
Vidu:e Jx+1 xdcdinheox+120ox2 - 1
4-x#0

xdc dinh <4-x>0=x<4
4-x20

4-x
(2] Hing ddng thic Va2 - A|
. \/F-—_A néul >0

e JVAZ=_AnéuA<o0
Vidu: Rat gonbiduthic P=x+2+Vx2 -4x+4 (x>2)

i Giai
*  Ta cé:
P=x+2+ Jx-22=x+2+ [x-2|
Max>2nénx-220= [x-2| =x-2

e ViyP=x+2+x-2hay P =2x




R. RAITAP

. Khang dinh nao sau day sai?

A. V3x xdc dinh <> x>0 B. V-9x xdcdinh < x<0
c.” 222 xdc dinh & x 2 5 D =% it dinh x > 7

3 " Vx-9
. Dién vao chd trong () dé duoe cdc khéng dinh ding ?

A A 7 3 5 ‘—ﬁ‘ s N
A. Piéu kién xac dinh cia -3xy® la

B. DPiéu kién xac dinh cia V5 -4x 1a ...

C. Diéu kién x4c dinh cla Vx® - 81 la ..

D. Diéu kién xac dinh cua /i)-y-?l la ..
V oax®
2 1
. Pidu kién x4c dinh cia |2 3 Y
a
A.a>0 B. a<0 C. a>0 D. a>-1
3
g 4 ) ) 1-
. Dbiéu kién xac dinh cua \[( 5 %) la:
X“+3
A.x<1 B. x>1 C. x<3 D. x>-3
. Diéu kién xéc dinh cia Vx% + x -6 1a:
A x<2 B. x>-3

C. x<-3hodcx>2 D. -3<x<2
. Khang dinh nao sau day sai? |

A.8+2J15 = (V3 +JB) B. J(2-V3)? =2-3
C. V6-2J5 =51 D. V10-4/6 =2-6
. Giai phuong trinh : V4x% = x+1

A. Phuong trinh ¢6 nghiém: x = - 1va x =% ;

B. Phuong trinh c6 nghiém: x = ——é- vax=1

C. Phuong trinh ¢6 nghiém: x=1vax=-1
D. A), B), C) déu sai



8. Giéi'phUcmg trinh: Vx? + 6x. +9=3x-1.
A. Phuong trinh c¢6 nghiém: x = 2
B. Phuong trinh ¢6 nghiém: x = - 2 va x = 2
C. Phuong tr’inh c¢6 nghiém: x =3 vax =2
'D. Phuong trinh c6 nghiém: x = — 3 va x = 2

9. Rit gon biéu thic: P = 2,/(-3)° +4,/(-2)°

A.P=-108 B. P=118
"C. P=J3+2 , D. P=2/3+4\2
2
10. Rat gon biéu thue: Q = = +Z\[§;+3 véi x # +4/3
x —
A. Q- E B. Q:"“/5
x-3 x+\/§
C. Q=x+\/§ D. Q=x+\/§
Xx-3 x - V3
DAP AN

Van dé 3. LIEN HE GIUA PHEP NHAN
VA PHEP KHAI PHUONG

A.  KIEN THUC CAN NHO

|1] Binh 1i ,
Véi hai s8 a va b khéng am, ta c6 Jab = JVa./b
Dinh li trén c6 thé mg réong cho tich ciia nhiéu s6 khéng ém (Cu thé
wéia b e, .. 20tacé Jabe = Javbal..)
(2] Ap dung
a) Khai phuong mét tich
Quy tic

-

*




Muon khai p/u"/?(iy«r;gA n'z(')fr tich cia cde s6 khgng am ta cé6 thé khai
phiong tieng thica sé roi nhan cac két qua vai nhau. ‘
(Va.b = Ja.Jb véia>0vab >0)
Vidu 1: J16x81 - J16 « /81 =4 x 9 = 36
Vidu 2: J128 = J64 <2 = /64 x /2 = 82
b)) Nhan cac can thdc bac hai
Quy tic

Muén nhdn cdc cdan thicc bdc hai ciia cdc sé khéng dm, ta c6 thé

_ nhan cdc s6 dusi ddu cdan véi nhau roi ldy cdn bac hai cia két qua dé.
(Va.Jb = Ja.b véia>0vab >0)
Vidu 1: 2.8 = /2.8 = /16 = 4
‘_‘Vi du 2: J27.43 =213 :_\/é— =9

R 2

| *  Ddc bigt, voi biéu thuc A>0,tacé : (VA) = VA® = A
2

Vi du 1 (w—ﬁ) _7-2

: 2
Vidu2: Véix>3taco (\/x—S) =x -3

R. RAITAP

1. JKhing dinh nao sau day dung?
A. J5.80 = 20 B. /90.6,4 = 24
. 21,82 -18,2% - 12 D. A), B), C) déu ding

2. 'Tinh: M = /117,52 - 26,5% - 1440 &
A.M = 108 «B. M=110 C.M=120 D. M=135

3. Tinh: N = 146,52 - 109,5% + 27.256

A.N =96 | B. N =108

C. N=128 D. A), B), C) déusai
4. Tinh: T = \/74;\55.\/7—\/@

A.T=-6 ~ B.T=6

C. T=7+13 D. T=7-13



. Tinh: E = 3J5(V2 - 2) + (3 + V5)? - 3J10

51
A. E =213 B. E=-6J14 C. E=-13 D. E=14
6. Rat gon: P = M
2\/5+\/£
N | 1
A.P=2 B. P=—— C.:P=2J3 D, Psin
T NE
7. Cho c4c biéu thie: M = Vx+3Vx-5 va N = \/(x+3)(x—5)

Piéu kién dé M va N dong thoi ¢6 nghia la:
A.x>5 B. x<-3
C. x<-3hoacx25 D. A), B), C) déu sai

. Pidu kién dé 4Vx +4 + Vx* - 16 ¢6 nghia la :

10.‘Bl’mg ghi B, sai ghi S vao 6 trdng:

10

C. \/_2x--§:\f5_®x=4 D. \/x2+1:—-1<:>x=1

DAP AN

A.x=-14 B. x=4 e %24 D. x<4
£ .
.Rﬁtggntl‘;=~/§+\/§+\/é+\/f8_+\fi-6
J2 + 3 + V4
A.E=1+.5 B, E=1-48 C B2 <1 D B=1%2

A. x-8=1=x=4 B.jJBx— =—4¢:>x=~%

Bai | 1

N
[Vs)
N
n
N
-3
co
e}

10

Cau | D A C B D B A




Van dé 4. LIEN HE GIUA PHEP CHIA VA
PHEP KHAI PHUONG

A.  KIEN THUC CAN NHO

| 1| Pinh 1i

V6is6ba=0 va b>0,taco J‘g—:—\[é
b Vb

2| Ap dung
a) Khai phuong mot thuong
Quy tdc

Muén khai phuong mét thuong %, trong dé s6 a khéng dm va sé b

duong, ia c6 thé lan lugt khai phuong s6 a va khai phuong s6 b, roi
ldy két qua thit nhdt chia cho két qud thu hai.

Néua >0 va b>0 thi \/-g-x.@
b b

e s = ’ - :
Vidu b 2385 g \/I:ii::.l_
36 36 6 49 J49 7
b) Chia hai cin thitc bac hai
Quy tdc

Muén chia cdn bde hai cia s6 a khéng édm cho cdn bdc hat ciua
s6 b duong, ta c6 thé chia sé a cho s6 b réi ldy can bdc hai cia
thuong do.

Néua>0,b>0 t‘hi.l@:\/E
Jb Vb

J63 {63- V2 2 1 1
Vidu b o= — =9 =8 :Vidy 2 = Joe ==
¥ J7 7 PHE 33 TVs2 V16 4

B. RAITAP
1. Khidng dinh nao sau day sai?
‘ , 5
A B 1 g, Y15 _1 480000 ,, V12 _,
J27 3 J735 7 300 J23 65
2. Tinh M = /1,69.1,38 - 1,69.0, 74

AAM=104 B. M=1,64 C. M =208 D. M=214
‘ 11




1252 - 1002

8. Tinh: N = \/
A N=2 Ak
2 15
C. N=g D. Mot két qua khac
. 2| O o
4. Rat gon: P = xy > viix<0,y#0
Xy
A.P=.5 B. P=-J5 C.P=xyJ5 P = -xyJ5
2
5. Rat gon: Q = %ﬂ—— véia<4
a-4 a+4 4-a 4--a
A = B. = C = D_ =
Q 2 Q 4 : 2 @ 41
6.Rl’1tg9n:E=\/§—6)(%vdix>3
(x - 3)
A.E=3-x B. E=x-3 C. E=1 .E=-1
7. Rat gon: F = (x - y). —XLE vilx<y<O0
; (x -y)
A.F =[xy B. F=-/xy
C. F= ‘/;; : D. A), B), C) déu sai
X-y

10.

12

taix=-1

AT=-1 B. T=-3 C.T:S-

. Tim x, biét: \/4x2 +4x+1 =5

A.x=2hoacx =-3
C. x=1hoacx=-4

. Rat gon roi tinh gia tri cua: T = 8 1')9 s 2 . (x<2)
V(2-x)* x-2 i

. T=2
3

B. x=-2 hoacx =3
D. x=4hoéc‘x=1

Tim x, biét : (3 - V13).3x > V2(3 - J13)
Pé tim x, ban Tam da lam nhu sau: (3 - J13).3x > /2(3 - J13)
‘ | P
Bugc 1 & 3x » Y208 )
- Y



Buge 2 < 3x > V2

BU6C3® X>—22“—

Theo em, ban TaAm lam ding hay sai
Néu sai thi sai tir bude nao.

A. Cic buge déu diang B. Cac budce déu sai.
C. Sai tu buge 2 D. Sai tif buge 3
DAP AN

Bai 1 2 3 4 5 6 7 8 9 10.

Cau | C A D B C C B D A B

TP CIPTENCrgy O EEL

T

Van dé 5. BIEN DOl DON GIAN
BIEU THUC CHUA CAN THUC BAC HAI

A KIEN THUC CAN NHO

[1] Bua thira s8 ra ngoai dau can

V6i hai biéu thie A, B véi B > 0, ta c6: VAZ2.B = A | JB, nghia la :

NéwA >0va B >0 thi JA2B = AVB :
¥ NéuA<OvaB>0thi JA2B = -AVB.
Vidu 1: J75 = V5°.3 = 53

(x'—l)\/)_(5 +4 néu x2>1

~(x-1Vx% +4 néu x<1

Vidi 2: Jx-D2x% < 4) =[x - 1x2 + 4 =

[2] Dua thira s6 vao trong dau cin
NéuA >0va B >0 thi AVB :\[Z‘?,—B.
* NéuA<OvaB >0 thi A\/_B':—m.
Vidu I: 642 = V622 = J72
Vidy 2:¢ Néua>3thi (a-3)15 =5a-37° (vix-320)
o Néub<1thi (b-1)V2=-y2(b-1)% (vib-1<0)

13




| R. RAITAP
1. Khéng dinh nao sau day dung?

A. 0,140000 = 20 B. -0,005v62500 = - 1,25
C. 131 11.99m? = - 9|m| D. A), B), C) déu ding
2. Pién dau thich hgp (<, >, =) vao chd trong:
A.3V2 ] Vi2 B. 7]43
/51 1 50 D. 13 6,/
3 5 3 9
3. Rit gon : M=% 5-3\/%-»-:1;\/5
iii9 13
A.M=-4/5 BMmm—-J— C. M=> J" D. M= Gf
4. Rit gon: N—sx/—_ 4\/_——~J30
38 o
A.N=i§ﬁ - B. N—»—J_ C. N———— 5 D. N=- Js
5. Rat gon: P = 3/8x - 5/48x + 9/18x + 5/12x |
A. P - 436x B. P =23J5x%
C. P =33/2x -10v/3x - D. A), B), C) déu sai
¢, Gidi phuoniy trinke. |2 o1
2x -1

A. Phuong trinh c6 nghiém la: x =0
B. Phuong trinh ¢6 nghiém la: x =1
C. Phuong trinh c¢6 nghiém la: x = - 3
D. Phuong trinh v6 nghiém

v3x -2

2x -1

=1

7. Gidi phuong trinh:

A. Phu’dng trinh c6 nghiém la: x =0
B. Phuong trinh c¢6 nghiém la: x =1
C. Phuong trinh ¢6 nghiém la: x = - 3
D. Phuong trinh v6 nghiém

14



8. Giai phuong trinh: \/i%

A. Phuong trinh c6 nghiém la: x = + ST

B. Phuong trinh c¢6 nghiém la: x = + 7

C. Phuong trinh c¢6 nghiém la: x = ig

-3

D. Phuong trinh vé nghiém
9. Cho hai sé a, b khéng am. Khing dinh nao sau day dung:

A.'a;b<\/ﬁ B. a;b:@
C a+b>\/£ D a+b>\/;5
) - "2 T 3
10. Véi a duong. Khang dinh nao sau day ding:
A.a+122 B.'a+153 C. a+}-‘24 D. a+—1—s4
a _ a a . a
DAP AN

Bai 1 2 3 4 5 6 7 8 9 10

Cau | D X B A C B D B C A

Vandé 6. BIEN POI DON GIAN

BIEU THUC CHUA CAN THUC BAC HAI (ti€p theo)
A KIEN THUT CAN NHO

|1] Khit mau cda biéu thic I8y can

\/7 _ JAB
B2 | B
via [E- B3
| 3 V32 3

Véi cac biéu thic A, B ma AB > 0 va B # 0, ta c6

16



12] Truc can thic & mau

a) V6i cdc biduthic A, B véi B > 0, ta c6: A _AVB
- | VB B
2 243 1 Ja+4
Vidul: = =22 . Vide 2 & (a>-—4)
O TRT g e T el
b) Véi cdc biéu thic A, B, Cma A >0 va A # B?, ta cé :
o B O ~B) . C _CWA+B)
JA+B  A-B? VA -B A -B?
Videl: -5 _88-2_ = o
J3+2 3-4 .

p ' ' (\/x+4—2).
"Vidu 2: 2 s =vxXx+4 -2
' VX +4 +2 Xx+4-4

c) Véicac biéuthic A, B,Cma A>0,B>0va A=B, tacé:
Lo CWE-E |, ofA:)

TA+JB " o KB | /A-JB . A-B
; 2 2(+/3 + V2) :
Vidu: e 2 = 2(J3 +V2)
NEE 3-2
4 45 + J7)
L ] = = ——2(\/5 -_ ﬁ) .
6 =T 5-17
B. RAITAP
1. Khit m4u cba biéu thitc 14y can: Khang dinh nao sau day ding?
Aol g/ [50._53
o 6 3
€. f22 2488 A b0 D. A), B), C) déu ding
8b, -~ .3b
2. Khit miu cta biéu thde 18y can: Khéng dinh nao sau day sai?
Lol o8
"\500 50
B. \/—1—+-1—2= va +1 véia>0
a a a .
C fa-J3%-. 28= 3
- 12 3 e |
D. 4(x-y)|—S =43 -y) véix>y>0

(x-y
16



. Truc c&n & mau

bang ghi D, sai ghi S vao 6 tréng:

A.':I 15 =15«./7-31 | B.[:];P’—=-£2-
4 7a* 7a V18 2
-1 Jom . . 30 '
C. =~ (v6im < 0) D. 2 -215
L 3J/200m  30m L] J3.5

. Truc can ¢ mau. _
Khéang dinh n&o sau day sai?

A 3 _3:3-1 g 1 _5+5
T J3+1 2 T 5-J5 20
ﬁ‘\/é 5+\/r2_1_ | .7
C. = D. A), B) ding ; C) sai
ﬁ+\/§ 2 g
.Truccanéméu:P:—-1 | i
7 + 2410 | |
A p- Y- V2 B.P:J5+\/§C.PmJ5_J§D.P:M
'3 2 B | 2
1 1
. Rat gon: Q = -
gon: Q 3-2J2 3+2/2
A.Q:~—;~J§ B. Q-42 C. Q:%Jﬁ D. Q=-4
. Rat gon: M = i;—,}[a_ véia>0
Ja -2 .
L 2
A M=a B. M=ala C. M=-2/a D. M=-ala
S
w Truccidn d mducia N = ————
' (V5 + 3)?
A N-Y5-\B B, N-Yi5-4
4 A 2
C. N:““z‘/B D. Mot k&t qua khac

. bang ghi D, sai ghi S vao 6 trong:

_ 2 ' _
A V282 - V7). - B. 6127 + V12 _ i
V7 42
p \/2_._\/2_3 o 6+4v2
VT B 7 oAl HOCNBa @YRHA NOI

| i v/
L3oUNG TAM THONG TINTHU VIEN o




10. Véia=+2+ -\/1—_2. thi gi4 tri cia biéu thie P = 2a% + 2a+/2 + 1 bang:

A. V15 B. 16 C. Jie D. - 16
PAP AN |

Bai 1 2 3 4 5 6 7 8 9 10

Cau |D C |x D A |B A C x B

Véan dé 7. RUT GON BIEU THUC CHUA CAN THUC BAC HAI

A.  KIEN THUC CAN NHO
o K&t hop cdc céng thie & §6, 7 dé rut gon biéu thite chita can béc hai.
Vi du 1: Rat gon: 15 %+%\[§6—2J— =}—-5—5\[—§i+%J4x5 = 2/5

» =3J5+%.2J5—2J5=(3+1—2)\/5=2J5

Vidu 2: 18 - 2432 + 350 _J93 - 2J16.2 + 3J25.2
=3J2-8J2+15/2 =(3-8+15)12 =102

2
Vi dy 9 X0 _ "3)(”‘/_) x+3 (x = 13)
x—\/§ x -3

Vidy s~ L] 2 ‘/— 2*‘/— J§+2+J§

| 2+V3 2-43 "4-3

; 1 1 x+J_ J_

Vi du 5:

bidran o e e e
B m‘nm

1. Rt gon céc biéu thdc.
'~ Khéng dinh nao sau day sai?
A. 4\/16a - 3\/25a + /8la =10Va (a>0)

B. 5J§+3\/§—5\/g=-——
C. \f+\/45 J125~9-1/-—-

D. A), B), C) déu ding
18




LAl

i

3.

3.

. Khéng dinh nao sau day sai?

A Lyas _ofia7 . Y45 11943
2 415 4

B. /2,5.470 + 700 - 5\[% - 10017

=
C. (V6++5)2-V120 =11
D. (V28 - 2J3 + V7)V7 + V84 = 21

. Rat gon: M:J%+Ja3—a\/zb véia>0vab>0
= ,

AM=_VaE B. M= Jab
c. m=3Yab D. Mot k&t qua khac

. Rat gon: Q=(1_x‘/}_‘+&}(l*&} vix>0vaxz1

’1—\/; . 1—-x
A.Q=x B. Q=—Vx C.Q=1 D. Q=-1
2 4
.Rﬁtggn:szgy = . 5 VOix,y>0
y X“+2xy+y
A-M=-x B. M=x c. M=—*_ p. Mm=—P
X+Yy X+y

. Gia tri cia biéu thuc: N‘= \/9 ~ 45 + \/9 + 45 bing:

A.N=4 B. N-=v5 C. N-V6+4 D. N=25
. T4p nghiém cha phuong trinh: Vx2 —4x+4 -6 =0 la:
A.S=1{-3;6] B. S=1{4; 8]}
C. S=(-4;8 D. S=(-6;-8)
T4p nghiém cta phuong trinh : (3 + V)2 + Vx) = x + 3 la: |
A.S=0 B. S=(-9;3 C. S=(9;-3] D. S={-3;3)
Tap nghiém clia phuong trinh: Vx2 + 6x + 9 = 12+ 6v3 +-[12 - 643 I
A.S=(-3) B. S=(-3;6/ C. S=(-6;9} D. S=1{3;-9)
10. Cho ;:{imnh gid tri biéu thic: P='1+1\7’1'2;§£+1—1\/_Ig-2'{—§'§
A.P=-1 B. P=1 C. P=3 D. P:-g
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DAP AN

Bai 1 2 3 4 5 6

10

SRR

Cau | D A B | C B D

‘'Vandé 8. CAN THUC BAC BA
N KIEN THUC CAN NHO

11| Binh nghia

e Can bdc ba ciia mét s6 a la s6 x sao cho 2° = a.

o Mbdi s6 thuc a déu cé duy nhdt mét can béc ba.
» Cdn bdc ba cia 36 a duge ki hi¢u la Ya .
Nhén xét ' ;
* Can bac ba ctia s6 duong 1a s6 duong.

% Can béc ba cia s6 4m 12 s6 am.

* Can bac ba ctia s6 0 1a s§ 0.

Vidu: o« ¥8 =2vi8=2%
o Y64 =—4vi-64=(4)
[2] Tinh chat
a) a<beo Ja<¥b s
Vidu I: 27<30= ¥27 <¥30 =>3<¥30
Vidu 2: Sosanh ¥123 va 5.

Giai :

Vi du 3: So sanh 536 va 635

3
(5-’3/6) - 5%6 = 125.6 = 750
Ta c6 :

. ,
|(6¥5)" = 6°5 = 216.5 = 1080
Vidul: 3234 -%24-38-2
Vidu 2: ¥5x.Y25x = ¥5x.25x2 = ¥125x3 = 5x

*  Can bac ba cta s6 khong am 1a s6 khong 4m.

Ta c6 ¥125 = 5 ma 123 < 125 nén ¥123 < ¥125 = ¥123 <5

= 536 <635

20




g

_354.4 \/57—3\/216 =3-6=-3

g
¢c) Véib =0, taco €/§ - [Ei
b~
3
Vldu 1 3£: \/g :g
27 Y27 3
Vi du 2: Ql/:i §/_\/_—313
o
B. RAITAP
. Khang dinh nao sau day sai:
A Y729 =9
C. 3-0,001 =-0,1

2. Ping ghi b, sai ghi S vao 6 trong:

A.| | 4327 -12¥-8 - 5/1000 = - 62
B.| | 3¥3-9324 -7¥375 = -14¥3
c.[ Jlogaye-1-3

3 3
D.[ |3V135:¥5 - ¥54.%4 -3

3. Pién dau thich hgp (<, >, =) vao 6 trong:

4. Truc cidn ¢ mau cia M =

5. Truc cin @ mau cia N =

A.-4 Y64
c. 56 [ |6¥5

&

+1

f 3 +1

R

§/§+1
2

A.N =

C. N=

B. 5
D. -7¥3 [ |7¥-3

B. 3/-343 = -7

D.- A), B) ding ; C) sai

3130

3
D | g
3
N=§/§3+1

D. A), B), C) déu sai
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~ 6. Truc cdn d mau cda P =

5 -2
_ a3
A.P:—ﬂ‘/g—+22 B. P= ¥25+2%5 +4
C. P=3%25-8 | D. P=¥25+310+4
7. T4p nghiém cGa phuong trinh §-3x =-1 la:
A.S =11 B. sz{_l} C. S={l} 'D.S=0
: 3 3 .
8. Tap nghiém cia phuong trinh :\3/x3 +3x2 +3x+1 =1 la:
A.S = {0} B. S=1{-2} €. '8 =21 D. S=0
9. T4p nghiém cua phuong trinh .:\”,/(x ~2)(x? +2x+4) =0 la:
A.S={-1} : B. S={—?13-'} C. S=1{-4) D. S = (2}
'10. 33 +1 1a nghiém cta phuong trinh nao sau day:
Ax®+3x2-3x+1=0 B. xX*-3x>+3x-4=0
C. xX*+6x*-3x+1=0 D. x*-6x>+3x-4=0
PAP AN

Bai | 1 | 2 |3 | 4 10

O
=2]
-3
Qo
Qo

Cta I Dl x| xCrFrAdBIECTALD | B
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ON TAP CH UONG |
A. CHC CONG THUC RIEN DOI CAN THUC

1) JA xdcdinh < A>0

| A néu A>0
2) VA? = |A] =l

~A néu A <0
3)
Piéu kién Céng thuc Muc dich
A>0,B>0 JAB - JAJB Khai phuong cia mot tich.
A JA
A>0,B>0 \/: = — Khai phuong cia mot thuong.
| B /B P g g
A>0 AVB = JA®B Pua mot sd duong vao trong can.
B>0 .
A<0 AJVB = - JVA®B Pua mot 'sr‘)' 4m vao trong can.
B>0 b A\/ﬁ_ Khir mau cuta biéu thic 14y can.
JB B
i : 7B = \/i - f Truc c&n thic & miu.
A>0,B20 |YA+VB -
o 1 _JA+VB Truc can thic 6 méiu
J_ VB A-B ‘ :

4) (VA =A (A20) hoac VAVA = A (A20)
5) Phudng trinh VA = B < B > 0 (diéu kién)
| A g
6) Cac hang ding thic
a) ¢ (a+b)?=a’+2ab+b?
e (a-b)’=a’-2ab+b’
x '(a+b)(a—b)=a2_b2
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(a +b)® = a® + 3a%b + 3ab? + b?
(a - b)® = a® - 3a%b + 3ab® - b®
a® + b’ = (a + b)a® - ab + b?)
a® - b’ = (a - bXa® + ab + b?)

b)

B. BAITAP
1. Tim gid tri cia x d€ biéu f.hﬁ’c 1-—— c6 nghia.
Ax>-3 - B.xs-3 C.x<3 D. x<3
2. Tim gid tri cia x dé biéu thic 9 c6 nghia.
A.3<x<5 | B. -5<x<3
C. x<-5hoacx>-3 " D. x<-5hoacx >3

8. Tim gid tri cia x dé biéu thuc \/xz ~7x +10 c¢6 nghia.

A.2<x<5 - , B. x<2hoacx>5
C.-5<x<-3 D. x <3 hodcx >4

4. Tim gid tri cha x va y dé biéu thic \[x2+8x+y2+18y+97
c6 nghia. . : ‘
A.x>2;y<9 B. x<4;y>9
C. V6i moi x,'y thuoe R D. A), B), C) déusai

5. Tim gid tri cia x dé biéu thic V3x-1-vV2x-3+Vx?+2x+3
c6 nghia.
A. xz% B. xz-;i Oi' Vi moi x DI K&t qua khae

~b+4Ja+4vb .
6. Rut gon: M = 2- 2~ vGia,b>0
= Ja-Jb+4

A.M=Va+'b . B. M=va-b.
*C.M=Va+vb+4 D. M=Va-vb-4

7. Khing dinh nao sau day sai?
A.Né&ux <0 thi 3Vx? = -3x.

B. Néux<7thi -y(x-7%=x-7
C. Néu x> 3 thi (x + V3).yx% - 2J3x + 3 :x2;3
D. Néu0 <x <y thi J(x/;—\f)—f)z.(\/;+\/§)2=x—y
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8. Rut gon: P = \/p_(+ 2Jx -1 + \,/x~2\/x -1

A.Néux22thi P=2Jx-1 B. NSulsx<2thiP=2
C. A), B) déu dung D. A) ding, B) sai
9 9
9. Rat gon : E = ‘—\/
\/(1"x/§)‘2 1+ V3)?
AE=-2 B.E=3 C.E=1-v3 D.E=3/3+1

* Cho Tz\[x+4\/x—-4 +\/x—4\/x—4

Hay chon cau tra 1oi ding trong cdc bai 10 va-.11.
10. Tim gi4 tri cta x dé biéu thuc T ¢6 nghia.

A.x>4 B. x<-4 C. x>8 D. x<-8
“11. Rat gon T ta dugce: |
A T=2/x-4 | B. T=4+Jx-4
C. T=Vx-4+2+|/x-4-9| D. A), B), C) déu sai
12. Cho P = Vox® —6x + 1
6x — 2

Khéng dinh nao sau day dang?

A. Néu x>lthiP=—l~ B. Néu x<~1~ thiP:-——l—
: 3 2 , 3 2
C. Néu x:% ¢hi P = 0 " D. A), B), C) déu sai
2x +1 \/; ' 1+\[x—3
* Cho Q=|— - ~Jx |véix>0vax=1
% ((&)3-1 x+\/;+1](1+\/; J

Hay chon cau tra 11 dung trong cédc bai 13 va 14.
13. Rat gon Q ta dugc:

A.Q=2Vx+1 B. Q=vVx-2 C. Q=vVx+1 D. Q=+x-1
14. Tim x dé Q = 5. K&t qua nao sau day dung:

A.x =36 - B. x=40 C. x=48 D. x=64

~5Jx
4(x +3)

A.x=-124 B. x =128 - C. x=.144 D. x=-144

15. Cho M = (x> 0). TﬁmxéaochoM=—--1
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3+4J§ :
16. Rut gon : P =
HRE J6+v2 -5

A.P=J6-V2-5 B.P=v6+J2+5
C. P=J/6+5 ; D.P=J5-V2
17. Tap nghiém cta phuong trinh @2 =) = 2413 = 0 la:
A.S =0} B. S={-1;1) C. S=(-4;4) D. S=0
18. Tap nghiém cta phuong trinh Vx2 -16 -Jx-4 =0 la:
A.S=(-3 B. S = (4] C.5=(-3;4 D. S=0
19. So sdnh /25 + 169 va /25 + 169
A V25169 - VZ5 + 69 B. 257168 <25 + V169 -

C. J25+169 > /25 + /169

20. Tép nghiém cta phuong trinh ¥x-1+1=x la:
A.S=1{0;1] B. S={1;2] C.S={0;2 D.S={0;1;2

DAP AN

Bai 1 2 3 .4 5 6 7 | 8 9 10

Cawt-e:lip gl Bl A -p el B A

Bai | 11 [ 12 | i3 | 14 {156 | 16 | 171 18 | 19 | 20

Cw|C | A|D|A|[C|B|C|B|B|D
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HUGNG DAN GIAI

1. CAN BAC HAI
1. (©) J0,0081 = 0,09 vi (0,09 = 0,0081

2. (B) Ta c6: 36 = 6° nén V62 1a can bac hai s6 hoc ciia 36

3. @
A. Sai vi cidn bac hai cuia 121 13 11 va - 11
B. Sai vi can bac hai caa 144 1a 12 va — 12

C. Sai vi ta khong thé viét V169 = +13. Viét dang la: + 169 = +13
4. A.S|ViJ/25-5.Dod64 <25
B.|D|Tacé: 6 = /36 ma V36 <39. Vay 6 < V29
C..P|Tacé:2=1+1 =+1+1
Ma V1 </2.
Nén \/I+1<\/§+1.Véy2< J2 + 1
D.|S|Tacé:1=2-1=+4-1
Ma V4 > 3
Nén V4 -1>+/3-1.Vay1> /3-1
* Ghi nho: Véi hai s§ avab khong am, tac6:a<b< +a <vb
5. ©
A.Doa>0val>0nén va va V1 déu xdc dinh va déu 1a
s6 duong

Tuta>1(gt)néna- 1> 0, taco:
a-1=(a)}-12=(a+1a-1
Via-1>0vaJa+1>0
Nén va-1>0=+va >1

B. Tif cu A), ta ¢6: Va > 1
Nhan hai vé cia bat déng thic trén véi Va (Va > 0), ta du’dc

Jaa>va o JaZ>Va o a>a
6. @ Lap luan tuong tu bai 5
A), B) déu ding. |
7. ©Vix=0(gt)va8>0,taco: (Vx)? <8 = x <64
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' - J7-2,645~2,65
8. @Tacé:x?,::7:> n 7 , :
, , Xy = -7 ==2,645~ - 2,65
= V7 ‘=\/2 65 = 1,627
9. B Tacox’= V7= ol
: ‘ Xp = - V7 = —/2,65 = -1,627
10®Tacé Jx 20 va - 2<0:>\/;¢ 2
Vay phuong trinh vé ngh1em

2. CAN BAC HAI VA HANG BANG THUC VAZ = |A|
1. O

A. V3x xdcdinh© 3x>0< x>0
B. V-9x xdcdinh & -9x>0<x<0

' __!"'
.x‘o x4c dinh < ok

>0 <:>x—5>0<:>x>5

xac dmh o

>O..Do—4.<0nénx-—7<0<’:>x<7

2. A.Diéu kién x4c dinh ctia (-3xy? 1a x < 0

B. Diéu kién x4c dinh ctha J5 4x la x

»hlcn

C. Piéu kién xdc dinh ciia vxZ -81 13 x <— 9 hosicx > 9

D. Piéu kién xdc dinh cua 5:: —2_1 lay> é vaxz0
: X

' g 2 :
3. ©Diéu kién x4c dinh cha th glilé : ;120.
87 ey

Méa2+1>Ov6imgia.Dod6‘a3>O<:>a>0

3 _ LIRS O R
4. @Ta c6: Q—x) . biéu kién xdc dinh cta (12 3 - la (12 X) >0.
x? +3 | ; X +3 X“+3

MaX2+3>0voimgix
Dod6(1-x°>0e1-x>0x<1
_5.@Ta-cc’)':x2+x—6=x2——2x+3x——6
=x(x-2)+3x-2)=(x-2)x + 3)
Piédu kién x4c dinh cia Vx® +x -6 la:
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X +x-6=(x-2)x+3)20

x-2<0 x-220 x <2 oo x22
s hoac o hoac
x+3<0  x+320 X<-3 1x2-3

< x<-3hoacx>2

6. D | '
A. 8+2J15 =3+5+2J15 = (V3)* + (V5)* + 235 = (V3 + V5)?

B.J2- V32 =2-V3 (2>V3 nén2-V3>0)

C.V6-2V5 =\1+5-2J5 = JW1)? + (JB)2 - 25
:mzﬁ‘q (vi1<+5 nén1-v5<0)

D. J10-4J6 = Ja4+6-46 - 22 + (V6)2 - 4.6 “
.:m=\/§—2(vi2<6nén 2-J6<0)

7. (B) Giai phuong trinh Vax? = x +1 (%)
Pbidukien:x-120ox>-1

2x =x+1 x =1 (nhén)

M eo2lxl=x+1eo &5 1 X
‘ 2x = -(x+1) x=—§(nhe_1n)

Vay nghiém cua phuong trinh la: x = 1va x = ,%

8. @ Giai phuong trinh vx© +6x+9 =3x-1 (*)
Pidu kién: 3x — 120 & x 2 —;-

() Jx+3)?2 =3x-1 < |x+3| =3x-1

[x+3=3x_1 [2,(:4 X = 2 (nhén)
<>

= A
x+3=1-3x 4x = -2 . x:;—~2—(loal)
Vay nghiém cta phuong trinh (*) la: x = 2
9. B Tacs: P=2(-3°+4-2° =2(-3) + 4(-2)*
=2.3%+4.2" =54 +64 =118

o 2
10.D) Tacs: Q== *3‘/5;”3 (DK : x # +3)
_ o
x% +2.x43 + (V3)? . (x + V3)% _ X + /3

S -3 x+VB)x-V3)  x-8
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1.

2.

7.

30

3. LIEN HE GIUA PHEP NHAN VA PHEP KHAI PHUONG

® .
"A. J5.4/80 = /5.80 = V400 = 20

B. \/90.6,4 = /0.10.6,4 = /9.64 = V9./64 = 3.8 = 24
C. V21,82 -18,2% = (21,8 + 18,2)(21,8 - 18,2)
= /40.3,6 = V4.36 = 2.6 = 12

@ Tacs: M = 117,57 - 26,57 - 1440
_ JA17,5+26,50117.5 - 26,5) _ 1440
=/144.91-144.10 = J144.(91 -10) =+144.81
=12.9 = 108 |

. © Tac6: N =.146,5% 109,52 + 27.156

= J(146,5 + 109, 5)(146,5 — 109, 5) + 27.256
= J256.37+ 27.256 = \[256.(37 + 27) = /256.64 = 128

B Taco: T =y7+13.47-VI3 = (7 +13)(7 - V13)
7 (137 = 3913 - V36 = 6

. D Tacé: E=3V5(2-2)+(3+5)"-310

=310 -6J5 +9+5+6V5 - 3J10 = 14

S NIOENIE 0 R NID L
@Tacé. P—2J5+\/ﬁ_\/§.\f§.\/g+\/3—8—( 2=4242)

__ N10+V19 J10+V19 1
V2010 +42419  V2(410 +19) V2

@Ta 06: M=Jx73.J%x-5 ¢b nghia

> (x> - o
Jx+3_0<:> HiE 3<:>x25 {1).: -
x-520 |x25

d

N = J(x + 3)(x - 5) c6 nghia

x+3<0 3 x+320 x<-3 x>-3
hoac = hodc -
x-5<0 x-5620 Xx<H x25
& x<-3 hoac x25 (2)

Ti (1) va (2) suy ra: x 25 thi M va N déng thoi ¢6 nghia



8. (O)Taco: 4vx+4+ Vx> 16 =4Jx+4 + J(x + D(x - 4)
Piéu kién dé 4Vx +4 conghiao x+4 >0 x> -4 (1)
Diéu kién dé /(x + 4)(x - 4) c6 nghia: '
o (x+4)Xx-4)=0 '

x+4<0 x+42>0 x<-4 X>-4
o hoéc < hoac
x-420 x<4 Colxz4

x-4<0
< x<-4hoacx=>4 (2)
Tu (1) va (2) suy ra x > 4 thi bi€u thitc da cho c6 nghia
9. @Tacé:
o VBB VB V16 B4 VB+ B+ B yasVE
N2 43+ 4 - N2 + 3+ 4
_(\/§+J§+\/Z)+(\/E+\/§+J§)
) J2 + V3 + 4
+V3+V8)+V2(V2+V3+V4) (V2 + VB + V)1 +2)
V2 + 3+ 4  V2+3+44
=1++2

10. A.|[P|Vx-8=1x-8=1x=9

B.|S|V3x-5=-4 vi /3x-520va-4<0nén V3x-5 #-4
Vay khong tén tai x
C.|P|V/2x-3=V6=2x-3=5o2x=8cx=4

D.|S|Vx?+1=1x*+1=1x*=0x=0

4. LIEN HE GIUA PHEP CHIA VA PHEP KHAI PHUONG

1. ©
T &

C. \/480000 480000 _ 1600 =
J300 300

J125 1 565 3
,/23 P 2365 V2 -2
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. (A Taco: M=1,69.1,38-1,69.0,74 = /1,69(1,38 - 0,74)

([ . =41,69.0,64 =1,3.0,8 =1,04
2 2
. M Tacs: N-= JM _ {125 +100)(125 - 100)
400 202

pos s 199595 1155 18

oy 202 0 20 4

) 5 ..
.Tacé P-xy 4vor1x<0,.y;t0

xy
2 2 :
by it 5 = \/25 (vix<O0nén |x| =-x) =
S " P
f 2 4
' ©Q— 36(a - 4) 6|a 4| ]a | At B
144 12 2 2
(&\,Jrlul- i 2
©’T‘ac? E= g——Gi—Jr—zi—véix>3
(x-3)

_ [3-%? J[ x-3)P _ (x A A
(x - 3)? (x-372 (x—,3)

b x
..Taco F=(x- y), 7 =(x- y)\/ﬁy
(x“y) |x y|
Vix<ynén|x—y'=—(x—y)
Dod6 F = (x-y) (‘[_ = -Jxy
DUOUHS |

’ AR
.@Tacé T :; 1;2 = 22 (x<2)taix=-1
X X -

#(x-l)z+x2*2__‘-(x2—2x+1)+x2-—2
= 12 - x| X —2 % =9

2x 3 2( 1)-3
Xx-2 -1-2

)

w

9, @Ta b VaxZ+4ax+1l=5& J@2x+1)?'=5 o 2x +1|=5

2x+1=5 x=2
) <=
2x+1=+5 X=-3

-J5

g. VayT == taix=-1



10.(B) Ta c6: (3 - V13).3x > V2(3 - V13) (%)
Vi 3 <13 nén 3-13 <0
(Y 3x < V2.3 - IB)QX<—\/—§
(3-13) 3

Ban Tam da gidi sai ti budc 1 vi khi chia hai v& cia mot bat

didng thic cho mét s6 4m, ban Tam da khong ddi chiéu cda
bat ding thic doé.

5. BIEN DOI DON GIAN
BIEU THUC CHUA CAN THUC BAC HAI

0,1.4/40000 = 0,1.200 = 20
~0,005./62500 = (- 0,005).250 = — 1,25

3 3

11.99m? (—%).\/112.9.m2 :(—HJ.11.3.|m|=—9.|m’

et
csn?@

2. A.3v2 [>] V12 (vi 3V2 = V322 = VI8 > V12)
B. 75 4V3 (vi 7= 49,443 = V423 - J28)

e {5 7
c. L1 l<]llyiso |w
‘g 5
. —\/150 =6

D. %\/3—6‘— e\g VIIJ—_ ( \[ \/-

hodc = —-—26 2
otc 1 (55 \/;3

3. (B) Ta co: M=l\/5—3\/2_0+§\f55 =%\/5_—3\/22.5+% 325

_6J5+\/3':\/5—12\2/§+2\/5;;92§/5

N )

4. (&) Ta co: B
N = :;EJE 4 %Jﬁ —%.\/30 * %,/22.‘3 +%.\/32. = %.\/102.3

_85,12 5 40 5 _18/3+60y3-40V3 _38/3
57 3 15 15 15
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5. (O) Tac6: P =38x - 5J48x + 9V18x + 5v/12x
= 3J4.2x - 5J16.3x + 99.2x + 54.3x

= 6J2x - 204/3x + 274/2x + 10/3x = 33v2x - 10/3x

. @Tacé: ,/3){“2 =1 (%)
2x -1

Pidu kién xéc dinh cia (*) 1a; x < % hohs % = %

o T L LS D BN S W

2x -1
<  x =1 (théa man diéu kién: X2 —z-)
Vay phuong trinh ¢6 nghiém 1a x = 1
. @ Taco: Y2X23 (x) |
. V2x-1

X2 §- 3
Piéu kién xac dinh cta (*) 1a : 2 x22
s 1550

N w

Tugng tuf bai 6, ta c6 x = 1 (khong théa man diéu kién x >
Vay phuong trinh (*) v6 nghiém.
- ‘
8. (B) Ta c6: (—_;J x2 =3 & |—_,—7§ X

x =17
%=

=3

¢:>§.|x|=3 o x| =7 cr[

Vay nghiém cua phuong trinh la: x =+ 7
9. @ Do a va b khéng 4m nén Va va b xéc dinF’
Ta c6: (J_ Vb2 20 @ a-2Jab+b=0

a+b>2\/'¢¢a b Jab

10. @le a duong nén va xéc dinh.
2
Ta c6: J§> a———~>0@( ——)
B Ja
< ,

©a+l—2>0 S a+ —1—
a a
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6. BIEN POl DON GIAN
BIEU THUC CHUA CAN THUC BAC HAI (ti€p theo)

®
3 [87 =
R |
\/’ \/506 V300 1043 _ 543
6 3

[3a * [12ab 2J3ab ..
= véia,b>0
\f3b (3b)2  3b
2 ©

sl X

A. & _

500 V100.5 V10252 10.5 50
l+_]§— Ja-+1 \/a+1 i 5 5 0
a a

Y (T (R T RV T G B
C'\/v 12 _\/ '\/ 9252

6
D. 4(x - y)} -4( - )/3(’( y2) 4(x - y)\/B(x—y
(x -y (x-y)

=4,3(x-y) v6ix>y>0

15  15/7a _15J7a 15J7a
Jia Jia7a (2,2 1]a

-3 _ -3 _ -3 .-V2_ 2

B.|D =
JIB [ 32 o2 2
C ? -1 -1~ -V2m .=—\/2m
"™ 3/200m  30V2m 30Jigm)?  60|m|
_em om
(vim<Onén |m| =-m)
" _60m 60m
30 30 30V15
D. D — = - 2\/13
J36 V15 15
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A3 __3Y3-1) _3B-1 _3w3-1_343-1
B+l (VBB (B¥-12 3=1 2
1 5+5 _ 5+y5  5+J5 5445

e B 5-V5)5+v5) B52-(J5)2 25-5 20
f V3 (f1-V3)%
ﬁ+f T T+ BT -3
7+3+2\/§I _10+2\f2_1_5+\/ﬁ

TWTE-WBE 1.8 2
4
5. @ P- 1 = 1 i 1 |
J7+2J10 5+2+2J10  J(V5)2 + (¥2)2 + 25.42
) 1 s T V5 - 2
S J 5+ VB2 (5425 - V2)
Vi-v2 J5-42
T (B - (2)? 3
1 1 3+2V2 - (3-2V2)

6. T&Cé: = — =
® @ 3-2J2 3+2V2 (3-2V2)3+2V2)
~_3+2f 3+22 _4V2 _, &

—(2V2)? 9-8
* Cach khac: Ta c6:
: 1 s 3+2V2 =3+2J§‘
3-2J2 (3-2J2)3+2V2) 9-8
1
1 3-2V2 _3-242

3+2J2 (3+22)3-242) 9-8
i

> Q=3+2/2-(3-2V2) =42

iode oo,
7. Tac’:M:a (véia>0)
@ 6 gl v
_(a-2Va)Ya+2) _+Ja(a-2)Ja+2)
(\/5—2)(\/’+2) (Va - 2)(Va + 2)
1 8 - 2415
8- Ta‘C(’):N—v = = -
© (\/5+\/_)2 8+2J15 (8 +2V15)8 - 2V15)

8-2J156 _8-2V15 _4-415

- (2J15)2  64-60 2
3
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7

=2(J7-2) (vi 2<47)
-6427+ V12 -18/3+2J3 -16V3

fomie 2 ‘
9. A.[S QS(Zﬁﬁ) _ 27y = 42 - J1)? o

42 42 42
= _ = i, €
_-43 46 _ L,k v, .8
J2 2
C B\/g,\_@ 2 V8 V2 2V2 2.2 4
78 N1 T T
pl5]_6+42 = @+V2?  2+V2)
V26 +4V2 V2424422 V2(2+V2) PR
3¢, .d
:2+J§:2+2J§:1+\/§ o
V2 2 . TLE
10.(B) Tacé: P=2a”+2av2+1=(2a+1)? (¥ ;-;'1‘@

a:\/§ 1 (\/'—) +1 3 3\/§

N NN

Thay a = 3;@— vao (¥), ta dugce: '

(Jz 3J2 1]2 = (%—2 ¥ 1)2 =16

/

7. RUT GON BIEU THUC CHUA CAN THUC BAG HAI

1. D !

A. 4/16a - 3J25a + J/81a = 4V4%a - 3vV5%a + V92%a o o 'F @
=16Va - 15Ja + 9Va = (16 - 15 + 9)Ja = 10Ja
4 2 3 4 5

B. =J6 3\/:_5\ﬁ=~ 6 + 6 - f ( 1~—)\/5
3 VP T3 T2 3‘F+ 2

:(8+6—15]\/—:_§ TA@
6

1 1 [9 [25 V2 3J2 5J2 9V2
e a5+ 125= =+ ]2+ 2= 9
& \/;+ N \/;+\/;+\/: 2 "2 T2 g

4]
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2.@
NN RN N5 55 1405 f

@
(s net)a--sp

B. \/ZE.\/%+\/773@_0-5\P J2,5.70 + /7. 100-—f
-\/257+\/7100-~f_5\ﬁ+10\/” ﬁ

=(5+10—g)ﬁ=5;-9ﬁ

C. (V6 +V5)%2 -J120 =6+ 5+ 230 - V4.30 = 11+2~/_- 2f_ 11
D. (V28 - 23 + VTIWT + V84 = (247 - 2J3 + VI)VT + J21.4
= 3J7.J7 - 2347 + 2421 =3.7-2J21 + 2421 =21

8. B Taco: M= \f Vab - a\/7 (véia, b>0)

- ¥eb 3 - L b - fab |
. (O Ta co: Q:(ll_—x\}/;;+&J[ll—-\f} voix>0,x%1

=[1~x'\1/£:'/;f—x](11-_\ff =(‘(I—X)1t\/\/i‘(l—){))(1{_f)2

2(1-x)(\/’£+1)[1-&) Vx+DA-Vx) _1-
1-Vx 14X 1-

2.4
5. (B) Ta co6: M3x+y‘j 23 véix,y >0

y2 x2 + 2xy + y2

X+Yy x2y4 X+y xy2
T | ke e e i
y (x+y) y° Xty
6. M Taco: 9-4V5=2-V5)%; 9+4V5=(2+56)*
Do dé: N =y9-45 +9-4J5

:\/(2—\/5)2+\/(2+\/5)2‘ =’2—\/5|+‘2+\/5|
-J6-2+2+J5=2/5

=

—1

1-x
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7. @Tacé: x2—4x+_-_4_-—6~::0 &5 \/r(‘x—2)2 =6 < |x-2[:6

Xx—-2=6 X =8
= —
Xx-2=-6 X=-4

Vay tap nghiém cia phuong trinh da chola : S={- 4 ; 8}
8. ) Tacé: (3+Vx)2+x)=x+3

Piéu kién: x > 0 _

& 6+3Vx+2Vx +x=x+3 o 5/x =-3 (vo ly)

Vay phuong trinh v6 nghiém : S =&

9. @Tacc’): \/x2+6x+9=\[12+6\/§+\/12-6\/§

=N \/(x+3)2 = \/(3+\/§)2 +\/(E—'\/§)2
=N |x+3|:3+\/§+3~—\/§=6

Xx+3=6 X =3
& o
XxX+3=-6 x=-9

Vay tap nghiém caa phuong trinh 1a: S = (3 ; - 9}

10. Thay x = —? vao biéu thuc P, ta duge:

B B
4 38 f - N3
P = 2 + = 2
1+,/1+3‘f-§- 1- 1o 4208
4 4
1+_\/__§_ g ) 1+_.\/_.§._ g_:._\/é-
] o - Yt . T3
1+ 3)? la-32 |, 1+¥38 | V3-1
1+,/*——*_ QL L2 - >
4 4

_2+V3 2-V3 _(2+3)3-V3)+(2-V3)3+V3)

" 3+43 3-3 (3+/3)3-3)
_6-2/3+3/3-3+6+2/3-3/3-3 _6 _,

3% - (V3) 6
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8. CAN THUC BAC BA

3343 = Y(-7)° =

320,001 = 3/(-0,1)°

Q)
A 3729 =%9% =9
B.
C.
A

[s] 4327 - 12378 - 5¥1000 - 4"%/3_3 “123- 28 - 53103
=12+24-50 = -14

B.|S| 3%3 -9¥24 - 73375 = 3¥3 - 93233 - 7¥5%3

- 3%3 - 18%3 - 35¥3 = -50%/3

c.[B] ;¥a24T6 -2 - 2464 + 1 ”— ‘-

D.|S 3\/13 . 35 - \/_—9/— J135 5 - %/54.4
=307 -8016-3-6=-8
3. A.-4|<|¥64 (vi ¥64=4)
B.5|<| 3130 (vi 5=2%125) |
C..5¥6 |>| 635 (vi 635 = 31080 ; 536 = 3750)
D.-733 | =] 7¥-3 (vi —7%/5:@1029;7%/-»3:%1029)
Taco: M =— = = —
B \/_\/32 Y32 3
3 3
5. @ Tacs: N-= i ‘[3—3 Y3 +1
¥3 +1 (%+1)(\[E3-2~§/_3-+1)
Yo-¥3+1 Yo-¥3+1
, _ (¥3)% +13 4
o B Y
6. Tacc’J:Pz3 3 = 3(J;+2J5+4)
- I-2 (5 -2)3s2 + 295 + 4)

"§-3(325+2§/5+4)' ¥oE s 2UE
= ; — =425 +295 +4
(35)°% - 23
—3
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7. © Tac6: 3-3x =-1 < (-3x)3 = (-1)°

& =-3x=-1 o x= _VéyS:w{l],

EY

1
3
sl Yx+1¥ =1 x+1=1x=0

8. @Tacé: %’fx3+32+3x+1
Vay S = {0}

9. @Ta co: %/(x~2)(x2 +2x+4) =0
= m:OQ(M)Q’:O@ XX-8=0= x*=8c x=2
Vay S = {2}

10.(B) bat x=¥3+1

o x-1=93 & (x-1° =3

o xX¥-3x%+3x-1=3x-3x*+3x-4=0

Vay ¥3+1 1a nghiém cta phuong trinh x* — 3x°+3x-4=0

ON TAP CHUONG |
3. Vx2 —7x +10 c6 nghia <> x> - 7x+ 1020

< (x-2)x-5)=20

x-2<0 x~220 x<2 o x=22
& hoac : o hoac
x-5<0 520 x<5 X>9d

< x<2hoicx25 \
4. ©'\/x2—8x+y2+18y+97 C(’)nghia<:>x2—8x+y2+18y+9720 '

&> x*-8x+16+y* + 18y + 8120
e (x— 4%+ (y +9)% 2 0 v6i moi x, y thuoe R

5. J3x -1 -2x -3 + Vx? + 2x + 3 ¢6 nghia:

v

3x-1>0 =

<= 32x-320 &4

v

X

N ol
5 ;
v

(SRR

x2 +2x+320

(x +1)? +2 > 0 v6i moi x
8. ©Tac6: Pz\/x+2\/x—1 +\/x—2\/x—1+1
e x-1+420x—1414Wx-1-2Jx-1+1

:\[(\/x—1+1)2 +\ﬁ\/x—1—1)2 :|~/X~l+1l+|~fx—1—ﬂ
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* Neux>2tacé: P=vx-1+1+vx-1-1=2Vx-1
* Néul<x<2,tacé: P=vVx-1+1+1-Vx-1=2
13.®Tac6:
3
Q=[ 2x3+1 = Vx ] 1+\/x__\/— viix>0vax=z1l
Wx)P -1 x+Jx+1){ 1+%
Rut gon tung thia sf, ta c6:
2x+1  Jx  2x+1-Vx(x-1)
Wx)P -1 x+Vx+1l (x-DE+Vx+1)

- .2x+1-x+\/; . X+Vvx +1 _ 1
Wx-Dx+Vx+1) (x-Dx+Jx+1) Jx-1

1+\/x_3_\/§:1+x>/;—\/;(1+\/;)=1+x\/;*\/;~—x

1++x 1+x 1++x
_Vxx-D-(x-1 _x-D/x-1)
1+Vx Jx +1

1 x-DEx-1D  x-1 (x-DWx+1) |
e o PN P R oo e D AT L
3+443 3+4yJ3
ok C e o i - e
__ (3+4J3)(V6 +2)+ V5]
[(V6 +2) - VBI(V6 + V2) + 5]
_ (3+4V3)V6 + V2 +5)
(V6 +2)? -({)?
=(3+4J§)(J§+J§+J5):J§+\[§+\[g
3+443 '




Chuong .  HAM SO BAC NHAT
Vin dé 1. NHAC LAI VA BO SUNG CAC KHAI NIEM VE HAM SO

A.  KIEN THUC CAN NHO

1] Khai niem ham sé
¢ Néu dai luong y phu thuéc vao dai luong thay déi x sao cho vdi méi

(2] B8 thi ham s&

gld tri cua x, ta luén xdc dinh dugc chi mét gid tri tuong ung cia y
thi y duoc go. la ham 86 ciia x va x dugc goi la bién sé.

Ham sé ¢o6 thé dugc cho bang bdang hodc bdang céng thiic.

Khi ham sé dugc cho bdang céng thitc y = f(x), ta hiéu rdang bién sé
x chi Iy nhitng gid tri ma tai dé f(x) xdc dinh.

Khi y la ham s6 ciia x, ta co thé viét y = fix), y = g(x), ...

Khi x thay déi ma y luén nhdn moi gid tri khéng déi thi y dugc goi
la ham héng.

Vidu: Chohamsdy = f(x) = -g—x - 3. Tinh f(0), f(-1), ﬂ3j, fl-4).

Giai
2 2 11
0)=—0-3=-3 f ez S f=1) =8 e
e f0) 3 fl— 1) 3( ) 3
2 2 17
=—-.3)-3=-1 ~4)==(-4)-8 = ~—
o f(3) 3(3) o fl-4) 3( ) 3

D6 thi cia ham s6 y = fix) la tdp hop tdt cd cdc diém biéu dién cdc
cdp gid tri tuong ung (x; f(x)) trén mdt phdng toa dé.

ya
f(X)T ............. . M dé thl ham s&
y = f({x)
’_ >
0O X 2
Vi du: (Hink mé td)

Cho ham s6 y = flx) = -—}-1« (*) va cac diém A(1 ; 3), B(a;%),
x._

C(0 ; 2). Piém nao (trong cic diém A, B, C) & trén d6 thi ham sd (1).

43



*

Giai

Hamsé (1) xdcdinh o x - 120 x 21

— Diém A c6 hoanh d6 x = 1 ma ham sd (1) khéng xac dinh tai

x = 1 nén diém A khong & trén d6 thi ham s6 (1).

¢

EJ Ham sé ddng bién, nghich bién

.VB='1”
- Diém B | ) 2— 4 _1:>YB:xBl—1
X~ Bl 2
Vay diém B ¢ trén do thi ham sd (*).
A Yo =2 )
- PiEmC ¢ 1 1 = yc #
=1 =l R

Vay diém C khong & trén dé thi ham s& (1)

Cho ham sé y = f(x) xdc dinh trén tip s6 thuc R

Ham sé déng bién

Ham sé nghich bién

Néu bién x tang 1én ma gia tri
tuong ung f(x) cing tang lén thi
ham s6 y = f(x) duge goi 12 ham

s6 dong bién trén R.

Néu bién x tang lén ma gis tri
tuong ung f(x) lai gidm xudng thi
ham s y = f(x) duge goi l1a ham

s6 nghich bién trén R.

V61 x,, x» bat ki thuoc R

Né&u x; < x ma
flx;) < f(xy) thi ham s6 y = fix)
dong bié€n trén R

Néu x, < x, ma

nghich bién trén R

flx,) > fixy) thi ham s6 y = f(x)

e

Vi du 1: Ching minh ham s6 y = fix) = 2x — 5 dong bién trén R.

Giai
L&y x;, x e R
¢ X; <Xy 2X) < 2%y = 2%, — 5 < 2%y - 5 = flx;) < fxy)
Vay ham sd y = f{x) = 2x — 5 dong bién trén R.

Vi du 2: Chimg minh ham s6 y = fix) = - 5x + 1 nghich bién trén R.

Giai

Lay x;, x2 € R

* X1 <Xp=— 5% >-bxy= - 5% +1>- 5%+ 1= flx;) > flxy)

Vay ham s6 y = f(lx) = — 5x + 1 nghich bién trén R.
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R. RAITAP
. Hay dién vao chd trong (..) dé duge khiang dinh diang :

Cho ham s bac nhat y = f(x) vdi x;, xo 12 cdc gid tri bat ky cha x
thuoc R.

A. Ham s& bac nhat y = f(x) xac dinh v&i moi ... thudc ...

B. Néu x; < xp ma fix;) < fix,) thi ham s6 y = f(x) ...

C. Néu x; < xp ma flx;) > fixs) thi ham s6 y = fix) ..

. Cho ham s8 5 = fx) =§x. Tinh f-2) : f0) : f(4).

Khing dinh nao sau day dang ?

A. f(~2):—g " B. fl0)=0

C. fl4)=3 D. A), B), C) déu dung
. Cho ham s y = f(x) = —?lz—x +3. Tinh f-2) ; f(0) ; f(—;—] ; f(6).

Khang dinh nao sau day sai ?

A fl-2)=4 B. fi0) = 3 C. f(—;-) =a§ D. f(6) =0
. Trong cac diém dudi day, diém nao thudc dd thi (D) ciia ham s8 y = 3x
A M- 1:3) B. N(%;IJ C. P(u—é;%) D. Q-3:9)

. Cho bon diém: E(1; - 2) ; F(-2; -1), I(3; —3) va H(0; 3). H6i diém nao
ndm trén doé thi (D) cia hAm s0 y = — 2x + 3

A.EvaF B. Eval C. FvaH D. IvaH
. Db thi (D) ciia ham s5 y = i—x 12 hinh nao dudi day:
AY AY
(D)
ML S 4 .
> Ol : ,X
0 4 X . 1 ........................
(D)
Hinh 1 i Hinh 2
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ANY AY
(D) (D)
1¢
0’5 ...... ) _ 2 .
Al 1 4 0 %
............ _9
Hinh 3 Hinh 4
A.Hinh 1 B. Hinh 2 C. Hinh 3 D. Hinh 4
7. Pudng thing (D) trong hinh vé 1a d6 thi cia ham sd nao du6i day :
4 (D)
B.y=- 9 X 3
g 0 %
C. y=-=x
2
b e e R L S IS ST, M
y 3 X 4
8. Cho ham s6 y = ax. Tim hé s6 a, biét ring khi x = % thiy = ——é
A.ax-1~ B.a:-l- C.az-?— D.az§~
. 2 ; 3 3 2
9. V6i gid tri nao cia m dugi day thi y = o +3 1a ham sd bac
nhat.
' 3 3
A.m=4 B.m=z C.m;tz D. m=#5

10. V6i gid tri ndo cta m dudi day thi y = V5-m.x 13 ham so
bac nhat.

A.mc5H B. m>5 C. m=5 D.m¢5
DAP AN
Bai 1 2 3 4 5 6 7 8 9 10

Cau | x D C B |D| A C C D | A
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Vindé 2  HAM SO BAC NHAT
n. KIEN THUC CAN NHO

. .
LU Pinh nghia
Ham sé6 bac nhédt la ham s6 cho boi céng thic y = ax + b, trong
dé a, b la cdc s6 thie cho trude va a =0

Vi du: Ham s6 nao trong cdc ham so sau la ham s6 bac nhat :

a) y::—2~+3 b) y:i+3
X 2
c) y:\fB‘;v—l d) y:x\/g-l
Giai

Cac ham sd bac nhatla : e y:%+3 [azé va b=3)

o y= xv6-1 (a=+/5 vd b=-1)
(2] Tinh chat
Ham s6 bdac nhdt y = ax + b xdc dinh vdi moi gid tri ciia x thuéc
tap hop R va co tinh chdt :
a) Péng bién trén R khi a > 0.
b) Nghich bién trén R khi a < 0.
Vidu:
e Hamsd y = 2x — 3 la ham s6 dong bién trén Rvia =2 > 0.

1-x

e Hamsdy-= 1a ham s6 nghich bién trén R vi a = —% < 0.

B. RAITAP
1. Ham s6 nao dudi day la ham sd bac nhat :
A.y=—3x2-;1 B. y=ex- 1
x+1
C. y= JV3(x-4)+3J3 D. y=x(x-2)+5

2. Cho ham s& bac nhdt y = (m — 3)x + 4. Tim gid tri cGa m dé ham s6
dong bién.
A m=0 B. m<3 C. m>3 D. m=3
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. Cho ham sd béac nhét y = (—;— ~ 3m)x +10. Tim gia tri cia m dé ham

s6 nghich bién.

A.m>l B. m<— C. m:—l- ‘ D. ng
6 6 3

e

. Cho ham s& badc nhat y = ax+%. Tim hé s6 a, biét rang khi

3
x=1thi y=—.
y 4 |
A.az—l B. a=—§—
B 12
C. _az% * D. Mot két qua-khac

. Piém nao trong cdc diém M(- 2 ; 6); N3 ; -9) ; P[—%;B);

Q(~2; —8) nam trén db thi (D) cia ham s6 y = — 3x + 2.

A.M B. N C. P D. Q
. V61 gid tri nao cia m dudi day thi ham s6 bédc  nhat
y= 2 2 x +8 14 ham s6 dong bién.
m -2 :
A m=0" « B. m<+2
C. m>+2 D. m<-2hoacm > 2

. Cho ham s6 bac nhaty = (1 - V3)x -1

Puing ghi D, sai ghi S vao 6 tréng.

A. Ham s6 trén nghich bién trén R

B. Ham sé trén déng bién trén R
C. Khix=0thiy=-1
" 1-3

2

Khiy=0thix= -

.Chocéchémsﬁ'y=—%x;y=§x—3;y=~x/§x+1

Khéng dinh nao sau dé;r sai?

A. Cac ham s6 da cho déu xac dinh véi moi x thude R

B. C4ac ham so da cho déu dong bién trén R

C. Db thi cac ham s5 da cho déu 1a c4c dudng thing di khéng qua
goc toa do | |

D. B0 thi cha cdc ham s8 nay déu cit nhau tai diém c6 toa dd (0 ; 0)



9. Cho ham s8 y = — 5x ¢6 d6 thi la (D).
Khéng dinh nao sau day ding?
A.Ham s6 da cho nghich bién trén R
B. Db thi (D) ciia ham s6 di qua cac diém M(W% : 1} va N(% ; —?J
C. D6 thi cda ham s6 nam trong géc phan tu tha hai va tha tu
D. A), B), C) déu ding
10. Cho ham s6 y = /3x ¢6 d6 thi la (D).
Khing dinh nao sau day sai?
A.Piém I thue (D) c6 hoanh d6 la —V3 thi tung do cia I 1a - 3
B. Piém H thudc (D) c6 tung d6 1a V12 thi hoanh dd cta H la 2

C. Diém E( J khong thuge dé thi (D)

NN
J6

D. Khodng cach tir diém E dén diém.O (goc toa do) 1a )

DAP AN
Bai 1 2 3 5 6 7 8 9 10
Cwu|/C | C|A|D|C|D|x|B|D]|C

=

Van dé 3. PO THICUAHAM SO y = ax + b (a = 0)

A. KIEN THUC CAN NHO

|_1_| D6 thi cia ham s6 y =ax + b (a #0) la nét duong thdng cdt truc
tung tai diém cé tung dé bang b va :

e song song voi duong thdng y = ax néu b =0.

e trung vdi duong thdng y = ax néu b = 0.

= Chuy
Pé thi cia ham s6y =ax + b (a #0) con dugc goi la duong thdng
y = ax + b; b duoc goi la tung dé géc ciia duong thdang.

@ Cach vé dd thicilahamséy=ax +b (a=0)

e Truonghgp 1:b =0tacéy = ax
P6 thi cia ham s§ y = ax 12 dudng thing di qua géc t(_)é do O(0; 0)
va diém A(1; a).
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Y y
A (D) +
0 - 1 7\X Al i A
: D
a>0 a<0 (D)

Trudng hgp 2: y=ax+bvdiaz0vab=0

Pé vé d6 thi ham s6 y = ax + b ta chi cdn xdc dinh dudgc hai diém
phan biét cia dudng thing réi vé duong thing di qua hai diém do.
Trong thuc hanh: Ta thu’ijné xdc dinh hai djiém dac biét la giao
diém cha db thi vdi hai truc toa do.

Budc 1

e Chox=0tacéy=Db,tadugc diém A(0; b) € Oy

® Choy=0tacéx=~E,taduchié°mB(—E;0)eOx
a a

Budc 2 V& dudng thing di qua A va B, ta duge d6 thi cia ham s&
y=ax +b.

b
o

a>0

Vidu 1: Ve d6 thihams6y =2x -3
Giai
P6 thi ham s6 y = 2x — 3 1a dudng thing (d) cdt truc Ox tai diém

A(g ¢ O) va cit truc Oy tai diém B(0 ; -3).

y

5

o=V

“.73
Vi du 2:

Tim ham s6 y = ax + b biét d5 thi ham s6 nay 1a dudng théng (d)
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nhu hinh vé.

¢ Dudng thiang (d) cit truc tung tai diém M(0 ; 2) nén b = 2.
e DPudng thing (d) qua diém N(-3; 1) nén :

yn=axn+bol=a-3)+2e 1=-3a+2 e a=313u

Vay ham s6 phaitimlay = %x + 2.

R. BAITAP
1. Pudng thang nao du6i day 1a d6 thi cha ham s§y = - 2x + 5
AY YA
2
o] 1 x =
X
(D,)
y,
O\ N (Do
5 5
9) 5 x 5 0) :;
2 2
A.(Dy) B. (D) C. D)  D. (Dy
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2. Pudng thing AB trong hinh vé dudi day 1a d6 thi ctia ham sé:

A.y=—§x+3 )
2
2
B. y:§x+3
C.y=2x+6
D.y=-2x-6 >
3. Cho ham s6 y = — 4x + 2 ¢6 do6 thi 1a (D).
Khéng dinh nao sau day sai?

A. (D) cit truc hoanh tai A(% , o).

B. (D) cit truc tung tai B(0 ; 2).
C. (D) song song v6i do thi ciia ham s6 y = 4x.
D. (D) di qua diém M(- 1 ; 6).

4. D6 thi (D) cia ham s6 y = 3x +% di qua diém nao sau day ?

A.M(_l}—l-) B. N1;9) C. P(-z;ﬂ) D. Q(l;l}—)
9’6 . 3 2' 6

5. Pé thi (D) caa ham s6 y = —;—x +-;— cdt truc hoanh tai E va cit truc

tung tai F. Toa do cia E va F la:

A. E(-?; ;OJ,F[O;%J B. E(O;%],F(—é—;o)

C. E(—-z—;l),F(—l;OJ D.E(O;—l),F(—g;O)
5 5 5 5
6. Gi4 tri nao cta b dudi day thi db thi (D) cia ham s8 y = — 2x + b di

qua diém P(l . —1)
37"
A.b:% B paos. i iaObheor Doben

7. Gi4 tri nao cta a va b dugi day thi dé6 thi cia (D) cha ham sb
" y=ax+b di qua hai diém M(0 ; - 5) va N(1 ; - 4)
A.a'='4;b=2 B. a=-3;b=4
C.a=1;b=-5 D.a=-2;b=-5
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8. Vi gia tri nao cua m dudi day thi d6 thi (D) cda ham sé

y= x-3+ —}I_m di qua goc toa do.

A.m=- 10 B. m=12 C.m=-14 D.m=11
9. Ham sé nao dudi day c6 db thi 1a duong thing (D) di qua hai diém

P(-1;4)va Q2;-5)

A y=2x+1 B.y=—-4x+20.yz—x+% D. y=-3x+1

10. Cho ham s6 y = (3 —%m)x ++/5 (m 1a tham s&)

Pung ghi D, sai ghi S vao 6 trong :
A.[ ]Ham s6 da cho déng bién khi m < 6
~B. Ham sé da cho nghich bién khim > 6

C.| |Né&u d6 thi ca ham sé da cho cit truc hoanh tai diém c6

hoanh dé lax=2thim= 6-+5

D.| |Né&u dé thi cia ham s6 da cho song song v6i d6 thi cha

hamsﬁ'yzé—x thim:§

DAP AN

Bai | 1 | 2 | 3 6 | 71 81 9

-~
o

10

Cau | C A C D A B | C B D

Vindé4 o HAI DUGNG THANG SONG SONG
« HAI DUGNG THANG CAT NHAU

o HE SO GOC 2UA DUGNG THANG -

A.  KIEN THUC CAN NHO

[1] Hai dudng thing song song - Hai dudng thing cét nhau

(D):y=ax+b

Cho hai dudng théng :
0 hai ng ng {(D'):yza'x+b'

Ta c6 :
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%

®

(D) va (D) Piéu kién
Song song vdi nhau a=a'vabzb
Trung nhau a=avab=Db
C4t nhau aza

Hé s6 g6c cla dudng thing (D):y=ax+b

Khi hé s8 a duong (a > 0) thi géc a tao bdi dudng thing
(D) : y = ax + b va truc Ox 1a géc nhon. Hé s a cang 16n thi géc
a cang 16n nhung van nhé hon 90° (H.a)

Khi hé sb a am (a < 0) thi goc a tao bdi dudng thdng (D) : y =ax + b
va truc Ox la géc tu. Hé s a cang 16n thi géc o cang 16n nhung
van nhé hon 180° (H.b)

Vi ¢6 su lién quan gitta hé s§ a va géc tao bdi dudng thang
y = ax + b va truc Ox nén ngudi ta goi a la hé sé géc cua
duong thingy=ax+b

\Y

~

Hinh a Hinh b
Chi $
« Khi b = 0, ta c6 ham sé y = ax. Trong truong hgp nay, ta cting noi
rdng a la hé sé géc cia duong thdng y = ax ,
Cdc duong thdng c6 cung hé sé6 a (a la hé s6 cia x) thi tao vdi
truc Ox cdc géc bang nhau :
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6.

B. BAITAP

. Chocac duong thang : (D)) :y=—-x+1;(Dy) :y=x;D3) :y=—-x+5

(Dy):y=3x-4

Khang dinh nao sau day ding?

A. (D) L (Dy) B. (D) // (Dj3)

C. (D)) cat (Dy) D. A), B), C) déu ding

Véi gia tri nao cia m dudi day dé hai duong thang (D)) :y =@ —m)x - 1 va
(Dy) : y = — 4x + 2 cdt nhau.

A m=z5 B. m=7

C. mz#-6 D. m=7

Cho hai dudng thdng (Dy) : y = (é—m+1}x va(Dy) : y= —%x+3. Véi

gia tri nao cia m duéi day thi (D;) song song vdi (D)

A i o2 B. m--2 ¢ m-1 pm-1
1 1 3 5

. Cho hai dutng thdng (D)) : y = Vm +5.x+8 va(Dy) :y =2x - n + 1

Khéng dinh nao sau day sai?

A Neu(D)/(Dy)thim=-1,nz-7
B.Néu(D;)cdt (Dy)thim#-1vam>-5
C.NeuD;)=(Dy)thim=-1,n=-7

D. Néu (D) L (Dy) thi m = _%%
Toa do giao diém M cda hai dudng thdng (D;) : y = — 3x + 5 va

(D) :y=x+4la:

A.M(o;;l) B. M[}—;E) C. M(l;ﬂ) D. M(-z;l?i]
Ty 3 4] O 4’4 17

Toa dd giao diém N ctGa hai dudng thing (D) : y=i—x+§ va (Do) :
2
=—x-1 la:
y 3x
4
A.N(-4;§) B. NL4;§] C. N(f;—sJ D. N[-z;l}
5 3 3 3
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7.

Cho ba dudng thang: (D) : y = 3x ; (Dy) : y
(D3) : y'=-2x + 10

Khing dinh nao sau day ding?

A. (D)), (Dy), (D;) cét nhau tai ba diém phén biét

B. (D,), (Dy), (D3) cdt nhau tai mdt diém

C. (Dy) // (Dg) // (Dg)

D. A) ding ; B) va C) sa1

- X + 8 ;

. V6i gia tri ndo cia m dudi day thi ba dudng thing:

(Dy) : y:3x+% s (Dg) y:2x+§ : (D) 1y = (m — 4)x + 4 dong qui
tai mot diém:

Ay = B aus C. m=-8 D.m=13—7

. Cho hai dudng thdng (D;) : y = x + 1 va (Dy) : y = -/3x — 1.

Goi a va B 14n lugt 1a cdc géc tao bsi cac dudng thdng (D;), (Do) va
truc Ox. S& do cha a va B la:

A.a =50° B =40° - B. a = 45° B = 50°

C. a=60°p = 45° D. a = 45° B = 60°

10. Trén mat phadng toa do Oxy lay hai diém M(2 ; 2) va N(4 ; 0)
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Khéng dinh nao sau day sai?

A. Phuong trinh cia dudng thAing OM la y = x

B. Phuong trinh ciia dudng thding MN lay = x + 4
C. AOMN la tam gidc vudng can 7

D. Soun = 4em? (Pon vi do trén cdc truc toa do 1a xentimét)

DAP AN

[\
V)
-
o
m.
-3
Qo
Qo

Bai 1 10

Cau | D D A D C B C | A D B

y



ON TAP CHUONG Il

A. KIEN THUC CAN NHO

|1] Ham sé déng bién, nghich bién
Xét ham so y = f{x) xdc dinh trén tap R.

Ham sé dong bién Ham sé nghich bién

X l (x tang) X ] (x tdng)
1
y=f(x)i/' y=f(x)1 \
(x tang = y = flx) tang) (x tang = y = f(x) gidm)

e Vai x,, x, bat ky thuoc R
- Néu x, < x, ma fix,) < f{xy) thi filx) dong bién trén R.
- Neéu x; < x, ma f{x,) > fixy) thi f(x) nghich bién trén R.

y . f

A N\
f(XQ) £ f(xl)
f(X1) f(xz)

) )rl xi > X @) 3:(1 ;{2 -
\_a \q

Dang dé thi ciia Dang dé thi cia
ham sé déng bién ham sé nghich bién

[2]Ham s6 bac nhat y=ax +b (a=0)

» Tdp xdac dinh D =R
_ {Déng bién trén R khi a > 0.
» Tinh chdt
Nghich bién trén R khi a < 0.
» Do thi - |
a) P thi ham s§ y = ax (a # 0) 1a dudng thang di qua g‘b;c toa do O(0;
0) va qua di€m A(1; a). |
b) DPé thi cla ham s6 y = ax + b (a # 0) 12 dudng thing (D).
1"~ e N&u b # 0 thi (D) cit truc tung tai diém c6 tung do bing b va
song song véi dudng thing y = ax (b goi la tung dé goc)
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e Né&ub = 0 thi (D) trung véi duong thang y = ax.

y
y=ax+b A

@ Hé s6 goc cuia dudng thang
Trong mat phéng toa do, duyng thang (D) c6 phuong trinh y = ax + b
(a goi 1a hé s6 géc caa duﬁ:ng thang (D)).
Dac biét
a=0 = y=b, lic dé duong thdng (D) song song hodc trung vai
truc hoanh, ta bdo “duong thdng (D) ndm ngang”.

e b=0 = (D)= truc hoanh. ”

e b0 = (D)/ truc hdoanh.
y

h 4
Y=aX<\ = a>0 4y=‘ax
0\Y> /A/ i

90° < a < 180° 0° < a < 90°
E Quan hé gita hai dudng thiang g
‘ \ : (D): y=ax+b
Xét hai duong thang :
: (D): y=ax+ Db

a) (Dcit(D) o aza

a=a

D) // (D’
b) (D) // (D) <:>{b¢b'
, a=a'
c) (D)_=(D) o {bxb'

58



B. RAITAP
. Vai nhing gid tri nao cua m dudi day thi ham s6 bac nhat
vy = (m — 2)x + 4 dong bién :
A.m=2 B. m«<2 C. m>2 D. m=0
. V6i nhitng gid tri nao cua k dudi day thi ham s6 bac nhat
y = (4 — 3k)x + 1 nghich bién

3 4

A.k:% B.k:% C. k<> D. k>3

. V4i nhitng gia tri nao cta m dudi day thi dé thi cia hai ham so6
y=—-x+(1l+m)vay=2x +5-m cdt nhau tai mot diém trén truc
tung:

Am=2 B. m=-3 C. m=4 D. m=0

. Xac dinh ham s6 bac nhat y = ax + b. Biét rAng a = 3 va d6 thi (D)
ctia ham s6 di qua diém I(- 3 ; - 3)

Khédng dinh nao sau day dung ?

A.y:3x—-:1; B. y=3x+6 C.y:3x+§ D. y=3x-4

. Xdac dinh ham s6 bac nhat y = ax + b. Biét rdng dd thi (D) cia ham s

song song véi dudng thing (D) : y = J5x va di qua diém H(J/5;-3)

A.y=5x+3 B. y=\/5x+»§
C. y=5x % D. Mot két qu khéc

. X4c dinh ham s6 bac nhat y = ax + b. Biét rang d6 thi (D) cia ham s
di qua hai diém: M(0,5 ; 2) vA N(- 1 ; - 5,5)

A.y=5x-0,5 B. yz~3x+% C.y=5x-2  D. 'y=4x~f;3
. V6i gi4 tri nao cua m dudi day thi dé thi (D) cha hérﬁ s0:
y:(4—%m)x+m—4 cét truc Ox tai diém c6 hoanh do la x = — 1.
A.m=-4 B. m=5

C. m=6 D. A), B), C) déu sai
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8.Cho hai dwng thing (D) : y = (m - 3)x + 5 va
(Dy) :y = (1-%m]x+2n~1 |
Khéng dinh nao sau diy sai?
A. (D)) cit (D) & m¢%_ B.(D) // (Dy) & m :% van#3

C.(Dy) = (D;) & m:-g— van=3 D.(Dy) L(Ds) & m=0hoscm =4

9. Cho ba dudng thidng : (D)) :y=-mx +4 ; (D) : y = 2x — 3 va (D3):
y = x + 1. V6i gia tri nao cia m-dudi day thi (D), (Ds), (Ds) déng qui
tai mot diém. |
A.m=——1~ B.m:—l C.ng -

3 4 3

10. Cho ham s6 y = (1- 3m)x + 2m - 3 d6 thi la (D)

DPung ghi D, sai ghi S vao 6 trong:

A. Néu (D) di qua géc toa do thi m = —g—

B.| |N&u (D) tao v6i truc Ox mét géc nhon thi m > %

-C. E Né&u (D) cdt truc Ox tai (2 ; 0) thi m = —i_

D. Néu (D) cét truc Oy tai (O . -—;—) thi m = —I%

11. Xét bai toan : “Bing compa va thuéc thing, hdy néu cdch vé diém
P(V/3 : 0) trén hé truc toa do Oxy”

- Hay sdp xép moét cach hop li cdc clu sau dé c6 li‘ji gidi cua
bai todn trén.
a) Vé diém B(V2 ;1) ta duge OB = V3
b) Vé hé truc toa do Oxy
“¢) Ve diém A(1 ; 1) ta duge OA = J2. Ve cung tron (0; OA) cit
truc hoanh tai diém \/5
d) V& cung tron (O ; OB) cit tia Oy tai diém V3 dé la diém
P(0 : V/3) cén vé.
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Sdp x6p nao sau day hop i :

A.a);c);d);b)

B. b);c);d); a) /

C. b);c);a);d)

D. a);c);b);d)
12. Xét bai todn : “Vé dé thi (D) ctia ham s y =+/56x”

Hay sdp xép mot cach hop li dé dugce 131 giai cGa bai todn trén.

a) Ve cung tron (O ; OA) cit tia Oy tai diém V5

b) Ve diém B( ; V5) 7

c¢) Vé hé truc toa d6 Oxy /J§<

d) Ve diém A(2 ; 1) ta dugc OA = V5 1}

e) Ve dugng thing OB. D6 la dé

thi cia ham s6y = V5x

Sé&p x&p nao sau day hop 1i ?

A.c);a);b);d);e) B.c);d);a);e);b)

C.c);d);b);a);0 D.c);d);a);b);e)
13. V6i hinh vé da cho, hay cho biét cdu nao sau day sai ? y

A. (D)) la d6 thi cia ham sd y = - 2x

B. (D) la d6 thi cia ham s6 y = x — 2

C. (D3) 1a d6 thi cta ham sd y = —5% +1

Pl

D. (D)), (Dy), (D3) dong qui tai diém [*g . %)

14. D6 thi cta ham s6 y = |x| dugc vé nhu sau :

YA YA
2 |
2 0) 1 S
X N
-1 0 1 “x
| -
Hith 1 Hinh 2 Hinh 3
Hay chon hinh vé ding : 7
A. Hinh 1 B. Hinh 2 C. Hinh 3
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15. Dé thicta hamsdy = |x + 2| duge vé nhu sau : -

AN

%
Hinh 3
Hay chon hinh vé dung :
A. Hinh 1 B. Hinh 2

YA

@

— 2

Hinh 2

Hinh 4

C. Hinh 3

16. Do thi cia ham s y = 2x + J6 dugc vé nhu sau :

I\

o\

N
J6 .
J6
B
Ol -4
Hinh 3

Hay chon hinh vé diang :
A.Hinh 1 B. Hinh 2
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D. Hinh 4

C. Hinh 3

s

in

h 4

D.  Hinh 4
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17. Goi o la goc tao bdi duosng thang (D) : y = 2x + 6 v4i truc Ox. S6 do
cua o la : _
A. a = 60°43’ B. « =6326 C. aa=6523 D. o="7245
18.Trén cung mot mat phang toa do lay ba diém: A(1 ; 3) ; B(- 2 ; 0) ;
C(5; 0)
Khéng dinh nao sau day sai?
A. Géc tao bdi dudng thing AB vdi tia Ox cé s& do bang 45°
B. Géc tao bdi dudng thing AC véi tia Ox cé sd do bang 143°08’
C. S6 do géc BAC = 104°03'
D. Sapc = 10,5cm? (don vi do trén c4c truc toa do la centimét)

19. Cho hai dudng théng (Dy) : y = %x +2vaDy):y=-x+2

Goi A va B theo thi tif giao diém cda (D,) va (D,) vé6i truc hoanh va C
1a giao diém cia hai dudng thing dé (don vi do trén c4c truc toa do la
centimét)

Khéng dinh nao sau day sai?

A. S6 do cac géc AABC la : A = 26°33', B = 45°, C = 108°27'

B. Chu vi AABC bing 5,6cm

C. Dién tich AABC bing 6cm®

D. A), B), C) déu ding ‘

20. Cho ba dudng thdng: (D) :y=—-x;(Dy) :y =2x;(D3) : y = 4. (Dy)
cit (D;) va (D2) theo thi tu tai M va N. Tinh dién tich tam giac OMN
(don vi do trén cdc truc toa do 1a centimét)

Khéng dinh nao sau day ding?
A.Somn = 9cm®  B. Somy = 9,75cm?
C. Somn = 12cm® D. Somn = 14,5cm®

DAP AN
Bai | 1 2 3 10
Cau| C | D|/A|B|!D/|A|C|D/|B/| x

1o
D
op]
-1
o ]
el

Bai | 11 | 12 | 13 | 14 | 15 | 16 | 17 | 18 | 19 | 20
Cwm| C|'D|B|C|A|D|B|C]|B]|C
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HUOGNG DAN GIAI
1. NHAC LAI VA BO SUNG CAC KHAI NIEM VE HAM SO

1. DPién vao chd trong (..) :
A. Ham s6 bac nhit y = fix) x4c dinh v6i moi x thuéc R
B. Néu x; < x ma fix;) < fix) thi ham s y = f(x) dong bién
C. Néu x; < x; ma flx;) > flx,) thi ham sé y = fix) nghich bién

2. @Tacé:y=f(x)= -z-x

3 6 3
Ao —2 =—,—2 SRR .
fl— 2) 4(), 3 5
3 ,
B.fl0)= —-0=0
4
C.ﬂ4)=§-.4=3
4

3. @Tacé Ly =f(x) = ——;-x+3

A fl- 2) = ‘(_%).(—2)1»3 _4

B. f(0) = (-%).0+3:3

C. f[l):(-l).l+3=_l+3=ﬂ
2 2) 2 4 4

D. f(6) = (..-;-).6+3=—3+3=0

4. (B) Huéng dan cach giai. |

Xét xem diém A(x,ya) c¢6 thudc d6 thi (D) cia ham sd
y = ax + b (*) hay kh6ng ta lam nhu sau:
Thay gid tri cia xa ; ya vao (*)

— Néuys = axa + b thi A € (D)

— Né&uys #axa+bthi Ag (D)
Taco:(D):y=3x (¥

A.Thay xy = - 1 va yy = 3 vao (¥), ta duge: 3 # 3.(- 1)
Do d6 M ¢ (D) |

B. Thay xy = % va yn = 1 vao (*), ta duge: 1 = 3.%—

Do d6 N € (D)
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1 1 1 1
C.Th = —= vayp= — vao (*), ta dugc: — # 3.(»-)
ay Xp 6 va yp 9 vao a 3 2 6

Do d6 P ¢ (D)
D.Thay xq =—- 3 va yq = 9 vao (*), ta dugc: 9 = 3.(- 3)
Do d6 Q ¢ (D)
‘ @Tacé:(D):y=—2x+3 (*)
e Thay xg =1, yg = - 2 vao (*), ta duge: -2 # (-2).1+3
—
Do d6 E ¢ (D)

e Thay xp = - 2, yr = — 1 vao (*), ta dugc: -1 = (-2)(-2) +

>
Do d6 F ¢ (D)
e Thay x; =3, yg = - 3 vao (¥*), ta dugc: -3 =(-2).3+3
' -3
Dodé 1 e (D) _
e Thay xyg = 0, yg = 3 vao (*), ta dugc: 3 =(-2).0+3
3

Do dé6 H € (D)

. @Dc‘3 thi cia ham s6 y = ix la dudng thdng (D) di qua goc toa

X ANy
dd va qua diém thi hai A4 ; 1)

* Ghi chu: Ham s¢& y:%x cb

dang y = ax [a =—i—) bé diém

thi hai A c6 toa do 1a cac sé
nguyén (4 ; 1) ta cho x, bing
mau sd cia a (xa = 4).

Suy ra y4 = 3.4 = 1. Khi toa dd cia A 1a céc s6 nguyén sé giup ta

vé diém A trén hé truc toa do nhanh, chinh x4~ hon.

. (O Puong thing (D) di qua gdc toa do O(0 ; 0) nén (D) la dé thi
cia ham s6 y = ax. (D) con di qua M(3 ; — 4) nén toa dd cha

M nghiém dingy = ax. Tacé: -4 =ad4 o a= —%
Vay dudng thdng (D) 1a d6 thi cia ham sé y = —%x
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8. ©Thay x:%va y:—% va y = ax, ta cé:

el 1 ( 1) 1 2 ¢ 2
-—=a—-oa=|-—-|:—=-—.Vaya=-—
{ 6 4 6/ 4 3 3
9. @Dé’ V= s x+3 la ham s6 bac nhdt khi hé s6 cia x 1&
-3m
1 #0.
4 - 3m _
1 ! ¢ 4
Ma #0 khi4 -3m =0 hay m # —
4 - 3m 3

Vay khi m = i;-, thi ham s6 d# cho 1a ham s bée nhat.

10.@ Pé y=+v5-m.x la ham sd bac nhiat khi hé s§ cha x 12

V6-m # 0. Péng thoi d€ V5-m #0 c6 nghiakhi 5-m >0
Tudésuyra:5-m>0emc<b
Vay khi m< 5 thi ham s6 da cho 14 hAm s8 bac nhéit

2. HAM SO BAC NHAT
1. ©

A.y = — 3x® + 1 khong phai 1a ham s6 bac nhat

1 _x(x+1)—l_x2+x—1

x.+1— x+1 x+1

B.y = x- khéong phai 14 ham s¢

bac nhat |

C.y = J3(x-4)+3/3=+/3x-3 1a ham s§ béc nhdt c6 dang
y=ax+b (a=+3;b=-3)

D. y=x(x-2)+5=x"- 2x + 5 khong phai 1a ham sd bac nhat

2. (©) Ham s6 bac nhdt y = (m — 3)x + 4 ddng bién khi hé s8 cha »
lAm-3>0em>3

3. @ Ham s8 bac nhat y= E 3m [x + 10 nghich bi€n khi hé s¢
2
5 1 1 1
ciaxla = -3m<0 o -3m<-—<< m>—
2 : 2 6 _
* Chu y: B4t ddng thic ddi chiéu khi nhan hai v& ctia b4t ddng
thic dé véi mot s6 am
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L. @Thayx:l,y:%véo y»:ax+%,tadu’qc:
§=a.1+l©a:§‘l:£.Véya:—5—
4 3 4 3 12 12

: @ Lam tuong tu bai 5 §1

-t

weé
.

@ Ham s6 bac nhat y = £lr1—-igxﬁLS dong bién khi hé s6 cha x la:

m._
m+2>0
m -2
Jm+2<0 - (m+2>0 m<-2 m > -2
&5 hoac & hoac
lm-2<0 lm-2>0 m < 2 o lm>2

< m< - 2 hoaem > 2 ,

- Vay khi m < - 2 hoac m > 2 thi ham s6 da cho dong bién

7. A.\D B. |S C. |b D. |S|
* (Giai thich: Taco: y =1 -V3)x -1 (¥

e Ham s§ bac nhdt y =(1-+v3)x -1 nghich bi&n vi hé s8 cha x
1a1-v3 <0 |

e Thay x = 0 vao (*), ta duge: y = (1-V3).0-1=-1

e Thayy = 0 vao (*), ta duge: (1-V3)x-1=0

1 1+V3  1+43

&5 (1—\/§)x=1<:>x: - -
1-J3 -2 2

3. (B) Sai, dung 1a:

¥ a a7 A ~” 1 . ~ A ~ ~ ~ 2
— Ham s6 bac nhat y = —Ex nghich v.én trén R vi hé sd cua x

Borao
2
- Ham s6 bac nhat y = %x—,B dong bién trén R vi hé sd cha x
la . >0
b

— Ham s6 bac nhdt y=-+2x+1 nghich bién trén R vi hé sd
ciaxla -v2 <0

). D

A.Ham sd bac nhit y = - 5x nghich bién trén R vi hé s§ cha x
la-5<0
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B. Thay xy =--15 vay=1vaoy = - bx, ta duge : 1:(—5).( 1)

e ————)

1
Do d6 M € (D) hay (D) di qua M.
Thay xy =-g vay= 30 vao y = — 5x, ta dugc : . = -—5.—2-
3 3 3 3
Semascne st
_10
3
Do d6 N € (D) hay (D) di qua N
C. (D) nadm trong géc phan tu thi hai va tha tu
YA
(D)\
(ID) D
=i 1 O x
. 5
(I1I) (IV)
10.(©

A. Thay Xp=—

V3 vao y = Jé.x, ta duge : y; =V3.(-v3) =-(/3)* =-3
Vay 1(-/3;-3)

B. Thay yy = V12 vao y = J/3.x, ta dugc:
I Bl e 212

2 ‘/‘ .
= J4 =2.Vay H(Z ; V12)
73 +

C. Thay xE=~\/1=§ va yEz—\/% vao yz\/g.x,tadugc:

ey 0
2 N
YA J2
Do d6 E e (D) 1 JE
2 2 J2
1 1 1 1 2 :
D.Tacé: OE2 = | — T RV ;
e (Jé) +[\/§] 6 2 3
C -~
= OE = z:ﬁ . 1 *
3 3 N
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3. PO THICOAHAM SO y = ax + b (a = 0)

1. ©D6 thi cia ham s§ y = — 2x + 5 1a dudng thidng di qua hai

diém A(0 ; 5) va B(—Z— : 0) (Dy) AY

WV

2. @ Pudng thdng AB 12 d6 thi chlaham s6 y = ax + b (¥)

Do duong thang AB di qua hai diém : A0 ; 3) va B(2 ; 0) nén

toa dd caa A va B nghiém dingy=ax +b

 (3-a0+b 1P=3
Ta cé: e 9
0=a2+b a:«E

Thay a :#g vab =3 vao (*),ta dugc : y = —%x+3

Vay duting thing AB I3 dé thi ciia ham s§ y = - % X +3

3. @Tacé:(D):y=—4x+2 (*)

A.Thay x, =% va ya = 0 vao (*), ta dugc : 0=—-4.—;-+2

\—p—

0
Do d6 A e (D) hay (D) cit truc hoanh tai A(% , o)

B. Thay xg = 0 va yg = 2 vao (*), ta dugc : 2=-4.0+2
2
Do d6 B € (D) hay (D) cit truc tung tai B(0 ; 2)

C.Ta da biét: Po thi chta hAm sy =ax + b(a# 0, b # 0) 1a dudng
thdng song song vdi dudng thing y = ax. Do d6 dudng  thing
(D) : y = - 4x + 2 song song vdi du’b‘ng- thdng y = - 4x

_D.Thay xy =~ 1 va yy = 6 vao (*), tadugc : 6 =(-4).(-1)+2
6

Do d6 M e (D) hay (D) di qua M(- 1 ; 6)
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4. @ Lam tuong tu bai 5 §1
5. @ Piém E thudc truc hoanh nén c6 tung do bing 0 (yg = 0)

Thay yg =0 vao y = ——;—x+—;~,taduq0:

—lx+l:0<:> -BXg+2=0& xErg
2 5 5

N

Vay ton-dd coaE 1a [% : oJ

L

e DPiém F thudc truc tung nén c6 hoanh do bang 0 (xr = 0)

1 1 1  § 1
Thay xp=0vioy= ——x+—,tadugc:yp= - —.0+= ©Syp= =
Y Xf y 2 5 0C I yr 5 5 Yr 5

Vay tod d6 coa F 1a (o ; %]

6. @Thay Xp—‘-—;- viyp=-1vaoy=-2x +b, ta dugc :

DR o L P
3 3 3
7. @Toa dd cua M(0 ; — 5) va N(1 ; — 4) nghiém dang y = ax + b.
-5=a.0+b {b:—S

Tir d6 ta c6 hé phuong trinh : =%
-4=al+b

a=1
Vay(a;b)=(1;-5)
8. (B) Géc toa do 0O(0;0)

Thay x=0vay=0vaoy= x—3+i~m,taduqc:

0=O—3+~1—m <:>lm:3 <> m=12
4 4

9. @ Puong thing (D) 1a db thi cia ham s6 c6 dang y = ax + b (¥)

Do (D) di qua P(- 1 ; 4) va Q(2 ; — 5) nén toa d6 caa P va Q

nghiém dingy =ax + b
-5=2a+b [b=-5-2a (1)
=
{b=4+a (2)
(hva@)=>-5-2a=4+ae=3a=-9<a=-3
2)=>b=4+(-3)=1
Thaya=-3vab=1vao(¥),tadugc:y=-3x+1

Vay dudng thang (D) qua P va Q 13 do thi cla ham sd y = — 3x + 1

Tu dé ta c6 hé phuong trinh:
. 4=-a+b
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10. A. [P/ B. [D C. [S D. [s]
* Giai thich :

\ = .
Ta cé6 : y:(3m3m1x+\/5 (m la tham s6)

/

A.Néu 3 - %m 5 0 m <6 ¢hi hamis§ y déng bign

B. Néu 3 - % m < 0 <> m > 6 thi ham s6 y nghich bién
C. biém thudc truc hoanh c6 toa do (2 ; 0)

(. 1
Thay x =2 va y =0 vao y:13‘——2umjx+\/5,tadm.)’c:
\

(3—;1;m].2+\/5:0 c:>6—m+\/—5_:0 &5 m:6+\/5

D.Néu dé thi cia ham s6 da cho song song vdi d6 thi cia ham

sé’y:lx thi:3—lm:l <:>18-»3rn.—.1<::m=EZ
6 2 6

4. o HAI DUGNG THANG SONG SONG
« HAI DUONG THANG CAT NHAU

« HE S0 GOC CUA DUGNG THANG

1. (D) Nhic lai: |
Cho hai dudng thang (D)) :y=ax+bva(Dy):y=ax+b’
— Né&u (D) cat (D,) thi a # &’
— Néu(D))/(Dg)thia=avabzb
— Néu(Dy)=(Dy)thia=a’vab="b
— Néu(D;) L(Dy)thiaa =1
Tacé: (Dy):y=-x+1(a=-1;b=1)
(D2) :y=x(a=1;b"=0)
D3):y=—-x+5@ =-1;b"=5)
» (Dy) :y=3x-4(@7=3;b”7=~-4)
Tu d6 suy ra : _ ,
e (D)) L (Dg)vicb6aa=(-1).1=-1
e (D))/(Dy)vicoa=a"=-1vab=b"(1=#5)
e DPcdt(Dy)vicoaza”(-12£3)

71



2. @Tacé:(Dl):y=(3—m)x—1 (a=3-m;b=-1)
Dy):y=-4x+2 (@’=-4;b=2)
Né&u (D,) va (D;) cit nhau thi a # a’ -
Hay3-—m¢—-4<:>m¢7'
Vay khi m # 7 thi (D;) va (D) cdt nhau.

3. @Técé: (Dy) : y:(%m+1]x (a=%m+l;b=0)

1 I
(Dg):y=—Zx+3 [az—z;b=3)
, 1 1
N&u (Dy) // (Dg) thi {‘;*2, oy BT A
* 0+3 (2)

(1) &5 4im 5 1% = — § e din = = 15 <> = r%

Vay khim = -a? thi (Dy) / (Dy)
4, @Tacé: (Di): y=Vym+5x+8 (a=vm+5;b=8)

(Dg):y=2x-n+1(@=2;b=-n+1)

: = =—1
AAD) Dy es {VATD z@{m
8x-n+1 n#-"7
B.Dy)cdt (D) = vm+5 22 <& m=z-1 (1)
Péng thoi d€ Vm +5 conghlaeom+5>0om>-5 (2)
Tu(l)va(2)suyra:m>-5vam=-1 R
— '—‘—1
C.(DY =Dy & {YM*5 2@{’“
8=-n+1 n=-7

D.(Dy) L(Dg) «»>aa =-1

Hay ym+52=-1= Vym+ :—%

Tac6é: Vvm+5 >0 va ——%<0 nén Yym+5 ¢—-;-

Vay khéng ton tai m
* Ghi chu: _
Cho hai dudng thing (D)) :y=ax+bva(Dy):y=ax+b’
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Ching minh rang :

Trén cung mot mat phing toa d6, hai

dudng thang (D;) va (Dy) vudng goéc vdi nhau khi va chi khi

aa=-1

Chung minh
I

/(Dl)

...........

(Ds)

-

" 4

B

\(Dz)

(D4)

Qua O ké (D3) song song (D;) va (D4) song song (D)

Chitng minh : Néu (D)) 1 (D,) thia.a’=-1

Khéng lam mat tinh tong quat, gid st a > 0 suy ra a’ < 0 (vi

géc hop bdi (D3) va (Dy) véi tia Ox hon kém nhau 90°)
DPudng thdng (D3) : y = ax di qua diém A(1 ; a)
Pudng thing (D) : y = a’x di qua diém B(1 ; a")
Suy ra AB 1 Ox tai diém H ¢6 hoanh dg x = 1

Vi (D)) L (Dy) (gt) = AOB = 90°
- HA.HB = OH? hay a.|a’| =1

= -a.a=1=aa =-1(dpcm)

*» Ching minh ngudgc lai né€u a.a’ = -1 thi (D;) 1 (Dy)

That vay, tira.a’ = -1 = a. la’| =1

—— = AHOA ~ AHOB = AOH = OBH

= HA.HB = OH?
HA OH

= — =
OH HB

Ma OBH + HOB = 90° = AOH + HOB = 90°
= (D3) L (D) = (Dy) L (Dy) (dpem)
Vay (D;) 1 (D3) < a.a’ = -1 (dpcm)
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5. (O) Huéng dén gidi

Cho hai dudng thdng (D)) :y=ax+bva(Dy:y=ax+ b’

Muén tim toa do giao diém A caa (D,) va (D,) ta lam nhu sau :

Bu6ce 1: Lap phuong trinh hoanh d6 ax + b=a’x + b’ (1)

BuGc 2: Gidi phuong trinh (1) dé dugc gia tri cha x

Buge 3: Thay gida tri cua x vira tim duge vao phuong. trinh
caa (D) hoac caa (Dy) sé tim dugc gid tri cia y

Budc 4: LAy gid tri cia x va y da tim dugc dé két luian toa
do giao diém cua (D,) va (D»)

Tacé:(Dy):y=—3x+5 (va(Dy):y=x+4 (2)

(1)vé(2)m——3x+5=x+4¢:>x=i—

1 17
NNeoy=-3.-+56=—
( = 4 4

Vay toa d6 giao diém M ciaa (D) va (Dy) 1a {% : l;)

6. Tacé;(Dl):y=i—x+§ (1)va(D2):y=§x—1 (2)

(T B) s fgy s 2y
4 3.3
&> 3x+8=8x-12<x=4 (1)

1 2 5
ﬂy:-~.4+-:—-—
4.8 8

Vay toa do giao diém N cua (D) va (D,) la: (4 ; g]

7. (C) Huéng dén cach gidi
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— Budc 1 : Tinh toa do giao diém A cha (D,;) va (Dy)
— Bu6c 2 : Xét xem toa do caa A c¢6 nghiém ding phuong trinh

cia (D3;) hay khong. Néu toa do cia A nghiém ding phuong
trinh cta (D3) thi (D3) di qua A. Tdc 1a (D;), (Dy), (D3) dong
qui tai A. Néu toa d6 cua A khong nghiém ding phuong trinh
caa (D3) thi (D3) khong di qua A tdc 1la (Dy), (Dg), (D3) khéng

“dong qui tai A.

Ta_cé :(Dy) iy =3x (D
(Dg):y=—-x+8 (2)
D3):y==2x+10 (3)



Goi A la giao diém cua (Dy) va (D»)

(Dvai{2) 2 3x=-x+8=x=2

(1) >y =32=6.Vaytoadocaa Ala (2;6)

Thay xp =2 vays=6vao(3), tadugc: 6 =-22+10
—

Do d6 A € (Djy).

Vay (D)), (D,), (D;) dong quy tai A

e Cach khac

Toa d6 giao diém A caa(D;) va(Dy)1la(2;6) = (¥)

Goi B la giao diém cua (D3) va (Dy) :

2)vaB8) > -x+8=-2x+10=x=2

(2) >y=-2+8=6 ,

Vay toa do cta B 1la (2 ; 6) *, 7N

T (*)va(*, **) > A =8B

Vay (D), (Dy) va (D3) dong qui tai A

8. @Tacé:(Dl):y:3x+—;— S Q)
5 .
(Do) : y=2x+z (2)
D3):y=(m-4)x+4 ‘ (3)
Goi M 1a giao diém cha (D.) va (D,)
1 ¢ 3 1 1
1 é2 3 ":2 e = e o — —_—
1) va(2) > x+2 x+4<:>x : 2<::>x 1
1Y 1 5
1 =3.|=|+===
(1)=>y (4)+2 .

Vay toa d cia M l1a (1 : _5.)
11

Vi (Dy), (D,), (D3) ddng qui tai mot diém nén M thude (Ds)
Do d6 toa d9 cia M nghiém ding phuong trinh caa (Dj)

3) = §~=(m—4).}-+4c> §~:lm—1+4
4 4 4 4
<:>w1~—m=§-~—3<:>m=—7
4 4

9. @Du’dng thdng (D)) : y = x + 1 cdt truc Oy tai A(0 ; 1) va cét
truc Ox tai B(- 1; 0) |
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>
Pudng thing (Dy): y =+3x-1 cdt truc-Oy tai MO ; — 1) va
cdt truc Ox tai N[g . 0}
- Y/F\ (D})

(Dy)

" 4

Tu AOBA vudng tai O, ta cé : tga_z%g-=l——1ﬂ=1:>a=45°

T AMON vudng tai O, ta cé :

th1=ON='§=ﬁ=ﬁﬁﬁ=Nl'—'GOO(VIBledd)
3 :

Vay a = 45°, B = 60°

10. (B) Huong dén cach gidi
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Muén viét phuong trinh mét duong thdng di qua hai diém
cho trudc trong mdt phdng toa dé ta lam nhu sau :

Buéc 1 : Xdc dinh dang phuong trinh cia duong thdng la
y=ax+ b

Buoe 2 : Thay gid tri cia x va y la toa dé cuia hai diém da
cho vao dang phuong trinh da néu & budc 1 ta sé dugc hé
phuong trinh chita dn la a va b

Bucc 3 : Gidi hé phuong trinh trén bing phuong phdp so sinh ta
sé dugce gid tri cia a va b

Bugc 4 : Thay gid tri cia a va b vao y = ax + b ta sé dugc
phuong trinh ciia duong thdng | |



A. Phuong trinh cia dugng thang OM di qua goc toa dd ¢c6 dang
y = ax (1)

Toa do caa M(2 ; 2) nghiém ding (1) = a = M

2
XM 2

Vay phuong trinh cia OM la y = x
B. Phuong trinh cia duong thing MN c¢6 dangy =ax+b ~ (2)

Toa do cia M(2 ; 2) va N(4 ; 0) nghiém diang (2), ta c6 hé

phuong trinh : {

2:2a+b®{b:2—2a. (3)
O=4a+b b=-4a (4)
3)va(4)=>2-2a=-4a<a=-1

‘ (4) =>b=(-4)(-1)=14

Vay nghiém cta hé la: (a;b) =(-1; 4)

Thay a = — 1 vA b = 4 vao (2) ta dugc phuong trinh cia MN la:
y=-x+4 YA .
OH =HN =2 . 7
C.Tacé: 3
i {OH 1 HM P

= OH vua la dudng trung D) S M

tuyén vira 1a dudng cao cia

L IV cH NN &

AOMN (H 1a hinh chiéu caa 0 9 A e

M trén Ox) >
— AOMN cén tai M (1) o

Ta con ¢6 : OM‘: y =X
= OM la dudng phan gidc caa géc xOy

= MON = 45° " (2)
Tiu (1) va (2) suy ra AOMN vudéng can tai M

D.Ta c6 : Sopy = %.MH.ON = %.2.4 - 4 (cm?)
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ON TAP CHUONG Ii

1. (O Ham s& bac nhdt y = (m — 2)x + 4 déng bién khi hé sd cha x
lam-2>0eom>2
2. (D) Ham s& béac nhit y = (4 — 3k)x + 1 nghich bién khi hé s& cia x 1a

4—3k<0c>k>%

3. @ Khi hai dudng thing cdt nhau tai mét diém trén truc tung
thi tung d6 goc cha ching bing nhau:
b=b’hayl+m=5-mom=2

4. 'Thaya=3véoy=ax+b,taduqc:y=3x+b (*)
Thay x;=-3vay;=-3vao (¥),tadugec:-3=3.(-3)+b=b=6
Vay ham sd phai xdc dinh la: y = 3x + 6

5. @Tac(): (D) cy=ax+b(1)va(D):y= V5x (2)
Khi (D) // (D) <> a= 5
Vi (D) di qua H nén toa do cta H(J5 ; - 3) nghiém dung phuong
trinh caa (D)
(1)=>-83=V5/6+beb=-8Vay(D):y= J/5x-8

6. (@ Khi duong thédng (D): y = ax + b di qua hai diém M(05 ; 2)
va N(- 1 ; — 5,5) thi toa d0 cua M va N nghiém diang phuong
trinh y = ax + b.

= el e . 2=0,6a+b b=2-0,6a (1)
Tu d6 ta c6 hé }?hu'o‘ng trinh: {-5,5 L =S {b B Evn 9
(1)va(2)=>2-0ba=~-55+a<a=5

2 =>b=-55+5=-05
Nghiém caa hé phuong trinh la: (a ; b) = (5 ; - 0,5)
Vay ham s6 dugc xac dinh la: y = 5x = 0,5

7. (O Khi d3 thi (D) cdt tryc Ox tai diém c6 hoanh do x = - 1 thi
toa d6 cua diém nay la: (- 1;0) "

Thayx=~ lva y = 0 vao y:(4——§m)x+m~—4; ta dugec :

(4—%m)(41)+m—4:0 ¢:> F4+%m+m-4=0

@%m+m-8:0©m+3m*24=0c>4m-24_=0©m=6
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8. MTacs: (D1):y=(m-3x+5 (a=m-3;b=5)
(Dg) 1y = (1—%mjx+2n—1 (a':l—%m;b':Zn—l)

A.(Dl)cét(Dg)wm—Sil—%m @mig—

m’3-1—lm m—§

B. (D) // (Dy) < 4 - 2 << 3
5#2n -1 n#3

1 8

C.(D) =Dy o (M 3=1-gm Jm=7
5=2n-1 n=3a

D.(Dl} 4 (Dg) < (m - 3)(1-—%[0} =-1

>mi-fm+4=0m-1m-4)=0

m-1=0 [m=1
CDI:m—4=0 <:>{m=4
9. Tacc‘): M):y=-mx+4 (1)
(Dg):y=2x-3 (2)
D3):y=x+1 (3)
Goi M la giao diém cta (D) va (Dj) :
(2)va(3)=>2x-3=x+1ox=4
B)e=>y=4+1=5
Toa do cua M 1a (4 ; 5)

Néu (D;), (D), (D3) déng qui thi (D;) di qua M nén toa dd cha

M nghiém diang phuong trinh caa (D)

(1):>5=—m.4+4<:>m=_:11_

10. DA. [P B. c. [p] D.
* Giai thich:
Tacé:(D):y=(1-3m)x +2m — 3 (*)
e (D) di qua goc toa do (0 ; 0), (*) trd thanh :

W

(1-3m).0+2m—3=0¢_—>m=-g

e (D) tao véi truc Ox mot géc nhonthi 1 -3m >0 m < %
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11.

12,

e (D) cdt truc hoanh tai diém (2 ; 0), (*) trd thanh :

(1-3m)2+2m-3=0em= -+

e (D) cdt truc tung tai (O ¢ -—%) , (*) trd thanh :

(1—3m).0+2m—3=_l ©2m—3=—-1- w.m.:_fl
2 2 4 -

gVé hé truc toa do Oxy

c) V& diém A(1;1) ta dugc OA =+2. V&
cung trdn (0; OA) cit truc hoanh
tai diém 2

a) Ve diém B(v2 ;1) ta dugc OB = V3

d) Vé cung tron (O ; OB) cit tia Oy tai
diém V3 d6 1a diém P(0; v/3) cdn va.

* Ghi chd : Bai todn trén gitp hoc sinh vé duge d6 thi cia cdc ham

s6 bac nhat y = ax + b trong d6 gia tri cha a, b 1a cdc can thic bac
hai.

Sl))Vé hé truc toa do Oxy

d) V& diém A(2 ; 1) ta dugec OA =5 -

a) Vé cung tron (O ; OA) cét tia Oy tai
diém V5 :

b) Ve diém B ; V5)

e) Vé dudng thing OB. D6 1a dé thi cia ham s8 y = V5 x

* P6 thi cia ham sé y =5 12 mot dudng thdng di qua gdc toa
do va qua diém (1;5)

13. - :
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A.DPudng thdng (D;) di qua goc toa d6 nén (D;) 1a dd thi cla
ham sé c6 dang y = ax.

Do (D;) di qua diém (1 ; - 2) suyra a =

Vay (D,) 1a d6 thi cia hAm s6 y = — 2x



B. DPudng théng (D,) 1a d6 thi cia ham s6 c6 dang y = ax + b (¥)

Do (Dy) di qua hai diém (0 ; 2) va (- 2 ; 0) nén toa do hai |

diém nay nghiém dang (*)
2=a.0 b=

Tir d6 ta c6 hé phuong trinh : i o 2
0=a(-2)+b

Nghiém cia hé la(a;b) =(1; 2)

Vay (D;) 1a d6 thi chiaham s§y =x + 2_

a=1

C. Tuong tu cdu B), ta c¢6 (D3) 1a d6 thi cha ham s y = ——;-x +1

D.Giai tuong tu bai 7 §4, ta c6 (D), (Dy) va (D3) déng qui tai

diém (—g . i]
3 3

xvdix=>0
14- (:)Ia 6: = =
oo-¥ |XI {—xvéix<0

— Tavé dd thi ciay = x vdi x > 0 (1a tia Om)
— Vavé d6 thi ciay = — x v6i x < 0 (1a tia On)

YA
n m

15 @I‘acé' = |x+2| = x+2v0ix+220x2-2
. T T -x+2) voix+2<0 x<-2

— Tavée dd thichay = x + 2 v6i x > — 2 (la tia Am)

— Vavé dd thiclay=-x-2véia<-2(latia An)
- YA
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16. M) D6 thi ciia ham s6 y = 2x+v6 1a duong thing di qua hai

diém (0;V6) va f—iz—q - OJ

Cach ve :

— Vé diém A(1 ; 1) ta duge OA = V2

— Vé cung tron (O ; OA) cit tia Oy tai
diém 2

~ Ve diém B(2; 2) ta dugc OB = V6

— Vé cung tron (O ; OB) cdt truc Oy tai
diém V6 va cdt truc Ox tai diém -6
(xem hinh vé)

— Vé dudng thdng qua hai diém (0;\/5)

d6 thi cia ham s6 y = 2x + /6

17 .Du’dng thdng (D) : y.= 2x + 6
cdt truc tung tai MO ; 6) va
cit truc hoanh tai N(- 3 ; 0)
AOMN vudng tai O, ta c6 :

th =4ge = o¥.. 58

ON |-3
= o = 63°26'

18. @

v V

Goi H 1a hinh chiéu cia A trén truc Ox ta ¢6 OH = 1 (hoanh

YA\

dd caa A) .
A.AAHB wvuong tai H, ta cé:
Bt o8 i B g8
BH 3
B. AAHC vudng tai H, ta c6:
s =20 28 g5
- CH 4
= C, = 36°52’

= C, = 180° - 36°52' = 143°08’
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C. Tu AABC, ta c6:
BAC =180° - (B + C,) = 180° - (45° + 36°52') = 98°08'

D.Ta ¢6 : Sapc = %AH.BC - %.3.7 - 10,5 (cm?)

19. a cod: (Dy):y-= %x+2 (1)

Dy):y=—x4+2 (2)
— (D)) va (Dg) ¢6 cung tung d6 goc (b = b’ = 2) nén hai dudng

~

thing nay cit nhau tai diém C ndm trén truc tung cé toa do
C( ; 2)

— (Dy) cdt truc hoanh tai A, tacé yp =0

(1):>%x+2:0<::>x=—4

Do d6 A(- 4 ;0)
— (Dy) cdt truc hoanh tai B, ta c6 yg = 0 I
2)=>-x+2=05x=2 Clo
Do d6 B(2 ; 0)
ocC 2 1 = A B
A tgh = = === > = A-26°33 — — -~
B=0 2 i B
OB .
= C =180° - (A + B) = 180° - (26°33' + 45°) = 108°27’
B. Ta c6:
e AB = 6cm

e AC’=0A*+0C?*=4%+22=20

= AC = V20 = 4,47 (cm)

e BC?=0B>+0C*=22+22=8

= BC = V8 = 2,83 (cm)

= CVpapc=AB + AC + BC =6 +4,47 + 2,83 = 13,3 (cm)

C. Ta ¢6: Sppc = —;—AB.OC _ -;-.6.2 - 6 (cm?)

20. @(Dl) : ¥y = — x di qua géc toa do va qua diém (1;-1)
(Dg) : y = 2x di qua gbc toa do va qua diém (1 ; 2)
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(Ds) : y = 4 song song v4i truc hoanh va cit truc tung tai H(O ; 4)

N/
M H (D3)
3 ,1 ;o %
(Dy)
(Do)

e Toa dp caa M 1a nghiém cua hé phuong trinh:

y=-x - X=-4
y=4 y =4
Do d6 M(- 4 ;- 4)
e Toa d6 cia N 1a nghiém cta hé phuong trinh:

y =2x Xx=2
=

{y=4 {x=4

Do d6 N(2 ; 4)

- Goi H 1a giao diém cta (D3) va Oy
Tacé MN=HM + HN =4 +2 =6 (cm)

Do d6 Sopy =~ MN.OH = %.6.4 - 12 (cm?)

2



PHAN HINH HOC
Chuong |. HE THUC LUONG TRONG
TAM GIAC VUONG

Vindé'l.  MOT SO HE THUC VE CANH VA
DUONG CAO TRONG TAM GIAC VUONG
A.  NIEN THUC CAN NHG

m Hé thuc gilla canh géc vuéng va hinh chiéu ctia né trén

canh huyén
Pinh li 1

Trong mét tam gidac vudng, binh phuong méi canh géc vuéng bdng
tich cia canh huyén va hinh chiéu cia canh géc vuéng dé trén
canh huyén.

b? = ab’

¢ = ac’

el S o
@ Hé thuc lién quan téi dudng cao
Dinh li 2
Trong mét tam gide vudng, binh phuong duong cao itng vdi canh
huyén béng tich hai hinh chiéu cia hai canh goéc vudng trén canh huyén.

h® = b’¢’
% DPinhli3
Trong mét tam gidc vudbng, tich
hai canh géc vudng bing tich cia . b be = a.h
canh huyén va duong cao tuong h
dwng. ] e e—" C
S : P
~
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Pinh li 4 ‘

Trong mot tam gidc vuéng, nghich ddo cua binh phuong duong cao
tuong ung véi canh huyén bang téng cdc nghich ddo cia binh
phuong hai canh géc vuéng.

b 1 1 1
Lk PO
B H C
R. BAITAP

1. Cho tam giac ABC vudng tai A, dudng cao AH.
Khéing dinh nao sau day ding?
A. AAHB ~ ACAB B. AAHC ~ ABAC
C. AAHB ~ ACHA D. A), B), C) déu dung
2. Cho tam gidc MNP vuéng tai M, dudng cao MH.
Khéng dinh nao sau day sai?
A.MN? = NP.NH ; MP? = NP.PH
B. MH® = HN.HP ; MN.MP = NP.MH
1 1 1
"NH?  MN? | MP?
D. A), B) ding ; C) sai
3. Cho tam giac ABC vudong tai A dudng cao AH c¢6 AB = 9cm
AC = 12cm.
Khéng dinh nao sau day sai?
A.BC = 15cm B. AH=62cm C. BH =54cm D. HC =9,6cm
4. Cho tam gidc OEF vuéng tai O dudng cao OL. Cé6 IE = 3cm
IF = 12cm. Tinh OE, OF
A. OE = 35 ; OF = 6J5cm B. OE =5/3; OF = 3y/2cm
C. OE =42 ; OF = 6/3cm D. Mot két qua khac

5. Cho tam gidc ABC vubng tai A, duong cao Al c6 AB = 13cm
Al = 12cm. Dién tich AABC béng:
A. 90,8cm’ B. 189,5cm®>  C. 202,8cm®  D. 220cm?

L 3
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. Cho tam giac ABC vudng tai A, duong cao AH c6 AB = %AC = bcm . Do

dai cia AH bing:
A. 3J/3cm B. 2J/5cm

C. 5J3cm D. A), B), C) déu sai

. Cho tam giac ABC vudng tai A. Cho biét %% = % va BC = 2/13cm. P

dai dudng cao AH cua AABC bing: (V13 = 3,6)

A. 2,5cm B. 2,8cm C. 3,1cm D. 3,3cm

. Cho tam gidc ABC vudng tai A ¢c6 AB = 18cm, AC = 24cm. Céac dudng
phan gidc trong va ngoai ctia géc B cidt dudng thang AC lan luqt“tai M
va N. b6 dai doan thdng MN bing:

A. 45cm B. 47cm C. 50cm D. 54cm

. Cho tam gidc MON vudng tai O, dudng phan gidc cha géc O cdt canh

huyén MN thanh hai doan 6-3—cm va 8%cm. Dién tich cia AMON

bang:
A. 42cm? B. 48cm® ~ C. 54cm? D. 108cm?

Cho tam gidc ABC c6 ba canh ti 1é v6i 3, 4, 5 va chu vi cha tam
gidc d6 la 48cm. Héi tam gidc ABC la tam giéc gi? |

A. Tam giac can B. Tam gidc vudng
C. Tam gi4c vudng can D. Tam gidc déu
DAP AN
Bai | 2 3 4 5 6 7 8 9 10

Cau | D D B A C B D A C B
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Vin dé 2. Ti SO LUGNG GIAC CUA GOC NHON
A. KIEN THUC CAN NHO

(Tam gidc ABC vuéng tai A
<}§ = o la géc nhon

AC 1a canh d4i cta goc o
'AB 1a canh ké cla géc a

Dinh nghia

m Pinh nghia ti s6 lugng gidc cia géc nhon B

o »Canh ké cua a

anh ddi caa o

Ti s gitta canh ké va canh d6i duge goi

la cotang cua géc a.

Cac ti s6 lugng giac cia géc nhon a Cong thic
Ti s6 gilta canh d6i va canh huyén dugc sinq - canh dai
goi 1a sin cia géc a. canh huyén
Ti s6 gitta canh ké va canh huyén dugc i canh ké
goi 1a cosin cta géc a. ’cz_mh huyén
Ti s6 gitta canh ddi va canh ké dugce goi b= canh déi
1a tang cda géc o. canh ké
___ canh ké
canh dai

[cot ga = ——1—)
tga )

E] Ti s6 lugng giac cua hai g6c phy nhau

Dinh K Né'u hai goc phu nhau thi e sin gécr nay bing cosin géc kia |
e tang géc nay bang cotang géc kia -

e sina = cosp sinP = cosa

e tga = cotgP ~tgP = cotga

Cu thé, néu a+ f=90° thi {
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@ Ti s6 lugng giac clia cac goc dic biét

a

«w
=]
]
=%
9
©
(=1]
=]
o

sin a

COos

| = w|&

SIS

tg a

& w'@ SIFESIESIE

cotg a

“|&| &

B. BAITAP
1. Vé6i hinh vé da cho. Hay dién vao chd trong dé duoc cdu ding :
A. sinE = =& I

------

E K

------

2. Cho tam gidc OPQ c6 OP = 7,2cm, OQ = 9,6cm va PQ = 12cm. Tinh s8
do céac géc cia AOPQ. (Lam tron két qua dén do)
A. 0 =60° P =50° Q = 70° B. 0 =70° P =50° Q = 60°
C. 0=90°, P=53Q=37° D. Mot két qua khac

3. Cho tam gidc ABC c6 B =60°, C=45° va AB = 10cm. Tinh chu vi
AABC. (Lam tron két qua dén chif s6 thAp phan thd nh4t)
A. 35,9cm B. 38,lcm C. 42,5cm D. 48,3cm

4. Cho tam gidc ABC vudng tai A. Biét cosB = % Hay tinh céc ti lugng
gidc caa goc C.

A sinC=2%,c0sC=2, tgC =2, cotgC =2
5 3 3 4
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5.

‘A.c);b);d);a)

7.

90

B. sinC zé,cosC =:§,th :i,coth %
5 5 3

Wlov &

C. sinC = é,cosC = E;—, tgC = -?3 cot gC =
4 4 5

D. A), B), C) déu sai

Véi géc nhon o tuy y. Khang dinh nao sau day sai?

A. tga = b B. cotga = C(_)SQ
cosa sin a

C. tga.cotga =2 D.sina+cos’a =1

. Xét bai toan: “Dung géc nhon «, biét sina = %”. Hay sdp x&p mot

céch hgp li cdc cau sau dé duge 15i gidi cda bai toan da cho.

a) Dung cung tron (A ; 5dvdt), cung nay cit Oy tai B

b) Dung géc vudong xOy va mdt doan thang lam don vi do dai (dvdt)
c) Trén Ox vé diém A sao cho OA = 3dvdt
d) OBA la géc o can dung

Sdp x&p nao sau day hop li ? A

X]

B.b);c);a);d)
C.a);c);b);d)
D.d);a);c);b)
Hay néi hai trong cdc cdu sau day dé dugc déng thic dung :

1) sin38° 5) sin21°20°
2) tg41°31’ \ 6) tg33°42’
3) c0s68°40’ 7) cosh2°

4) cotgh6°18’ ‘ 8) cotg38°30’

Khéng dinh nao sau day diang? .

A1) >7);2)>4);3)>5);4) > 8)
B. 1)57);2) 55 ;3 >6);4) > 8)
C. 1)>7);2)>6);3)>8);4) > 5)
D. 1)>7:;2)—>8);3) >5);4) > 6)

. Rat gon P = cos®a + cos®a.cotg’a (0° < a < 90°)

A. P = cotg’a B. P =1 + cotga
C. P=1 - cotga D. A), B), C) déu sai



9. Rut gon Q = sin®u + sin“a.tg’c (0° < a < 90°)

A.Q =1+ tgu B. Q=1-tgu C. Q =ig’« D.Q=~17—
tg’a
’ 2cosa -1 o o
10, Ratgon M= "~ = (0" <a < 90"
sin o + cos a
A. M = sina.cosu B. M = cosa — sina
C. M = cosa + sina D. Mot két qua khac

DAP AN

Qo

Bai 1 4 5 6 7 8 10

W

9
caul D| c | Al B|c |  B|D|AlC|B

Vindé 3. MOT SO HE THUC VE CANH VA GOC

TRONG TAM GIAC VUONG
A. KIENTHUCCANNHO -

& Cac hé thuc :

b = a.sinB = a.cosC

¢ = a.sinC = a.cosB

b = c.tgB = c.cotgC
A b C c = b.tgC = b.cotgB

% Ap dung “GIAI TAM GIAC VUONG”

tat cd cdc yéu té con lai ciia tam gidc vubng do.

Bai toan nay goi la bai toan “giai tam giac vuong”.

Trong mgt tam gidc vuéng, néu biét trude hai yéu té (trong do cé it
nhdt mét yéu té vé canh va khéng k€ goc vudng) thi ta sé tim duge

R. RAITAP

1. Giai tam gidc ABC vudng tai A. Cho biét AB = 14cm, C = 30°
A.AC = 15cm ; BC = 26um ;ﬁ - 60°
B. AC = 12/3cm ; BC = 144/3cm ; B = 60°
C. AC = 14/3cm ; BC = 28cm ; B = 60°

D. AC = 143\/:_3-cm . BC = l4cm : B = 60°



2. Gidi tam gidc ABC vuong tai B. Cho bigtA = 52°, AC = 15cm. (Lam
tron két qua dén chit s6 thap phan tht nhat)
A. C = 38° AB = 8,4cm, BC = 10,5cm
B. C = 38°, AB = 9,2cm, BC = 11, 8cm
C. C = 38° AB = 9,8¢m, BC = 12,4cm
D. Mot két qua khac :

3. Giai tam gidc ABC vudng tai A. Cho biét AB =7v2cm, AC = 1llcm.
(Canh 1am tron dén chif s§ thap phan thd hai, géc 1am tron dén db ;
J2 =1,41)

A. 48° ; 42° ; BC = 14,80cm
B. 39° ; BC = 15,10cm

. €.B=53;8=37;BC = 16,09m
D. A), B), C) déu sai |

4. Cho tam gidac MNP ¢6 N =70°, P = 38° dudng cao MI = 8cm. Dién tich
AMNP biéng : (LAm tron két qua dén chif s& thap phan thi hai)

A. 42,65cm® B. 48,08cm®* C. 51,54cm®  D. 52,68cm?

5. Cho tam gidc ABC c6 AB = 12cm, AC = 16cm, BC = 20cm. Tinh céc

géc cia AABC. (Lam tron dén d9)

o o
I

=51%

) Q)

A.A=80";B=62°;C =38° B.A=90°:8=53;C=37
C.A=90°:B=58;C=32 D. Mot két qua khéc

6. Cho hinh thang ABCD sao cho AB = AD = 10cm, BC = 14cm,
A =120°, BC vudng gbc v6i dutng chéo BD. Chu vi ctia ABCD bing :
A. 48cm B. 54cm C. 62cm D. 68cm

7. Hinh vé cho biét :
AABC la tam gidc déu canh 8cm va AMB = 42°. Tinh AM. (Lam tron
két qua dén chir s6 thap phan thd hai)
A.AM = 10,34cm

B. AM = 10,83cm 8cm
C. AM = 11,05cm

- 42° .
D. AM = 12,43cm M B e C
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8. V6i hinh vé da cho. Tinh dién tich tam gidc OMN. (Lam tron két qua
dén cht s6 hang don vi)
A. SOMN = 7cm2

B. SOMN = 8(:1112

C. Somn = 9cm?
D. Somn = llem?
9. Cho tam gidc ABC can tai A cé A =30°, dudng trung tuyén BM. Tinh
g6c¢ bBM. (Lam tron két qua dén d9d)
A. 45° B. 51° C. 58° D. 60°
10. Cho tam gidc ABC vudng tai A ¢6 AB = ¢, AC = b, BC = a. Tia phin

gidc caa géc B cdt AC tai D. Tinh tgg

B a+c¢ B b
Adt _—= B. t — =
g2 b-c g2 a-c
C. tg—I—s—z b D. A), B), C) déu sai
2 a+¢
DAP AN
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ON TAP CHUONG |

A. KIEN THUC CAN NHO

Tam giac ABC vudng tai A.
BC=3,CA=b,AB=c
DPuong cao AH = h

BH = ¢’ 1a hinh chiéu cha AB
trén BC. e ' _
O b T 1t i it OA by PO, e s i

a
¢ B=q C=8
1) Hé thuc lugng trong tam giac vuén
b® = ab’ h?=b'e
¢® = ac’ | ah =bc
a® = b% + ¢ 1 1 1
2T et
| h b C
2) Ti s6 lugng gidc cia goc nhon
Pinh nghia
46i 45
sina = b ( Of tga = 2 ( O‘l)
a (huyén) c (ké)
ké ké
cosa = i ( ) ' cotga = - e)
a (huyén) b (dai)

Ti s6 lugng gidc cha hai géc phu nhau a + p = 90°

sina = cosf cosa = sinf

tg a = cotgp cotga = tgP

Cac hé thiuc giia canh va goc trong tam giac vuéng

B = a.sina = a.cosf

C = a.sinf} = a.cosa

B = c.tga = c.cotgp

C = b.tgB = b.cotga
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B. BAITAP g

. Cho hinh 1. D¢ dai x, y bang: 0
A.x = 1,58cm ;y = 2,76cm § AN ,Y
B. x = 2,88cm ;y = 3,84cm ™ _
C. x =3,lcm vy = 4,24cm [ 4,8cm K
D. x=3,1lcm ; Yy = 3,84cm Hinh 1

. Cho hinh 2. P6 dai x, y bing:
A. x=42cm ; y = 5/11cm
B. x=3V3cm;y =4V3cm

y

E B¢ r llcm

C. x=4V5cm ;y =4J11lem F
Hinh 2

D. x=4'1lem;y = 5V5cm

. Cho hinh 3. Khéng dinh nao sau day sai?
A. AAMB vubng tai M .

B. AOAM la tam gidc déu

C. x=+vmn

D. A), B) dung ; C) sai

A. 30°52'
B. 32°32

- C. 3341

D. 35°

. Cho hinh 5. Cosa bing : B

A. —\—/—_Pf- B.

_2_ .

. V3 a 2a
_a_— .
J3

C.

2a D :
V3 A 20 C Hinh5
| V3a
. Cho sina = (0° <a< 90°) Khong dung bang ciing nhu mdy tinh bd

tai hdy tinh cosa.

A. cosuv,=l : B. cosa =£
4 . 4

C. cosa= —? D. Mot két qua khéc
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7. V6i géc nhon o tuy y. Khdng dinh nao sau day sai?

A. (1 -cosa)l + cosa) = sin? a

B. 1+§in2 o +cos®a =2cos’ a

C. sin' - sin a cos? a = sin® a

4 2 , "

D. ,sm Q + €08 a+2sm2acos a=]

M i e

8. lff‘mh 7 cho biét : BAC - 42°, CAD = 30°, AB = AC = 10cm. Tinh dién

tich tua giac ABCD. (Lém tron két qua dén hang don vi).
A. Sspcp = 480m
B. SABCD;' 50cm®
C. %_Q_;;Slqmz i
D.Sapcp = 55¢m? .
9. Hmh 8 cho biét:
mh thang (AB // CD)

,g =6cm _ -

ADHI£70°, CBK = 45° SRR B
Tinh d?,i‘ dai canh CD. . ;
(I@I;}ﬁ;pbn\ké't qua -dén chit 45
s0 th‘éﬁfbhéﬁithﬂ‘ nhait)
A.CD = 13,7em. 70° | e

./CD = 14,2cm D H K C
Q €D = 14,5¢cm Hinh 8
q“cn = 15,7cm

10. Cho tam gidc ABC cén tai A ¢6 BC = 12cm va dién tich bang 24cm®. Géc

BAC c6 s6 do 1a :

——

A.110°25 A - B. 108°42 |

C. 112°3¢' D. A), B), C) déu sai
11. Hiph;9 cho-bigt: E ' ¢
5 dCrcho‘rJ du’ng vudng gbéc vdi mat dat.

Béng cua cot ¢t chiéu bdi anh sdng mat troi dai 15m.
Géc nhin mat troi 1a 42°

Tim chiéu dai cha cot o

A. 13m - B. 14m

C. 15m o D.KEt qud-khéc

Oé ita
B

- |Cot co

200 A

- Mat dat
Hinh 9 1omi = YR



12. Tir dinh ctia mot thdap chuéng cao 26m (hinh 10) ngudi ta nhin thay
mit tang da dudi goc 30° so v6i dudng nadm ngang qua chan thap.

Héi khoang cach tir tang d4 dén chan |
thap bing bao nhiéu ? (Lam tron két

qua dén chir s6 hang don vi)
A.38m
"B. 40m
C. 41m
D. 45m | § | 7
13. Dé do chiéu cao ciia mot cay t_h()ngk‘dinh‘ 0, ngub’l |
" ta 14y hai diém B va C trén mat dAt v6i
BC = 2m. Géc nhin dinh O tir B 1a 47°, tir C la
38°. Tinh, chiéu cao h cia cay thong ké tir ma
qdat

A.dm

oz

e

(Mt dat
Hinh 10 ‘

B. 5m_ RE I - . 4 0 Mat dat
C.6m L TC om B A ..
D.A) B), C) déu sai Hinh'11 -

14. Mot khuc séng rong khoang 280m. Mot chiéc do cheo qua sdng bi

dong nude ddy xién nén phai cheéo khoang 340m mdi sang dugc by

song kia. B C

Hoi dong nuoc da ddy chiée do di mot :::;::;‘::::

géc bing bao nhiéu d6? (Xem hinh v&) v\ voAwniBA v
0 N en ; A VA A B A AR A

A. 35" B. 38 \AmmJ\A}u\mm\AV\v\v\

C. 42° o D. 44° : P f— E—

|

(i, 08481 T } ) USSR
15. Mgt khiic song rong khoiang 320m. Mot con thuyén di chuyé'ni_m'rrqt
quz;khuc séng nudc chéy‘inanh méat 8 phit. Tinh van tdc ‘¢ld con
thuyén, biét ring dudng di cha con thuyén tao vei bd mot géc 35°.

(Xem-hinh vé) B . C
A. 3km/h AVIVIY SURVRRR VA

D. Mot két qua khéc : A\{ng




16. Giai tam giac ABC vudng tai A Cho biét : AC = 410cm, B = 54°17'
A. C = 35°43', AB = 196, 54cm, BC = 405, 93cm
B. C = 35°43', AB = 294, 96cm, BC = 504,93cm
@ C =35°43', AB = 299, 93cm, BC = 506,87cm

D. A), B), C) déu sai
17. Cho tam gidac ABC vudng tai A ¢c6 AB = 15cm, AC = 20cm. Pudng cao
AH, trung tuyén AM. Tinh sé do géc AMH. (Lam tron két qua dén do)
A.50° ~ B. 54° C. 60° D. 74°
18. Cho hinh thang cdn ABCD. (AB // CD) sao cho dudng chéo BD vudng
géc v6i canh bén BC. Cho biét AD = 12cm, BD = 16em. Tinh
sinC + cosC
sinC - cosC

AM=3 B.M=45 C. M=7 D. M=8_3

19. Cho tam gisc MAB sao cho A =30°, B =40°, AB = 50cm. V& MI
| vudng géc v6i AB tai I. Tinh MI. (Lam tron két qua dén hang don vi)
A.MI = 14cm B. MI=16cm C. MI=17cm D. MI =21lcm

M=

20. Tinh gi4 tri cta biéu thic P = —cesj—a— +tga. Cho biét cosa = 3
‘ l+sina 4
Apat B. P-2 c.p=3 p.p=?

3 .8 5 5
PAP AN
‘Bai | 1| 2| 3| 4| 58| 6| 7| 8] 9]10

cas| B|c|DpD|lc|A|c|B|DJ|A]|C

Bai | 11 | 12 | 13 | 14 | 156 | 16 | 17 | 18 | 19 | 20
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HUGNG DAN GIAI
1. MOT SO HE THUC VE CANH VA DUGNG CAO TRONG

TAM GIAC VUONG
1. @ Nhac lai: N&u hai tam gidc vudng c6 mdt géc nhon bang nhau thi
hai tam gidc d6 dong dang A
A.AAHB ~ ACAB (vi H=A=90°
va B chung) \
B.AAHC ~ ABAC (vi H= A =90° \
va C chung) B NC

C.AAHB ~ ACHA (~ ACAB) H

2. @ AMNP vuéng tai M, dudng cao MH :
Theo hé thic lugng trong tam giac vudéng, ta c6 :
A.e MN’= NP.NH M
e MP? = NP.PH
B.e MH?= HN.HP
¢ MN.MP = NP.MH
1 1 1 b

C. = + N P

MH? MN2? MP? H
3.

A. Ap dung dinh ly Pytago vao AABC vudng tai A, ta c6 :
BC? = AB® + AC? = 9% + 12% = 225 A
= BC = /225 = 15 (cm) S *’e%

B. Theo hé thic lughg trong tam 2
gidc vudng, ta c6 :
AB.AC = AH.BC hay 9.12 = AH.15 B i C

= AH = glg:'?,Z(cm)
15
C. Theo hé thiic lugng trong tam gidc vudng, ta c6 :
AB? = BC.BH hay 9° = 15.BH
~BH=3L _54(cm)
15

D.Ta 6 : HC = BC - BH = 15 - 5,4 = 9,6 (cm)



4. @ Theo hé thdc lugng trong tam gidc vudng OEF ( O =90° ),
dudng cao OI, ta c6 :
e OE’=EFEI : s W IR _
OE®*=(3 +12).3=45 % I
= OE = 45 = 35 (cm) 7
e OF? = EF.FI <G
OF” = (3 + 12).12 = 180
— OF = 180 = 65 (cm) 0 T F
Vay OE = 3V5cm, OF = 6y/5cm ' ‘
5. © Ap dung dinh li Pytago vao AABI vuéng tai I, ta c6 :
AB? = AI* + BI®
= BI? = AB® - AI* = 13% - 12° = 25
= Bl = /25 =5 (cm)
Theo hé thdc lugng trong tam gidc vudng, ta cAé :

AB? = BC.BI °
2 2
= BC =..iB_=1§~—:33,8(cm) 05,6‘
BI 5 ™ 12cm
Do d6 Sppc = = ALBC |
- i g B . nl C
1 I

:?-.12.33,8 =202, 8 (cm?)

6. (B)Tac6 : AB:= 2 AC = Sem = AC - 10cm

Ap dung dinh li Pytago vao tam gidc vudng ABC, ta c6 :
BC? = AB® + AC? = 5% + 10° = 125 B

= BC = 125 =55 (cm) H

AABC vudng tai A, dudng cao AH
Ta c6 : AH.BC = AB.AC

ABAC 5.10
AH = = = 25
= B s 2™ A S
. AB 2 ABZ 4
q. PTath: 2= " (D= et
. O é c3 WTac o
2
HD 4 (@
AB% + ACZ 13 .
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Ma AB? + AC? = BC? = (2V13)% =52 B

AB? 4 o
(2) > ——m = —
52 13
— AB? :il_‘ég_lgg
13 A C
— AB =416 =4 (cm)
(1) = —l—l—zg:r» AC=ﬁ=6(cm) .
AC 3 2 M8 0]

ABAC 46 12 . 3 (cm)

Ta c6 : AHBC = ABAC = AH = - -
BC 2418 18 ool

8. @

Ap dung dinh li Pytago vao AABC vudng tai A, ta c6 :
BC? = AB? + AC? = 187 + 242 = 900 B
= BC = 900 = 30 (cm)

Do BM la dudng phan gidc cia ABC : .~ 18cm
_ AM _AB 18 _3
MC BC 30 5 N _ A
AM 3 AM 3 24
-3 haySM_ 3 am-Z3_g
T AM+MC 3+5 Y 214 8 g o)
AC

Ta c6 BM va BN la cac dudng phin gidc trong va ngoai éﬁa géc B
nén BM 1 BN
Tu AMBN vudng tai B, duong cao BA, ta cé:
BA? = AM.AN hay 18% = 9.AN
27 .
= AN = ‘-lg—=36(cm) _ MN = AM + AN = 9 + 36 = 45 (cm)

9. (C) Goi I 1a giao diém ctia tia phan gidc ciia goc O va canh MN.

6 3 2
OM IM °7 45 3
T 6 o = = = —_— = — 1
20 ONTIN g4 60 4
| 7
oM? 9 OM? 9 M | N
= =—_—= = - s -
ON2 16 OM2+ON2 9+16 U LF =dgt D
B . S —— ¥
OM 3 i 300 A
OM_s @
~ MN 5 )
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Ta 6 : MN = MI + IN = 6§+8§-=15(cm)

@ = oM=SMN_315 o
| 5 5
(1) = ON = i(;ﬂ _ 439 =19 vem)

Do d6 : Somun = %OM.ON = —;—.9.12 = 54 (cm?)

10. Goi a(cm), b(em), c(cm) 12 do6 dai ba canh caa AABC.
a b c

Theo dé baitacé: {3 4 5
a+b+c=48cm

Tacé'E—EaE—a+b+c—é§=
"3 4 5 3+4+5 12
Dodé: e %z4:>a=12(cm)
b
e —=4=D>b=16(cm)
4
° -;-:4:>c=20(cm)
o a® + b? = 122 + 162 = 400 L,
" |e? =202 = 400 (2)
(1) va (2) = c® = a? + b?

Theo dinh 1y Pytago ddo ta ¢c6 AABC 12 tam gidc vudng

2. Ti SO LUONG GIAC CUA GOC NHON

1. Tu AIEK vudng tail, tacé : ‘ I

A. sinE = LS déi
EK |\ huyén
B. cosE—EI:E [hkéR ]
uyén E K
_IK do'l\
"IE (k&

IE
D. t E s
cot gE = -
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OP? + 0Q? = (7,2)%2 +(9,6)* =144 (1
2.©Tacé: +‘Q (7,2)" + (9,6) ()
PQ = 12% = 144 (2)
(1) va (2) = OP? + 0Q? = PQ? 0
= AOPQ vudng tai O (theo dinh ly Pytago dao)
7,2c

— SinP:91’26:O,8 — P =53°

= Q=90°-P=90°-53° = 37°
Vay 0.=90°, P =53° Q =37°
8. (A) Ve AH vudng géc v6i BC tai H
Tu AAHB vuéng tai H, ta cé :
AH
10

e sinB= AH hay sin 60° =
AB

= AH =10.sin60° = 10.%?i = 5J3 (cm) B

e cosB= = hay cos60° = i = BH =10.c0s60° = 10.-1- = 5cm
AB 10 2

AAHC ¢6 H =90°, C = 45°
= AAHC vudng can tai H = AH = HC = 5/3 cm
Tac6:BC=BH+HC =5+ 5J3 =5 +5.1,73 = 13,65 (cm)
Ap dung dinh ly Pytago vao tam gidc vudng AHC, ta c6 :
AC? = AH? + HC? = (5V3)% + (54/3)% = 150 = AC = 150 ~ 12, 25cm
Do d6: CVagc = AB + AC + BC = 10 + 12,25 + 13,65 = 35,9 (cm)
4. (B) AABC vuong tai A = B +C = 90°

Do d6: sinC = cos B =%

Ta c6: sin’C + cos’C = 1

| 2
:>cos2C-.£1—sinzC=1—(j4—) =2-:>c0sC=§
. 5 25 5)

cosC
sinC

sinC
cosC

Ta c6 : tgC = :%300tgc= :.Z,

vl cojon |

: 4 3 4 3
Vay sinC =—;cosC=—;tgC=—;cotgC=—
o 5 5 . 3 . 4
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sina . cosa sina cosa
va cotga = = tga.cotga =

5. @ Ta c6:tga = : . —
cosa sin a cosa sina

6.
?) Dung gbéc vudng xOy va mot doan thing 1am don vi d6 dai (dvdt)
c) Trén Ox vé diém A sao cho OA = 3dvdt
a) Dung cung tron (A ; 5dvdt), cung nay cit Oy tai B
d) OBA la gée o can dung

7. @

=1

1) sin38° 5) sin21°20’
2) tg41°30’ 6) tg33°42’

3) co0s68°40’ ' 7) cosb2°

4) cotgh6°18’ 8) cotg38°30’

* Giai thich :
Tacé: e 38°+ 52° = 90° = sin38° = cos52°

o 41°30° + 38°30’ = 90° = tg41°30’ = cotg38°30"
e 68°40’ + 21°20’ = 90° => c0s68°40’ = sin21°20’
o 56°18 + 33°42 = 90° = cotgh6°18’ = tg33°42’

e Nhic lai : N&u hai géc phu nhau thi :

— Sin géc nay bang cosin géc kia

'~ Tang géc nay bing cotang géc kia
8. ATa c6: P = cosza + cos’a. cotg®o = cos’a(l + cotg’a) (*)

ma cotg o = 2
sin

2 2

sin® a + cos“ a
(*):::»P-cosa1+ = cos? a| —— =
sin® o sin® a

= 2 (vi sin®a + cos’a = 1)~cotg a
sin“ a

9. (O Ta c6: Q = sina + sina. tg’a = sin® a(l + tg%a)

. 9 sin® a .o [cos’a+sin®a sin?
= sin“a}l+ = sin“ a : = =tg2a

0052 a COS2 a 0082 a

2 2 . 2 2
2cos“a -1 2cos“ a - (sin“ a + cos“ a
10.(B) Ta c6:M = = = : { )
sina +cosa sina +.cos @
2 .2

cos* a—sin“a (cosa +sina)(cosa —sina) X
= = =cosa —sina

sina + cosa sina + cosa
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3. MOT SO HE THUC VE CANH VA GOC TRONG
 TAM GIAC VUONG
1. (O Tinh B, AC va BC :
AABC vubdng tai A, ta co :
e B+C=90°
= B =90° - C = 90° - 30° = 60°
e AC = AB.tgB = 14.tg60° B4 e
= AC = 1443 (cm)

A

- 30%

Q

AB: 14 =E=28(cm)
cosB  cos60° 1

2
Vay B =60° ; AC = 14/3cm ; BC = 28cm
2. (B) Tinh C, AB, BC : 4
AABC vubdng tai B, ta cé: 52° 15¢
e A+C=90°
= C=90° - A = 90° - 52° = 38°
e AB = AC.sinC = 15.5in38° h
= 15.0,61566 ~ 9,2cm B o
e BC = AC.sinA = 15.sin52° = 15.0,788 = 11,8 (cm) :
Vay C = 38°, AB = 9,2cm, BC =11, 8cm
3. @Tinh B,C va BC ; B
AABC vudng tai A, ta cé:
tgB = %% - ;7-1—\/% =1,1145=> B=48° 72
Tacé: B+C =90°
= C =90° - B =90° - 48° = 42°
Ap dung dinh ly Pytago vao AABC, ta c6:
BC? = AB? + AC? = (742)% +112 = 219 = BC = /219 ~ 14,80 (cm)
Vay B =48°, C = 42°, BC = 14,80cm

4. @ AMIN vuﬁng tai I, ta cé:

o cosB:—iA—B— = BC =
BC

F-l .
A Hem . . @

4 1 1
NI = MI.cotgN = 8.cotg70°= 8. = 8. = 2,91 (cm
. otg cotg 70° 275 )
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e PI = MlI.cotgP = 8.cotg38°

e gt g 3098 om) |
tg38° 0,18 |
— NP =NI +1IP =291 + 10,26 = 13,17 (cm) B¢
1 70° _38
I P

— Synp = —.8.13,17 = 52,68 (cm?)
MNP =3 cm N

ABZ + AC%2=-122+162=400 (1) B

5. (B) Ta c6: _
® BC? = 202 = 400 (2)
(1) va (2) = AB? + AC® = BC’ 20cm
= AABC vudng tai A _
C

: AC 16 = A
= sinB=—=—=0,8= B =53° 1

’ BC _ 20 ot
Ta c6: C=90° - B = 90° - 53° = 37°.Vay A =90°, B =53°, C = 37°

6. (O AABD cantai A(viAB=AD=10cm)  , 1gem

I oA o ) e
o B2 ; & 180° - A _ 1807 -120" _ 30° [/ :
L 2 2 14cm
= D, = B; =30° (so le trong)
fat)

12cm

ABCD vubng tai B, ta cé: D C
sinDy = By = €D = ,BC e #h Ll 28 (cm)
CD sinDy sing30° 1 ,
2
DOdéCVABCDr-AB+BC+CD+DA "

=10+ 14 + 28 + 10 = 62 (cm)
7. @,Vé dudng cao cua tam gidc ABC

Do ABC la tam gidc déu nén AH ciong l1a dudng trung tuyén.

Suy ra : HB = HC = 4cm A

Tiua AABH vuéng tai H, ta c¢6 :

AH? = AB? - BH? = 8% - 4% = 48 8cm

=> AH = /48 = 43 (cm) _ |

Tu AAHM vubng tai H, ta c6: 42° 1 h

M B

sinM:I—x—Ii H N
T AM
LoAM-AH _ 48 6928 .. B o173)

sinM  sin42° 0,669
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8. @AOPN vudng tai P, ta c6 :
e OP = ON.sinN = 9.sin38°
= 9.0,616 =~ 5,54 (cm)
e NP = ON.cosN = 9.c0s38°
= 9.0,788 = 7,09 (cm)
e AOPM vubdng tai P, ta c6 :
OP 554 554 554

MP = = o= =

eg

=8, 2_ (cm)

Ta c6: MN = Nr' - MP = 7,09 - 3,2 = 3,89 (cm)

Do d6: Spyx = ~ OP.MN = 2 5,54.3,89 = 10,78cm? ~ 11cm?
OMN =3 2 »

9. (B) Ve duong cao AH cia AABC cit BM tai O. Do AABC can tai A
nén AH cang 1a trung tuyén déng thoi la dudng phédn gidc

B

A

= 1,2442

caa goc A.
O 1a trong tdm cia AABC
=1 IO
Al = A2 = 150
N . BH
AAHB vudng tai H, ta c6: tgA; = — (1)
AH
5 ; ; OH
AOHB vuong tai H, ta c6: tgB, = BH (2)
Nhén (1) va (2) vé theo vé, ta duogc ¥
tgAl.th{ = iﬁ : (B)g = Zg = % (vi O 14 trong tAm)
= tgB, = 1 1 1

= B, = 51°12' » 51°

10. @ BD la dudng phéan gidc cia géc B, ta c6:

AD _AB ¢
DC B a
AD c
= AD =
~ DC+AD a+c
e e !
- AC
AABD vudng tai A, ta c6 :
b.c
AB c a+c

3.tgA; 3tgl5° 50,2679 0,8037

107



ON TAP CHUONG |

1. . Ap dung dinh li Pytago vao AHIK vuéng tai I, ta c6 :

HK? = TH? + IK? = (3,6)? + (4,8)2 = 36 = HK = V36 = 6 (cm)
Tiu AHIK vudng tai I, duong cao 10, ta c6:

e I0.HK = IHIK 5
Ol x < IH.IK 7 3,64,8 2 88 (cm) g y
o IK?= KO.HK o -
. ot - " 8)2 I 4 8cm ..._'K
= Kozy: HK = = 3,84 (cm) Hinh 1 |

2, @ AOEF vudng tal O du’o‘ng cao OM, ta c6 :

Vz“iy X = 2 880m y 3 84crn

e EF=EM+ MF =5+ 11 = 16 (cm)
e OE’=x’=EF.EM = 165 = 80
:>x—J_ 45 5 (cm)

e OF?=y’=EF.FM = 16.11 = 176
:>y=JﬁEz4JH(cm)

3. @

‘-

iQﬁ:

A.Ta cé6: OA = OB = OM = ban kmh

= OM la duf(‘mg trung tuyén ing vdi canh AB va bing %AB

= AAMB vudng tai M

B. AOAM c6 MI vira la duang cao, vira la trung tuyém nén: AOAM
can tai M : o iy 5 :

= OM = MA . (1)
Ta con c6 : OM =0A = ban kinh  (2)
(1) va ()= OM & OA = MA
Vay A0AM la fam gidc déu

C AAMBvuongxalM du‘cmgcaoMI

B S




4. (©) Ta c6: OM = ON = OP = bén kinh
= OP la dudng trung tuyén ung véi canh MN va bing —;—MN
= AMPN vuéng tai P
Tit AMPN dudng cao PQ, ta c6 :
PQ? = QM.QN = 4.9 = 36
- PQ=36=6

Ta c6: tgPNQ = g—ﬁ - g - 0,666... Hinh 4
- PNQ = 33°41’
BCQ _ 2 - 2 .
5. @ Ta oo (2a)? = 4a Q)
AB? + AC? = a% + (/32)? = 4a® (2
(1)'}vé (2) = BC? = AB? + AC? B
= AABC vudng tai A : ] H
" @=0C=30° (vicung phuvdi CAH) 4| ~%a
Véy .COS'(I = -—"\/——:i ._ U. .30
A ' C
J3a

A bl - ) 9
6. @Taco: sina =2 = sin o = —
4 16 Hinh 5
5 o 2
Ta con c6: sin“a + cos“a = 1

2 . 2 9 7 7 7
=cosa=1-sin‘a=1- —=— = cosa =,/]— = —
16 16 4

16
7. @

A. (1 - cosa)(1 + cosa) = 1 - cpsza = sinzq_

B. 1+§j92a+c052a=1+1x2
1 A,
; P ) J 9 3 . 2 . 3
C. sina — sina.cos“a = sina.(l - cos“ a) = sina.sin“a = sin"a
‘e pe—— > -
sinZa

D.sin‘a + cos*o + 2.sinocos’a = (cos?a #sin® )= 12 = 1

b 1 k
8. (D) Ve BH LAC tai H |
Tu AABH vuéng tai H, ta c6: ‘ o - péA
BH = AB.sinBAH = 10.8in42° = 6,69 () /.= DAd o U
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1
2
AACD vudng tai D, ta cé:

Sape = ~ BHAC = %.6, 69.10 = 33,45 (cm?)

e CD = AC.sinCAD = 10.5in30° = 10.- = 5 (cm)

DO | =

e AD =.AC.cosCAD = 10.cos30°

= 10.-—-‘/2-5— = 5V3 (cm)

Sacp = %CD.AD - 2553 = 21,63 (cm?)

SaBcD = Sasc +Sacp = 33,45 + 21,63 = 55,08 ~ 55cm”
9. @ Tt AAHD vuéng tai H, ta c6:

e AH = AD.sin70° = 6.0,94 = 5,64 (cm) 4 B
" DH = AD.cos70° = 6.0,34 =205 cm) A+ b
e ABKH la hinh chir nhat 45
= HK = AB = 6cm, BK = AH = 5,64cm g
¢ ABKC c6 K =90° CBK = 45° 70° L &
- D H K C

= ABKC vudng cén tai K
= CK = KB = 5,64cm Hinh 8
Tacé : CD = CK + KH + HD= 5,64 + 6 + 2,05 = 13,7 (cm)

10.(C) V& dudng cao AH, ta c6: Sapc = -%AH.BC

Hay 24=%AH.12:> AH = %:4(cm)

AABC cén tai A nén dudng cao AH cing la phan giadc caa
géc BAC, ddng thoi 1a dudng trung tuyén dng v6i BC

A -4,-1BAaCc ™ A
HB = HC = ~BC - 6em 1{2
AAHB vudng tai H, ta c6: .
B C
tgAl =_§_HB—‘=S=1’5 H
s Hinh 9
=5 Al = 56°18’ .

(*) = BAC = 2.A; = 2.56°18' = 112°36'
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11. (B) Goi chiéu dai cia cot cir 1a 1, ta co:
1 = 15.tg42° = 15.0,9 = 13,51 ~ 14 (m)
Vay chiéu cao cot co xap xi 14m
12.@ Goi x 1a khoang cédch tir tang d4 dén chan thap, ta cé:
26 26 26

B o B = = B 3
tg30” = " o X = tg300_.\/§~45(m)

3
Vay khodng ciach tir tdng da dén

26m

chan thap xap xi 45m 30° X O

Hinh 10
0]

13. @Ttr hai tam gidac vuong OAC va OAB, ta cé:
ac=-2 (1)va aB- 24 (9
tg38° tgd7°

Trir (1) va (2) vé theo vé, ta cé :

AC-AB-0A| 1!
—BC tg38° tg47°

47°

tg47° - tg38°
tg38°.tg47°

hay 2= OA[
1,07—0,78)

2=0A
1,07.0,78

9 -0n 229 _
0,83

Hinh 11

2

OA.0,35 = OA=——=5,7126 (m)
0,35

’

Vay chiéu cao cdy thong x4p xi 6m

14.'@ T 66! Go5 6 < 200 = 0,8235 =>a = 34°33' ~ 35°
340

Vay dong nu6c da ddy chiéc do di mot géc xap xi 35°
15.(B) Ta c6: C = A = 35°
320
AC
320 320

sin 35° B 0,574

= sinC =sin 35° =

= AC = ~ 558 (m) = 0,558 (km)

0,558.60

Véan tdc caa con thuyén l1a ~ 4 (km/h)

16. (B) Tinh C, AB, AC:
AABC vudng tai A, ta c6:
e B+C-= 90°
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= C=90°-B = 90° - 54°17 = 35°43’

. tgB- AC
AB : 410cm
b Ape 20 410 410 - 294,96 (cm)
tgB  tg54°17" 1,39 f 54°17’ c
oo B B Hee 06, MO O e am e
BC sinB sin54°17° 0,812

Vay C = 35°43', AB = 294, 96cm, BC = 504,93cm
7. @ Tu AABC vudng tai A, ta cé:

A
e BC =+15% +20% = 25 (cm)
e AM-= %BC - 12,5 (cm) ~ 15em 20cm
e« AH.BC = AB.AC
B — C
4 A ABAC 1620 4, 0 H M
BC 25
Tu AAMH vudng tai H, ta cé:
sin AMH = 28 _ 12 _ 96 — AMH = 73°44' ~ 74°
AM 12,5
18.(C) ABCD la hinh thang can = AD = BC = 12cm
Tu ABCD vuéng tai B, ta cé: A B
e CD=1v12%+ 162 = 20 (cm) 7
. BD 16 4 12em 16cm
e sinC=—
CD 20 5
i agA BC 12 3 D C
CD 20 5
4.3
Do dé M:STnC+cosC _5 5 _n
sinC-cosC 4 3
‘ 5 b
19.d
TUu hai tam gidc vudng MIA va MIB, ta c6:
MI MI MI
o tgA=—>= Al= = (1
g Al tgA  tg30° )
Ml MI MI
e tgB=— = BIl-= = (2
g BI = tgB  tg40° )
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Cong (1) va (2) vé theo v&: Al + BI = MI L + L
B tg30°  tgd0°

AB M

Ta c6 : AB = 50cm

v o1 1o Rtk 0 407\ p
tg30° 0,58 T e | S
50c
1 == 1 =1,90
tg400 0’84
: 5 50
(*) = MIr-«—-»Q——“A: o =13,81 (cm) =~ 14 (cm)
1,72+1,90 3,62
cosa
20. Tact: P=——— + tga
@ l1+sina 8
_ - cosa +sina__cosza+sina+sin2a
l+sina cosa (1+sina)cosa
__‘1+Sinu 1 _l_il_
(1+sina)cosa cosa 3 3 .
4

* Mot cach nhd dinh nghia chir s6 lugng gidc cha géc nhon
“Tim SIN lay déi chia huyén
COSIN hai canh ké huyén chia nhau
Con TANG ta hay tinh sau
Doi trén ké du6i chia nhau khé gi
COTANG tinh chdng ngui suy
Ké trén do6i dudi ta ghi vao lién”
* Hoac c6 cach dé nhé khac:
SIN di hoc (déi chia huyén)
COSIN khéng hu (ké chia huyén)
TANG doan két (d6i chia ké)
COTANG két doan (ké chia doi)
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Chuong L. PUGNG TRON
Vin dé 1. SU XAC DINH DPUGNG TRON

TiNH CHAT P01 XUNG CUA DUONG TRON
A.  KIEN THUC CAN NHO

|1] Nhéc lai vé dudng tron
e Dudng tron tdm O ban kinh R (véi R > 0) la hinh gébm céc diém
cach diém O mot khodng bing R.
e DPudng tron tam O ban kinh R dugce ki hidu 1a (O; R), cang c6 thé ki
hiéu 14 (O) khi khéng can chi y dén ban kinh
¢ Vi tri tuong d6i cua mot diém vdi dyong tron.
Xét dudng tron (O; R) va mot diém M ¢6 OM = d, ta c6 :
* M ndm trén duong tron (O; R) e d=R
* M ndam trong duong tron (O; R) < d <R
* M ndm ngoat duong tron (O; R) < d >R
@ Xéac dinh duong tron
Dinh li
¢ Qua ba didm khdng thing hang, ta vé dugc mot va chi modt dudng tron.
e Vé6i modt diém O va mot s6 duong R cho trude ta xdc dinh duge duy
nhat mot duyng tron tdm O ban kinh R. R
* Goi dy, dg, dz lan lugt 14 trung truc
cua ba canh AB, AC, BC.
Giao diém O cita d;, dy, d; 1a tam
dudng tron di qua ba diém A, B, C. BNd o 7°
* Duong tron qua ba dinh cia tam gidc duoce goi la dudng tron
ngogi tiép tam gidc dé, con tam gidc & trong dudng tron goi la
tam gidc noi tié_'p duong tron.
T Chi § |
a) Qua hai di€ém cho sdn, ta dung duge v s6 dudng tron, tAm cha céc
dudng tron nay thudc dudng théng trung truc cia doan théng néi
hai diém da cho.

b) Khéng c6 dudng tron nao di qua ba diém thing hang.
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c) * Tam cha dudng tron ngoai tiép tam gidc
vudng la trung diém canh huyén cta tam C
giac vudng do.
* N&u mdt tam giac nodi tiép dudng tron c6 mot canh la dudng
kinh cia dudng tron thi tam gidc d6 la tam gidc vudng.
@ Tam déi xung
*  Pudng tron l1a hinh ¢6 tdm déi xding. A
e Tam caa dudng tron la tdm d6i xdng cua
dudng tron dé (hinh a).
E Truc déi xtng
*  Pudng tron 1a hinh ¢6 truc ddi xing.
e Bat ki dudng kinh nao cua dudng trdon cing
1a truc doi1 ximg cua dudng tron dé (hinh b). - B Hinh b

B. BAITAP

1. Khing dinh nao sau day ding nhat?
A.Tép hop cdc diém c6 khoang ciach dén diém O c§ dinh bing
4cm 12 dudng tron tam O ban kinh 4em
B. DPudng tron tdm O ban kinh 4cm gom t4t cd nhing diém c6
khodng cach dén O bing 4cm
C. Hinh trdn tdm O bdn kinh 4cm gém t4t cd nhing diém c6 khoang
cach dén O nhé hon hoac bing 4cm.
D. A), B), C) déu ding
2. Khing dinh nao sau day sai :
A. Qua méot diém, ta vé dugc vo s6 dudng tron
B. Qua hai diém, ta vé dugc vd s6 duong tron
C. Qua ba diém, ta vé dugc mot va chi mot dudng tron
D. A), B) ding ; C) sai.
8. Cho dutng tron (O ; R) ngoai tiép tam gidec ABC vudng tai A
Khéng dinh nao sau day ding :
A.Diém O nim bén trong AABC
B. Piém O nim bén ngoai AABC
C. Piém O n3m tuy y trén canh BC
D. Piém O 1a trung diém cta canh BC i
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4. Cho dudng tron tdm (O ; R) dudng kinh AB, qua trung diém H cia OA
vé dudng thing vuéng géc véi AB cit dudng tron tai M. Tinh theo R
dién tich AAMB

R2./3 R2 2
2f . 3J§ . R 4J'3'

5. Cho tam giac ABC c6 AB = 3,6cm, AC = 4,8cm, BC = 6cm ndi tiép
dudng tron (O ; R). Do dai R bang :

A.3cm B. 4,5cm C. 5cm D. 5,5cm

6. Cho tam gidc MNP vudng tai M ndi tiép dudng tron (O; 10cm),
MNP = 41°. Tinh chu vi AMNP. (Lam tron két qua dén hang don vi)

A. 38cm B. 48cm C. 52cm D.61cm

7. Cho hinh chit nhat ABCD c6 AB = 18cm, AD = 24cm.

Khéng dinh nao sau day dung?
A. Giao diém O cia hai dudng chéo AC va BD la tdm dudng tron
di qua A, B, C, D.
B. B4n kinh R ctia dudng tron (O) bing 15cm
C. BD la truc d61 xing cua dudng tron (O)
D. A), B), C) déu ding
8. Trén mat phing toa do Oxy 14y diém P(2 ; 1)
Khéng dinh nao sau day ding?
A.Diém P nim bén trong dudng tron (O ; V5)

B. Piém P nim bén ngoai dudng trdn (O ; V5)
C. Piém P nim trén dudng tron (O ; V5)

9. Xét bai todn: “Néu cach dung dudng tron tdm O ngoai ti€p tam gidc
ABC”. Hay sdp x&p mot cach hop li cdc cdu sau d€ duge loi gidi cha
bai todn-da cho.

a) Dung dudng tron tdm O ban kinh OA
P6 1a dudng tron ngoai ti€p AABC cdn dung
b) Dung d va d’ theo thy ty 1a dudng trung
truc cia ABva BC,dva d’  cit
nhau tai O
c) Dung tam giac ABC
Sdp xé&p nao sau day hop li :
A.c), b), a) B. b), c), a) C. a), b), c) D. c¢), a), b)
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10. Cho géc vudng xOy va diem M nam bén trong géc d6. Ve dudng tron
tam I di qua O va M cat Ox ¢ A va ciat Oy ¢ B. Goi M’ 1a diém do6i
xing cuia M qua AB.
Khang dinh nao sau day diung?
A.DPiém M’ nam bén trong duong tron (I)
B. Diém M’ ndm bén ngoai dudng tron (I)
C. Piém M’ nim trén duong tron (I)
PAP AN
Bai 1 2 3 4 5 6 7 8 9 10
Cau D C D B A B D C A C

Vandé 2. DUONG KiNH VA DAY CUA DUONG TRON
LIEN HE GIUA DAY VA KHOANG CACH TU TAM PEN DAY

A. KIEN THUT CAN NHO

|1] So sanh dé dai dusng kinh va day
Dinh li 1 _
Trong cdc ddy cia mét duong tron, ddy lon nhdt la duong kinh cia

duong tron dé.
@ Quan hé vudng géc gilra dudng kinh va day
Pinh li 2
Trong mét duong tron, duong kinh vubng géc vdi mét ddy thi di
qua trung diém ctia ddy dy.
Pinh 1i 3 _
Trong mét duong tron, duong kinh di qua trung
diém cia mét day khéns i qua tdm thi vuéng A B
goc voi déy dy.
* Puodng tron (O) dudng kinh CD
* DAy AB khong qua tdm O = JA=1B
* CD L AB tai l

Pinh li 4
Trong mét duong tron :
a) Hai déy bdng nhau thi cdich déu tam.
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b) Hai ddy cdch déu tam thi bing nhau.

e AB va CD la hai day caa dudong tron (O).

¢ OH va OK la khoang cach tit tdAm O dén AB va CD
Taco AB=CD << OH = OK '
Pinh 1i 2
Trong hai day cua mot dudng tron :

a) D4y nao 16n hon thi day d6 génv tam hon.

b) Day nao gin tdm hon thi day d6 16n hon.

e ABuva CD la hai déy ctia duyng tron (O).

e OH va OK la khodng cdch tit O dén AB va CD.
Tac6 AB>CD < OH < OK

B. BAITAP

1. Xét dudng tron (O) dudng kinh AB vudng géc véi ddy CD tai 1. Goi E
va F 1a hinh chiéu cta O trén AC va AD (E € AC)
Khéng dinh nio sau day ding?
A. AACD la tam gidc can B. OE = OF

C. EF = -;—CD D. A), B), C) déu ding

2. Cho dudng tron (O ; 34cm) c¢6 OI vubng géc v6i ddy MN (I € MN) sao
cho OI = 30cm, thi do dai cia MN bing: | |
A. 30cm B.32cm ~ C.34cm D. 40cm

3. Cho dudng tron (O ; R) day AB = 19,2cm. Goi H 1a hinh chiéu cia O
trén AB. Cho biét OH = 7,2cm. P dai R bing :

A.12cm ' B. 13cm C. 14,5cm D. 15,6cm

4. Cho dudng tron (O) dudng kinh AB va ddy CD vubéng géc vdi OB tai
trung diém I cta OB. Ti giac OCBD la hinh gi?

A. Hinh thang cin B. Hinh chif nhat
C. Hinh thoi D. Hinh vudng

5. Cho dudng tron (0), duong kinh AB va day CD khéng cidt dudng kink
AB. Goi M va N theo thit tu 1a hinh chifu cGa A va B trén dudng
thdng CD. Goi I 1a trung diém ctia day CD. AMON la tam giéc gi ?

A. Tam gidc can : B. Tam gidc déu
C. Tam giac vudng D. Tam gidc vudng cdn
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6. Cho dudng tron (O) va hai day bang nhau AB va CD. Hai dudng thing
AB va CD cit nhau tal diém P nam ngoai (O). Goi H va K theo thi tu
la trung diém cha hai day AB va CD.

A. OH = OK B.PH = PK
C. OPH = OPK D. A), B) ding ; C) sai

7. Cho dudng tron (O ; 6,5cm) ¢6 dugng kinh MN va day MP = 12cm. Ve
ddy PQ wvubng goéc véi MN tai H. Tinh d6 dai day PQ.
(Lam tron két qua dén chir s6 thap phan thda nhat)

A. 8,5cm B. 9,2cm C. 10,4cm D. 10,8cm
8. Cho dudng tron (O ; 15ecm) va day AB = 24cm. Tinh sé do cdc géc
trong AOAB. (Lam tron két qua dén do)
A.0=106°;A =B =37 B. 0=100°;A =B =40°
C. 0-110°;A-B=35° D. A), B), C) déu sai
9. Cho duong tron (O ; R) va hai dudng kinh vuéng géc AB, CD. Trén

ban kinh AO ldy doan Al =‘—2—§32, vé tia CI cdt (O) tai E. Tinh thec R

do dai day CE.

. RV10 B 3R\10 C. 3RV10 D. 15RV11

3 4 . 5 4
10. Cho tam gidc ABC can tai A ndi ti€p dudng tron (0). Goi E va F theo
th( tu 12 hinh chi&u cta O trén AB va AC.
Khéng dinh nao sau day dung ?

A.OE = OF - B. AO 1a tia phén giac cia BAC
C. AAEF can tai A D. A), B), C) déu ding
PAP AN

Bai 1 2 3 4 5 10
Cau | D B A C A D B A C D

N
-3
oo
O
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Van dé 3. V] TRi TUONG P01 CUA DUGNG THANG

VA DUONG TRON
A. KIEN THUC CAN NHO

[Ll Ba vj tri tuong d8i ctia dudng thing va dudng tron
Xét dudng tron (O: R) va dudng thing (a).
Goi OH = d la khodr = cdch tir tam O dén (a).

Vi tri tuong déi cua duong Sé diem | He thirc giita d va

thang (a) va duong tron (O; R) | chung | R
Pumg thing va dudng tron cit nhau. 2 d<R
Pudng thidng va dudng tron tiép \ {on
xdc nhau. -
Pudng thédng va dudng tron khong :

; , 0 d>R
giao nhau.

d<R

Il | Ti€ép tuyén cla dudng tron
1) Dinh nghia
Khi dudng thidng (a) va dudng tron (O) chi ¢c6 mdt diém chung C,
ta no1 : ,
e (a) va (0) ti€p xic v4i nhau tai C hoac
e (a) la tiép tuyén cda (O) tai C va C la ti€p diém.
2) Dinh li 4
Né&u mot dudng thang 1a tiép tuyén clia mot dudng tron thi dudng
thdng d6 vudng géc v6i ban kinh di qua ti€p diém.

' * Puong thdng (a) la tiép
Gid thiét tuyén cua duong tron (0).
* C la tiép diém.

Két lugn | (a) LOC tai C.
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'3) Cac d&u hidu nhan biét tiép tuyén cia dudng tron
a) Néu mot dudng thiang va mot dudng tron chi c6 modt diém
chung thi duong thiang dé 1a tiép tuyén caa dudng tron.
b) Néu khoang cach tif tam dudng tron dén dudng théng bing ban
kinh cia dudng tron thi dudng thing dé 1a tiép tuyén cia dudng
tron.

% Duong tron (0; R) va duiong thing (a).
Gid thiét |

E
| * d = khodng cdach tit O dén (a) va d = R.
:

Két luan

(a) la tiép tuyén cia (O)

¢) Néu mot duong thing di qua mot diém cda dudng tron va vudng
géc véi ban kinh di qua diém dé thi dudng théng néi trén la
tiép tuyén cua dudng tron.

* Duong thdng (a)

Gid thiét | * C thuéc (O).

* (a) L OC tai C.

Két lugn | (a) la tiép tuyén cia (O)

4) Hai ti€p tuyén cdt nhau

Dinh li

Né&u hai ti€p tuyén cia mot dudng tron cit nhau tai mot diém thi :

e Diém d6 cach déu hai tiép diém.

e Tia ké tu di€m d6 va di qua tdm duong tron ia tia phan gidc
‘cta géc tao bdi hai tiép tuyén.

e Tia ké tir tAm dudng tron va di qua diém d6 la tia phan gidc
chia géc tao bdi hai ban kinh di qua hai tiép diém.

e Dudng thing di qua diém dé va qua tdm dudng tron 1a dudng
trung truc cia doan thing néi hai tié€p diém.

. ., | Tiép tuyén tai A va B cia (O) cdt
Gid thiét nhau tai M (A va B la tiép diém). A
* MA = MB :
- * My = Mo M<-
Két ludn ~ ~ :
¢ * 01 = 02 f
* MO la trung truc cia AB. B

121




5) Pudng tron ndi ti€p tam giac

e DPudng trdn ti€p xic véi ba canh
cia mot tam gidc goi la duong
tron ndi tiép tam gidc, con

tam gidc goi 1a tam giac ngoai 7 .-

.

tiép dudng tron. B4 T e o
e Tam cia dudng tron nédi ti€p tam gidc la giao diém cha céd
dudng phan giac cua cac g'éc trong cua tam gidc.
* AB, AC, BC la tiép tuyén cua (I).
H, P, K la tiép diém
* IH = IK = IP = bdn kinh cua (I)
* A; = A2, By = B2, C; = C»

Gid thiét

K&t ludn Puong tron (1) néi tiép tam gigc ABC.

6) Dudng tron bang tiép tam giac
e DPudng tron ti€p xidc v4i modt canh cha mot tam gide va ti€p xic
v6i cdc phan kéo dai cha hai canh kia goi l1a dudng tron bang
~ tié€p tam gidc. '
e Tam dudng tron bang tiép trong géc A cha tam giac ABC la
‘ giao diém cia dudng phan gidc
trong cua géc A va dudng phéan
gidc gbéc ngoai tai B (hoac tai
C), hoéc la giao diém chGa hai
* dudng phan gidc cda cdc goc
ngoai tai B va C.
e Moi tam gidc c6 ba dudng trdon bang tiép.

* BC, Ax, Ay la tiép tuyén cia (J).
L, M, N la tiép diém

* JL = dJM = JN = bdn kinh cua (J)

% 21=22,§1=§2,61=62

Gid tHiét

Duong tron (J) la duong tron bang

!Kéft lugn :
| tiép tam gidc ABC.
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R. RAITAP

. Ti diém A nam bén ngoai dutng tron (O ; 8cm) sao cho OA = 12cm. Ké
tia Ax tao vdi AO mot gée 30°. Goi H 1a hinh chiéu cia O trén Ax.
Khang dinh n&o sau day dung?

A. Tia Ax va duong tron (O) khong ¢6 diém chung nao

B. Tia Ax va dudng tron (O) chi ¢c6 mot diém chung

C. Tia Ax va duong tron (O) c¢6 hai diém chung

. Cho dudng tron (O ; R) va dudng thang a. Goi d 1a khodng céch tif
tam O dén a.

bién vao chd tréng (..) dé duge cac khang dinh ding :

Vi tri tuong déi ctia a va (0) | S6 diém chung | Hé thudce giita d va R

a va (0) cdt nhau

.a va (O) khdéng giao nhau e | s ——

. Cho dudng tron (O ; 5cm). Mot dudng thdng di qua diém A n3m ngoai

duong tron cit duong tron tai B va C sao cho AB = BC.

Ké duong kinh CD. Tinh d¢ dai AD.

A. 10cm B. 12cm C. 15cm D. 16cm

. Cho dudng tron (O ; R), ban kinh OA, day CD la trung truc cia OA. Ké

ti€p tuyén véi dudng tron (O) tai C, ti€p tuyén nay cidt dudng thing

OA tai I.

Khang dinh nao sau day dang?

A. AOAC la tam giac deu B. Tit gidac OCAD la hinh thoi

C.CI=R3 D. A), B), C) déu ding

. Cho dudng tron (O ; R) va diém P n3m bén ngoai dudng tron sao cho

OP = 2R. Ké hai ti€p tuyén PM va PN véi dudng tron.

Khéng dinh nao sau day sai?

A. MON =120° B. APMN la tam gidc déu

C.MN =R D. A), B) ding ; C) sai

. Cho tam gidc déu ABC ngoai tiép dudng tron (O ; 2cm). Dién tich cia

tam gidc ABC bing : :

103
3

C. ﬂ cm?

A. 6cm? B. 12/3cm? D. cm?
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7. Cho tam giac ABC vubng tai A c6 AB = 6cm, AC = 8cm ngoai tiép
duong tron (I ; r). Tinh r.
A.2cm B. 2,5cm C. 3,3cm D. 4,4cm
8. Xét bai todn : “Cho géc xAy (khdc géc bet) va ldy diém D tuy y trén
canh Ax. Hay néu cach dung dudng tron tdm O tiép xuc v6i Ax tai D
va ti€p xuic vdi Ay”. Hay sdp xép mot cach hop li cac cau sau dé dugc
161 gidi cua bai toan trén.
a) Dung tia phan gidc At cua goc xAy cdt d tai O
b) Dung dudng tron (O ; OD). D6 la dugng tron can dung
¢) Qua D dung duong thang d vudng géc véi Ax
d) Dung géc xAy khac géc bet va 14y diém D trén canh Ax.
S4p xép nao sau day hgp li d
A.c), b), a), d)
B. d), a), b), ¢)
C. d), c), a), b) A
D. a), b), d), ¢) —
9. Cho hinh thang ABCD ¢6 A =D=90° va B =2C ngoai tiép gu’dng
tron tdm O ,_ .
Khing dinh nao sau diy sai?
A. Chu vi hinh thang ABCD béng hai 1an t6ng hai canh day

B. AAQD la tam gidc déu

C. OB= BG
2

- D. A), B), C) déu ding
10. Cho tam gidc ABC ngoai ti€p dudng tron tdm I. Goi J 1a tdm dudng
tron bé’ng tiép trong géc A tiép xdc véi BC, AB, AC theo thit tu tai D,
E, F. Khiang dinh nao sau day sai?
A. Ba diém A, I, J thing hang
B. AIBJ 14 tam gidc vudng
C. Bon diém B, I, C, J cung thudc mét dudng tron
D. A) va C) déu dung ; B) sai
PAP AN
Bai 1 2 3 4 10
Cau C X A D C B A C B D

D
(o))
-3
oo
©
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Van dé 4. VI TRi TUONG DOI CUA HAI DUONG TRON
A IEN THUC CAN NHO

E Ba vi tri tuong déi cua hai dudng tron
Xét hai duong tron (O; R) va (O’; r).
bat OO’ =dvagiasiR>r

a) Hai dudong tron cdt nhau tai hai diém

o Tinh chdt: Khi hai duong tron cit nhau
thi dudng néi tidm la trung truc cla
doan noi hai giao diém ciia hai dudng
tron dé (OO’ 1a trung truc cua AB).

e HéthicR-r<d<R+r

b) Hai dudng tron tiép xic nhau

e Tinh chdt: Néu hai dudng tron tiép xic nhau thi tiép diém nam
trén dudng ndi tadm (A 1a tiép diém = A € 00"

Tiép xiic ngodi Tiép xiic trong

d=R+r

¢) Hai duong tron khéong cdt nhau

Ngoai nhau Chta nhau

d>R+r d<R-r d=0

EJ Tiép tuyén chung chia hai duédng tron

e Tiép tuyén chung cha hai dudng tron la dub‘ng thdng ti€p xdc vdi ca
hai dudng tron dé.

a) Hai dudng tron cit nhau c6 hai tiép tuyén chung ngoai (hmh a)

125



b) Hai dudng tron ti€p xdc ngoai c¢6 hai ti€p tuyén chung ngoai va
mot ti€p tuyén chung trong (hinh b).

¢) Hai dudng tron tiép xtc trong chi c6 mot ti€p tuyén chung (hinh c).

d) Hai dudng tron ngoai nhau cé hai tiép tuyén chung ngoai va hai
tiép tuyén chung trong (hinh d).

e) Hai dudng trdon chita nhau khong ¢6 tié€p tuyén chung.

f) Hai dudng tron dong tdm khong cé tiép tuyén chung.

Hinh ¢

B. BRITAP

1. Cho hai dutrng tron (O ; R) va (O’ ; R’) cdt nhau tai A va B.
Khing dinh nao sau ddy ding?
A. AB la dudng trung truc caa OO’
B. OO’ 1a dudng trung truc cia diy AB
C. T gidc OAO’B 1a hinh thoi
D. A), B), C) déu ding
2. Cho hai dudng tron (O ; 13cm) va (O’ ; 15¢m) cét nhau tai A va B sao
cho AB = 24cm. Tinh 46 dai OO’
A.llcm B. 13cm C. l4cm D. 15cm
3. Cho hai dudng tron (O) va (O) cidt nhau tai A va B. Goi I 1a trung
diém cha OQ’. Qua A vé dudng thidng vudng géc vdi IA cit (O) tai C va
cdt (0’) tai D. So sanh AC va AD.
A.AC=AD B. AC< AD
C. AC > AD D. Khéng so sanh dugce
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4. Cho hai dudng tron (O) va (O’) ti€p xic ngoai tai A. V& hai ban kinh
OM va O'N song song véi nhau thude cing mot nia mat phéng cé by
OO'. Tam gidc MAN la tam giac gi?

A. Tam gidc can B. Tam gidc vuong
C.Tam gidc déu - D.Tam gidc vudng can _

5. Cho hai dudng tron (O ; 8cm) va (O’ ; 5cm) tiép xic ngoai tai M. Goi
AB la tiép tuyén chung cbia hai duong tron (A e (O),
B € (0")). Tinh d6 dai AB. (Lam tron két qua dén chir s6 thap phan
thi hai) T
A. 8,75cm B. 10,85¢m C. 12,65cm D. 14,08cm

6. Goi O 1a trung diém ciia doan thing AB. V& cac dudng tron
(O ; OA) va (B ; BA). Ké mét duosng thidng qua A cit hai dudng tron
(O) va (B) theo thua tu tai C va D. '

Khing dinh nao sau day ding?

A. Hai dudng tron (O) va (D) tiép xdc trong tai A
B.AC =CD

C.0C // BD

D. A)::B), C) déu dung

7. Cho hai dudng tron (O) va (O’) cit nhau tai A va B. Mot dudng thing
qua A (khéng di qua hai tam) cit (O) tai C va cit (O) tai D. Vé c4c
duong kinh AOE va AO'F
Khing dinh nao sau day sai? - _

A.Ba diém E, B, F théng hang B.EC / FD

€. 00 - %EF _ D. A), B) ding ; C) sai

8. Cho hai dudng tron (O ; R) va (O’ ; R) cit nhau tai A va B sao cho tdm
duong tron nay nim trén A©ong tron kia. Tinh theo R dién tich t
gidac OAO'B : .

2 2 2
_A.Rf B B3 C. R%5 p, B\5
9. Cho hai dudng tron (0) va (0) tié’p xuc ngoai tai M. Ké tiép tuyén

chung ngoai AB va CD véi A, C thuoe (O) va B, D thude (O)
Khing dinh nao sau day sai?

A. AIBD ~ AIAC _ B. ABO'D ~ AAOC
C.BD // AC D. A), C) ding ; B) sai
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10. Cho hai dudng tron (O ; 5em) va (O’ ; 3em) tiép xic ngoai nhau tai A.
Veé tiép tuyén chung ngoai BC (B € (0) va C € (0"). Vé dudng tron (I ;
r) ti€p xtc véi BC tai M va ti€p xdc ngoai véi hai dugng tron (O) va
(O') tai N va P. Tinh d6 dai r. (Lam tron két qua dén chir s& thap
phan thi hai) i
Khéng dinh nao sau day dang?

- A.0,75cm B. 0,95cm C. 1,24cm D. 1,83cm

DAP AN
Bai | 1 2 | 3| 4|5 | 6|17 10
Cau| B|cCc|A|B|C|D|C|A|D|B

w
e

ON TAP CHUGNG II

A.  KIEN THUC CAN NHO

STT Hinh vé | Néi dung

o : e Tam gidc vudng thi noi ti€p du‘bng tron

- ~ (dwng trdn ndy c6 tam 1 trung diém
\ canh huyén va ban kinh bing nira canh

1 & huyén).

e Tam gidc ndi tiép dudng tron va ¢6 mot
canh 12 dudng kinh cta dudng tron thi
d6 la tam gidc vubng.

_ B ¢ DPudng tron 1 hinh c6 tam déi xdng.

2 e Tam céa dudng tron la tdm d6i xing
cua duong tron d6.

¢ Dudng tron 1a hinh c6 truc d6i xding.

e Bat ki dudng kinh nao ciia dudng trdn
ciing 1 truc doi xiing cia dudng tron do.

¢ DPudng kinh nao di qua trung diém cda
modt day thi vudng géec v6i day dy va

dao lai.
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Hai day bang nhau thi cdch déu tam va

/ ‘ dao lai
AB=CD < OH=O0K

oe]
@
®

Q
>
.

Day 16n hon thi gan tam hon va dao lai.
AB>CD < OH < OK
Puong kinh 1a day lén nhat cia dutng tron.

Khi dudng théng (a) va dudng tron (O)

chi c6 mot diém chung thi ta bdo:
¢ “Pudng thiang (a) va dudng tron (O)
tiép xdc nhau”
(a) hay

“Duting thang (a) 1a ti€p tuyén cia dudng
tron (O)”
Diém chung H go’ la tiép diém.

Néu mot duong théng la tiép tuyén cla

dugng tron thi dudng thdng d6 vuong
O . . : g .
goc véi ban kinh di qua tiép diém.
(a) e P4o lai, néu mot dudng thing di qua mot

H diém cha dudng tron va vudng géc véi
bam kinh qua diém d6 thi dudng thdng
néi trén 1A mot tiép tuyén cha dudng
tron

Néu mot dudng tron cé hai tiép tuyén
cit nhau tai mot diém thi : :

a) DPiém d6 cach déu hai tiép diém

(MA = MB!

b) Tia ké tir diém d6 va di qua tdm
dudng tron 1a tia phén gidc caa goéc
tao bdi hai ti€p tuyén (MO la tia phan
gidc ctia goc AMB)

c¢) Tia ké tu tdm dudng tron va di qua
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d)

diém d6 la tia phan gidc cia géc tao
bdi hai ban kinh di qua hai tiép diém
(OM la tia phan gidc clia géc AOB)

DPudng thdng qua diém d6 va qua tdm
dudng trdon la trung truc cbia doan |
thing noi hai ti€p diém.

(OM la trung truc cua AB)

~d = khodng cdch tu tém O dén duong

thdng (a).

' dvaR

Dudong tron (O) va
duong thing (a)

d<R C4t nhau (c6 hai diém chung)

Tiép xic nhau (c6 mot di€m
chung), dudng thing (a) la
mot tiép tuyén cha dudng
tron (0)).

d>R Khéng c6 giao diém.

10

Pudng trdn ndi tiép tam gidc la dudng
tron ti€p xic véi ba canh cta tam gidc
(trong trudng hgp nay ta bao “tam gide
ngoai tiép dudng tron™).

Pudng tron ndi ti€p tam gidc c6 :

T4m 12 giao diém cdc dudng phan gidc
céc géc trong cua tam giéc.

B4n kinh bing khoang cdch tu tam
dudng tron dén mét canh cha tam giac.

11

e Pudng trdn bang tiép tam gidc la dudng

tron tiép xdc véi mot canh cia tam giac

va tiép xdic v6i phan kéo dai cha hai

canh kia.
— Tam dudng tron bang ti€p trong géc A

1a giao diém cia dudng phan gidc trong |-
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| cua goc A va duong phan gidc gbc ngoai
tai B (ho#c tai C), ho#c 1a giao diém cia
hai duong phan gidc cua cac géc ngoai
tai B va C.

~ Mobi tam gi4c ¢6 ba dudng tron bang tiép.

Vi tri tuong déi cua hai duong tron (O; R) va (O’; r)

d = 00’ = b6 dai doan néi hai tam ciia hai duong tron

Hai dudng tron cidt nhau (c6 hai giao
diém). '
e DPiéukien R-r<d<R+r

e Dudng noi tdm hai dudng tron la dudng

12 N trung truc cGa doan thing néi hai
giao diém.
e Hai dudng tron cdt nhau c6 hai tiép
tuyén chung (hai ti€p tuy@n chung ngoai).
Hai dudng tron tiép xtic nhau (c6 mot
giao diém)
e Diéu kién
a) Hai dugng trdn tiép xic ngoai :
d=R+r -
b) Hai dudng tron tiép xic trong :
d=#-r (R>r)
5 e Tiép diém nam trén dudng thing ndi

hai tam.
e Tiép tuyén chung.
{ a) Hai dudng trdn ti€p xic ngoai c6 ba

ti€p tuyén chung (mét tiép tuyén

chung trong va hai tiép tuyén chung
ngoai).
b) Hai dudng tron ti€p xic trong c6 duy

nhat mot ti€p tuyén (chung ngoai).

- 131




Hai dudng tron ngoai nhau (khéng cé
giao diém)

Piéukién d>R +r

Hai dudng tron ngoai nhau c6 bén tiép

14

tuyén chung (hai tiép tuyén chung
trong va hai tiép tuyén chung ngoai).
Hai dutng tron chda nhau (khéng cé
diém chung)

e DPiéukién d<R-r

e Hai duong tron chia nhau khéng cé
tiép tuyén chung.

15

B. BAITAP
1. Cho tam gidc ABC can tai A néi ti€p dudng tron tdm O. Goi D va E
theo thi tu 1a hinh chiéu cha O trén hai canh AB va AC.
Khing dinh nao sau diy dung?
A. OAB = OAC | _
B. AADE cén tai A -

C. AO 1a duong trung truc cua canh DE
D. A), B), C) déu ding ‘

2. Cho dudng théng xy. Tam O cia dudng tron cé ban kinh 4cm va tiép
xtic v6i duong thdng xy, tdm O n3m trén dudng nao ? ‘
Khé&ng dinh nao sau day dung nhat? _

A. O niim trén dudng thdng song song vdi xy

B. O ném trén dudng thdng song song vé6i xy va céch xy 4cm

C.0 nidm trén hai dudng thﬁng song song vl Xy va cung
cich xy 4cm ‘

D. A), B), C) déu sai

8. Cho dudng tron (O ; R) va diém P nim ngoai dudng tron sao cho OP =
2R. Ké ti€p tuyén PM (M 1a tiép di€ém) va dudng thidng d vuéng géc
v6i OP tai P. Goi N 1a giac diém caa tia OM va d. Tinh s6 do géc
ONP. : : .

A. 30° B. 45° C. 6Q° D. 90°
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4. Cho dudng tron (O ; 6cm) va day AB = 8v/2cm . Pudng thdng qua O
vudng goéc v6i AB cdt ti€p tuyén cua (O) tai A ¢ C. b6 dai cua OC
bang: . =
A.15cm B. 18cm C. 20cm D. 22cm

5. Cho tam gidac ABC c6 dudng tron ndi tiép ti€p xdac véi AB, BC, AC
theo thd tu tai M, N, P, BC = a va chu vi bang p. Tinh AM theo a va p

AAM=p+a B.AM:p—Z'aC.AM=2p—aD.AM=g—a

6. Cho dudng tron (O) va diém A e (0). Vé dudng tron tdm I dudng kinh

OA va day AM cua (O) cét (I) tai N. Vé tiép tuyén cha (O) tai A cit tia
~ ON tai P. Khing dinh nao sau day sai?
A. OP la duong trung truc cia AM
~ B.A PAM la tam gi4c cdn

C. PM la tiép tuyén cia duong tron (O)
D. A), B) dang ; C) sai |

7. Cho hai dudng tron ngoai nhau (O) va (O’). OA va O'B 12 hai ban kinh
song song va cung chiéu vdi nhau. AB cit dudng tron (O’) tai C. OA va
O’C c4t nhau tai L
Khang dinh nao sau day ding nhat?
A.AIAC can tai |
B.I 12 tdm cha mot dudng tron tiép xuc ngoai véi hai dudng tron (O)

va (0) |

C. A), B) déu ding
D. A) ding ; B) sai

8. Cho hai dudng tron (O ; 10cm) va (O’ ; 6¢m) ti€p xtc ngoai tai M. Tiép
tuyén chung AB (A va B la tiép diém, A € (O)) cdt dudng thdng OO’
tai C. P dai CO’ bang:
A. 16cm B. 24cm C. 28cm D. 34cm

9. Cho tam gidc ABC ¢6 B > €. Puong tron (A ; AB) cit canh AC tai M
va cdt tia doi cha tia AC tai N. Tu M vé MP song song véi BN (P e

BC). Khéng dinh nao sau diy dung?

A. MP = BMtg§-2—9 . MP = BMtg 2+ €

C. MP = BN.tg(B - C) - D.A), B), C) ddu sai
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10. Cho hai dudng tron (0) va (O)) tiép xdc ngoai tai A. Ké hai dudng
kinh AOB va AO’C. Goi MN la tiép tuyén chung cia hai dudng tron,
M e (Ob N € (O). Goi D la giao .diéem cua hai tia BM
va CN. .

Khéng dinh nao sau day dung?

A. AMAN vudng tai A

B. T gidc AMDN la hinh chit nhat

C. DA 14 tiép tuyén chung cia (O) va (O)
D. A), B), C) déu dung

11. Xét bai toan: “Cho dudng tron (O;5cm) tiép xic vdi dugng théng xy.
Hay néu c4ch dung dudng tron (I ; 3cm) tiép xic véi dudng thdng xy
va ti€p xuc ngoai véi dudng tron (0)”

Hay sdp xép mot cdch hop li cdc cidu sau dé dugc 191 gidi caa bai toan
trén. |
a) Dung cung tron (O ; 8cm) cét d tai I
-b) Dung dudng thdng d song song véi xy va cdch xy 3cm
c) Dung dudong tron (O ; 5cm) va ti€p tuyén xy
d) Dung duong tron (I ; 3cm)
P6 1a dudng tron cdn dung z ‘: Z 4
NE

S4p x&p nao sau day hgp li :

A.a), c), d), b)

B.b), a), ¢), d)

C.c),b),a),d

D. A), B), C) déu khéng hgp li
12. Cho hai diém A va B tiy y trén dudng tron (O). Vé tiép tuyén xy tai

A, vé BH vudng géc v6i xy tai H. Vé phén gidc ngoai tai B cia tam

gigc OBH ciit tia AO tai C.Khing dinh nao sau day ding?

A. Diém C thudc dudng tron (0)

B. Diém C nam bén trong dm’mg tron (0)

C. Piém C n3m bén ngoai dudng tron (O)

PAP AN
Bai 1 ‘10111 | 12
Cawun | D|C|A|B|D|D|C|B|{A|D|C]|A

&)
o
=
m.
o))
N
o'
©

134



HUGNG DAN GIAI
1. SU XAC DINH DUONG TRON

TiNH CHAT DOI XUNG CUA DPUONG TRON
1. (D A), B), C) déu ding

2. (O |

A. Qua mot diém ta vé duge vo $6 dugng tron (H.1)

B.Qua hai diém ta vé dugc vo s6 dudng tron, tdm nhing dudng
tron do deu thugc dudng trung truc ciia doan thing néi hai
diém da cho (H.2)

C.Qua.ba diém khéng thidng hang ta vé duge mot va chi mot
duong tron. TAm dudng tron dé 1a giao diém céc dudng trung
truc cua cdc doan thang tao bsi ba diém dé (H.3)

D. Qua ba diém thang hang ta khong vé duge dudng tron nao (H.4)

N\

Hinh 1
E;;o%;) o ——2
A B C
C
Hinh 4 -
Hinh 3

3. (D) Nhic lai dinh Iy sau : ! r

a) TAm cia dudng tron ngoai tiép tam gidc vudng la trung diém
cha canh huyén |

b) Néu mot tam gidc c6 mot canh 13 dudng kinh coa dudng tron
ngoai tiép thi tam gidc dé6 1a tam gidc vuong
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4. (B) AAMB noi ti€p dudng tron (O) c6 AB la dudng kinh nén AAMB
vuong tai M
Tu tam gidc AMB dudng cao MH, ta ¢6 :
MH? = HA.HB (%)

DoHA=H0=30A=%R
= HB = ZRHE:EIE
2" 2 N
2 2
(*):>MH2—-R3R%§E- MH - 3RS _Rv3
2 "2 T g 4 2
2
Ta c6 : SAMB:mMHAB_-;—B—\CQR_Rz\/g
; [BC? =62 = 36 (1)
5. @Tacé:

]Asz +AC? = (3,6)° + (4,8)% = 36 (2)

(1) va (2) = BC? = AB” + AC® = AABC vuéng tai A
= BC la duong kinh duting tron (O ; R) ngoai tiép AABC

= Rz—l-BC=—1—.6=3(cm)
o 2

6. AMNP vuéng tai M ndi tiép dudng
tron (O ; 10cm) nén canh
huyén NP la dudng kinh cta (O)
= NP = 20cm 4
Tit AMNP ¢6 M =90°, N = 41°. Tac6 :
MN = NP.cos41° = 20.0,7547 = 15,0941 =~ 15 (cm)
MP = NP.sin41° = 20.0,656 = 13,1211 =~ 13 (cm)
CVune = MN + MP + NP = 15 + 13 + 20 = 48 (cm)
7. @ Theo tinh ch4t hinh chit nhat: “Hai dudng chéo cia hinh chit
nhét biang nhau va cit nhau tai trung diém cia méi dudng”
e ABCD la hinh chir nhat (gt)
= 0A=0B=0C=0D
Do d6 O la tam duong tron di
qua A, B,C,D
e AABD vudng tai A noi tiép dudng tron
(O) nén BD la duong kinh caa (O).
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Do d6 BD la truc doi xing cia duong tron (O)

Ta ¢6 : BD = VAB? + AD? = V182 + 242 = /900 = 30 (cm)
yﬁ\

— R:—l—BD:l.BO:wcm
2 2

8. @Tacé:OP2=22+12=5:> OP = 5 ) P
Vay diém Pqim trén dudng tron (O ; V5) '

T
Ve . a X
9. @ Loi giai cua bai toan nhu sau : K
~¢) Dung tam giac ABC

b) Dung d va d’ theo thud tu la duong trung truc cua AB va BC, d
va d’ cidt nhau tai O |

a) Dung dudng tron tdm O ban kinh CA
b6 1a dudrng tron ngoai tiép AABC can dung
(Xem hinh vé ¢ dé bai) X

10.© Ta c6 : ;

e M va M’ doi xing nhau qua AB -

= AB la duong trung truc caa MM’ (1)

e AAOB vudng tai O (gt)

= AB la duong kinh cua ul
dudng tron (I) hay I € AB (2) B ¥
(Hva(2)=>IM=IM. MaMe(@DnéenM e (1)

2. DUONG KiNH VA DAY CUA DUGNG TRON
LIEN HE GIJA DAY VA KHOANG CACH TU TAM DEN DAY
1. @ : X

A.Tacé: AB L CD tai I (gt) (1)
= IC=1D (2) .- o
(1) va (2) = AB la dudng trung truc o |I B
caa day CD = AC = AD= AABC can tai A
B.Ta c6 : AC = AD (cmt) |

=> OE = OF (hai day bang nhau thi cdch déu tAm)
C.Tacé: EA =EC (vi OE L AC) (3)
va FA = FD (vi OF 1 AD) (4)

(3) va (4) = EF 1a duong trung binh ciia AACD = EF = %CD
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2. Tir AOIM vudng tai I, ta cé :
 MI = JyOM? - OF2 = /342 — 302
256 =16 (cm)

Do OI L MI (gt) = MI = IN_
= MN = 2MI = 2.16 = 32 (cm)
3. @) Tac6 OH L AB (gt)

= HA =HB = -;—AB =-;-.‘19,2 =9,6 (cm)

Tu _AOHA vudng tai H, ta ¢é :
OA = JOH? + HAZ
= (1,22 +(9,6)% = V144 = 12 (cm)

4. © Ta c6 :
I0=1B(gt) (1)
e IC=ID® OB LCD) (2
e CD L OB (gt) ' (3)

(1), (2) va (3) = T giac OCBD
14 hinh thoi (vi ¢6 hai dudng

~ chéo vudng goéc v6i nhau tai trung diém cta mdi dudng)

* Ghi chu: Hoc sinh c6 thé ching minh AOBC va AOBD la hai
tam gidc déu dé suy ra OC = BC = BD = OD. Tu d6 suy ra tu
gidc OCBD la hinh thoi

5. @) Ta ¢6: AM // BN (cung vuéng géc v6i CD)
=> T gidc AMNB la hinh thang vudng
Ta c6 : IC = ID (gt)

=0l LCD (1)

= OI // AM // BN
Trong hinh thang AMNB c¢é
OA = OB (gt) va Ol // AM // AN

>IM=IN (2)

- Tu (1) va (2) ta c6 OI vua 1a dudng cao, viua lé trung tuyén
caia AMON nén tam gidc nay can tai O
6. D
Ta c¢6 : HA = HB (gt) => OH 1L AB
KC = KD (gt) = OK 1 CD
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Do: AB = CD (gt) = OH = OK

Hai tam gidc vuong OHP va OKP c6 /ﬂ

OP : canh huyén chung ; P
OH = OK (cmt)

Do dé6 AOHP = AOKP

—

— PH = PK va OPH = OPK

7. AMNP noi tiép d:fng tron (0) ¢6 canh MN 1a duong kinh caa (O)
=> AMNP vuéng .ai P

= NP = yMN” - MP? = 132 - 12% = {25 = 5 (cm)
Tt AMNT? dudng cao PH, ta c6 : y
PHMN = PMPN |
o PN PR 125~4’6(cm) Mesme
MN 13
Ta c6 : MN 1 PQ (gt) = HP = HQ
= PQ =2HP =24,6=9,2 (cm)
8. (A) Ve OM L AB = MA = MB = 12em
Tu AOMA vudng tai M, ta c6 :
CosA = é—IYI—~=EE=3-—--O,8 = A =37°
OA 15 &
AAOB c6 OA = OB = 15cm
= AAOB can tai O = A =B = 37°

. = 0 =180°-2.37° = 106°

' Vay cac géc trong AOAB la: O =106°, A-B=37 4
9. (©) Ta co: Ap =&Y 2R R
3 3 ~
A hETE -1 : B
D e 55
3 3

Tu AOCI vudng ta1 O, tacod:

D >
2 .
- JOCT i OE - f /10R R\/*

ACED noi ti€p dudng tron (O) c6 canh CD la dudng kinh
= ACED vudng tai E
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Hai tam gidc vuong COI va CED c6 C chung
— ACOI ~ACED = S0 - &L
CE CD
._COCD _R2R _ 6R _3RJ10

= CE = % -
CI RV10 10 5

3 A

10. (D'Ta c6 AABC can tai A = AB = AC = OF = OF
Hai tam giac vudng AOE va AOF c6 :

OA : canh huyén chung . F
OE = OF (ecmt) = AAOE = AAOF 0]
ok Al = K; (1)
AE = AF (2) B\_/C

(1) = AO la tia phan giac caia BAC
(2) = AAEF céan tai A

3. VI TRi TUGNG DO1 CUA DUONG THANG
VA DUONG TRON i
1. @ Tﬁ AAOH vuéng tai H, ta co : ‘

OH = OA.sinA = 12.sin30° = 12.0,5 = 6 (cm)

= OH < R (b4an kinh) A
Vay tia Ax va dudng tron (O)
cdt nhau tai hai diém

2. Dién vao chd trong (.) :

Vi tri tuong ddi cha a va (O) | S6 diém chung | Hé thdc gita d va R
a va (0) cit nhau 2 d<R
a va (0) tiép xic nhau T d=R
a va (O) khong giao nhau 0 N d>R
3. @ Ta cé: | B/_\
e AB = BC (gt) (1) —— — C

e ACBD ndi tiép dudng tron (O)
¢6 canh DC la duong kinh nén
CBD = 90° hay DB 1 AC (2)
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(1) va (2) = DB la duvng trung tuyén dong thoi 1a dudng cao
cua AACD nén tam gidc nay can tai D = DA = DC = 10cm

4. D
A.Goi J 1a giao diém ciia OA va CD. ;
Do CD la dudng trung truc caa OA l/
- CA=CO=R ;
Dod6 OA=0C=CA=R (1) \

Vay AOAC la tam giac déu

B. Ching minh tuong tu trén, ta cé : D
OA=0D=AD =R (2)
(Hva(2)=>0C=0D=AC=AD=R
Vay ti gidc OCAD la hinh thoi

e Cach khac : Ta cé: CD L OA (gt) (1)

JO = JA (gt) (2)
JC = JD (vi OA L CD) (3) )

(1), (2) va (3) = OCAD la hinh thoi
C. Xét tam gidc OCI, ta c6 :
e OCI =90° (ti€p tuyén vudng géc v6i ban kinh di qua tidp diém)
o COI =60° (vi AOAC déu) = CI =-QC.tgCOI = R.tg60° = R\/3
5. (©
A.Ta ¢c6 PM L OM (tiép tuyén vudng géc v6i ban kinh di qua
tiép diém)

= OMP = 90°
Tu AOMP qung tal M: ta c6 : 1
cole’OM:—Q}E:—W];izl J\?\
OP 2R 2
= POM = 60°

Ta c6: POM = PON = 60° (theo tinh chat cGa hai tiép tuyén
cdt nhau). Do d6 : MON = 120°

B. Ta c6 : PM = PN (theo tinh chat cta hai tiép tuyén cit nhau)

— APMN can tai P (1) '
Tit AOMP, ta ¢6 : O; + P =90° = P, = 90° - 60° = 30°

= P| = P, = 30° (theo tinh chat cua hai tiép tuyén ct nhau)

Do d6 MPN = 60° ' (2)
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(1) va (2) = APMN la tam giac déu

C. AOMN cén tai O, c6 MON = 120° (cmt)
— OMN = ONM = 30° = MON > OMN = MN > ON

* Nha'ic lai :'Tr‘ong mot tam gidc canh ddé1 dién véi géc 1én

hon thi 16n hon

6. (B) Ghi nhd : |
-+ Trong tam gidc déu ABC, dudng cao AH dong thoi la dudng

7. (A) Puong tron (I, r) tiép xic vdi céc canh
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phan giac cua A, dutng trung tuyén, dudng trung truc cia BC.

Do d6: Trong tam gidc déu ABC, diém O la tdm dudng tron
ndi ti€p dong thai 1a tryc tdm, trong tdm, tdm audng trdon
ngoai tiép cha ctia tam giac d6. -

Tir dé tacéd : A, = A, = 30° va AH = 3.0H = 6cm

AAHB vudng tai H, ta c6: cosA; = %g

AH 6 6 '
= AB=—0==- = = = 44/3 (cm)
; cos Al cos 30° [g
2 bt
= AB = AC = BC = 443 (cm) (AABC déu) b o C

Ta c6: Sape = %.BC.AH = %.4\/5.6 =12V3 (ecm?)

AB, AC, BC theo thid tu tai M, N, P.
Ta da biét ti€p tuyén wvudng géc
v6i ban kinh di qua tiép diém. ‘

Dodé:IM LAB;IN LAC;IPLBC B 3 C

Ta c6: Sprp = —;-IM.AB A %.r.AB | (1)
1 g

Satc = 3 INAC = 2 rAC 2)

. 1 1 -

SBIC = "2- IPBC = '2" .r.BC (3)

Cong (1), (2) va (3) v& theo vé :

8,25+ Siic + Saic = -;—.r(AB +AC+BO)  (4)




1 6.8 9
S = —ABAC = — =24 (cm
Ma 1 oABC T 5 5 (cm*®)

BC = V6% + 8% = J100 = 10 (cm)
4) > 24:%r(6+8+10):> r:’48:24:2(cm)

8. (O Lui giai cia bai todn nhu sau :
d) Dung géc xAy khac goc bet va 1ay diém D trén canh Avx.
¢) Qua D dung du’(‘jhg thang d vudng géc véi Ax
a) Dung tia phan gidc At cha goc xAy cit d tai O
b) Dung dudng tron (O ; OD). B¢ la dudng tron can dung
(Xem hinh vé ¢ dé bai)
9.
e Pudng tron (O) ti€p xic vdi cdc canh AB, BC, CLC, DA theo
tha tu tai M, N, P, Q A M B
e B+ C=180° (hai géc trong
cung phia) '
Do B =2C (gt)
= B =120° C = 60°
Theo tinh chat caa hai
tiép tuyén céit nhau, ta c6 :
e A =A,=D;, =D, =45 (vi A=D=90°)
B, =B, =60°;C; =C, =30°
e AM = AQ. BM = BN, CN = CP, DP = DQ
A. Chu vi cia hinh thang ABCD béang : ,
AB+BC+CD+DA=AM+ MB + BN+ NC + CP + PD + DQ + AQ
= AM+ MB+ AQ+BN +NC+CP +PD+DQ
E 2AB o 2CD '
= 2(AB + CD)
Vay CVagcep= 2(AB + CD)
B. Ta c6 : 7\: = f); = 45° (cmt) = AAOD vuéng can tai O
C.Tac6 : B, = 60°, C, =30° (cmt)
= ABOC vudng tai O hay ABOC bing nia tam giac déu canh 1a BC,

ta thay OB déi dién véi géc C, = 30° nén OB = éBC
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e Cach khac: Tu ABOC vudng tai O, ta c6 :
sinC; = OB = OB = sin 30°BC = L BC
BC 2

A.1la tam dudng trdn noi ti€p AABC nén I thudc tia At 1a phéan
gidc caa géc BAC
J 12 tam dudng tron bang tiép trong goc BAC nén J thudc tia At
Vay A, I, J thdng hang vi cung thudc tia At

B. BI 14 phan gidc cia géc ABC va BJ 1a phan gidc cia géc CBE
Ma ABC va CBE la hai géc ké b nén BI L BJ
Vay AIBJ vuéng ¢ B

C. Tuong tu cau B) ta c6 AICJ vuéng ¢ C
Hai tam gidc vudng IBJ va ICJ c6 chung canh huyén IJ nén noi
tiép dudng tron dudng kinh IJ
Vay B, I, C, J cung thudc mot dudng tron

* Ghinhé:

- Tam cha dudng tron ndi tiép tam gidc 12 giao di€ém cac phén
gidc cua tam giac d6

— Tam cta dudng tron bang ti€p trong géc A cua AABC la giao
diém cha hai dudng phdn gidc cdc géc ngoai tai B va C hoac
l1a giao diém cGa dudng phan gidc géc A va dudng phan giac
géc ngoai tai B (hodc C). V6i mot tam gidc c6 ba dudng tron
bang ti€p
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4. V] TRi TUONG DOI CUA HAI DUONG TRON

1. B Tac6:0OA=0B=RvaOA=0B=R
- Do dé O, O thudgc dugng trung truc cua day AD
Vay OO’ la dudng trung truc cia day AB -
* Chuy
Tac6:0A=0B=RvaOA=0B=R
Ma R =R’ (gt) => OA = O'A, OB = OB
= AB khong phai la dudng trung truc cua O’
T d6 ti gidc OAO’B khong phai 1a hinh thoi
2. (©
Goi I 1a giao diém cia OO’ va AB
Ta c6 : OO’ 1a dudng trung truc cia AB
AIO = AIO' = 90°
Nén

IA=1IB= %.AB =12 (cm)

Tit AAIO vuéng tai I, ta c6: OI = V132 - 122 = /25 = 5 (cm)

Tt AAIO’ vudng tai I, ta c6: O'I = V152 - 122 = 81 = 9 (cm)
Dod6:00 =5+ 9= 14cm

3. @

Ve OM L AC tai M
" =>MA=MC= %AC (1)
ON L AD tai N

— NA = ND = -;-AD 2)

Hinh thang vuéng OO'NM c¢6 : IO = IO’ (gt) va IA // OM // ON
= MA = NA
(1) va (2) => AC = AD

4. B

AOAM can tai O = AOM =180° -2, (1)
AO’AN can tai O’ => AO'N =180° -2A,  (2)
Cong (1) va (2) vé theo vé ta duge :
AOM + AO'N = 360° - 2(A, + A,)
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—— — 0 —_ !

= A +A, - 360 (AOQM + AO'N) (3)
Ma AOM + AO'N = 180°
(vi hai géc; trong cung phia)

360° - 180°

(3)= A, +A, = = 90°

Ta c6 : MAN =180° - (A, + A,) = 180° - 90° = 90°
Vay AMAN vuéng & A

5. ©

V& BC // 00’ (C e OA) (1)
Ta c6 OA // OB
(vi cung vudng géc v6i AB) (2)
(1) va (2) = OCBO’ 1a hinh binh hanh
— OC = OB = 5¢cm va BC = 00’ = 13cm
Ta cdn ¢6 AC = OA - OC = 8 — 5 = 3 (cm)
Tu AABC vudng tai A, suy ra : '

AB = VBCZ? - AC2 = 13% - 32 = J160 = 12,65 (cm)
6. O '

A Ta ch s {A, O, B thing hang (1)

OB = AB-0A (2)
(1) va (2) = Hai duong tron (O ; OA)
va (B ; BA) ti€p xiic trong tai A
B. AABC noi ti€p dudng tron (O)
c6 canh AB 1a dudng kinh nén tam gidc nay vudng tai C
= BC L AD = AC = CD |
C.Tac6é: OA=0B,AC=CD
= OC 1a dudng trung binh cta AABD = OC // BD
* Cach khdc: Ta c6
- AAOC cin tai O = OAC = OCA (1)
~ AABD cin taiB= OAC=BDA (2)
(1) va (2) = OCA = BDA = OC// BD
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7. (©

A. AABE néi tiép duong tron (O) ¢6 canh
AE la dudng kinh nén ABE = 90°
Tuong tu ta c6 ABF = 90° o’
— EBF = ABE + ABF = 90° + 90° = 180°
Vay E, B, F thing hang B
B. Tugng tu trén ta c6 ACE = ADF = 90°
- EC LCD,FD L CD
= EC // FD (cung vubéng géc véi CD)
C.Ta c6: OA = OF va O'A = OF

= 0Q’ 1a duong trung binh cia AAEF = 00’ = %EF

8. @A
Tacé: OA=0B=0A=0B=R
— T4 gidc OAO’B 1 hinh thoi
00'.AB
= Sppa0B = ———

AOAQ’ 1a tam gidc déu c6 Al 12 dudng cao.

:>A1:0A2‘/§:Rf . AB = 2AI = RV3
2
DO dé . SOAO'B = RR\/§ = R \/§
. 2 2
* Ghi nhd :

Cho tam giac déu canh a, dudng cao h. *a c6 :

aV3 2h/3 a®\J3

h:w—-——’a:-—————;S:

2 2 4
. ® w .
A.Theo tinh chat cia hai tiép
tuyén cit nhau, ta c6 :
IB=IDvalIA=IC
= Hai tam gidc IBD va IAC
cung can tai I _
Hai tam gi4c c4n nay cé géc & dinh chung la géc AIC.
Nén ching dong dang
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10.

148

B.-> By =A; =90°-B, =90° -A, (vi B=A=90°)

B, Ay

"Hai tam gidc cAn BO’D va AOC c¢6 mot géc & ddy bang nhau
' (EI = K{ ) nén ching déng dang
C.Tac6: B, = A, (cmt)
Hai géc nay & vi tri dong vi va béing nhau nén BD // AC

Gogi ¥ cach gidi :
Qua I vé EF // BC, ta tinh duoc :
» BC=EF=y(R+R) -(R-R) =2J/RR’

o IE=JR+1)?-(R-1?=2/Rr

e IF={J® +1?-(R -1)? = 2JRT
e IE + IF = EF

Hay 2JRr + 2JRT = 2JRR’
= Jr(WR + VR) = VRR'

— r(v5+V3)% =53

15 15
8+2J15 15,75

- Vay r = 0,95cm

= r = 0,95 (cm)




ON TAP CHUONG II
1. @ A

A.AABC can tai A
— AB = AC = OD = OE
AAOD = AAOE (ch_cgv)

= OAB = OAC

B.ODLAB:AD:DB:%AB

| B C
OELAC::AE:EC:—;-AC ~—

= AD = AE (vi AB = AC) = AADE céan tai A

C.Ta c6: AD = AE, OD = OE

= A va O thudc dudng trung truc caa DF
Vay AO la duong trung truc cua DE

Tam O cia tidt ca cac duong tron cé ban kinh 4em va tiép
xtic v6i dudng thdng xy nim trén hai dudng thing d va d
song song vdi xy va cung cach xy 4cm
(Hoc sinh tu chitng minh)

3. @ Ta c6 :
PM L OM (tiép tuyén vudng gbc véi
ban kinh di qua tiép diém)
Tu AOMP vuéng tai M, ta c6 :

sinOPM =M _R _1 _ 5PM - 30°

OP 2R 2
ma OPM = ONP (cung phu v6i MPN )
Do d6 ONP = 30°
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4. Tacé:
| e OCLAB=DA=DB=4V2 cm
e AOAD vubdng tai D, ta c6 :

OD = /62 - (4¥2)% = V4 = 2 (cm)

e AC 1 OA (tiép tuyén vudng goc
v6i bén kinh di qua ti€p diém)
e AOAC vudng tai A, duong cao AD
Ta c6 : OA® = OC.OD
=5 OC=(—)A—2=22—=18(cm)
oD 2 .
5. @ Theo tinh ché4t cha hai tiép tuyén cit nhau, ta c6 :
AM = AP ; BM =BN; CN =CP A
P = AM + AP + BM + BN + CN + CP

~ T

2AM 2BN 2CN  m

- 2AM + 2(BN + CN) .
——————
BC

= 2AM = p - 2BC = p - 2a B e C

- AM=L _4
2

6. D

A.Ta c6: OP L AM (1) > NA = NM (2)
(1) va (2) = OP l1a dudng trung truc cha AM (3)
B.(3) = PA = PM = APAM can & P p
- C. Hai tam giac OAP va OMP c6 :
' OP : Canh chung
PA = PM (cmt)
OA=0OM=R ' A
Do d6 AOAP = AOMP (c.c.c)
= OAP = OMP = 90° (vi OAP = 90°)
- =>O0OMLPM
= PM 1 ti&p tuy&n (M la ti€p diém) cla dudng tron (0)
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« Cich khac |
Ta c¢6 OP 1a dudng trung truc cia AM nén OP 1a truc déi xing cha
td gidc OAPM

= OMP = OAP = 90° (vi OAP =90°)

= OM 1 OP

= PM la tiép tuyén (M la tié€p diém) ctia dudng tron (O)

7. ©

A.Ta cé: o 3\1 = I’BI (so le trong)
e B, =C, (AO'BC can tai O))
« C, =C, (d6i dinh)

- &-G

= AIAC cdn tai I .

B. Ta c6 - O, A, I thang hang (1)
Ol = OA + Al (2)
(1) va (2) = Hai dudng tron (I, IA) va (I ; OA) tiép xic ngoai
tai A

Tuong tu ta c6 hai duong tron (I ; IC) va (O’ ; O’'B) ti€p xuc
ngoai tai C ’ :
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Ta ¢6 : O'B // OA (cung vudng géc véi AB)
Theo hé qua cada dinh li Ta-1ét, ta c6 :

CO_OB_6 _3_ CO 3 *)

CO OA 10 5 CO-CO 5-3
St as——— Sy’
00’ 2

Do (O) va (O’) ti€p xiic ngoadi tai M nén :
O0=0OM +OM =10 + 6 = 16 (cm)
_CO 3 16.3

» = — CO=—""=24
(*) = e 2: = (cm)

9. (A)AMBN noi ti€p dudng tron (A), c6 canh MN la dudng kinh
nén vudng tai B :
= BM L BN
= MP 1 BM (vi MP / BN)
Tu ABMP vudng tai M, ta co6 :
MP = BM.tgMBP (1)
Tit ABMC, ta c6 :
C+MBP=BMA =ABM (2
mé- ABM = ABC - ﬁﬁf’
(2) = C + MBP = ABC - MBP
— 2@ o ABC -C
— B-C

= MBP = ——
2

B-C
1 MP = BM.tg ——
1) = g 2 D

10.(D)

A.Ching minh tuong tu bai 4 van dé 4 (vi tri tuong d6i caa hai
dudng tron), ta c6: AMAN vudng & A
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B. Ta c6 AAMB vuong tai M va AANC vuong tai N
— AMD = AND - MAN = 90°
Vay ti gidc AMDN la hinh chi nhat
C. Hai tam giac OAI va OMI ¢6 :
Ol : Canh chung
OA = OM = ban kinh
IA = IM (nda dudng chéo chia hinh chit nhat)
Do d6 AOAI = AOMI
= OAI = OMI = 90° (vi OMI = 90°) hay AI 1 OA
Vay Al la tiép tuyén chung cta hai dudng frbn (0) va (O
11.(C) Sau day la i giai ciia bai todn
¢) Dung dudng tron (O ; 5cm) va ti€p tuyén xy
b) Dung dudng thdng d song song véi xy va cdch xy 3cm
a) Dung cung tron (O ; 8cm) cdt d tai I
d) Dt_fng dudng tron (I ; 3cm). P6 1a dudng tron can dung
(Xem hinh vé & dé bai)
12. (A) Ta c6: OA / BH (cuing vudng géc v6i xy)

= A = é: (so le trong) .

ma A, = B; (AOAB can tai O)

-5 -5
Hay BA 1a tia phan gidc cia
goc OBH
Ta con c6 BC la tia phan giac
cua géc Obx (gt)

= BA 1 BC (vi OBH va OBx la hai géc ké bu)
Hay ABC = 90° '

= AABC ndi tiép nira dudng tron (O) c6 AC 1a dudng kinh
Vay diém C n3m trén dudng tron (O)
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~ : g : '\
DE KIEM TRA HQC Ki |
(Bo dé tu luyén)
PE 1

I. CAU HOI TRAC NGHIEM

1. Biéu thic P = eols xAde mh khi va chi khi :

x2 -4 R
A.x>bvax=#-2 B. x>20vax=z2
C. x>0vax=+2 ‘ D. x<Ovaxz-2
y \/4—ﬁ.(4+\/'_1)
2. Rit gon biéu thice : Q =
o < V21 +7)
Khéng dinh nao sau day ding?
A3 B. % c.> D. 2
2 - 3 4 3
8. Cho hai dudng thing :
(D):y=@Bm-2)x+n-5
Dy):y=(1+2m)x-2n+ 1
(D;) // (Dg) khi va chi khi :
Am=-3,n=2 B. m=3,n¢;%
C.m=3,n+2 D. fn=%,n¢~2

4. Giai tam gidc vuéng ABC (A =90°). Biét B = 60°, AB = 4cm.
Khing dinh nao sau day ding?
A. C = 30°, AC = 4V2cm, BC = 6cm
B. € = 30°, AC = 44/3cm, BC = 8cm
C. C =30°, AC = 4cm, BC = 6+/3cm
D. AC = 4cm, BC = 8v/3cm
5. Cho tam gidc ABC vudng tai A, dudng cao AH. Goi D va E theo thi tu
l1a hinh chiéu cia H 1én AB va AC |
Khing dinh nao sau diy ding? |
A.AH = DE B. AB.AD = AC.AE

1+ 1 1 .
C.— = + D. A), B), C) déu din
DE? AB? AC? | =
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IL. PHAN TU LUAN

1.

Giai phuong trinh :

-
a) Vx? -6x+9 =4 b) dvx+1 _ 8

7Jx-5 15

. Cho dudng thang (D) :y =(3 —m)x + 4

a) Xac dinh gi4 tri cia m dé (D) di qua diém P(- 1 ; 2)
b) Vé (D) véi gia tri cva m vua tim duoc
Cho hai dutrng tron (0) va (O’) cdt nhau tai A vd B. Qua A vé dudng

~ thadng d song song véi OO’ cdt (0O) tai C va cit (O') tai D. Tiép tuyén

cia (O) tai C va 1iép tuyén cua (O) tai D cdt nhau 6 M. Goi I 1a trung
diém caa BM. Ching minh rang :

a) Ba diém B, O, C thing hang

b) Tam giac ICD can tai I

PE 2

CAU HOI TRAC NGHIEM

. Rat gon biéu thic : M = \/(2 -5)? - \E?. +5)?

Khéng dinh nao sau day ding?

A.M=-2/5 B. M=-4 C. M=2/6 D.M=4
' L2

Tap nghiém caa phuong trinh %+\/._‘26:0 la :

A.S = (- 10) B. S=1{0; J10}

C. S = (+10) D. S=02

. Cho hai dudng thang : (D)) : y:%x+2 va(Dy):y=x+1.

Toa dd giao diém M cia (D) va (D,) 1a :

A M-1;-2) B. M3;-2} C. M(2;-3) D. M-3;-2)

DPién c4c tu thich hgp vao chd trong :

A. Tam cha dudng trdon c¢6 ban kinh 2em tiép xic ngoai véi  dudng
tron (O ; 5cm) ndm trén ... '

B. _Tém cha dudng tron c6 ban kinh 2cm tiép xic trong v6i ~ dudng

tron (O ; 5cm) ndm trén .......
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5. Cho dudng tron (O ; R) dudng kinh AB, M 1a diém tuy y trén (O). Tiép
tuyén tai M cét hai ti€p tuyén tai Ava Bé C va D.
Khéng dinh nao sau ddy diang?

~ A. ACOD vuéng tai O B.AC + BD = CD
C.AC.BD = R? , D. A), B), C) déu ding
II. PHAN TU LUAN

'y Vx - \/.)3+2xf+y\/— 3(\[5—31)
T x\/_+yf X~y

1. Rat gon biéu thic

(véix,y>ovax#y)

2. Choba dudng thdng: (D;): y = - 3x ; (Do) y = x + 4
(D3): y = (2 — m)x + 1. Xdc dinh gia tri cia m dé ba dudng théng (D)),
(Dy), (D3) cdt nhau tao mot diém. :

3. Cho hai duong tron (O) va (O’) tiép xic ngoai tai A. Tu 116t diém P
trén tiép tuyén chung tai A, hai tiép tuyén PB va PC (B € (0O), C ¢
(0)). Hai dudng thadng BO va CO’ cit nhau tai D. Ching minh rang :
a) PB = PC
b) Bon diém P, B, D, C cung § trén mét duyng tron
c¢) PD la dudng trung truc cia doan thing BC

’

'|PE 3

I. CAU HOI TRAC NGHIEM
1. V6i gia tri nao cta x dudi day dé gia tri cia biéu thuc :

-3x-12
A x<-4 B. x<4
C. xs-1 D. A), B), C) déu sai

1 1
T el T ++/24 =1

Khéng dinh nao sau day ding ?

2. Riut gon biéu thie : T =

ATk B. T--J/6 C. T=--‘@ D. T=0
J6 2
8. Pudng thing (d) qua hai diém (0 ; 2) va (- 1; 0) 1a 4 thi cia ham sé:

-

Ay=-x+2 B. y=2x-2 ’C.y=2x+2 D.y=%x~1
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4. Cho tam giac ABC vuong tai A, duong cao AH = \/gcm, AH chia canh
BC thanh hai doan hon kém nhau 4cm. P dai canh BC béng :
A. 5cm B. 55cm C. 6cm D. 7,6cm
5. Cho tam gidc déu ABC ndi tiép dudng tron (O ; 6cm). Canh cha tam
giac deu bang : |
A. 3v2cm B. 4J/3cm C. 5V2cm D. 6V3cm
IL.PHAN TU LUAN
2m

1. Tim m dé do thi cia ham s6 y = (3 *-?Jx+% cit truc hoanh tai

diém ¢6 hoanh do x = - 3
2. a) Trén cung mot mat phéng toa d6 vé db thi cia ham sé :
1 1
=—-—X+1va y=2x+—
Y73 d 4
b) Tinh toa d6 giao diém M cuia hai dé thi trén
3. Cho hai dudng thing :

(D)) : y=(%+m}x-3n+2

(D2) :y=5mx + 4
X4c dinh m, n dé :
a) (D) cdt (Do)
b) (Dy) // (Dg)
c) (Dy) = (Do) A
4. Cho ba dudng tron (O ; R) ; (O’ ; R) va (O” ; r) v6i r < R’ < R cung tiép
xuc véi dudng thdng xy va tiép xic ngoai nhau timg d6i mgt. Ching
1 \ 1 '
VR VR’

minh ring : j_ =
r
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