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Loi noi dan

Theo tinh thdn d6i mdi phuong phdp day va hoc
hién nay, ching t6i bién soan quyén sdch ndy theo c4u
tric nhu sau:

o Tom tat If thuyét: Gidp hoc sinh ndm ving va
clng c6 kién thic co ban bai hoc.

» ‘Hé théng bai tap: Giup hoc sinh vdn dung va
rén luyén ki nang tu duy todn hoc.

o Bai tadp nédng cao va cdu héi trdc nghiém: Gidp
hoc sinh lam quen vdi cdch vdn dung kién thuc todn da
hoc dé gidi quyét 16t cdc dang bai tdp tu ludn hay trac
nghiém thudng gdp trong cédc ki kiém tra, thi cd.

Quy phu huynh c6 thé tham khdo quyén sdch nay
dé giup d8, kiém tra viéc 6n t4p & nha cua con em
minh. Quy thdy c6 c6 thé xem ddy nhu Ia tai liéu tham
khdo thém.

Ching t6i mong dén nhén y kién x4y dung tr quy
déc gia.

NHOM BIEN SOAN
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1.

PHUONG TRIiNH BAC NHAT MOT AN

$1. MO PAU VE PHUONG TRINH

1. KIEN THUC CO BAN

SR

Phuong trinh mot an

- Gia st A(x) l1a m6t biéu thic chia mot bién x. Néu thay x bdi mot gia
tri x = xo rdi thuc hién cac phép tinh trong bi€u thic thi gia tri A(xg)
dugc goi la gia tri cla biéu thuc A(x) tai x = Xg, ki hiéu la A(xo).

Gia s A(x) va B(x) la hai biéu thic chia mot bién x.
Khi dé mot phuong trinh véi &n x c6 dang A(x) = B(x).
Vi dy:- Phuong trinh 3x + 5 = 2a + 1 1a phuong trinh véi &n x.
— Phuong trinh 2(t + 5) = 3t + 7 1a phuong trinh véi &n t.

*Chuy:

a) Hé thdic x = m (v6i m 1a mot s6 nao dd), ciing la mét phuong trinh.
Phuong trinh nay chi rd rang m la nghiém duy nhat cGa no.

b) Mot phudng trinh ¢é thé cé mot nghiém, hai nghiém, ba nghiém,...
nhung cing c6 thé khdng cé nghiém nao hodc cé vo sO nghiém.
Phuong trinh khéng c¢6 nghiém dugc goi la “Phuong trinh vé nghiém”.

Giai phuong trinh

—  Cho phuong trinh A(x) = B(x).

- Giai phuong trinh 1a di tim gia tri cia x dé cac gia tri tuong uing cla hai
bi€u thuc bang nhau. Gia tri tim dugc goi la nghiém cla phuong trinh.

- Tap hgp tat cad cac nghiém cla mét phuong trinh dugc goi 1a tdp hop
nghiém cia phudng trinh do va thudng dudgc ki hiéu 1a S.

Phugng trinh tuong duong

Cho hai phudng trinh A(x) = B(x) va C(x) = D(x). Ta goi hai phuong trinh

c6 cung moét tap hop nghiém la hai phuong trinh tuong duadng.

Ki hiéu: A(x) = B(x) < C(x) = D(x).
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Il. BAI TAP
"A. Bai tdp mau
1. Cho phuong trinh 2(x + 2) -7 =3 - x.

a) x = -2 co thda man phuong trinh khéng?
b) x = 2 cé 1a mdt nghiém cla phuong trinh khéng?

Gidi
Ta thay gid tri x vao ting v€ clda phuong trinh. Tinh gid tri cda tung vé va
so sanh réi rut ra két luan.
a) Véi x = -2, ta ¢o:
- Vétrai (VT)cé giatrila: 2x+2)-T7=2(-2+2)-7=-7
- V& phdi (VP)cé gid trila: 3-x=3-(-2)=5
Vi -7 # 5, nghia la gi4 tri vé trai khac gia tri vé& phai cia phuong trinh.
Viy x = -2 khong théa man phuong trinh
hay x = -2 khong phai 1a nghiém cia phuong trinh.
b) V6ix=2,tacé: VI=2(x+2)-7=22+2)-7=1
VP=3-x=3-2=1
Vay gid tri v&€ trdi bang gia tri v& phdi. Viy x = 2 12 nghiém cia
phuong trinh.
B. Bai tap giao khoa co ban
1. V6i mbi phuong trinh sau, hay xét xem x = -1 ¢ 1a nghiém cda né khéng:
a)4x -1 =3x-2; b) x +1 = 2(x - 3); C)2(x+1)+3=2-x7?

qidi
a) Phuong trinh:4x -1 =3x - 2
Véix=-1: VI =4x -1 =4.(-1)-1=-5
VP=3x-2=3(-1)-2=-5
Suy ra VT = VP. Viy x = -1 la nghiém phuong trinh 4x - 1 = 3x - 2.
b) Phuong trinh x + 1 = 2(x - 3)
Vix=-1:. VT =x+1=1+(-1)=0
VP =2(x-3)=2(-1-3)=-8
Suy ra VT = VP.
Vay x = -1 khong phdi 14 nghiém cia phuong trinh: x + 1 = 2(x - 3).
¢) Phuong trinh 2(x+ 1) +3 =2 -x
Voix=-1. VI =2(x+1)+3=2(-1+1)+3=3
VP=2-x=2-(-1)=3
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Suy ra VT = VP
Vay x = -1 la nghiém cda phuong trinh: 2(x + 1) + 3 =2 - x.
2. Trongcacgiatrit=-1,t=0vat=1,gia tri nao la nghiém cda phuadng trinh
(t+2)2 =3t + 47

Gidi
Phuong trinh (t + 2)* = 3t + 4

_ 2“_ 2 12 _
VT =(t+2)2 =(-1+2)> =1 *1}:>VT

Vit = -1: =VP

VP=3t+4=3(-1)+4=1
Viy t = -1 14 nghiém cda phuong trinh.

VT=(t+2)°=(0+2)%=4
VP=3t+4=3.0+4=4

Végit = 0: }:DVT:VP

Véay t = 0 la nghiém cta phuong trinh.

VI=(t+22=1+2)2=9
VP=3t+4=31)+4=7

- Véit=1: }_—JVTiVP
Vay t = 1 khong phai la nghiém cda phuong trinh.
3. Xét phuong trinh x + 1 = 1 + x. Ta thAy moi s6 déu |a nghiém cla nd. Ngudi
ta con ndi: Phuong trinh nay nghiém didng véi moi x. Hay cho biét tap
nghiém cla phuong trinh do.

Gidi

Vi phuong trinh x + 1 = 1 + x nghiém ddng véi moi x € R. Vay tap hop
nghiém cda phuong trinh trén la: S = R.

4. N6i mdi phuong trinh sau véi cac nghiém cltia né (theo mau): "

3(x - 1) =2x - 1 (a) Q)
1 X

el = b

x+1 4 : (b) @

x2-2x-3=0 (c) ©)

gidi

3(x~ 1) =2x - 1 (a) Q)
1 X

T, ... b

x+1 4 i) @

xX*-2x-3=0 (c) C)
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5. Hai phuong trinh x = 0 va x(x - 1) = 0 co tuong dudng khéng? Vi sao?
Gidi
- Phuong trinh x = 0 ¢6 tap hgp nghiém S, = {0}.

— Phuong trinh x(x - 1) =0 =» X=0 &> K=
x-1=0 x=1

Vay tap hop nghiém cia phuong trinh la S; = {0, 1}. Ta c6 S, # S,.
Vay hai phuong trinh x = 0 va x(x - 1) = 0 la hai phuong trinh khéig
tuong duong.

$2. PHUGNG TRINH BAC NHAT MOT AN
VA CACH GIAI

I. KIEN THUC CO BAN

1. Hai quy tic bién ddi phuong trinh
a) Quy tdc chuyén vé: Trong mét phudng trinh, ta cé thé chuyén m¢
hang ti ti vé€ nay sang vé kia va ddi ddu hang td do.
Vidu: x+3=0ox=-3
b) Quy tdc nhan véi mot sé:
Trong mét phuong trinh, ta c¢6 thé nhan ca hai vé vdi cung mot s
khac 0, hoac ta ¢6 thé chia ca hai vé& cho cung mdt s6 khac 0.

V;Q;-;- = -1 @2.—;- =18 esx=-2

hoac 4x=% S 4x 4 = 4 oX=

1
3 3
2. Giai phuong trinh bac nhat mét &n
a) Dinh nghia: (Phuong trinh bac mét &n)
Phuong trinh dang ax + b = 0, véi a va b 1a hai s6 dachova a » 0
dugc goi la phuaong trinh bac nhat mot an.
b) Giai phuong trinh: Ta c6 phuong trinh ax + b =0 (a = 0).
e Budc 1: Chuyén vé& va ddi dau: ax = -b

e Budc 2: Chia haivé choa: x = - E
a
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6.

e ———

I

» Budc 3: Két luan nghiém: S = {_i‘?.}
a

Vidu: 2x-6=0

2X = §
X :E:S
2

vay: S = {3}

BAI TAP SACH GIAO KHOA

Tinh dién tich S cta hinh thang ABCD
(hinh bén) theo x bang hai cach:

1) Theo cbng thuc S = BH.(BC + DA) : 2 ;

2) S = Sagn + Seckn + Sckp

-----\m

>
T
Fr----=40

>
~
T
>
X
5N
o

Sau d¢, st dung gia thiét S = 20 dé thu dudc hai phuong trinh tuong ducng
vgi nhau. Trong hai phuong trinh dy, cé phuong trinh nao 1a phudng trinh
bac nhat khong?

Gidi
Cach 1: (Dung cong thuc tinh dién tich hinh thang).

Hinh thang ABCD c¢6 ddy 16n AB la 7 + x + 4; day nhé BC la x, chiéu
cao BH la x. Vay dién tich hinh thang la:

S = %[(7+x+4)+x].x
Véi S = 20, ta ¢6 phuong trinh:

20 = ;[(7 +x+4)+x].x 20 = %X(QX +11)

<:.>2O:x2+£2—1~xc:>x2+-1:2~»1—x-—20=0

Day khong phai la phuong trinh bac nhat (ma la phugng trinh bac hai).

Cdch 2: (Dién tich hinh thang biang tong dién tich hai tam gidc vudng va
dién tich hinh vuéng canh x).

~ Dién tich AABH la: %.7.7( - -g-x

_ Dién tich AKCD la: %.4.:: = 2x

- Dién tich hinh vuéng BCKH la: x*
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: , o X 7
Vay dién tich S cta hinh thang la: S = Ex + 2% + x°

Vé6i S = 20, ta ¢6 phuong trinh: 20 = %x +2X + X° & X+ %x ~-20=0

Pay khong phadi 1a phuong trinh bac nhat (ma la phuong trinh bac hai).
7. Hay chira cac phuaong trinh bac nhat trong cac phuong trinh sau:

a)1+x=0; b) x + x* = 0; c)1-2t=0
d) 3y = 0; e)0x-3=0.
Gidi
C6 ba phuong trinh bac nhat la:
a)l +x=0(4n x); c)1-2t=0(4nt); d)3y =0 (any
8. Giai cac phuong trinh: a) 4x - 20 = 0; b) 2x + x + 12 = 0;
C)x-5=8-x; d)7-3x=9-x.
Gidi
a)dx -20=0 < 4x = 20 < x=5. Vay S = {5}
b)2x +x+12=0< 3x=- 12 o x=-4. Vay S = (-4}

c)x-5=3-x <©x+x=3+5 <o x=4. VayS = {4}
d)7-3x=9-x ©-3x+x=9-7 ©x=-1. VayS = {-1}

9. Giai cac phuadng trinh sau, viét s§ gan dung clia mdi nghiém & dang so6 trap
phan bdng cach lam trdn dén hang phan tram:

a)3x-11=0; b) 12 + 7x = O; c) 10 - 4x = 2x — &

Gidi

a) 3x—11=0<:>3x=11<:>x=—1~3l:3,66...¢:>Xz3,67

Vay gi4 tri gdn ding cla nghiém 12 x = 3,67.

b) 12+7x=0<:>7x=—12<::>x=—-1'—72-=-~1,714...<::>x:—1,71

Vay gia tri gan ding cia nghiém 1a x ~ -1,71.
c) 10-4x=2x-3 < -4x-2x=-3-10 < -6x=-13

ox:ilé—szl—(?=2,166...¢:>xz2,17

Vay gi4 tri gdn ding cia nghiém 1a x =~ 2,17.
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$3. PHUONG TRINH bUA bUQC
VE DANG ax +b =0

1. KIEN THUC €O BAN

1. Cdc budc bién ddi cod ban dua phuong trinh da cho vé dang ax + b = 0:

Budc 1: Quy déng mau hai vé va bd mau (néu co).
Budc 2: Khai trién va bd ddu ngoac (néu co)
Budc 3: Chuyén vé cdc hang td
(Céc hang tl chia &n § mot vé, cac hdng s6 & mot vé)
Budc 4: Thu gon.
Budc 5: Chia hai vé& cho hé sé cla an.
Budc 6: K&t luan nghiém phuong trinh.
2. Cac phuong trinh ax = b c6 dang dac biét:
a) Phuong trinh c6 dang Ox = b (b # 0)
Két luan: Phuong trinh vo nghiém hay S = &
b) Phuong trinh c6 dang Ox =0
K&t luan: Phudng trinh ¢é vé s6 nghiém s6 hay S = R.

I1. BAI TAP SACH GIAO KHOA

10. Tim ché sai va siia lai cac bai giai sau cho dung:

a) 3Xx-6+x=9-x b) 2t -3 +5t=4t+ 12
< 3xX+x-Xx=9-6 o 2t+5t-4t=12 -3
<> 3x=3 o 3t=9
o X =1 & t=3

gidi

a) Sai 6 dong thd 2 vi 2 sé hang -6 va -x chuyén v& ma khong déi ddu. Sua
lai cho ding nhu sau:
IX-6+xXx=9-XxX3Xx+x+x=9+6
O bx=15ax=3
b) Sai ¢ dong thir 2 vi chuyén s§ hang -3 sang vé& phai ma khong ddi dau.
Sta lai cho ding nhu sau:
9t -3 4+ 5t=4t + 12 2t + 5t — 4t = 12 + 3
odt=1ot=15.
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11. Gidi cac phuong trinh:

a)3x-2=2x-3; b)3-4u+24 + 6u=u+ 27 + 3u;
c)5 - (x -6)=4(3 - 2x); d) -6(1,5 - 2x) = 3(-15 + 2x);
e)0,1-2(05t-0,1)=2(t-2,5)-0,7; f) 2 x—_5_ 2 = X
2 4) 8
Gidi

a) 3x-2=2x-3©3x-2x=-3+2¢x=-1. Viy S = {-1)

b) 3-4u+24 +6u=u+27+3u<-4du+6u-u-3u=27-3-24
< -2u=0c<u=0.Vay S = (0}.

¢) 5-(x-6)=43-2x) ©5-x+6=12 - 8x

<:>—*X+8X:12—-5-—6C>7X=1C:>X=%.Véysz{%}.

d) -6(1,5 - 2x) = 3(-15 + 2x) < -9 + 12x = -45 + 6x
<> 12x - 6x = -45 49 & 6x = -36 <> x = -6. Vay S = (-6}.

e) 0,1 -2(0,5t-0,1)=2(t-25)-07<01-t+02=2t-5-0,7
< -t-2t=-5-0,7-0,1-02-3t=-6<t=2 Vay S = |2}

2l” 4) 8 8 8
15 5 3 20
S —X-X= —+— & [ —-1|x= —
2 8 2 8
o 2x=2 evx= Sii=§, VayS=15
2 22
12. Giai cac phudng trinh:
a) 5X=2_5-3x. by 10x+3 _, 6+8x,
3 2 12 9
oy X1, oy = 162X, d) 4(0,5 — 15x) = - 26
5 3
Gjidi
a) 5x—2=5—3x;MTC:6
3 2

< 2(5x - 2) = 3(6 -3x) < 10x-4 =15 -9x
< 10x+9%x=15+4 < 19x=19=x=1 Vay S = {1}.

12 - GBT TOAN 8 (tép hai)



lﬂ‘m¥i§:1+§{f§;MTC=36

12
<> 3(10x +3) =36 + 4(6 + 8x) © 30x + 9 =36 + 24 + 32x

<:,30x—32x=36+24—9<::>-2x=51c>x=-—§2l.vay8: {"551—}

c>z£fqax=“2“;MTC=30
< 5(7Tx — 1)+ 60x = 6(16 - x) <> 35x - 5 + 60x = 96 - 6x

< 35x+60x+6x=96+5 < 101x=101<«<>x=1.Vay S = (1}

5 -6 . MrC = 3

d) 4(0,5 - 1,5%) = -

< 12(0,6 - 1,5x) = ~-(bx - 6) <> 6 - 18x = -5x + 6
< -18x+5x=6-6¢<-13x=0<x=0. Vay S = {0}.
13. Ban Hoa giai phuong trinh:

X(X +2) = x(x + 3)
SOX+2=x+3
o>X-x=3-2
< Ox=1(v6 nghiém)

Theo em, ban Hoa gidi dung hay sai?

Em sé giai phuong trinh dé nhu thé nao?

gjidi
Ban Hoa gidi sai ¢ dong thi 2 vi da chia 2 v& cia phuong trinh cho bién x
vi khi d6 phuong trinh mdi sé khong tuong duong vdi phuong trinh da cho.
Gidi dung nhu sau: x(x + 2) = x(x + 3)
XX +2X=xX+3Xx ©X -x+2x-3x=0
-x=0 < x=0. Vay S = {0}.

<
e

Luyén tap
14. S6 nao trong ba sé -1, 2 va -3 nghiém dung mdi phuong trinh sau:
Ix| = x (1)
¥ +5x+6=0 (2)

th-3—n=x+4 (3)
1-Xx
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gjidi
Huong dén: Thay x = -1; 2 va -3 lan lugt vao tirng vé& ciia méi phuong
trinh, tinh gid tri cda ching roi so sanh gid tri hai v&. Ta nhén thay:

=x+4

* x = -1 la nghiém cia phuong trinh .
- X

6 __6 -3
1-x 1-(-1)

VP=x+4=-1+4=3
Vay VT = VP.

* x =2 la nghiém cda phuong trinh |x] = %

That vay: VT =

That vay VT = |x| =2 =2

VP=x=2
Vay VT = VP.
* x = -3 la nghiém cta phuong trinh x*+ 5x + 6 = 0
That vay VT = x* + 5x + 6 = (-3)* + 5(-3) + 6 = 0.

15. M6t xe may khdi hanh td Ha N6i di Hai Phong vdi van téc trung binh
32km/h. Sau dé 1 gig, mét 616 cing khdi hanh tu Ha N&i di Hai Phong,
cung dudng vdi xe may va vdi van téc trung binh 48km/h. Hay viét phuong
trinh biéu thi viéc 6t6 gap xe may sau x gid, ké ti khi 6td khdi hanh.

Gidi
Trong x (gid), 6té di duge 48x (km)
Xe mdy di trude 6t6 1 gid nén thoi gian xe may di la x + 1 (gid)
Trong thoi gian dé quang duong xe mdy di duge 14 32(x + 1) (km).

Oto gap xe mdy sau x (gio) ké tir khi 6t6 khéi hanh c6 nghia la dén thoi
diém d6 quang dudng hai xe di dugc 1a bing nhau.

Vay phuong trinh can tim la: 48x = 32 (x + 1)

16. Viét phuong trinh bidu thi can thang bing
trong hinh bén (don vj khoi lugng la gam),

X
X xﬂ
Gjidi X [?l _ ’

Phuong trinh biéu thi cAn bing nhu sau:
3x+5=2x+17
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17. Gidi cac phuodng trinh:

18.

a) 7+ 2x =22 - 3x; b) 8x -3 =5x+12;

c)x 12+ 4x=25+2x-1; d)x+2x+3x-19=3x+5

e)7 (2x+4)=-(x+4), Hix-1)-2x-1)=9 -x
Gidi

a) 7T+2x=22-3x2x+3x=22-7To 56x=15< x = 3. Vay S = (3]
b) 8x -3 =5x+128x-5x=12+3 < 3x=15< x=5. Vay S = {5).
¢) x-12+4x=25+2x-1©x+4x-2x=25-1+ 12
& 8x =36 < x=12. Vay S = {12}.
d) x+2x+3x-19=3x+5cox+2x+3x-3x=5+19
< 3x=24 < x=8. Vay S = {8}.
e) T-2x+4)=-(x+4)=7-2x-4=-X-4-2x+x=-4-7+14
& -x=-Tox=17 Vay S = (7).
H x-1)-2x-1)=9-Xx &x-1-2x+1=9-x
OX-2x+x=9+1-10x=9.

Ta khong tim dugc gid tri nao cia x dé Ox = 9. Vay phuong trinh vé
nghiém hay S = &.

Giai cac phuadng trinh:

a) X 2x+1=i - b) 2+X _05x = 1-2x +0.25
3 2 6 4
Gjidi
g X _2xtl X MTC=6
a 2
<& 2x-3(2x+1)=x-6x
e 2x - 6 — 3 = x - Bx
S 2X-6x-x+6x=3 = x=3.Vay S = {3}.
24+x 1-2x

b) —— - 0,6x = + 0,25;.MTC = 20
5 4

< 4(2 + x) - 20.0,6x = 5(1 - 2x) + 20.0,25
& 8+4x-10x=56-10x+5
— 4x - 10x + 10x=5+5-8

& dx =2 x= —.Vay S

]
———
o | =
N e

L
2
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19. Viét phuong trinh 8n x rdi tinh x (mét) trong mdi hinh dudi day (S la dién
tich ctia hinh):

4m_
X / 5m 6m
X X «
om| ¢ 9- r;l ”””””” 6m | 12m
a) S = 144m’ b) S = 75m°? c)S = 168m’
Gidi

a) Ta biét S, = d.R. Theo hinh vé ta cé:
144 = 9(2x + 2) < 18x + 18 = 144 & 18x = 144 - 18
< 18x =126 ©x =7. Vay x = 7 (m),

b) Ta nhin thdy dién tich hinh di cho bidng dién tich hinh chit nhat
cong vdi dién tich hinh tam gidc vuong.

Ta cé: 75 = 6x + :‘12—.6.5 &S T5=6x+156x=75-15 =60

<> x = 10. Vay x = 10 (m).
¢) Ta nhan th4dy dién tich hinh da cho bing téng dién tich hai hinh cha
nhat.
Tacé: 12x + 6.4 = 168 & 12x + 24 = 168 < 12x = 168 - 24 = 144
< x =-12. Vay x = 12 (m).

20. B&. Trung bdo Nghia hay nghi & trong ddu mét s6 ty nhién ty y, sau dé
Nghia thém 5 vao s8 ay, nhan tdng nhan dugc véi 2, dugc bao nhéu dem
trd di 10, ti€p tyc nhan hiéu tim dugc-véi 3 rdi cong thém 66, cubi clng
chia két qua cho 6. Chéng han, néu Nghia nghi dén sé 7 thi qua trinh tinh
todn s& 1a: 7 — (7 + 5 = 12) - (12.2 = 24) > (24 — 10 = 14) > (14.3 = 42)
> (42 + 66 = 108) — (108 : 6 = 18).

Trung chi can biét két qua cudi cung (s6 18) la doan ngay dugc s Nghia
da nghi 14 s8 nao.

Nghia th&t may |&n, Trung déu doan dung. Nghia phyc tai Trung I&m. B§
em tim ra bi quyét cia Trung d4y!

gidi

Goi s6 ma Nghia nghi ra trong d4u 1a x (x e N)
Khi d6 néu lam theo Trung thi Nghia da cho Trung biét sé:
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A={(x+5)2-10].3 + 66} :6
Rut gon ta c6: A =(6x+66):6=x+11
Suyrax=A-11
Bgi vay, Trung chi viéc lay sd A (Nghia da cho biét s nay) tru di 11 1a
biet ngay Nghia da nghi ra sé nao.

$4. PHUONG TRINH TICH

1. KIEN THUC CO BAN

1. Tinh chat cGia phép nhan: Trong mét tich, néu c6 mét thua sé bang 0 thi
tich d6 bang 0. Ngugc lai, néu tich bang 0 thi it nhat mot trong céc thua
sé cla tich bang 0.

2. Dang téng quat cia phuang trinh tich va cach giai:

A(x) =0
B(x)=0

A(x)B(x)=0 &

3. Céac budc giai:
Budc 1: Dua phuong trinh da cho vé dang téng quat: A(x).B(x) =
B&ng cach: - Chuyén tat ca cac hang tl cha phuang trinh vé vé trai, khi
dé vé phai bang 0.
- Phan tich da thuc thu dudc & vé trai thanh nhan td.
Budc 2: Giai phuong trinh va két luan.

Il. BAI TAP SACH GIAO KHOA
21. Giai cac phuang trinh:

a) (3x - 2)(4x + 5) = 0; b) (2,3x - 6,9)(0,1x + 2) = 0
c) (4x + 2)(x* + 1) = 0; d) (2x + 7)(x - 5)(5x + 1) =0
Gidi
| o2
3x-2=0 Y 2
a) (3X - 2)4x + 5) =0 & | °F o 3  vays-= —~5-;—.
4x+5=0 " _é 4 3
4
23x-6,9=0 =3
b) (2,3x - 6,9)(0,1x + 2) = X e ™ . Vay S = {20, 3)
T 101x42=0 — |x=-20
DAI HOC quf., GIA A v
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4x+2=0
c)(4x+2)(x2+1)=0<:>[ ¢:>4x+2=0¢:>x=--;.

x2+1=0(VN)
1
Vay S = {(-=1}.

7
2% +7 =0 X=-3

d) 2x+ T)x-5)5x+1)=0c |x-5=0 o |x=5
5x+1=0 x=_l

VéyS: —1;~l;5 .
2 5

22. Bé&ng cac phan tich vé trai thanh nhan td, gidi cdc phuong trinh sau:

a) 2x(x - 3) + 5(x -3) = 0; b) (x* —4) + (x - 2)(3 - 2x) = C
c)x*-3x2+3x-1=0; d) x(2x - 7) - 4x + 14 = 0;
e) (2x - 5)% - (x + 2)2 = 0; f)yx? - x - (3x - 3) = 0.

gidi

a) 2x(x-3)+5x-3) =0 x-3)2x+5)=0

X =3
-3=0
X o 5.Vay S = —éﬁ.
2x+5=0 x=—§ 2

b) (x*-4) + (x - 2)(3 - 2x) = 0
o xX-2)x+2)+(x-2)3-2x)=0
© (x-2)x+2+3-2x)=0cx-2)5-%) =0

5-x=0 X
=
[x—2=0 {x
) xX*-3x*+3x-1=0(x-1%=0cx=1.Vay S = {1).
d)x2x-7)-4x+14=0x(2x-7) -22x - 7) =0

]

2- Vay S = {2; 5}.

7

2x -7 = = —
o2x-MNMx-2)=0o == o | * 2.Vay S = 2;1.
x-2=0 % =2 2

e) (2x-5P - (x+2°=02x-5+x+2)2x-5-x-2)=0
3x-3=0 {x:l
L)

.Vay S = {1; 7).
x-7=0

<:>(3x—3)(x—7)=0<:>{
x=1
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i xt x-Bx-3)=0ox(x-1)-3x-1D=0x-1)x-3)=0

)= =1
o |*7170 o 1% vays - 13y
x-3=0 x=3

Luyén tap

23. Ciai cac phuadng trinh:

24,

a x(2x - 9) = 3x(x - 5); b) 0,5x(x - 3) = (x - 3)(1,5x - 1);
. B 1= 1x3x - 7):
c 3x-- 15 =2x(x - 5); d) 7x 1= 7x(3x 7);
Gidi

a x(2Xx -9 =3x(x-5) <= 2x*-9x-3x* + 15x =0 x* +6x=0

o xx-6=0c| X% o [*0 vays-= o 6.
2—8=0 — lx=9

b 05x(x-3)=(x-3)(1,5x-1)=0,5x(x-3)-(x-3)(1,6x-1)=0
Hx-3)0,5x-(16x-1)]=0=x-3)(x+1)=0

- :O =
o X783 e [2=% vae 5.2 11: 8.
-x+1=0 x=1

¢ 3x-15=2x(x-5)=3(x-5)-2x(x-5)=0

x-5=0

H(x-5)3-2x)=0 <
3-2x=0 X =

d -::—x—l:%x(me7)¢:>3x—7=x(3xm7)<:>3x-~7»»x(3x~7)=0

7
& Bx-T(1-x)=0o 3""7“0<:> X=3 vays-= 1;1.
1-x=0 3
x=1
Gidi cac phuadng trinh:
a(x*-2x+1)-4=0; b) x* - x = -2x + 2;
c 4x?+4x + 1 =x°; d) x? - 5x + 6 = 0;
gidi

a (X*-2x+1)-4=0(x-12-22=0
S X-1+2x-1-2)=0x+1)x-3)=0
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1=0 = -1
o | X7 o | . Vay S = {-1; 3}.
x-3=0 Xx=3

b) xz-—x=~2x+2<::>x2—x+2x-—2=0<:>x(x—1)+2(x—-1)::0
x=1

oxx-1D)x+2)=0< x-1:0c> . Vay S = {-2; 1}.
x+2=0 X = -2

) dx’ +4x+ 1 =x’>Ux*+4x+1)-x*=0
S2x+1)P2-x*=202x+1+xX)2x+1-%x)=0
3x+1=0 x——l
<:>(3x+1)(x+1)=0<:>{ & ~ 3.Vay S = {---1;—3

=)
X+1 <= -1

d) x2-5x+6=0<:>x2-2xw3x+6=0<::>(x2—2x)—(3x~—6);()

x-2=0 {x-.

c:>x(x—2)—3(x—2):0¢3(x—2)(x»<3)=0<:>{ &5
x-3=0

Vay S = (2; 3).
25. Gidi cac phuong trinh:
a) 2x2 + 6x° = x% + 3x; b) (3x — 1)(x® + 2) = (3x — 1)(7x - 10).
Gidi

a) 2 +6x° = x2 + 3x < 2x%(x + 3) = x(x + 3)

S22 +3)-x(x+3) =0 x+3)2x*-x)=0

x+3=0 X =-3
SxX+3)x(2x-1)=0= |x=0 o x:O.VﬁyS={3,0
2x-1=0 1
X=—
L 2

b) (3x - 1)Xx® + 2) = (3x - 1}7x - 10)
S Bx—-1E*+2)-Bx-1N7x-10)=0
SBx-Dx2+2)-(Tx-10)]=0 o @Bx-1X*-Tx+12)=0
S Bx-DIx*-3x)-4x-12)]=0 < @Bx-1)x-3)x-4)=0

1
3x-1=0 X=3 .
oS 1x-3=0 & [x=3.Vay S = {5;3;4}.
x-4=0 x=4

.
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26.

Tro choi (Xem SGK Toan 8, tdp hai).
Hudng ddn

- - - 2
bésol:ix=2; -DPésg2:y= —; _Bé563:2=§_

™o | =

- Dé so 4: Véi z = »32~ ta c6 phuong trinh —:2;(‘52 = 1) = %(t2 +t)

o 2t D=t +teo20-Dt+ 1D =tt+1)
s 2t-Dt+ 1D -tt+1D)=01+ 12t -2-t)=0

t+1=0 [tz—l(loaivit>0)
famm

e t+1)(t-2)=0&
t-2=0 b=l

Vay t = 2.

$5. PHUONG TRINH CHUA AN & MAU

1. KIEN THUC CO BAN

B

1s

Biéu kién xac dinh cGa mot phuadng trinh:

biéu kién xac dinh clGa mot phuong trinh (c6 chda mau) 1a tap hgp cac
gia tri clia bién lam cho cac m&u thuc trong phuong trinh déu khac 0.

Vidy: Tim diéu kién xac dinh cla phuaong trinh: 3 _Xx+4
X-2 X+1
2 8 N _'2 O 2
BKXD cua phugng trinh la: X—e# &> x#
x+1£0 X# -1

Giai phuong trinh chda &n & m&u: Mudn gidi phuong trinh chia &n § méu
thdc ta thudng qua céc budc giai sau:

Budc 1: Tim diéu kién xac dinh (DKXD) clGia phuong trinh.
Budc 2: Quy déng mau & hai vé& va khd miu.

Budc 3: Giai phuong trinh viia nhan dugc.

Budc 4: Két luan

Trong céc gia tri cGa an vua tim dugc & budc 3, cac gid tri thda man diéu
kién xac dinh mdi 1a nghiém cla phuong trinh da cho.
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Il. BAI TAP

A. Bai tip mau
X

X

2X (1)

Gidi phuong trinh:

(2(x-3)#0
2x+2#0

<x+1¢0

x-3#0

2(x—3)  2x+2  (x+1)(x-3)

Gidi
B1. Piéu kién x4c dinh cia phuong trinh:

[x # 3
x#-1
x#-1
(x#3

Sxz-1lvax#3

B2. Quy déng va khit miu thie: MTC = 2(x + 1)(x - 3)

X(x+D+x(x-3) 4x

= Sx(x+1) + x(x-3) = 4x
2x+1)(x-3) 2x+1)(x-3)

Khi d6 (1) &

B3. Gidi phuong trinh:
S+ X+X-83x-4x=02%x2-6x=0

2x = 0 {:x = 0(nhén)
Lo’

o 2X(x-3)=0e ;
x-3=0 x = 3(loai)
Vay tap hop nghiém cda phuong trinh 1a S = (0}.

B. Bai tip gido khoa cd ban
27. Giai cac phuaong trinh:

)
gy =83 by 2B xy 2.
X+5 X 2
2 _
&) (x +2x) (3x+6)=0; d) 5 ~ oy -
Xx—3 3x+2
Gidi
a) Z5_s5(
X+5
BKXE?:X+5¢O<:>x¢—5
. 2x -5
Khi d6 . =3 ©2x-5=3x+5)<2x-5-3x-15=0
X +

& -x - 20 = 0 < x = -20 (nhan). Vay S = (-2()
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c)

d)

28.

a)

DKXD: x # 0, MTC: 2x

Khidé (1) > 2(x* -6)=2x* +3x = 2x* - 12 - 2x* - 3x = 0

<> 3x = -12 & x = -4 (nhén). Vay S = (-4}.

)
(o +2%) -(3x+6) _ o 1

Xx-3

PKXP:x-3#20ox#%3

MTC: x - 3

Khidé (1) o> (x* +2x)-(3x+6)=0=x(x+2)-3(x+2)=0

<::>(x+2)(x—3)=0<:>{

—-~5——= 2x-1(1)

3xX + 2

BKXD:3x+2¢Oc:>x¢—~%

MTC: 3x + 2

x+2=0
=
x-3=0 [

X = -2 (nhan)
x = 3 (loai)

Khid6 (1) > 5=(2x-1)3x+2) = 6x°+x-7=0
S 6X2-6xX+Tx-T=06x(x-1)+7x-1)=0
x=1(nhan)

SXx-1D)6x+7)=08

4
Vay S = {-—;1;.
ay S { 5 }

2x-1+1: 1 1)
x-1 x-1

PKXP:x-120&ox=%1

Gidi cac phuadng trinh:

x-1=0
6x+7=0

Gjidi

. Vay S = (-2}

7
= —— (nhé
X 6( An)

5x
2xX+2

X+3
+

X+1
X—2

X+1

X
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MTC: x - 1
Khid6(1) = 2x-1+x-1=1=3x=3<x=1(oai). Vay S = &.
5x 1= 6

2x + 2 Tox+1

proa: [ EE Y et
x+120

b) (1)

MTC:2x + 2=2(x+ 1)
Khidé (1) & 5x +2x + 2 =-12 < 7x = -14 < x = -2 (nhén). Vay S = {2}

x#0
B]’:(XI-):{2 &Sxz20
x“ 20

MTC: x*

Khidé(l) oxx’+x=x
oxXx-1D-x-D=0ax-1)x-1)=0
Sx-Dx-1DEE+x+1)=0

(x-12 =0

2 3

X+rloeox'-¥*-x+1=0

- 2
2 T o2 1 3 . \
x*+x+1=0(VNvix“"+x+1= x+—2— +Z>0,‘c1xeR-

<& x-1=0< x=1(nhan)
Vay S = (1}.
X+3 Xx-2

d) + =2(1)
x+1 X

x+120 x#-1
o
x#0 x#0

o |

MTC: x(x + 1)

Khidé6(l) ©&x(x+3)+x-2)x+1)=2x(x+1)
oxt+3x+x>-x-2=2x"+2x
o 2%+ 2x - 2 = 2x% + 2x
o 22 +2x-2-2x"-2x = 0 © Ox = -2 (vd nghiém)

Vay phuong trinh da cho vé nghiém hay S = &
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Luyén tap

2
- . -5
29. Ban Son giai phuaong trinh 5——»—55 =5 (1) nhu sau:

x_,

(1) <> x*-5x=5(x-5) < x? -5x =5x - 25

= x?-10x+25=0(x-5°=0<x=5.
Ban Ha cho rdng Son da gidi sai vi da nhan hai vé vdéi biéu thic x - 5 ¢6
chuda 4n. Ha gidi bang cach rut gon vé trai nhu sau:

X(x -5
() e X225) gy
X-5
Hay cho biét y ki€n clia em vé hai I6i gidi trén.

s 2.

Gidi
Em nhan xét: Hai loi gidi cia ban Son va ban Ha déu sai vi chua tim
diéu kién xdc dinh ma da di kh& mau tru6e. Diéu kién x4ac dinh cia phuong

2
=B S a S iLE :
trinh X 22X _5lax#5. Dodé gidi ra dugc gia tri x = 5 thi bi loai.

X —
Viy phuong trinh da cho v6 nghiém hay S = @.
30. Giai cac phuong trinh:

2
- 2
B b G 2 BIBR = o = e i =
X—2 2-X X+3 X+3 7
X+1 X—1 4 3x-2 6x+1
c) —- - ——= : d) - = —
x-1 x+1 x?_4 X+7 2x -3
Gidi
1 X -3
—— 48 = (1
a) x-u2+o 2-x )
DbKXD: x~2$0<:>x;¢2
2-x#0
MTC: x - 2

Khid6(l) &1+3x-2)=-(x-3)=1+3x-6=-x+3

&S 3x+x=3+6-14x=8 < x=2 (loai). Vay S = &.
2x* 4x

2
Dy = s = = ]
b) 2x X +3 x+3+7()

PKXD:x+3#20& x# -3
MTC: 7(x + 3)
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Khi d6 (1) < 14x(x + 3) - 14x% = 28x + 2(x + 3)
& 14x% + 42x - 14x° = 28x + 2X + 6

¢:>42x=30x+6<:>12x=6c:>x=%(nhém).VéyS: {%}

o) x+1_x—1_ 4
x-1 x+1 x2_1

Tac6x*-1=(x+1)x-1)

(1)

Do dé PKXD: (X T170 & xr11
x-1#0

MTC: x*-1=(x+ 1)x-1)

Khid6(l) &ox+1)x+1)-x-1)x-1)=4
oxt+2x+1-x*+2x-1=4 o 4x =4 < x = 1 (loai)

Vay phuong trinh vé nghiém hay S = &.

3x-2  6x+1

x+7 2x -3

d) (1)

x+7#0

DKXD: &3 3
2x-3=20 x¢-§

"MTC: (x + 7)(2x - 3)
Khid6(l) ©Bx-2)2x-3)=Bx + 1)}(x+ 7)
S6x2-13x+6=6x°+43x + 7 < -56x = 1

56

@x:——s% (nhan). Vay S = {— 1 }

31. Gidi cac phuong trinh:

1 3x? 2x

a) - = :

x=1 x¥-1  x®4+x+1
b) 3 . 2 ) 1 ;

(x=1NH(x-2) (x-3)(x-1) (x-2)(x-3)
c) 1+ 1 _ 12 ,

x+2 8+x°

d) 13 1 6 -

(x-3)(2x+7) * ox+7 (x—3)(x+3);
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a) -

c)

Gidi

1 3x* 2x
S s (1)
x-1 x3-1 x*+x+1-

Taco x°-1=x-1)*+x+1)
x-1#0

bKXD: g oSx-1200x#21
(x-1)(x“+x+1)=#0

MTC:x' -1=(x-1(x*+x+1)
Khidé(l) ox*+x+1-3=2%x(x-1Deox*+x+1-3x*-2x*+2x=0
& 45’ +3x+1=024x>-3x-1=04x> - 4x+x-1=0

S4x(x-1)+x-1)=0=x-1)4x+1)=0

x =1 (loai)
-1=0 -
cv[x o VayS:{—l}.

4x+1=0 x=—i(ﬂﬁnf 4
3 . 2 ) 1
(x-D(x-2) x-3)x-1 (x-2)(x-3)
x-1#0
o |1x-220 ©x#21,x#2,x#3
x-3=20

MTC: (x - 1)(x - 2)( x - 3)
Khid6(l) ©3x-3)+2(x-2)=x-1
&> 3x-94+2x-4-x+1=04x=12 < x = 3 (loai)
Vay phuong trinh vé nghiém hay S = &.
1 12

1+ - (1)

x+2 8+x°

Taco: 8 +x° =22 + x° = (2 + x)(4 - 2x + x%)

x+2=%0
Do d6: DKXD: 3 S X 22
8+x° #0

MTC: x° + 8
Khidé(1) ©ox*+8+@-2x+x)=12x+8+4-2x+x*-12=0

S+ -2%=0ox(x*+x-2)=0x(x-1)x+2)=0

x=0 X =0 (nhén)
& |x-1=0 ¢ |x=1(nh4n). Vay S = (0, 1}.
x+2=0 x = -2 (loai)
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) 13 R 1 B 6
(x -3)2x +7) 2x +7  (x-3)x+3)

x-3#0 X # 3
PKXD: <2x+7#0 <« 7
X # ——

x+3#0

MTC: (x - 3)x + 3)2x + 7)
Khidé(l) ©13(x+3)+(x-3)x+3)=6(2x+17)

S 13x+39+x2+3x-3x -9 =12x + 42 & x°
S +4x-3x-12=0x(x +4) - 3(x +4) =
X+4=0 [x:—4(nhan) X

=S . Va

<:>(x+4)(x—3)=0@[i

x-3=0 x =3 (loai)

32. Gidi cac phuadng trinh:

+x -12=0

0

ay 5 = {-4}

-1

2
a)l+2=(l+2](x2+1); b) (x+1+~lj
X X X
Gidi
a) L i2= (—1—+2)(x2+ 1) (1)
X X
PKXDP:x#0
) 1 1 9 1 9

Tac6(l) < |-—+2 ~(—~+2](x +1):O<:>[-+2)[1ﬂ(x +1)]=0

X X X

(1 ) —x2=0 x=0

o |=+2[(xH=0e| =
\ X —+2=0 i Q)
X X
x = 0 (loai) 1
& 1 .Vay S = {-—}.
X = —— (nhén) 2
L 2
2 2
b) [x+1+}—] :[xwl—l] (1)
X X
PKXP:x 20
1Y 1Y
Taco (1) [x+1+»J - (x—l——J =0
X T
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<:>(x+l+-1—+x—1~—1—)(x+1+—1— -—~x+1+«£):0
X X X X

> 2x(2+m2—} =0 <:>4x[1+l-} =0

X X
4x =0 x = 0 (loai) )
e 1 & . Vay S = {-1}.
1+—=0 X = -1 (nhan)
X

33. Tim cac gia tri cla a sao cho mdi bi€u thic sau c6 gia tri bang 2:

-1, a-3 5 10 Ba=1  Tas2
3a+1 a+3’ 3 4a+12 6a+18
'Hma"ng ddn
Cho c4c biéu thice biang 2. Ta di gidi phuong trinh 4n a dé tim gid tri cta a.
a) Theo dé bai ta c6: Lt ¥ a-3 _ 2 (1)
3a+1 a+3
3a+1#0 a# ~l
DKXb: e
a+3#0
az#-3

MTC: (a + 3)3a + 1)
Khido(l) ©@Ba-1)a+3)+(a-3)3a+1)=2(a+ 3)3a+ 1)
< 6a? -6 =2(3a% + 10a + 3) < -20a = 12
3 3
¢<>a=-— (nhén). Vaya = - —.
5 ' y 5

b) Theodébéitacé:lgm 821 = Ta+2 =2
3 4a +12 6a +18

4a+12#0 - az#-3
Ga+18 =20 a#-3

bKXD: { < a# -3

MTC: 12(a + 3)

Khi d6 (1) < 40(a + 3) - 3(3a - 1) - 2(7a + 2) = 24(a + 3)
<>40a + 120 -9a +3 - 14a -4 = 24a + 72
< 17a + 119 = 24a + 72 <> 7a = 47

& as= :4;!1 (nhén). Vay a = 547—7
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§6. GIAI BAI TOAN BANG CACH
LAP PHUONG TRINH

I. KIEN THUC CO BAN

1. CA&c budc gidi bai toan bang cach 1ap phuang trinh:
Budc 1: Lap phuong trinh
- Chon &n sé va dat diéu kién thich hgp cho &n s6.
- Biéu dién c4c dai lugng chua biét theo &n va céc dai lugng da biét.
- Lap phuang trinh biéu thi méi quan hé gida cac dai lugng.
Budc 2: Giai phuadng trinh
Budc 3: Tra 16i bang cach kiém tra xem trong cac nghiém cla phuong trinh,
nghi@m nao thda man diéu kién cla an rdi két luan.
2. Luu vy vé viéc chon &n va dat diéu kién thich hop cho an:
- Thoéng thudng thi bai toan yéu cau tinh dai lugng gi thi chon &n la dai
lugng do.
~ Vé diéu kién thich hop cla &n:
+ Né&u 4n x biéu thi mét chi sé'thi diéu kién la x nguyén va 0 <x < 9.
+ Né&u &n x bi€u thi sd tudi, s6 sadn phdm, s& ngudi.. thi di€u kién 1a x
nguyén dudng.
+ N&u &n x biéu thi van téc cia mét chuyén déng thi diéu kién 1a x > 0,

Il. BAI TAP
A. Bai tap mau
Bai todn cé: Via ga, vua ché,
Bo lai cho tron,
Ba muoi sau con,
MGt tram chén chdn.
Hoi c6 bao nhiéu ga? Bao nhiéu ché?
Gidi
Goi x (con) 1a s& ga, diéu kién: x 12 s nguyén duong va nhé hon 36. Khi
d6 s6 chan ga la 2x (chéin)
Vi cd ga 14n ché c6 36 con ma s6 ché 1a 36 — x va sd chan ché la 4(36 — x).
Vi tdng s6 chin ga va ché 1a 100 nén ta c6 phuong trinh:
2x + 4(36 - x) = 100
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yial phuong trinh: 2x + 4(36 — x) = 100 < 2x + 144 - 4x = 100
< 2x = 44 & x = 22 (nhéan)
Vay s6 ga la 22 (con).
Sé cho la 36 - 22 = 14 (con).
B. Bai tap gido khoa cd ban

34. Mau s6 clia mdt phan s6 16n hon ti sé clda né la 3 don vi. Néu tang ca tu

vd mau cua no thém 2 don vi thi dugc phan s6 mdi bang rE Tim phan so

ban dau.
Gjidi
- Goi x 12 mau sé cia phan s6, diéu kién x € Z va x # 0.
. -3
Ta ¢6 phan so: X .
X

Néu tdng ca t va mau clia né thém 2 don vi thi ta duge phan s6 méi:
XxX-3+2 x-1

X+ 2 X+2
2 . % x-1 1
Theo dé bai ta ¢6 phuong trinh: = =
X+ 2 2
"5 - X = 1 1 .« A .
~ Giai phuong trinh: = — (DPiéu kién x # -2)
X+ 2 2

S 2x-1)=x+22x-2=Xx+2 < x =4 (nhan) .
~ Tacomiusdx=4thitdsslax-3=4-3=1

. ) 1
Vay phan s6 phai tim la i

35. Hoc ki mét, sd hoc sinh gidi clia 16p 8A béang % s® hoc sinh ca Idp. Sang

hoc ki hai, c6 thém 3 ban phan dau trd thanh hoc sinh gidi nla, do do sd
hoc sinh gidi badng 20% s6 hoc sinh ca 16p. Hoi I6p 8A cd bao nhiéu hoc
snh?

gidi

~Goi s8 hoc sinh ci 16p 1a x (hoc sinh), diéu kién x nguyén duong.

Khi d6 sé& hoc sinh gidi cia 16p 8A & hoc ki mgt 1a %x =3—;— va & hoc ki

hai 1a = + 3.
8

GBT TOAN 8 (t§p hai) - 31



Theo dé bai ta c6 phuong trinh: = 5 8= 20 X.
8 100
- Giai phuong trinh: L "?—O—X e X 0 =-3 (MTC: 200)
8 100 8 100

&  25x — 40x = -600 < —15x = -600 < x = 40 (nhan)
Vay lép 8A cé 40 hoc sinh.
36. (Bai toan noi vé cudc doi nha toan hoc Di-6-phang, ldy trong Hgp tuyén Hi
Lap - Cudn sach gém 46 bai todn vé sd, viét dudi dang thd trao phing).

Thdi tho 4u cla Di-6-phdng chiém % cudc ddi.
12 cudc dgi tiép theo la thdi thanh nién sdi ndi.

L1 G el e 2 . A
Thém = cudc ddi nua dng s6ng doc than.

Sau khi 1ap gia dinh dugc 5 ndm thi sinh mét con trai. Nhung s6 ménh chi
cho con séng bang nla ddi cha. Ong da tir trdn 4 ndm sau khi con mét.
Di-6-phang séng bao nhiéu tudi, hay tinh cho ra?

Gidi

- Goi x la tudi tho cia Di-6-phdng, diéu kién x nguyén duong.

Khi d6, tudi tho 4u cta 6ng chiém % cudc ddi, tudi thanh nién cta dng
chiém 1—x§ (cude doi), thoi gian song doc than chiém -;— (cudc doi), thai gian
con song la —;— (cude doi).

Theo dé bai ta ¢6 phuong trinh: XX X5+ 4=«

6 12 7 2

— Gidi phuong trinh ta duge x = 84 (nhin)

~ Vay Di-6-phing tho 84 tuéi.

37. Luc 6 gid sang, mdt xe may khdi hanh tu A dé dén B. Sau do 1 gig, mét
6td clng xuét phat tu A dén B vdi van téc trung binh 16n hon van toc trung
binh cia xe may 20km/h. C4 hai chiéc xe dén B déng thdi vao luc 9 gid 30
phut sdng cung ngay. Tinh d dai quang dudng AB va van toc trung binh
cla xe may.

Gidi

Goi x (km) 12 d§ dai quang duong AB (diéu kién x > 0).
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Thoi gian tu 6g sang dén 9g30 cung ngay la 3,5 gio. Vay xe may di
quang dusng AB hét 3,5 gio va ot di hét 3,5 gio - 1 giv = 2,5 gio.

3 X 2 ’
Suy ra van toéc trung binh cta xe may la 53(-5 = —_—;i (km/h) va van téc
g B s i X 2x
trung binh cua 6t6 la: —= — (km/h).
2,5 5
Theo dé bai ta c6 phuong trinh: %—-27—}{: 20

- (5141 phuong trinh: %’i——z';z 20 < 14x - 10x = 700
< 4x = 700 © x = 175 (nhéan)
Vay quang dudng AB dai 175 (km). Van téc trung binh ctia xe m4y la:

7 7

38. Diém ki€m tra Toan clia mét t§ hoc tap dudc cho trong bang sau:
PDiémsf(x) |4 |5 |7 |89
Tan s6 (n) 1 * 2 3 * N=10

Biét diém trung binh cla ca té 1a 6,6. Hay dién cac gia trj thich hop vao
hai 6 con trong (dugc danh dau *).

Gidi

~ Goi x la s6 hoc sinh duge diém 9 (tdn s& xuAt hién cta 9 1a x).

Khi d6 tAn so xudt hien cda 51210 - (1 + 2+ 3 +X) = 4 - X.

Theo dé bai ta c6 phuong trinh: -1%[4.1 +5(4-x)+72+83+9x]=6,6

~ (Gidi phuong trinh ta dugc: x = 1. Vay hai s6 c4n tim l4n lugt 1a 3 va 1.

39. Lan mua hai loai hang va phai tra téng ¢éng 120 nghin déng, trong dé da

tinh cd 10 nghin déng 1a thué gia tri gia tang (viét tit 1a thué€ VAT). Biét
rang thu& VAT ddi vdi loai hang thd nhat 1a 10%; thué VAT d6i vdi loai
hang thud hai 1a 8%. Hdi néu khdng ké thu€ VAT thi Lan phai trd mdi loai
hang bao nhiéu tién?
Ghi chu: Thué VAT la thué ma ngudi mua hang phai trd, ngudi ban hang
thu va nép chc Nha nudc. Gia st thué VAT dbi véi mat hang A dugc quy
dinh 14 10%. Khi d6 néu gia bén cla A 1a a déng thi k& ca thué€ VAT, ngudi
mua mat hang nay phéi ird tdng cong 1a a + 10% a déng.
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Gidi

Goi sd tién Lan phdi tra cho loai hang thd nhat (khong ké VAT) la

x (nghin déng), diéu kién x > 0.

Theo dé bai ta lap dugc bang sau:

Sé tién chua ké | Tién thué S6 tién ké ca
VAT VAT VAT
Loai hang thu 1 X x.10%
Loai hang thi 2 110 - x (110 - x).8% i
C4 hai loai hang 110 10 120 |
A1 s ) . 10 8
Theo dé bai ta ¢6 phuong trinh: —x + — (110 - x) = 10
100 100

- Giai phuong trinh ta dugc: x = 60
Vay, khong ké thué VAT, Lan phdi trd cho loai hang thd nhat la 60

nghin déng va loai hang thd hai 1a 50 nghin déng.

Luyén tap

40. Nam nay, tudi me gap 3 1an tudi Phuong. Phuong tinh rdng 13 ndm nda

41.

thi tudi me chi con gap 2 lan tudi phuong théi. Hdi nam nay Phuong bao
nhiéu tudi?

Gidi
— Goi x (tudi) 1a tudi clia Phuong ndm nay, diéu kién x nguyén duong.
Khi d6 sé tudi cia me Phuong 1a 3x.
Sau 13 nam thi s& tudi cia Phuong 1a x + 13 va sd tudi cia me ]a 3x + 13
Theo dé bai ta c6 phuong trinh: 3x + 13 = 2(x + 13)
— Giai phuong trinh ta duge x = 13. Viy nidm nay Phuong 13 tudi.
M6t s& ty nhién c6 hai chi s6. Chd sé hang don vi gap hai 1an ¢hd sé
hang chyc. Néu thém chi s6 1 xen vao gida hai chi s6 ay thi dugc mét s
mdi I6n hon sé ban dau 1a 370. Tim s6 ban d4u.

gidi
- Goi x 1a chif s6 hang chuc, diéu kién 0 < x <9 va x € N.
Khi d6 chit s6 hang don vi la 2x.

Ta c6 sd da cho 1a 10x + 2x.
Khi xen chit s6 1 vao giifa hai chi sé x va 2x thi x trd thanh chi s§ hang

tram, cdon 2x cing la chir s6 hang don vi. S6 mdi sé la:

34 - GBT TOAN & (t4p hal)



100x + 10.1 + 2x

Vi 40 mdi 16n hon sé ca da cho 1a 370 nén ta c6 phuong trinh:
100x + 10 + 2x = 10X + 2x + 370

- Gidi phuong trinh ta duge x = 4 (nh4n). Viy s6 ban dau la 48.

42. Tim s6 ty nhién cé hai chi s6, biét rang néu viét thém moét chd sé 2 vao
bén trai va mét chd s 2 vao bén phai s doé thi ta dugc mot sd 16n gdp
153 lan s6 ban dau.

Hludng ddn

;1; = 10a + b; ;l;=100x+...

- Goi ab 12 s& c6 hai chi s& cdn tim.

biéu kién: a,be N;0<a<9;0<b<9

Khi thém mot chir s6 2 vao bén trdi va mot chit s6 2 vao bén phai s6 ab
thi ta c6 s6 méi la 2ab2 = 2000 + 100a + 10b + 2 = 2000 + 10"31; + 2.

Theo dé bai ta c6 phuong trinh:

2ab2 = 153. ab hay 2000 + 10ab + 2 = 153 ab

¢> 153ab - 10ab= 2002 < 143ab = 2002 < ab = 14
Vay sé tu nhién ban dau la 14.
43. Tim phan sé co dng thdi cac tinh chat sau:
a) T s6 chia phan s6 1a sé ty nhién cé moét chi s6;
b) Hiéu gida ti sé va mau sb bang 4;
c) Néu gid nguyén ti sd va viét thém vao bén phai cGa mau sé mdot chi

s dung bang td sé, thi ta dugc mét phan sé bang phan sé ;—

Gidi

Goi x 1a tu sd caa phén sé phdi tim. Diéu kién x nguyén duong va x < 10.

Can cu vao gid thiét a va b thi ta c6 phan sd

x-4
Can cf vao gia thiét c thi ta dugc mot phan sd méi nhu sau: —*
1(x-4)+x

(vi x - 4 1a mot s6, khi viét thém vao bén phdi sd x - 4 chit s6 x thi sd x - 4
trd thanh chd s6 hang chuc va x 1a chi s6 hang don vi).

Theo dé bai ta c6 phuong trinh: s o 2
10(x-4)+x 5
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- Gidi phuong trinh ta dugc x = %Q Vix-= —259 khong phai 1a s6 nguyén

duong, khong théa man diéu kién cia dé bai.

Vay khéng c6 s6 nao c¢6 dia cdc tinh chat da cho.

44. Piém kiém tra Toan clia mét I8p dugc cho trong bang dudi day:

45.

Pém(x) | 1|2 |3/4|5 |6 [7[8]9]10
Tansé((n) | 0|0 | 2| |10 |12 |7 |6 | 4 1 N=*

Trong d6 ¢6 hai 6 con tréng (thay bing ddu *). Hay dién s& thich hdp vao
6 tréng, néu diém trung binh cha I6p 1a 6,06.

gidi
- Goi x la t4n s6 xudt hién cda diém 4. Diéu kién x nguyén duong.
Theodébaitac6 N=2+x+10+12+7+6+4+1=42 +x
Theo dé bai ta c6 phuong trinh:

1 32+44x+510+6.12+7.7+86+9.4+10.1) = 6,06
42 + x
Hay 2% g0 (Didukisn: x=—42)
42 + x

- Gidi phuong trinh ta duge: x = 8. Vay hai s6 phdi tim 1a x = 8 va N = 50

Mot xi nghiép ki hgp dong dét mot s6 tdm tham len trong 20 ngay. Do cai
ti€n kT thuat, nang sult dét cla xi nghiép da tang 20%. Bai vay, chi trong
18 ngay, khdng nhing xi nghiép da hoan thanh sé thdm can dét ma con
dét thém dugc 24 tdm nda. Tinh s6 tdm tham len ma xi nghiép phai dét
theo hgp déng.

Gidi
Goi x (tdm) 1a s§ tham len xi nghiép dét theo hgp dong.
Diéu kién x nguyén duong.
Theo dé bai, ta 14p duge bing nhu sau:

S6 thdm len | S0 ngay lam | Nang suat |
Theo hop dong X 20 5"6
X+ 24
ba thuc hién X +24 18 —~

x+24 120 X

Theo dé bai ta c¢6 phuong trinh: = .
heo dé bai ta c6 p g trin s 55630
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(iai phuong trinh ta duge: x = 300.
Vay s6 tdm tham len xi nghiép dét theo hop déng la 300 tam.

46. Mot ngudi lai 6t6 dy dinh di td A dén B vdi van téc 48km/h. Nhung sau khi
di dugc mét gid vdi van téc dy, 6t6 bi tau hda chadn dudng trong 10 phut.
Do d6, dé kip dén B dung thdi gian da dinh, ngudi dé phai ting van téc
thém 6km/h. Tinh.quang dudng AB.

Gidi
A C B

48km
- Goi x 12 quang dudng AB, diéu kién x > 48.

Theo dé bai, ta lap duge bang nhu sau:

b6 dai quang o 5 o —
B dutng (km) Thoi gian di (gi¢) | Van téc (km/h)
Trén doan AB X Du dinh X
i 48
| Trén doan AC 48 1 48
-48
Trén doan BC X - 48 = = 48 + 6 = 54

Theo dé bai ta c6: Thai gian du dinh di hét quang dudng AB bing téng
thoi gian di trén hai doan AC va BC cdng thém % gi¢ (10 phit ché tau). Ta

c6 phuong trinh: 2 =25 & +1+ 1
' 48 54 6

- Giai phuong trinh ta duge x = 120. Vay quang dudng AB dai 120 km.
47. Ba An gui vao quy tiét kiém x nghin déng vdi 1ai sudt mdi thang 1a a% (a la
mot s6 cho trudc) va 1ai thang ndy dugce tinh gop vao vén cho théng sau.
a) Hay viét biéu thuc biéu thi:
+ S tién 1ai sau thang thu nhat.
+ S tién (ca gbc I1an 13i) c6 dugce sau thang thd nhat;
+ T8ng s6 tién 13i cé dugc sau thang thu hai.

b) Né&u lai sudt 1a 1,2% (tic la a = 1,2) va sau 2 thang téng s6 tién 1ai la
48,288 nghin déng, thi ltic diu ba An da gUi bao nhiéu tién tiét kiém?

Gidi

a) + So tién lai sau thang thi nhat ba An lanh dugc: —i% x (nghin dong)
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+ S6 tién ca goc 14n 1ai c6 duoc sau thang tha nhat la:

X + T%Bx = [1 + -1%—6} .x (nghin déng)

+ Sau hai thang:

e Tién lai trong thang thd hai la: 212 ) x (nghin déng).
100 { 100

e Téng s6 tién ldi clia cd hai thdng la:

SRR ( = 1} Xx= 2 [—a- +2Jx (nghin déng)

— X+ — | —+
100~ 100 | 100 100 | 100
b) Véia=12va 2 =22 _ 0012
100 100

Theo dé bai ta c6 phuong trinh:
0,012(0,012 + 2)x = 48,288 <> 0,024144.x = 48,288
< x = 2000 (nghin déng)
Vay s6 tién ba An gdi ldc dau 1a 2000 (nghin déng) tic 2.000.000 déng.

48. Nam ngoai, tdng s6 dan cla hai tinh A va B 1a 4 triéu. Nam nay, dan <6
ctia tinh A ting thém 1,1%, con dan sé cua tinh B tang thém 1,2%. Tuy
vay s& dan cua tinh A ndm nay van nhiéu hon tinh B 1a 807 200 ngudi.
Tinh s& dan ndm ngoai cia méi tinh.

Gidi
- Goi x (triéu) 1a d4n s8 ndm ngodi cda tinh A.
Diéu kién x nguyén duong va x < 4 (triéu).
Khi d6 d4n s6 tinh B nidm ngodi 1a 4000000 - x.

101,1

Nim nay din s cda tinh A la - x va dan sé tinh B la:

2012 (4000000 - x)
100

2 . " " 2
Theo dé bai ta c6 phuong trinh: 101,1 X - lf;

100 0 (4000000 - x) = 807200.
Gidi phuong trinh ta duge x = 2400000
Viy dan s6 nadm ngodi cia tinh A 1a 2400000 ngudi.

va cuaa tinh B la: 4000000 — 2400000 = 1600000 nguai

49. P6. Lan c6 mdét miéng bia hinh tam gidc ABC vudng tai A, canh
AB = 3cm. Lan tinh r8ng néu cat ti miéng bia d6 ra mot hinh chd nhét co
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chiéu dai 2cm nhu hinh dudi thi hinh chi nhat dy c6 dién tich bAng mét
nda dién tich cia miéng bia ban dau. Tinh d6 dai canh AC cla tam giac

ABC.
Gidi B
Goi ¥ cach lam:
- Go1 x (cm) la do dai canh AC. £
(&)
- Piéu kién x > 2. o
- Theo dé bai, lap dugc phuong trinh: 2cm
3x-2) 3 A C
X ;)
ON TAP CHUONG III

50. Gidi cac phuang trinh:

5 10 4
x+£“8x—1=4x+2~5; d) 3x+2*3x+1___

) 3 5 2 6

Gidi
a) 3 - 4x(25 - 2x) = 8x* + x — 300 < 3 - 100x + 8x* = 8x* +x - 300
¢ -100x + 8x° - 8x® - x = -300 - 3 & -101x = -303 < x = 3. Vay S = (3}.

b) gu(l’—_«{)_(‘)_q 2 +3x _7 3(2x +1) a
5 10 4

MTC: 20
Khid6 (1) <> 8(1 - 3x) - 2(2 + 3x) = 7.20 - 15(2x + 1)
<> 8 -24x -4 - 6x = 140 - 30x - 15
< -30x +30x =140-15-8 +4 < 0x = 121
Vay phuong trinh vé nghiém hay S = &.

&) §£L2_8x—1=4x+2_5(1)
6 3 5

a) 3 - 4x(25 - 2x) = 8x* + x — 300;  b) 2(1-3x) 2+3x ., 3(@x+1),

2x+~5—.
3

)
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Khi 46 (1) < 5(bx +2) - 10(8x - 1) = 6(4x + 2) - 5.30
<> 256x + 10 - 80x + 10 = 24x + 12 - 150
< 26x - 80x - 24x =12 - 150 - 20 & -79x = - 158
< x = 2. Vay x = (2}.

d) 3x+2_3x+1=2x+_§ (1)
2 6 3
MTC: 6

Khid6(l) ©3B8x+2)-3x+1)=62x+5.2
OIX+6-3x-1=12x+10o9x-3x-12x=10-6 +1

¢:>—6x=5¢:>x=~-5-.VéyS= 5 .
6 6

51. Giai cac phuang trinh sau bang cach dua vé phuong trinh tich:
a) (2x + 1)(3x - 2) = (5x - 8)(2x + 1); b) 4x% - 1 = (2x + 1)(3x - 5);
c) (x + 1)2 = 4(x? - 2x + 1); d)2x® +5x2-3x=0

Gidt
A=0

Huéng ddn: AB=0 <
B=0

a) (2x+1)38x-2)=bx-8)2x+1) = 2x+1)3x-2)-Bx-8)2x +1)=0
S2x+1)Bx-2)-x-8)]=02x+1)6-2%x)=0

1
= 2x+1_0_ o Xz-"fE.Vf;yS= —1;3 ]
6-2x=0 <=3 2

b) 4x> -1 =(2x + 1)(8x - 5) < (2x - 1)(2x + 1) - (2x + 1)(3x — 5)
S@2x+1)2x-1)-Bx-5)]=0=2x+1)(-x+4)=0

L |
= 2apl=0 o |*T 73 . vaySs= —«-1“-;4 :
-x+4=0 _— 2

c) (x+1)P=4x*-2x+1)ox+1) 2 -4x*-2x+1)=0
SE+1D-2x-1DP=0x+1+2x-Dlx+1-2x-1)1=0

1
&Bx-1)3-x=0o [3)(_1“0 e | X 3.Vay S = {£;3}-
3

]

3-x=0
X =
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d) 2x° +5x* - 3x=0ox(2x* +5x -3) =0

X2 -x+6x-3)=0ox(2x-1Dx+3)=0

Fx:O x=0
¢ ldp~l=0 & x:_;— : VéyS:{—B;O;l}
x+3=0 % o= B
52. Gidi cac phuong trinh:
a)“j_‘- 3 __§J )x+2 _3__ 2 )
2X ~ x(2x-3) x’ x-2 x x(x-2)
1 _ 2
c)3+ x-1  2(x +2X d) (2x + 3) 3x+8 1] = (x5) 3x+8 ’
X-2 X+2 X2 4 2-7x 2-7x
Gidi
1
D e e e = ()
2x -3 x(2x - 3) X
I)KX]):X(2X—3)¢O¢:>X¢OV&X¢g
MTC: x(2x - 3)
Khidé(l) ©x-3=52x-3)x-3=10x-15<x-10x=-15+ 3
4 A ) 4
c>—9x=—12®x=§(nhan). VayS:{g}.
X+2 1 2
b) — - — = 1)
) X-2 X xX(x - 2) (
PKXD: x(x-2)# 0o x#0vax=2
MTC: x(x - 2)
Khidé(l) @x(x+2)-xX-2)=2cx+2X-x+2-2=0%x+x=0
Sags D=0 270 o |F=0000) ooz b
x+1=0 X = -1 (nhéan)
9
& Eil x-1  2(x" +2) (1)

+ —
X-2 xX+2 x2 -4
MTC: x* - 4 = (x + 2)(x - 2)
DEKXD: x> -4 =(x+2)x-2)#0 < x # +2
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Khidé (1) o (x+ D(x+2)+ (x - D(x-2) =2(x*+2)
ox+3x+2+x*-3x+2=2x"+4
ox+xP+3x-3x+4-2x-4=0
Ox=0

Vay phuong trinh nghiém ding véi moi x € R thoa man x # +2

b ex+»ZF8 o x-n[E8 0 @
2 _7x 2 - 7x

DKXD:2—7X¢O<:>X¢§

Khids (D) o @x+3|E8 1 o538, 110
2-7x 2-T7x

e | DB 1 o 4 95 — i ~ 5] =
2-T7Tx
10 — 4x 10=2% ¢
= - x+8)=0¢< | 2-7x
=S x+8=0

5
-4x = = — 3
I:lO x=0 X 5 (nhan) .Vay S = {—8; 5 }

x+8=0 X = -8 (nhédn) 2
53. Giai phuadng trinh: ik + Al = S + Lok, (1).
9 8 7 6
gidi

Goi y: Ta c6 thé gidi bing cach théng thudng cing dugc, song Iy gidi dai
va kha phic tap. Cé mot cdch gidi sdng tao nhu sau:

Thém 2 vao mdi vé va bién ddi nhu sau:

u)c>(x+1+1)+(x*2+4}=(x+3+1J+(x+4+1)
9 8 7 6

x+10 x+10 x+10 x+10
+ = +

9 8 7 6
< (x +10) —1-+l—l—l =
9 8 7 6
¢::~x+10=0(vil+l—l—l #0) < x=-10. Vay S = {-10}
9 8 7 6
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54. Mot cand xubi dong tu bén A dén bén B mat 4 gid va ngugc dong ti bén B

55.

vé bén A mat 5 gid. Tinh khodng cach gitia hai bén A va B, biét rang van
toc clia dong nudc la 2km/h.

gidi
~ Goi x (km) 1a khodng céch giita 2 bén A va B. Dieu kién x > 0.

Khi d6 van tée cand lac xudi dong la 2 (km/h).

Vi van téc dong nudce la 2km/h nén van téc cia cand khi nuéc yén ling la

2 (km/h) va van toc candé khi di ngugc dong la (2 ~ 2}— = 2— 4(km/h).

Theo dé bai, cand di vé nguge dong hét 5 gid nén ta c6 phuong trinh:

5(3_4]=x

~ Giai phuong trinh ta duge x = 80 (nhin). Vay quang dudng AB dai 80km.

Biét rAng 200g mét dung dich chia 50g mudi. Hoéi phai pha thém bao nhiéu

gam nudc vao dung dich d6 dé dugc mét dung dich chda 20% mudi?
Gidi

— Goi x (gam) la lugng nuéc can thém. Diéu kién x > 0. Khi d6 trong

lugng dung dich la (200 + x) gam va nong dd muéi sau khi thém nuéc la

20

— (200 + x).
100

56.

Theo dé bai ta c6 phuong trinh: i?(%_ (200 + x) = 50

- Gidi phuong trinh ta duge x = 50 (nhén)

Vay lugng nudc can thém la 50 gam.

D& khuyén khich tiét kiém dién, gia dién sinh hoat dudc tinh theo kiéu Iay
tién, nghia la néu ngudi st dung cang dung nhiéu dién thi gia mbi s& dién
(1kWh) cang tang Ién theo cac muc sau:

Muc thd nhat: Tinh cho 100 sé dién dau tién;

Mdc thd hai: Tinh cho s6 dién thi 101 dén 150, mbi s6 dat hon 150 déng
SO v@i muc thu nhét;

Mdc thu ba: Tinh cho s6 dién thd 151 dén 200, mbi s6 dat han 200 déng
SO vdi muc thu hai; v.v..

Ngoai ra, ngudi st dung con phai trd thém 10% thué gia tri gia tang (thué
VAT).
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Thang via qua, nha Cudng dung hét 165 sé dién va phai trd 95700 dong.
Hi mbi s& dién muc thd nhat gia 1a bao nhiéu?

Gidi

- Goi x (déng) 1a gi4 tién mot s6 dién ¢ midc thit nhat. Piéu kién x > 0.

Vi nha Cudng dung hét 165 so dién nén phai tra tién theo ba muec:

e Gi4 tién 100 sé dién dau tién la: 100x (dong)

e Gi4 tién 50 sb dién tiép theo la: 50(x + 150) (dong)

e Gi4 tién 15 sd dién tiép theo la: 15(x + 150 + 200) = 15(x + 350) (déng)

K& ca thué VAT, sé tién dién nha Cudng phai tra 1a 95700 dong nén ta
¢6 phuong trinh:

[100x + 50(x + 150) + 15(x + 350)]. .i.cl—)g- _ 95700

— Gidi phuong trinh ta dugc x = 450 (nhén)
Vay gi4 tién mot sé dién & muc thi nhat 1a 450 dong.

CAU HOI TRAC NGHIEM ON TAP CHUGNG ITI

1. Chon cGu trd loi ding.
Phuong trinh cé vé s& nghiém c6 tdp nghiém la :

(A)S=0 B)S=0 (C) S = {0} (D)S =R.
2. Chon cdu trd loi ding. x = 1 la nghiém cda phuong trinh :

(A)2x +1=2 (B)3x +4 = 2(x + 2)

(C)2x + 10 =3(x + 3) (D) x(2x + 1) = 0.

3. Chon cdu trd loi ding. Cac cap phuong trinh sau diy, cdp nao tuong
duong vdéi nhau ?

A)x=0vaxx+1)=0 B)3x+4=5x-2va2x=2
C)2x-3=0vax(2x-3)=0 M2x+5=0va32x+ 5)=0.

4. Chon cdu trd loi ding. Trong cdc phuong trinh sau, phuong trinh nao
12 phuong trinh bac nhit ?

(A) 2x + 1 = 2008 (B) (x - 2008)* = 1
(©) |x - 2008] =1 (D) Vx-2008 = 1.

5. Chon céu trd loi ding. Phuong trinh 5x + 25 = 0 ¢6 nghiém la :
(A)x=5 B)x=-5 (C) x =-20 (D) x = -30.
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10.

11.

12.

13.

14.

15.

Chon cdu tra loi dung. Phuong trinh 5x — 3 = 3x — 7 ¢6 tap nghiém 1a :
(A)S=-2 (B) S = {-2} (C) S = {3} (D) S = -5.
Chon cdu trd loi dung. Phuong trinh -5(1,2 - 2x) = 6(1,5 + x) + x ¢6
tap nghiém la :

(A)S=-5 (B) S = {-5} (C)S=5 (D) S = {5}.

Chon cdu tra loi ding. Phuong trinh 5(x — 1) + 6(x - 4) = 11x + 4 ¢6
tap nghiém la :

(A) S = {5} B)S=90 (C) S = {0} (D) S = {6}.
2 % g g . 3 5) 5 ; _——

Chon cdu tra loi ding. Phuong trinh E(t - ZJ =re = t ¢c6 nghiém la :

(A)t=5 (B)t=3 C)t=4 (D) t = 6.

. 1- ;
Chon cdu trd lot dung. Phuong trinh _EE = X + 4 c6 nghiém la :

s 7 2 23
Ay x = —— B)x= — C)x=— D)x=-—.
(A) x 58 (B) x o5 ()x3 (D) 7
Chon cdu trd 15 ding. Phuong trinh 0% +§ _20+3% 5 tap
nghiém la :
(A) S = 20 (B) S = {20} (C)S = -10 (D) S = {-10}.
Chon céu trd i diing. Phuong trinh 2—29%X _005-5%%3 156
nghiém la : ‘
370 37 -370 3,7
= —— B)x= -——— C)x= —— D)x=-—-.
(A) x 22E (B) x 29% (C) x 22.5 (D) 995
Chon cdu trd loi ding. Phuong trinh x + 2008 = x — 2008 ¢6 :
(A) Mgt nghiém 1a x = 2008 (B) Mot nghiém la x = -2008
(C) Nghiém dung v6i moi x. (D) Vb nghiém.

Chon cdu trd loi diing. Phuong trinh (x - 1 + (x - 2)* - 2(x - 1)X(x - 2)= 0
c6 tap nghiém la :

(A) S = {0} B)S=0 . (©S={1} (D) S = {2}.

Chon cdu trd loi dung. Cho phuong trinh P(x).Q(x) = 0. TAp nghiém
cia phuong trinh la t4t cd cdc nghiém cda :

(A)Px)=0 B)Qx)=0
(C) P(x) = 0 hodic Qx) =0 (D) P(x) = 0 va Q(x) = 0.
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16.

17.

18.

19.

20.

21.

22.

Chon cdu tra loi dung. Phuong trinh (x + —;—J[% - 5) = 0 ¢6 nghiém la :

(A)x:é—hoacx=15 (B)x:%hoécx:—m

(C)x:——;— hodc x = 15 (D)x:——;— hodc x = -15.

Chon cdu tra loi dung. Phuong trinh 5x(x — 3) - 2(x — 3) = 0 ¢6 nghiém
la :

(A) x =3 hodc x =

oo

(B)x=—3hoacx=§

(C)x=—3hoacx=——52— (D)x=3hoécx=——§—.

Chon cdu tra loi dung. Phuong trinh 5x(x - 5) - 4x + 20 = 0 c6 tap
nghiém la :

4 4 4
A)S = B)S= <= S=1{5;— D =1{5;—:4}.
(A) {5} (B) {5} (C) { ,5} (D) S { = }

Chon c6u trd loi diing. Phuong trinh 5x - 5 — x* + x = 0 ¢6 tap nghiém
1a :
(A) S = {1} (B) S = {5} (C)S={1;5} (D)S=1{0;1;5}.
Chon céu tré loi diing. Phuong trinh x* + 2x* = 3x* + 6x c6 tap nghiém
la :

(A) S = {0; -2} (B)S = {0; 3}

(C)S={-2;0;3} (D)S ={-2;3}.

Chon céu tré loi diing. Phuong trinh 2x* - 9x + 7 = 0 ¢6 tap nghiém la :
71 - 9

A)S=1:1;— B)S=<1;—

we-pil  weefi
7 2

C)S=1{1;— D)S=41;—;.

os-pd) el

Chon céu tré loi diing. Phuong trinh (25x* - 9)(x - 2) = (x* - 4)(5x - 3)
c6 tap nghiém la :

3 3 3
(A) S {5,2, } (B) {5 5 }
3 1 3 1
=12.9._2 D)S={-2:2;=\,
(C)S {5,2, 4} (D) S {5 2}
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23.

24.

26.

217.

28.

29.

30.

Chon cdu tra loi diung. Phuong trinh x(x - 16) — 297 = 0 ¢6 nghiém la :
(A)x =27 vax=-11 B)x=27vax =11
C)x=-27vax=16 (D)x =27 vax = -16.

Chon cqu trd loi ding. Piéeu kién x4c dinh cda phuong trinh :
2x +3 2x  bx+3

la
X x2 -4 X+ 2
Ayx 20 ;x# 12 (B) x # £2
C)x#0;x#2 D)yx+0;x+ -2
2x2 — Pt
Chon cdu trd 16i ding. Phuong trinh -~ 0% 53" 15 _ 0 ¢6 tap
X +
aghiém :
3 3
A)S = {-5} (B) S = P (C)S = -—5;5 (D)S =0.
Y A > [ , \- 2 1 1 - A - a &
Chon cdu tra loi dung. Phuong trinh x° + — =X+ — cotap nghiém la :
X X
A)S=1{0;1} (B)Sz{l;—é—} (C)S = {1} (D)S =@.
4 -1 .
Chon cdu tra loi ding. Phuong trinh OX + + 2xx++2 = T c6 tadp nghiém
X
a:
4
A) S = {-——5—} (B) S = {-8}
4 1 1 7
C = —-—’—8,—- DS"—'-‘ —8, -y
5= {-4i-si- ®s={si-1:7]
x?-3x+1 , . N
Chon cdu trd loi dung. Phuong trinh —~—2--—1—— = 1 ¢6 nghiém la :
x —
1 3 - 2
= = B =3 C = — D = —,
A)x3 (B) x ()x2 ()x3
. . x+1 x-3 i )
Chon cdu trd loi dung. Phuong trinh — + = 2 ¢6 nghiém 1a :
A)x=3 (B) x = -1 (C) Vo nghiém (D) V6 sd nghiém.

2a+1+a—3
a+1 a+3

Chon céu trd loi ding. Cho biéu thdc P = . D& P = 3 thi

7id tri cda a la :
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31.

32.

33.

34.

35.

36.

1 9
Ala=-— B -
(A) 2 (B) a Z
(C)a=3 (D) Khong ¢6 gia tri nao cia a.

- - 2 )
Chon céu tré loi ding. Cho phuong trinh —x—imT1+ — = 5 B
X+ X

phuong trinh ¢6 nghiém x = 2 thi gid tri cia m 14 :
(AAm=1 Bym =2 (C)m=4 (D) m = 5.

Chon cdu trd lot dung. Cho phuong trinh m(mx + 4) = 4(x + m). V§i
gi4 tri nao cia m dé phuong trinh ¢6 vdé s6 nghiém ?
(A)m = 2 (B)m=-2 (C)m = 2 (D) m = 4.
Chon cGu trd lot ding. Phuong trinh :
: 1 1 1
, + + +
x(x+1) (x+1)(x+2) (x+2)(x+38) (x+3)(x+4)

=-1

c6 tap nghiém la :

(A) S = {-2} (B)S={-2;2; 3}

(C)S ={-2; 3} (D)S = @.

Chon cdu trd loi ding. Nam nay, tudi me gap 3 l1an tudi Lan. Lan tinh

ring sau 15 nidm nia thi tudi me chi con gap 2 1an tudi Lan. Héi dam
nay Lan bao nhiéu tudi ?

(A) 13 tudi (B) 17 tuéi (C) 15 tudi (D) 19 tudi.

Chon cdu trd loi dung. Hai ngudi quét san. C4a hai cung quét sdn hét 1
gig 20 phit. Trong khi chi quét mdt minh thi ngudi thd nhit xong sém
hon ngudi thi hai 2 giv. Héi mdi ngudi quét san mot minh hét may gio?
(A) Nguoi 1 : 3 gid ; nguoi 2 : 5 gio

(B) Nguoi 1: 2 gid ; nguoi 2 : 4 gio

(C) Ngudi 1 : 2 gio 30 phut ; ngudi 2 : 4 gid 30 phiit

(D) Nguwi 1 : 3 givr 15 phuit ; ngudi 2 : 4 giy 15 phat.

Chon cdu trd loi dung. Mot phong hoc c6 84 ghé& ngdi duoc xép thanh
ting hang va méi hang déu c6 s6 gh& bing nhau. Néu s hang ting
thém 1 va sé gh& & mdi hang ciing ting thém 1 thi trong phong sé c6
105 ghé. Héi c6 bao nhiéu hang ghé trong phong hoc d6?

(A) 6 hang hodc 14 hang | (B) 8 hang hoac 12 hang
(C), 12 hang hoac 8 hang (D) 9 hang hoac 11 hang.
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HUONG DAN VA PAP AN CAU HOI ON TAP CHUONG IlI

P Chon cdu D.

2. Chon cau C.

"9 .1 S1, S, 1an lugt 1a tap nghiém cla phuadng trinh thu nhat va hai.
\f~\)S|:§O}VaSQ'—‘{O;—1} (B)S1={3}V382={1}

3 3 5 <]
C)Sy=<{—rvasS,=1{0;— D)Sy=<{(-——} vasS,=<{-—¢.
()1{2} 2{2} ()1{2} 2{2}
Chon céu D.

4. Phuong trinh 2x + 1 = 2008 < 2x + 1 - 2008 = 0 <> 2x - 2007 =0
la phuong trinh bac nhatvicé dangax + b=0vdia=2 ;b =-2007.
Céc phuong trinh con lai khédng phai la phuong trinh bac nhat.
Chon céu A.
5x +25=05x=-25<x=-25:5=-5. Chon cdu B.
EX -3=3X-75x-3x=-7+3o2x=-4 o x=-2 =8 ={-2}.

Chon céu B.
7. H5(12-2xX)=6(15+x)+x < -6+ 10x=9 +6x + X
10X ~-6x-x=9+63x=15=x=5. Chon cdu D.
8. 5(x-1)+6(x-4)=11x+45x-5+6x-24=11x+ 4
< 11x - 11x = 4 + 29 < O0x = 33, phuong trinh vé nghiém. Chon c4u B.

< 12t -8t=20 <t =5. Chon cau A.
1-x
10. —— =x+4
6

3 . 1-x 6(x+4)
Quy déng mau ta dugc : i

Kh mau phuadng trinh ta dugc :
1-x=6(x+4) ©1-x=6x+24

<:>—x—6x=24—1<:;>--7x=23c:>x=——2_;?.
Chon cdu D.
10-x x 20+3x 10-x x5 3(20+3x)
11. ——+— = e + =
15 3 5 15 15 15
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S10-x+5x=60+9x =2 4x-9x =60 - 10 © -5x =50 = x = -1).

Chon c4du D.
12, 205K hop. 5X¥3 4
4
o 5(2-05x) 0,25.20 4(5><+3)+2o.1,5
20 20 20 20
<=>10-25x-5=20x+12+30 < -2,5x-20x =42 -5
o -225x=37 > x=- 37 = —370 . Chon c4au A.
225 225
13. x + 2008 = x - 2008 <> Ox = -4016 = Phuong trinh vé nghiém.
Chon cdu D.
14. x-1)2+(x-2%-2(x-1)(x-2)=0

SX-2x+1+x° -4x+4-2x2 +4x +2x -4 =0
< 0x + 1 =0 < 0x = -1 = Phuong trinh vé6 nghiém. Chon c4u B.
15. Chon cau C.

16, |x+- i—5\=o@x+1=0hoaci—5=o
2)\3 7) 2 3

° x+~=0<:>x=—ﬂ1~~

2 2
. 5—-5:0@ x-5.3
3

17. 5x(x-3)-2(x-3) =0 (x-3)(5x-2)=0«<>x-3=0hodc5x-2 =0
ex-3=0=x=3

=0 x-15=0< x=15. Chon cadu C.

e5x-2=0x= -S%.ChoncéuA.

18. 5x(x-5)-4x+20=05x(x-5)-4(x-5)=0
S (x-5)5x-4)=0=x-5=0hodac5x-4=0
e x-5=0ox=5

e 5x-4=0ox= %.Choncéuc.

19. 5x-5-x*+x=05(x-1)-x(x-1)=0(x-1)(5-x)=0
<> X-1=0ho8c5-x=0x=1hodcx=5. Chon cau C.
20, X*+2x% =32 +6xox3+2x2-3x°-6x=0
& x(x? +2x - 3x - 6) =0 o X[(x* - 3x) + (2x - 6)] = 0
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21.

22.

23.

24,

25.

26.

& X[X(X-3)+2(x-3)]=0=x(x-3)(x+2)=0

e X=0hodcx-3=0hoacx+2=0¢«x=0hoac x =3 hoac x = -2.
Chon céu C.

2% -9x+7=02x° - 7x-2x+7=0x(2x - 7) - (2x - 7) =0

& 2x-7)(x-1)=0=2x-7=0hoacx -1=0. Chon cau A.

(25%% - 9)(x - 2) = (x* - 4)(5x - 3)

e (25%% - 9)(x - 2) - (x? - 4)(5x-3) =0

< (5x -3)(Bx+3)(x-2) - (x -2)(x +2)(5x -3) =0

e (5x - 3)(x —2)[(5BXx +3) - (x +2)] =0 < (5x - 3)(x - 2)(4x + 1) = 0
< 5x-3=0hodcx-2=0hoac4x+1=0

& X= g hoacx=2hoacx=—%.ChoncéuC,

X(X -16)-297 =0 <> x? - 16x -297 =0
X2 -27x+11x-297 =0 x(x -27) + 11(x - 27) =0
S x-27)(x+11)=0=x-27=0hoacx+11 =0

<> x =27 hodc x = -11. Chon cdu A.
2x+3 2X =5>(+3

xac dinh khix #0vax?-4 =0
X x2-4 X+

o xz#0,x22vax#-2. Chon cdu A.
gﬁ+10x—3x—15
X+5

PKXPD:x+5#0 < x#-5
(1)<=>2X(x+5)-3(x+5)=0=>(x+5)(2x-3)=0

x=-5 (khong thoa DK)

SXx+5=0hodc2x-3=0o 3 .Chon cdu B.
: x=§(thoé BK)

=0 (1)

1
X+ — =X+

2 1 PDKXD :x#0
X X
4 3
<:>3(—t-1-=x X Xt -+ 1-x=0ox3(x-1)=(x-1)=0
x? x?

ox-NC-N=0x-NX-1DX+x+1)=0
ox-120¢ +x+1)=0(x-1)?*=0hodc(xX* +x+1)=0x=1.
Chon cdu C.
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27.

28.

29,

30.

31.

32.

SX+4  2XHT 7 DKXD:x#0vax#-2.

X X+2
o (5x+4)(x+2)+ x(2x+1) _ 7x(x+2)
x(x+2) x(x+2)

S5+ 10X +4X + 8 +2x% + x = 7x% + 14x
S7x®+15x+8-7x*-14x=0 o x +8 = 0 © x = -8 (thod DKXD)
Chon c4au B.

2—-
x_—2£—1=1. DKXD : x> 120 e x % +1,
x -1

oxX-3x+1=1x*-1) o -3x=-2ox= -:23_ (thod BPKXD). Chon cau D.

x+1 x-3

x-2 X

ox(x+1)+ (x-2)(x-3) =2x(x - 2)

X2+ x+x2-3x - 2x + 6 = 2x% - 4x

< 2x2 - 4x +6 - 2x*> + 4x = 0 < 0x + 6 = 0 = Phuadng trinh v6 nghiém.
Chon cdu C.

Bai toan tuong duong tim céc gid triclaasaochoa+1#20;a+3 20 va
2a+1+a—3
a+1 a+3

=2. PKXD : x-220&xz22vax=0

=3 (1)

Diéu nay ¢6 nghia la gidi phuang trinh (1) &n s6 a.

PDKXD:a#-1;a=#-3.

(1) (a+1)(a+3)+(a-3)(a+1)=3(a+1)(a+3)
o2a’+6a+a+3+a’+a-3a-3=3a’+9a+3a+9

<:>3a2+5a—3a2—123—9=0¢:>—73—9=0¢:.>a=—-§-.

Chen c4u B.
x+m1—1+ X% =2 ¢c6 nghiém x = 2. Thay x = 2 vao phudng trinh ta
X+ X
dugc : 2+m-1+2-2 =2 il =2om+i1i=6eom=5
2+1 2
Chon cédu D.

m(mx + 4) = 4(x + m) © m?x + 4m = 4x + 4m
o m?x +4m -4x —4m = 0 & (m? - 4)x = 0.
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33.

34.

35.

36.

Ppé phuong trinh cé vo s6 nghiém vdi Vx thi :
m?-4=0om?=4om=+2. Chon céu C.
1 1 1 1

;(;:15+(x+1)(x+2)+(x+2)(x+3)+(x+3)(x+4) =

PDKXD :x#20 ;x#2-1;x#2-2:x#-3;X#-4.

Pthdngtr‘|nhc:>l-n1+1—1+1—1+1—1
X x+1 x+1 x+2 x+2 x+3 x+3 x+4
1 1
X x+4
SX +4x+4=0 (x+2)2=0 < x = -2 (khdng thod DKXD).

= -1

o = 1ox+4-x=-x(x+4)4=-x%-4x

Chon cau D.
Goi x 1a tudi chia Lan hién nay (x nguyén dudng)
Tubi cia me hién nay la 3x.
Theo dé ta c6 phuang trinh : 3x + 15 = 2(x + 15) & x = 15.
VAay nam nay Lan 15 tudi. Chon cédu C.
Goi x 1 thdi gian dé ngudi thu nhat quét xong cai san (x > 1 gid 20 phut)
thi thai gian ngudi thd hai quét xong cai san : x + 2
1 gid 20 phut = % gid

Theo dé bai, ta c6 phuong trinh : —1—+ LI

X x+2—z

S 4x+2)+4x=3x(x+2) = 3x*-2x-8=0

& 3(x—-2)(x+%) =0ox=2 hoacxzw% (loai).

Vay ngudi thu nhat quét hét 2 gid, ngudi thu hai quét hét 4 gid.
Chon c4u B.

Goi x 14 s6 hang ghé trong phong hoc (x € N*) thl s6 ghé méi hang 1a

84 .
— (ghé).
— (ghe)

Néu ké théem mdi hang 1 ghé& thi v6i 105 ghé thi m&i hang c6 l—?} (gh&)

Ta c6 phuong trinh 8T4+1=%%§1 o x?P-20x+84=0

& (x-14)(x-6) =0 < x =14 hodc x = 6. Chon ciu A.
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Chuong IV.
BAT PHUONG TRINH BAC NHAT MOT AN

§1. LIEN HE GIUA THU TU VA PHEP CONG

1. KIEN THUC CO BAN

1. B4t ding thuc: Ta goi hé thic dang a < b (hay a > b; a < b, a > b) |a b4t
déng thuc va goi a |a vé trai, b 1a v& phai clia bat dang thuic.
2. Lién hé gida thu ty va phép cong:
a) Tinh chat: Khi cong cling mét sé vao hai vé cliia mét bat ddng thuc ta
dugc mét bat ddng thic mdi cung chiéu vdi bat ddng thuc da cho.
- Néua<bthla+c<b+c,
Néua<bthia+c<b+c.
- Néua>bthia+c>b+c,
Néua>bthla+c=>b+c.
b) Chu y: Tinh ch&t cta thu ty ciing chinh 14 tinh chat clia bat ding thuc.

Il. BAl TAP SACH GIAO KHOA
1. M&i khdng dinh sau dung hay sai? Vi sao?
a)(-2) +322; b)-6<2.(-3); ¢c)4+(-8)<15+(-8); d)x’+121,
Gidi
a) (-2)+322:8ai,vi(-2)+3=1mal<?2
b) -6 < 2(-3) : Ping, vi 2(-3) = -6 ma -6 < -6
c) 4 +(-8) <15 + (-8) : Ding, vi & l=a- b4} ma -4 <7 hodac vi4 <15
15+(-8)=17
= 4 + (-8) < 15 + (-8) (tinh ch4t BDT)
d) x*+121:Ping, vix*20=>x*+12>1.

2. Choa<b,hdysosadnh: a)a+1vab+1; b)a-2vab -2

Gidi

a) Ta c6 a < b (gid thiét) = a + 1 < b + 1 (tinh chat BDT)
b) Ta cé a <b (gt) = a - 2 < b - 2 (tinh chat BDT)
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3. Sosanhavabnéu: a)a-52b-5; b)15+a<15+b

Gidi

a)lacoa-52b-5(gt) =a-5+52b-5+5=>az2b

b)yTac615+a<15+b(gt) >-156+15+a<-15+15+b=a<b
4. Bs. Mot bién bao giao théng véi nén trdng, sé 20

mau den, vién dé (hinh bén) cho biét van téc t6i da

ma cac phuong tién giao théng dugce di trén quang

dudng c6 bién quy dinh 1a 20km/h. Néu mot 6td di

trén dudgng do cé van téc 1a a (km/h) thi a phai théa

man diéu kién nao trong cac diéu kién sau? Tdc do t6i da cho phép
a> 20; a<20; a < 20; a220.
Gjiai

Chon a < 20. Bién b4o nay luu y ring khi xe 6td chay trén quing dudng dé
thi xe chay véi toc do tdi da cho phép 1a 20km/h thi méi dam bdo an toan
giao thong.

§2. LIEN HE GIUA THU TU VA PHEP NHAN

1. KIEN THUC €O BAN

1. Lién hé gida thu ty va phép nhan véi s6 dudng:
a) Tinh chat: Khi nhan ca hai v& clia b4t ddng thuc véi cung mét sé
duong ta dugc bat ding thiic méi cuing chiéu vdi bat ding thic da cho.
b) Téng quat: Véibasé a, b, cvac > 0, ta co:
- Néua<bthiac<b.c; Néua<bthia.c<b.c
- Néua>bthiac>b.c; Néuaxbthiac=2b.c
2. Lién hé gida thu ty va phép nhan véi s6 am:

a) Tinh chat: Khi nhan ca hai vé clia mét bat dang thic véi cung mét s
am ta dugc bat dang thuc mdéi nguge chiéu véi bat d&ng thic da cho.

b) Téng quat: véi ba sé a, b, ¢ vdic < 0, ta co:
- Néua<bthia.c>b.c; Néua<bthia.c2>b.c
- Néua>bthia.c<b.c; Néua>bthia.c<b.c
3. Tinh chat bic cdu cua thu ty:
- Chobasbéa,b,c.NEua<bvab<cthia<c
- Tuodng tuy, cac thud ty >; 2; < cling ¢6 tinh chat bic c4u.
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Il. BAI TAP SACH GIAO KHOA
5. M&i khang dinh sau dung hay sai? Vi sao?
a) (-6).5 < (-5).5; b) (-6).(-3) < (-5).(-3);
c) (-2003).(-2005) < (-2005).2004; d) -3x%<0.
gjidi

(-6).5=-30

a) (;~6).5 < (-5).5: Ping, vi:
va(-5).56=-25

} ma -30 < -25 = (-6).5 < (-5).5

-6).(-3) =
, (0.3 18} ma 15 < 18 = (-5).(-3) < (-6).(-3)

b) (-6).(-3) < (-5).(-3): Sai, vi:
(-B(3)=15

c) (-2003).(-2005) < (—2005).2064 : Sai, vi: (-2ola)=20dn) s O}

" (-2003).2004 < 0
= (-2003).(-2005) > (-2005).2004

d) -3x* <0 : Pung vi: x* >0 = -3x* < 0.

6. Cho a < b, hdy so sanh: 2ava 2b; 2ava a + b; -ava -b.
Gjidi

Véi a < b:

a) So sanh 2a va 2b: Vi a < b = 2a < 2b (nhan hai v& bit ddng thic a < b vgi +2)

b)SosanhZavaa+b:V1a<b:>a+aéa+bhay2a<a+ b.-

¢) So sanh -a va -b: Via <b => (-1).a > (-1).b (nhéan hai vé véi -1) hay -a > b
7. S6 ala sé am hay sé duong néu: 12a < 15a; 4a < 3a; -3a > -5a?

Gjdi
Mot s6 a € R c6 thé x3y ra ba khd ning: a > 0; a=0;a <0.
a) Tac6 12 < 15 = 12a < 15a (BDT khéng ddi chiéu)
Diéu nay ching t6 ring a > 0.
b) Ta c6 4 > 3 = 4a < 3a (BDT ddi chiéu)
Diéu nay ching t6 rdng a < 0.
c) Ta c6 -3 > -5 = -3a > -5a (BDT khéng ddi chiéu)
Diéu nay ching t6 ring a > 0.
8. Cho a < b, chung to:
a)2a-3<2b-3; b)2a-3<2b+ 5.

Gidi
a) Ta c6é a<b (gt) = 2a < 2b (nhéan hai vé BDT véi +2)
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= 2a - 3 < 2b - 3 (cong vao 2 vé BDPT -3) (dpcm)
b) Tacd -3 <5 = -3+ 2b <5 + 2b (cong vao hai vé& BDT vdi 2b)
vi a<b=2a-3<2b - 3(caua)

Ta suy ra 2a - 3 < 2b + 5 (dpem).

Luyén tap
9. Cho tam giac ABC. Céc khang dinh sau dung hay sai?
a) A+ B+C > 1807 b) A+ B< 180°%
c) B+C < 180% d) A+ B> 180",
Gidi
a) FA+ B + C > 180° 1a sai vi trong AABC téng A+B + C =180°
b) A + B< 180° la ding vi trong AABC c6 A+ B + C = 180°
nén A+ B< 180°

¢) B + C < 180°1a ding.

y T

-~

d) A+ B> 180°la sai vi trong AABC c6 A+B + C =180°
do d6 A+ B< 180"
10. a) Sosanh (-2).3va -4,5
b) Tu két qua cau a) hay suy ra cac bat dang thic sau:
(-2).30 < —45; (~2).3 + 4,5 < 0

Gldi
a) Ta c6 (-2).3 = -6 ma —6 < -4,5. Vay (-2).3 < -4,5
b) Vi (-2).3 < -4,5 = (-2).3.10 < -4,5.10 (nhan hai v& véi +10)
hay (-2).30 < —45 (dpcm)
Vi (-2).3 < -4,5 =(-2).3 + 4,56 < -4,5 + 4,5 (cOng hai vé& véi 4,5)
hay (-2).3 + 4,5 < 0 (dpcm)
11. Cho a < b, chung minh:
a)3a+1<3b+1; b)-2a-5>-2b-5
Gldi
a) Via <b (gt) = 3a < 3b (nhan 2 v& véi +3)
= 3a + 1 < 3b + 1 (cong hai vé& véi +1) (dpcm)

b) Via <b (gt) = -2a > -2b (nhén 2 vé& véi -2)
= —2a - 5> -2b - 5 (cong vao 2 v& v6i -5) (dpcm)
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12. Chung minh: a) 4.(-2) + 14 < 4.(-1) + 14;
b) (~3).2 + 5 < (-3).(-5) + 5
Hudng ddn
C6 thé gidi nhu bai 11 hoic gidi bing cach khac 14 so s4nh gia tri cua 2 vé.
a) Taco64.(-2)+14=-8+14=6vad(-1)+14=-4+ 14 = 10
Ma 6 < 10 nén 4(-2) + 14 < 4(-1) + 14 (dpcm)
b) Tac6(-3)2+5=-6+5=-1va(-3).(-5)+5=15+5=20
Ma -1 < 20 nén (-3).2 + 5 < (-3)(-5) + 5 (dpem)

13. Sosanhavabnéu: a)a+5<b+5; b) -3a > -3b;
c)5a-625b-6; d) -2a + 3 <-2b + 3.
Gidi

a) Tacoa+5<b+5=>a+5-5<b +5- 5 (cong vao hai vé cho -5)

= a<b
1 1 . RPN |
b) Ta ¢c6 -3a > -3b = =3 (-3a) < =3 .(=3b) (nhan hai vé vai - g)

=a<b
L ]
c) Tacob5a-6>5b-6 = 5a-6+625b-6+6 =5a=>5b

= %.Saz -15—.5b(nhﬁn2vé'vé‘i+—;—):>32b
d) Tac6-2a+3<-2b+3 =>-2a+3-3<-2b+3-3=>-2a<-2b
= —l.(—Za)z- ul—.(—2b) =>az=xb.
2 2
14. Cho a < b, hay so sanh:

a)2a+ 1vé6i2b+1; b) 2a + 2 vGi 2b + 3.

Gt
a) Via<b=>2a<2b=>2a+1<2b+ 1 (dpcm)
b) Vil<3 =2b+1<2b+ 3 (ci)ng hai vé véi 2b)
Via<b=2a<2b=>2a+1<2b+1(2)
Tu (1) va (2), do tinh chat bdc cau ta cé:
2a + 1 < 2b + 3 (dpcm)
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§3. BAT PHUONG TRINH MOT AN

1. KIEN THUC CO BAN

1.

- Bi&n x goi la &n clia b4t phuadng trinh
~ Viéc tim nghiém goi la giai bat phuong trinh
- M&i bi€u thuc goi la mét vé cla bat phuong trinh.

. Bat phuang trinh tuong duong:

Khai niém: Gia st A(x) va B(x) la hai biéu thic chia bién x. Khi noi
A(x) > B(x) (hoac A(x) < B(x) la mét bat phuong trinh, ta hi€u rang phai
tim cac gia tri cha bi€n x dé€ gia tri cia A(x) I6n hon (hoac bé hon) gia tri
cua B(x).

Tap hgp nghiém cla bat phuong trinh: Tap hgp tat ca cac nghiém cla
mot bat phuong trinh dugc goi la tdp nghiém cua bat phuong trinh. Giai
bat phudng trinh 1a tim tadp hgp nghiém cla bat phuong trinh do.

Hai bat phuong trinh ¢é cung tap hgp nghiém dugc goi la hai bat phuong
trinh tuong duong, ki hiéu: < .

1. BAI TAP SACH GIAO KHOA
15. Kiém tra xem gi4 tri x = 3 la nghiém cla bat phuong trinh ndo trong céc

bat phuang trinh sau:
a)2x+3<09; b) -4x > 2x + 5; c)5-x>3x-12

Gjidi

Véi x = 3
a)VT=2x+3=2(3)+3=9=VP

Vay x = 3 khong phdi la nghiém cda b4t phuong trinh.

b) VI' = -4x = -4.3 = -12

VP=2x+5=23+5=11
Vi-12 <11 = -4x > 2x + 5 (sai)
Vay x = 3 khéng 12 nghiém cda bat phuong trinh.

¢e) VI=56-x=5-3=2

VP=3x-12=33-12=-3
Vi-3<2=3x-12 <5 - x (ding)
Vay x = 3 12 myt nghiém cia bat phuong trinh.
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16. Viétva biéu dién tap nghiém trén trug s6 cha mai bat phuang trinh sau:

a) x < 4; b)yx < ? c) x> -3; dyx=1.
Clias

a) S={x/x<4) e e b
......... -1 01 2 3 4.....%
b) S={x/x<-2} AR A
2 -10 X
¢) S=1{x/x>-3} D R
-3-2-1 0 X
d) S={x/x2>1} A NP
0 1 X

17. Hinh vé sau day biéu dién tap nghiém cla bat phudng trinh nao? (Chi tiéu
mot bat phuaong trinh).

B Yttt D) rrrrrrtrtsststtprrtttrppttt s fo———— o
0 6 X 0 2 X
) At ARAA AR e Q) et bttt srsr bt o
0 5 X -1 0 X
Gjidi
A) Y BPT :x<6
0 6 X
D) srpttttttttttttttt AR BPT :x> 2
0 2 X
) Frrirb Ao BPT :x>5
0 5 X
Q) IR BPT : x < -1
4 0 X

18. Hay lap bat phuong trinh cho bai todan sau: Quang dudng ti A dén B dai
50km. Mot 6 t6 di ti A dén B, khdi hanh luc 7 gid. Hbi 6t phai di véi van
t6c 1a bao nhiéu km/h dé dén B trudc 9 gid cung ngay?

Gidi
Goi x (km/h) 1a van tdc 6td phdi di, didu kién x > 0. Khi d6 thyi gian 6to
di tir A dén B 1a 50 : x (gio)
Theo dé bai ta c6 bat phuong trinh: 7 + (50 : x) <9 (1)

7+§9 <9 Tx+50<9x(vix>0)

X
| &S 9x -T7x>50 < 2x>50 x> 25.
Viy dé dén B trudc 9 gid thi 6t6 phai chay vdi van tdc 16n hon 25km/h.
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$4. BAT PHUONG TRINH BAC NHAT MOT AN

1. KIEN THUC CO BAN

1. Dinh nghia: B4t phuong trinh dang ax + b < 0 (hoAc ax + b > 0; ax + b < 0;
ax + b > 0) trong do a va b la hai s6 da cho, a # 0, dugc goi la bat phuong
trinh bac nhat mét an.

2. Hai quy tac bién d&i bat phuong trinh:
a) Quy tac chuyén v&: Khi chuyén mét hang ti clla bat phuong trinh tu
v& nay sang vé kia ta phai ddi ddu hang td dé.
b) Quy tadc nhan vdéi mot s6: Khi nhan hai vé€ cia bat phudng trinh vdi
cung mot s6 khac 0, ta phai:
- Gi{ nguyén chiéu bat phudng trinh néu sé dé duong;
- DG&i chiéu bat phuong trinh néu s6 dé am.

—

II. BAI TAP SACH GIAO KHOA

19. Giai cac bat phudng trinh (theo qui tAc chuyén vé):
a)x -5>3; b) x - 2x < -2x + 4;
c) -3x > -4x + 2; d)8x+2<7x -1

- Gdi
a)x-5>3x>3+5x>8 VayS=(x/x>8).
b) x-2x<-2x+4 o x-2Xx+2x<4 o> x<4. Vay S = {x/ x < 4}
) -3Xx>-4x+2 0 -3x+4x>2=x>2. Vay S = {x/ x > 2}
d) 8x+2<Tx-18x-Tx<-1-2ox<-3.VayS={x/x< -3
20. Giai cac bat phuong trinh (theo qui tc nhan):
a) 0,3x > 0,6; b) -4x < 12; c) -x > 4, d) 1,5x > -9.

Gjidi
a) 03x>06=x>06:03 ©x>2. ViyS={x/x>2)
b) -4x <12 ©x>12:(-4) ©x>-3.VayS=[x/x > -3]
c) ~x>4 ox<4:(-1) ©x<-4.Vay S =({x/x <-4}
d 15x>-9 ©x>-9:156 ©x>-6.VayS=({x/x> -6}
21. Gidi thich sy tudng ducng sau:
a)x-3>1ox+3>7;
b) -x < 2 & 3x > -6.
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qidi
a) x-3>1x-3+6>1+6ox+3>7
Do cdng hai vé&€ ctia BPT thif nhit véi 6 ta dugc BPT thi hai.
b) x <2< -x.(-3)> 2.(-3) @ 3x > -6
Do nhan hai v& cia BPT thda nhat véi -3 va dé6i chiéu sé duge BPT

thy hai.
22. Giai cac bat phuong trinh va bi€u dién tap nghiém trén truc sé:
a)1,2x < -6; b)3x +4 > 2x + 3.

) Gidi
a) 12x< 6o x<-6:12 ¢ x<-5.
Vay tap hop nghiém la: S = {x / x < -5}

B T T
-5 0

b)3x+4>2x+3©3x-2x>3 -4 x> -1

Vay tap hop nghiém la: S = {x / x > -1}

1 0
23. Giai cac bat phuong trinh va biéu dién tap nghiém trén truc sé:
a) 2x - 3 > 0; b) 3x + 4 < 0; c)4-3x<0; d)5-2x>0.

didi
-, S - 3
a)2x-3>02x>3 x> E.VaytéphqpnghwmléS:Ix/X> E}

b At e g

0 3
2

b) 3x+4<0<:>3x<~4<:>x<—%.Vaytéph(_)’pnghiémla:S={x/x<— %l

e e oA o P AR
0

o —

3
c) 4-3x<0=4<3xex2 i.Véwt@phgpnghiémlé:S:lx/xa %l

0 4

a—

3
Y
d)5-2x>2052>22x @ x< —. Viy tdp hop nghiém la: S={x/x < E}
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24. Giai cac bat phuong trinh:

25.

26.

a)2x - 1> 5; b) 3x - 2 < 4; c)2-5x<17; d) 3-4x>19.

Gidi
a) 2x-1>5=2x>5+1 = 2x>6<x>3.ViyS=(x/x> 3}

b) 3x -2<4©3x<4+2o3x<6x<2.VayS=1(x/x<2}

c) 2—5x517©—5x<17—2@—5x£15<:>x2% & X > -3

VéyS:{X/XZ—:’”

d)3—4x219<::>—4x219—3<:>—4x216¢:>x$lg<:>xs-4

VﬁySZ{X/XS—‘i}
Giai cac bat phuong trinh:

2 5
a) —x > —6; b) - —x < 20; C)3- —x>2; d)5- —x>2.
3 6 4 3

Gjidi

a) ?_x>—6<:>x>—6:§<:>X>*9.Vays={x/x>—9}.

L

b) —%x<20¢:>x>20:(-—2—}<:>x>—24.VayS={x/x>—24l

c) 3—1x>2<:>——1~x>2~3<:>—lx>—1<:>k<(—1): -l oS x<4
4 4 4 4

Vay S = {x / x < 4}

d)5—lx>2<:>—lx>2-5<:>~lx>~3¢:>x<(—3): —l S x<9
3 3 3 3

Vay S={x/x <9}
Hinh vé sau bi€u dién tap nghiém cla b4t phucng trinh nao? (K& ba bat
phuong trinh c6 cuang tap nghiém).

I
?) 0 12

D) #rrttttttt >

0 8
Gidi

a) Trugc hét hinh vé biéu dién nghiém cda bat phuong trinh x < 12. Hai
bat phuong trinh khédc c6 cung tdp hgp nghiém cé thé 1a (cdc bat
phuong trinh tuong duong): 2x < 24; x-3<9
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27.

28.

29.

b) Tuong tu: x > 8 _
~-2x < -16; X + 5 >13.

D6. Ki€m tra xem gid tri x = -2 c6 1a nghiém cla bat phudng trinh sau
khong:
a)x +2x2 - 3x® +4x* -5 < 2x? - 3x® + 4x* - 6; b) (-0,001)x > 0,003.

4idl

a) HD: Ta bié€n déi BPT trén vé BPT tuong duong don giidn hon rdi thé
vao dé khd thi hay hon va don gidn hon, it sai sét.

Tacé: x+2x°-3x° +4x* -5 <2x? - 3x> + 4x" - 6
o x-2x"-2x* -3 43 +4x' - 4x* < 6+5 o x< -1
Véi BPT x < -1 thi x = -2 12 mot nghiém cta BPT.
b) Ta c¢6: (-0,001)x > 0,003 < x < 0,003 : (-0,001) & x < -3
Véi BPT x < -3 thi x = -2 khong 14 mdt nghiém cta BPT.

Luyén tap
Cho bat phuang trinh x* > 0.
a) Chung té x = 2, x = -3 1a nghiém cula bat phudng trinh da cho.

b) C6 phai moi gia tri ca &n x déu 14 nghiém cua bat phuong trinh da cho
hay khéng?

Gidi

a) -Veix=2thix*=22=4>0
-V6éix=-3thix*=(-3%2=9>0
déu théa man.

Vay x = 2; x = -3 1a nghiém cia BPT x* > 0.

b) Vi x* > 0 v6i moi x € R trir di gid tri x = 0 (vi khi d6 x* = 02 = 0).
Vay tap nghiém cia BPT la {x / x # 0} hay néi khdc hon khong phai
moi gi4 tri cia 4n déu 1a nghiém cta BPT x* > 0.

Tim x sao cho:

a) Gia tri cla biéu thic 2x — 5 khéng am;

b) Gid tri cia biéu thiic -3x khdng I6n hon gia tri ctia biéu thuc: -7x + 5.

Gidi
a) Huéng dan cach gidi:

— Véi cau héi nhu trén tuong duong véi viéc dua vé gidi bat phuong
trinh: 2x - 520
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30.

31.

A 5
Giai bat phuong trinh: 2x -5>20©2x25 o x 2 T

Tra loi: Vay véi x ma x > % thi biéu thirc 2x - 5 ¢6 gia tri khong am.
b) Li luan tuong tu, ta dua vé gidi bat phuong trinh:

—3x£—7x+5<:>—~3x+7xs5<:>4xs5<:>xs;

Vay v61 x ma x < zthl gia tri cua biéu thic -3x khong 16n hon gid tri

cua biéu thae -7x + 5.

M6t ngudi co sb tién khdng qua 70000 dong gom 15 t& gidy bac vdi hai
loai ménh gid: loai 2000 déng va loai 5000 déng. Hoi ngudi dé cé bao
nhiéu td gidy bac loai 5000 déng?

didi
- Goi x (to) 1a s6 to gidy bac 5000 dong, diéu kién x nguyén duong.
Khi d6 sé t& gidy bac 2000 déng 1a (15 - x) to.
S6 tién 5000 déng 1a 5000x (dong);
S6 tién 2000 déng la (15 - x).2000 dong.
Theo dé bai ta c¢6 phuong trinh: 5000x + (15 — x).2000 < 70000

- Gidi bat phuong trinh ta duge: x < %9 = 13,(3)

-~ Tra 16i: Do x nguyén duong nén x cé thé 1a sé nguyén duong tir 1 — 13.
Vay s0 to gidy bac 5000 dong c6 thé 1a cac sd nguyén duong tir 1 — 13 (td).
Gidi cac bat phuaong trinh va bi€u dién tap nghiém trén tryc sé:

_ -1
gy 208, & by 221 43;
3 4
1 X—-4 2-x 3-2x
c) — 1 ; d .
)y <= ) T35
Gjidi
a) 1—"'3—;~§3’:->5 @3(15;6xj> 5.3

> 15-6x>15 6x>15-15 6x>0=x<0
Viay S = (x / x < 0}.

e
0
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py 221X 45 Q4(B—IIXJ< 13.4
<S> 8-11x<52 = -11x<52-8 < -1lx <44 &©x > -4
Vay S = { x/ x > —-4].
Yy IPT] o4 i
''''''''' ‘ -
-4 0
c¢) Ta nhén hai v& v6i BCNN(4, 6) = 12. Ta cé:
Lig-1je 222 ei9 S - 1jein |22
4 4 6
&3x-1)<2x-4)=3x-3<2x-8
<3x-2x<-8+3 ©x<-5
Vay S = {(x / x < -5).
e A A A A AR A AP
-5 0
d) 2-X 372X BONNG, 5) = 15

3

o 15.[2;"} < 15.[3’52"} & 5(2 - x) < 3(3 - 2x)

& 10-5x<9-6xo -bx+6x<9-10=0x< -1

Vay S = (x / x < -1}.

T S ea L
-1 0
32. Giai cac bat phuong trinh:
a) 8x + 3(x + 1) > 5x - (2x - 6); b) 2x(6x -1) > (3x - 2)(4x+ 3).
Gidi

a) 8x+3x+1)>5x-(2x-6)=8x+3x+3>5x-2x+6

<:>8x+3x—5x+2x>6—3<:»8x>3<:>x>g

VayS=lx/x>%)

b) 2x(6x -1) > (3x — 2)4x + 3) < 12x*> - 2x > 12x* + x - 6
o128 -2x - 12 - x> -6 -3x> 6o x< 2
VayS =[x/x < 2}

33. D3. Trong mdt ki thi, ban Chi&€n phai thi bdn mén: Van, Toan, Tiéng Anh
" va Héa. Chién da thi ba mén va dugc két qua nhu bang sau:
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34.

Mon Van | Tiéng Anh Hoéa
Piém 8 7 10

Ki thi quy dinh muén dat loai gidi phai c6 diém trung binh cac mon thi la 8
trd 1én va khéng cé mdn nao bi diém dudi 6. Biét mon Van va Toan dugc
tinh hé s 2. Hay cho biét, dé dat loai gidi ban Chién phai cé diém thi mén
Toan it nhat 1a bao nhiéu?

Gjidi

Goi x 1a diém thi mén Todn, (diéu kién 6 < x < 10)
Khi d6 tong sé diém thi tinh theo hé sé 1a c6:

2.8 +2x + 7 + 10 = 33 + 2x (diém)
vaténg hé s6ciad ménthila:2+2+1+1=6.
Theo dé bai ta cé bat phuong trinh: (2.8 + 2x + 7 + 10) : 6 2 8 (1)

- Gidi bat phuong trinh:
(1) ©B3+2x):628 <33 +2x2>48
< 2x > 48 - 33 <>2x215 ©x217,5

Vay dé€ dat loai gidi, diém thi mén To4n cia ban Chién phai dat thap
nhat 1a 7,5 diém va cao nhat 12 10 diém.

Daé. Tim sai lam trong cac "I8i gidi* sau:
a) Giai bat phuong trinh -2x > 23. Tacd: -2x >23 < x> 23 + 2 < x > 25,
Vay nghiém cla bat phuong trinh 1a x > 25.

b) Giai bat phuong trinh *gx > 12. Ta c6:

~§-x>12<:> -—Z ’ —g X > ——?— A2 o x> -28
7 3 7 3

Vay nghiém cua bt phuong trinh 1a x > -28.
Gidi

a) Sai d buge -2x > 23 © x > 23 + 2 (sai)

Sai l1Am do coi -2 1a hang ti va chuyén v& hang ti (trong khi dé -2 1a
thira s§ cia x)

b) Sai d buéc —Ex >12 & (—ZJ[—EJX >(—Z).12 (sai)
7 3 7 3

Sai lam la khi nhan hai vé& cia BPT v6i cing mdt s6 4m (—%) ma
khong déi chiéu BPT.
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§5. PHUONG TRINH CHUA DA U
GIA TRI TUYET POI

1. KIEN THUC CO BAN

1. Nhéc lai vé gia tri tuyét ddi: Gia tri tuyét déi ctia sé a, ki hiéu la ial duogc

akhiaz0

dinh nghia nhu sau: |a| = { T
—a khia<

2. Giai mét s6 phuaong trinh chia diu gia tri tuyét doi:
* Phuaong phap chung:
Budc 1 : Ap dung dinh nghia d&u gi4 tri tuyét d&i dé loai bd dau gia tri
tuyét doi
lx| _ { X né"uxao
—(x)néux<0
Budc 2. Giai cac BPT khéng c6 dau gia tri tuyét doi
Budc 3. Chon nghiém thich hgp trong trudng hgp dang xét.
Budc 4. K&t luan nghiém.
3. Mot so tinh chat quan trong:
a) |A|IsB&-B<A<B

AzB

b) [A|2B &
A<-B

c) |A|2|B| < A’-B?20 (A+B)A-B)20

d) N&u trong phuong trinh c6 nhiéu d&u gid tri tuyét déi co thé xst ddu
dé bd ddu gia tri tuyét ddi.

Il. BAl TAP SACH GIAO KHOA
35. B d4u gid tri tuyét d&i va riut gon cac biéu thuc:
a)A=3x+2+ |5x| trong hai trudng hgp x >0 va x < 0;

b) B = |—4x|—- 2x + 12 trong hai truéng hgpx<0Ovax>0
c) C = |x-4|- 2x + 12 khi x > 5;

d)D=3x+2+!x+5|.
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36

b)

d)

Gidi

) Khi x > 0 thi |5x\=5x.V@yA=3x+2+5x:8x+2

Khi x < 0 thi [5x| = -5x. Vay A =3x + 2 - 5x = 2 - 2x
Khi x <0 thi -4x > 0. Do d6: I—4x‘ = —4x

Vay B= -4x-2x + 12 = -6x + 12
Khi x > 0 thi -4x < 0. Do dé: |v4x|=4x.VayB=4x_2x+12=2x+12

Khix>hox>4+1ox-4>1>0max-4>0thi Ix—4|=x—4

VaiyC=x-4-2x+12=8 -x
Khi x + 56 > 0 thi lx+5‘=x+5.VéyD=3x+2+x+5=4x+7

Khi x + 5 < 0 thi {x+5| = (Xx+5)=-x-5.

VayD=3x+2-x-5=2x-3

Giai cac phuong trinh:
a) |2x{ =x-6; b) 1—3x|= x-8 ¢) |4x| —2x +12; d) |—5xl - 16 = 3x

a)

qidi
|2x| =x-6(1)

- Khi2x >0 x20.
(1) = 2x=x-6 < 2x - x = -6 < x = -6 (loai)
Vay phuong trinh (1) vé nghiém.
- Khi2x< 0o x<0.
(1) -2x=x-6 < -3x=-6 < x = 2 (loai)
Vay phuong trinh (1) v6 nghiém.
T6m lai, tdp nghiém cia phuong trinh (1) 1a S = {J}

b) |-3x|=x-8(2)

- Khi-3x>20 x<0.
(2 -3x=x-8-3x=x-8 < -4x = -8 & x = 2 (loai)
Vay phuong trinh (2) vé nghiém.
- Khi-3x <0< x>0.
(2) ©(3x)=x-83x=x-8<3x-x=-8
< 2x = -8 & x = -4 (loai)

Vay phuong trinh vd nghiém hay S = O .
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37.

c) ]4x| = 92x + 12 (3)

Khid4x>0 o x20.
B)=4x=2x+124x-2x=12 < 2x = 12 < x = 6 (nhan)
Khi4x <0 & x<0.

B 4x=2x+12 4x-2x=12 < -6x = 12 & x = -2 (nhan)
Vay tap hop nghiém cia phuong trinh (3) 1a S = (-2; 6).

d) |-5x| - 16 = 3x (4)

Khi -5x >0 x<0.

(4) & -6x - 16 = 3x < -8x =16 © x = -2 (nhédn)

Khi -5x < 0 © x > 0.

(4) © —(-5x) - 16 = 3x < 2x = 16 <> x = 8 (nhan)

Vay tap hop nghiém cta phuong trinh (4) 1a S = {-2; 8).

Gidi cac phuaong trinh: a) ‘x—?] =2X + 3; b) lx +4|= 2x —~ 5;
C) lx+3|=3x~1; d) |x—4|+3x=5.
Gidi

a) |x—7| =2x +3 (1)

Khix - 720 < x 2 7. Khi d6:
1Neox-T=2x+3x-2x=3+7< —x=10 < x = -10 (loai)
Khi x - 7< 0 < x < 7. Khi d6:
MDe-x-7=2x+3x+7=2x+3 ¢ x-2x=3-7

¢:>—3x=—4<:>x=-§~(nhén)

Vay tap hop nghiém cia phuong trinh (1) la {%} :

b) |x+4\= 2x - 5 (2)

Khi x + 4 2 0 < x 2 -4. Khi dé:
2eox+4=2x-50x-2x=-5-4© -x=-9 < x =9 (nhén)
Khi x + 4 < 0 © x < -4. Khi d6:

2 (x+4)=2x-5-x-4=2x-5 -x-2x=-5+4

&> -3x=-1x= —;— (loai)

Vay tap hop nghiém cia phuong trinh (2) 1a S = {9}.
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c) ‘x+3}:3x‘1(3)

Khi x + 3 > 0 < x > -3. Khi dé:
B)=>x+3=3x-1ox-3x=-1-3 -2x=-4 < x =2 (nhan)
- Khix +3 <0 < x <-3. Khi d¢:

B xX+3)=3x-1< x-3=3x-1=-x-3x=3-1
c>—4x=2<:>x=A% (loai).

Vay tap hop nghiém cua phuong trinh (3) 1a S = {2).
d) |x -4+ 3x =5 (4)

- Khix-42>0<« x> 4. Khidé:
(4)<:>x‘4+3x=5<:>4x=9c>x=gzzi(loai)

- Khix -4 <0 x <4. Khi dé:
(4) ©-(x-4)+3x=50>-X+4+3x=52x=5-4=1

&S X = % (nhan)

Vay tap hop nghiém cua phuong trinh (4)1a S = {%} :

ON TAP CHUONG IV

A. Li THUYET
Lién hé gilia thu ty va phép tinh (vdi ba sé a, b va c bat ki)

Néua<bthia+c<b+ec Néua<bthia+c<b+e¢

Néua <bvac> 0 thi ac < be Néua <bvac>0thiac<be

Néua <bvac<O0thiac>be Néua <bvac<O0thiac>be

Tap hdp nghiém va biéu dién tap nghiém cla bat phuadng trinh

B4t phuong trinh | Tap nghiém | Biéu dién t4p nghiém trén truc sé
Xx<a (x | x <al —_‘—(’)“‘——Z’*"”"""""‘”’*’”"";
X <a x| x<a} | ——““‘é—‘“_"g‘*”"’w”"”‘*’””"*;
Xx>a {x | x> al ’”””""‘*‘""""”g”"“’”""""*"’;'_‘—__;
x>a {x | x> a) ”""*””"""""’”’6”"”’"’”””';’_—_;
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B. BAI TAP

38. Chom > n,chung minh: aym+2>n +2; b) -2m < -2n;
c)2m -5>2n - 5; d)4-3m <4 -3n.
gidi

39.

40.

72 -

a) Tacé: m>n > m+ 2 >n + 2 (chng vao hai vé€ véi 2) (dpecm)
b) Ta c6: m > n = -2m < -2n (nhan 2 v& véi -2) (dpcm)
¢) Tacé: m >n = 2m > 2n (nhén 2 vé véi 2)

= 2m - 5> 2n - 5 (cong vao 2 vé& véi —-5) (dpem)
d) Ta c6: m > n = -3m < -3n (nhén 2 vé& véi -3)

=4 -3m <4 - 3n (cdng vao 2 vé véi 4) (dpcm).

Kiém tra xem -2 1a nghiém clia b4t phuong trinh nao trong cac bat phuong
trinh sau:

a) -3x + 2 > -5; b) 10 - 2x < 2; c)x?-5<1;
d) |x| <3; e) |x| >2; fix+1>7-2x
Gidt

a) VI = -3x + 2 =-3(-2) + 2 =8 > -5 = VP (thda)
Vay x = -2 la nghiém cda bat phuong trinh.

b) VT = 10 - 2x = 10 - 2(-2) = 14 > 2 = VP (khéng thoéa)
Vay x = -2 khong 14 nghiém ctGa bat phuong trinh.

¢) VI =x*-5=(-2?-5=4-5=-1<1= VP (théa)
Vay x = -2 1a nghiém cda bat phuong trinh.

d) VT = |x| = [+2] = 2 <3 = VP (théa)
Vay x = -2 l1a nghiém cda bit phuong trinh.

e) VT = |x|= |-2| = 2 = VP (khong théa)
Viy x = -2 khong 14 nghiém cta bat phuong trinh.

p YI=x+l=-2+1=-1 — VT < VP (khéng théa)
VP =7-92x = -7-2(-2) =11

Vay x = -2 khong 1a nghiém ctGa b4t phuong trinh.
Gidi cac bat phuong trinh va biéu dién tap nghiém trén truc so:
a)x-1<3; byx+2>1; c) 0,2x < 0,6; d) 4 +2x < 5.

Gidi

a) Tacox-1<3ox<3+1eox<4

GBT TOAN 8 (tép hai)



1 \YITTRTT IV IV VI
1 FITIH T IA>

0 4 X
Vaiy S ={ x/ x < 4}

b)x+2>1x>1-2ox>-1

FHAHHAAAAAHAA A &
-1 0 X

Vay S = {x/ x > -1}

¢) 02x<0,6 <> x< 9,6 <> x <3

’

o+
w
>

Vay S = { x/ x < 3}

d)4+2x<5<:>2x<5~4<:>2x<1<:>x<—;

B SRSl (VY VYYY VYT IV VEERVFIVIPIVPIITIQ

0 1 . X
2
- 1
ViyS=(x/x< =)
2
4:. Giai cac bat phuadng trinh:
2-X - - =
gl 2B b) 3 < 2x+3; ¢) 4x 5)7 x; d) 2x+324 X
4 5 3 5 -4 -3
gidi
2-x 2-x

<4552 -x<20 ©-x<20-2

a) 22 e h o4,
4

<> -x<18© x>-18.Vay S = {x/ x > -18}.

b) 3 < -215—*_-3- o 53<5 2X*3

< 15<2x+3 15 -3 <2x

<> 12<2x <> 6<x.Vay S={ x/x > 6}.

¢) ——> 5 BCNN (3; 5) =15

4x -5 7T-x

< 15, > 15. < 5(4x - 5) > 3(7-x) © 20x - 25 > 21 - 3x

>20x +3x>21+25 o 23x>46 x> 2. Vay S = (x / x > 2}.

d) -21;—324"‘;301\11\1 (4; 3) = 12
e>12. ZXHF35104°% L 3095+ 3)> 44 - x)
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<::>—6x—9>_~—16+4x<:>—6x—4x2—16+9<:>~1Ox2—7¢:>xs{6

7
Vay S={x/x< —1}.
ay x /X 101

42. Gidi cac bat phuong trinh:
a)3-2x > 4, b)3x +4 < 2;
c) (x - 3)2 < x? - 3; d) (x - 3)(x + 3) < (x +2)% + 3.

Gidi

a)3~2X>4<::>-2x>4—3<:>—2x>1<::>x<—~%.V€1yS:{Xfx<~ .

DO | =

b) 3x+4<2<:>3x<2—4<:>3x<—2c:>x<—§.VéySz{x/x<~~~§~}.

) x-3V <x*-3ox*-6x+9<x°-3
ox-6x-x2<-3-9< 6x<-12=x>2.VayS = {x/ x> 2.
d) (x-3)x+3)<(x+2°+3ox*-9<x*+4x+4+3
> -9-T<x’+4x-x*-16<4x <& 4 <x.VayS=1{x/x> -4,
43. Tim x sao cho:
a) Gia tri cia biéu thuc 5 - 2x |1a sé duong;
b) Gia tri cha biéu thuc x + 3 nHd hon gia tri cha biéu thic 4x - 5;
c) Gia tri cha biéu thiic 2x + 1 khédng nhd hon gia tri cla biéu thuc x + 3;
d) Gid tri cia biéu thic x? + 1 khong Idn han gia tri cGa biéu thic (x - 2)°.
| &jidi

a) Theo dé bai tacé: 5 -2x > 0 (1)
Gidi (1) 5> 2x S x < g.vay gid tri phai tim 12 x < g
b) Theo dé baitacd: x + 3 < 4x - 5 (2)

Giéi(2)¢:>x—4x<—5—3¢:>—3x<—8¢:>x>—g

Vay gia tri phai tim la x > —2—

c) Theodé baitac: 2x+1>x+ 3 (3)
Gidi (3) @ 2x - x 23 -1 < x > 2. V4y gid tri phdi tim x > 2

d) Theodébaitacéd: x° +1<x> - 4x+4 x> -x+4x<4 -1

c:>4x53c>xs%.Véygiétriphéitimléxs%

T4 - GBT TOAN 8 (tép hai)



44.

45.

Bé. Trong moét cude thi A8 vui, Ban t8 chuc quy dinh méi ngudi duy thi phai
tra 16i 10 cAu hdi & vong sd tuyén. M&i cau hdi nay c6 sin 4 dap an,
nhung trong d6 chi cé 1 dap an dung. Ngudi du thi chon ddp an dung sé
dudc 5 diém, chon dap &n sai sé b tri di 1 diém. G vong so tuyén, Ban t8
chuc tang cho mdi ngudi thi 10 diém va quy dinh ngudi nao co téng s6
diém tu 40 trd Ién mdi dude du thi 3 vong tiép theo. Hoi ngudi dy thi phai
trd 18i chinh xac bao nhiéu cau hdi 8 vong so tuyén thi mdi dugc du thi tiép
d vong sau?

gidi
Goi x (cAu hoéi) la s cau héi nguoi du thi phdi trd 161 chinh xdc duge du
thi ti€p vong sau, diéu kién x nguyén duong.
Khi d6 s6 diém tra 11 dung la 5x (diém). S cau hdéi tra loi sai la (10 - x)
va s6 diém bi trir 1a -1(10 - x) = (10 - x) (diém). Diém ban t6 chuc ting
cho méi ngudi 1a 10 (diém).
Theo dé bai ta ¢6 bat phuong trinh: 5x - (10 - x) + 10 > 40 (1)
- Giai bat phuong trinh (1)

(1)<:>5x—10+x+10240®6x240<:>x_>369 = 6,6

Vay s6 lan tra 1oi dung phdi 1a 7, 8, 9 hodc 10 cau héi thi méi duge thi
tiép vong sau.

Gidi cac phuong trinh: a) [3x| = x + 8; b) [-2x = 4x + 18;
c) |x-5|=3x; d) [x+2| =2x - 10.
Gidi

a) ]3x| =x+ 8 (1)
- Khi3x>20&x20

1N eo3x=x+83x-x=8<2x=8 < x =4 (nhén)
- Khix<3&x<0
(1) -3x=xX+8 -3x - x=8 < -4x = 8 & x = -2 (nhan)
Vay S = {-2; 4}.
b) I—2x|=4x+18 (2)
- Khi-2x>0&x<0
(2) <> 2x=4x + 18 & -2x - 4x = 18 < -6x = 18 < x = -3 (nhén)
- Khi-2x<0& x>0
(2) < —(-2x) = 4x + 18 < 2x = 4x + 18 < 2x — 4x = 18
< -2x = 18 & x = -9 (loai). Vay S = (-3}.
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¢) |x-5/=3x(3)
- Khix-520&x2>5
(3)<:>x—~5=3x<:>x—3x=5<:>—2x:5<:>x:-g (loa)
-~ Khix-5<0&x<5

B)e -(x-5)=3x X+5=3x x-3x=-5-4x = -5

& X = —z— = 1,25 (nhan). Vay S = {1,25}.

d) [x+2| =2x - 10 (4)

- Khix+220ox2-2
Qeox+2=2x-10=2x-2x=-10-2 = -x=-12 < x = 12 (nhan)
- Khix+2<0ox<-2
e -x+2)=2x-100x-2=2x-10¢ x-2x=2-10

& -3x=-8 o x= % (loai)

Véy S = !12'

CAU HOI TRAC NGHIEM CHUONG 1V

1. Chon cGu trd loi sai.

(A)y Néeua>bthia+c>b+c (BYNéua<bthia+c<b+c

(CNéua>bthia+c<b+c (D) Néua<bthia+c<b+ec.
2. Chon cdu trd loi diing. Néu m > n thi

(A)m + 10 <n + 10 (B)m+102n + 10

. (C)m+12<n + 10 (D)m + 12 > n + 10.

3. Chon cdu tra loi dung. V6i moi gia tri cua x, ta c6 :

(A) 8x > 4x (B) 4x > 8x (C) 8x* > 4x° D)8 +x>4+x.
4. Chon cdu trd loi dung. Véi moi gid tri x, y va z ta co :

(A) 2xyz > x* + y’z® (B) 2xyz > x* + y°z*

(C) 2xyz < x* + y*2° (D) 2xyz < x* + y’z°.
5. Chon céu trd loi ding. Choa >0,b >0, c>0. Néua > b thi

a_a+c a_a+c a a+c a _a+ec¢
(A)—6>b+c (B)Ezb+c (C)E<b+c (D)Esgrc:
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10.

11.

12.

13.

14.

15.

16.

Chon cau tra ot dung. V61 moi gia tri x, y € R, ta ¢ :

A)x? - xy +y°>0 B)x* - xy +y° <0
C)x‘ -xy +y* <0 (D) x* - xy + y* > 0.
Chon cau trd loi dung. x = 3 1a nghiém cia bat phuong trinh
A)2x+1<3 (B)-4x+3>6 (C)3x+4<7 (D)-x+55>0.
Chon cdu trd loi sai. x = 5 1a nghiém cda bat phuong trinh
A) 10x - 20 > 10 (B) -2~x~l <0
3 3
(2) éx+g~>1 (D) 4x + 3 < 25.

Chon cGu trd loi ding. Biéu dién tap nghiém cGa bat phuong trinh x >
-2 trén truc s6 nhu sau :

-2 -2
e e e e A
(A) : (B) ¥
-2 . -2
) e — —————Jptrttrtrtdt s
() A (D) 0

Chon cdu trd loi dung. Tap nghiém clia bat phuong trinh x + 10 > 8 la:
M) {xIx>18} B){xlx<18} (C){xlx>-2} (D) {x|x<-2}.
Chon cGu trd loi ding. Bat phuong trinh 2x + 3 > -5 ¢6 tap nghiém la:
A) {x|x>-1}  B){x|x>-8 (O {x|lx>-4} (D) {x|x>-2}.
Chon cdu trd loi dung. Bat phuong trinh 2x + 3 < 2(x*+ 1) ¢6 nghiém la :

(A) Vé nghiém  (B) V6 s6 nghiém. (C) x > % : (D) x < g
Chon cdu trd loi ding. Cho x > 5 va (a-b)x > 5(a - b) thi:
(Aa>b (B)a<b (C)a=2b (D) a<b.

Chon cdu tra loi diung. Hinh biéu dién tdp nghiém cua bit phuong

tinh 3 - i—x <2 l‘a 4

3 4 '
() A (B) R

4 3
) MR (D) = AR
Chon cdu trdé loi ding. Bat phuong trinh 0,5(x + 1) + 2 > x + 3 ¢6
rghiém la :
A) x<0,5 B)x>2 C)x>1,5 (D) x < -1.
Chon cdu trd loi dung. Bat phuong trinh 6x - 2(x + 3) < 12x - (3 - 4x)
¢ nghiém 1a :
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17.

18.

19'

20.

21.

22,

23.

25.

(A)x>% (B)x<% (C)x>~i (D)x<-%

, 3
Chon cdu trd 10 ding, B& phumg trinh X454 2"4‘“ gd—2F o2
nghiém la :
4 2 5 1
A)x < — B)x < — C — D)x< —.
(A) 3 (B) x 3 (C)x< = (D) x < 5

Chon céu trd loi dung. Bat phuong trinh :

0,2x+8_0,3x+7 y 0,4x+6_0,5x+3
4 5 - 6

(A) {xlx?_?gg} (B) {xlxsfg%} () {xlxs—gg} (D) {xlng}.

Chon cdu trd loi ding. Cho B = x + 5 - l2x + 5]. Gi4 tri cia B khi

c6 tap nghiém la :

5 .
x<-—1la:
2

(A) 3x + 10 (B) —x (C) 3x (D) -x + 10.

Chon cdu trd ldi ding. Cho N = |x + 3| + 2x - 7. Gi4 tri cia N khi
x<-3la:

(A)3x -4 (B)x - 10 (C)—=x-4 (D) 3x - 10.
Chon céu tré loi ding. Cho A = |2x - 3| - |4x - 6|. Gi4 tri cia A khi

X < g la :

2
(A) -2x -9 (B) 2x - 3 (C)4x - 6 (D) 6x - 9.
Chon cdu trd loi dung. Tap nghiém cida phuong trinh lox| =x+21a;
(A) S = {—%;2} (B)S = {2} (C)S = {———g—} (D)S =@.

Chon c@u trd loi dung. Tap nghiém cia phuong trinh |lx-3|l +2x-3=0
la :

(A)S ={0; 3} (B)S={0;2} (C) S = {0} (D) S = {2}.
Chon cdu tré loi dung. Tap nghiém cta phuong trinh |2x - 1| +5x=41a:
(A) @ (B) {g : 1} (©) {1} (D) {-75-}

Chon cdu tra I ding. Tap nghiém cla phuong trinh |-6x - 5| =3x -7 1a:

)
(A)S=R (B)S=0 (C)S=.{§;-—4} ) (D)S:{—g;tx}.
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PAP AN CAU HOI TRAC NGHIEM CHUONG IV

1s Chon cdu C.
2. TUm>n=>m+10>n+10ma12>10=>m + 12 >n + 10. Chon c4u D.
3. Tacoé 8>4=8x>4x(sainéuxc<0)

4x > 8x (sai néu x = 0)

8x% > 4x® (sai néu x = 0)

8 + x > 4 + x (dung vdi moi gia tri cha x). Chon c4u D.
4. Tacod: (x-yz)’=20vVxy,z

e xP-2xyz + (yz)?20 o x? + y?z% > 2xyz. Chon c4u C.

a_a+c _ a(b+c)—b(a+c) _ab+ac-ab-bc c(a-b)

ST e T e bee)  blore)
Mab>0,c>0=b+c>0
a>b:ba—b>0:>c(a-b) a a+c>O .a_>_a_i.9

>0 = ——— = .
b(b+c) b b+c b~ b+c

Chon cdu A.
2 2 2 2
3y y| .3y
6. Taco:x*-x Ayl oy L XopEo nlg=d| 20
co-x i 2 4 4 2 4
2 > 2 2
Vi x——‘y— >0;y*20> il 20.Suyra [ x-= +:—3~¥—— 20
2 4 4
Chon cdu D.
7.  Thay x = 3 vao céc bat phuong trinh ta dugc :
2.3 + 1 < 3 (sai) ~4.3 + 3 > 6 (sai)
3.3 +4 <7 (sai) -3 + 5 > 0 (dung)
Chon cdu D.
8. Thay x = 5 vao cdc bat phuang trinh ta dugc :
2 1 .
e 10.5 - 20 > 10 (dung) ¢ 55-3 <0 (sa)
1 5 ’ .
. E.5+—2— > 1 (dung) e 45 + 3 <25 (dung).

Chon c4u B.
9. Chon cédu C.
10. x+10>28 <= x>8-10 e x>-2. Chon c4du C.
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11, 2x+3>-52x>-3-5e2x> -8 < x> -4. Chon cau C.

12, 2x+3<2(Xx+1) = 2x+3<2x+2=2x+3-2x-2<0 = 1 <0 (sai).
Chon céau A.

13. Tacd:x>5=(a-b)x>5(a-Db)thia-b phailasd duong (khéng thé
bang 0 hay la s6 am dugc). Tuclaa-b >0 = a > b. Chon cédu A.

14. 3—%x<2<:>—:1~_x<2—3<:>~%x<~1<:>x>4. Chon cau B.

15. O05(x+1)+2>x+3<05x+05+2>x+3
&05x-x>3-25-05x>05x<-1.
Chon cau D.
16. 6x-2(x +3) < 12x - (3 - 4x)
SBbX-2x-6<12x -3 +4x o 4x-6<16x -3

<:>4x—16x<-3+6<:>~12x<3<:>x>-T1—.ChoncéuC.

]

7. AES ED 4 X e bidx 5 5]+ BEx + 8) <815 - 4.8x
3 4 3
< 16x +20 +6X +9 <48 - 16x & 22x + 16x < 48 - 29
c>38x<19<:>x<%.6honcéu0.
18. 0,2><+8__O,3x+7SO,4>(+6__0,5>(+3(1)'BCNN(4'5’6,3)“50

4 5 6

(1) © 15(0,2x + 8) - 12(0,3x + 7) < 10(0,4x + 6) - 20(0,5x + 3)
<> 3x+120 -3,6x -84 <4x + 60 - 10x - 60
< -0,6x+ 36 <-6x < -0,6x + 6x < -36

¢:>5,4xs—36¢>xs—%=—2—;~. Chon cau C.

19. x+5-|2x +5] =x+5—[~—(2x+5)]vdix<~%
r4

=X+5+2x+5=3x+10. Chon cau A.
20. Khix<-3thi [x+3|=—-(x+3)
= |x+3| +2x-7=-x-3+2x-7=x-10. Chon cdu B.

21. x<§thl |2x - 3] = —(2x - 3) ; 14x - 6| = —(4x - 6)

= |2x-3| - |4x-6] = —(2x - 3) - [<(4X - 6)] = -2X + 3 + 4X - 6 =2xX - 3.
Chon c4du B.
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22.  Khi2x 20 <> x>0, phuong trinh trd thanh 2x = x + 2 <> x = 2 (thoa x > 0)

Khi 2% < 0 <> x < 0, phuong trinh trg thanh -2x = x + 2 <> x = ~-§ (thod x < 0).

Vay phuong trinh c6 hai nghiém x =2 ; x = 4—2. Chon cau A.

23. [x-3| +2x-3=0 |x-3| =3-2x

X—-3=3-2X khix >3 3x =6 khix>3
<<

[(x-3):3—2x khi x < 3 x=0 khix<3

-

x=2 khix=3(loa )
e . Chon cau C.
X=0 kh|x<3(n
2x—-1+5x=4 khi 2x-12>20
24. [2x-1] +5x=4 <
2x—1+5x~4 khi 2x-1<0

=

k=5 khi le x=§ khi le
2 7 2
1

8x=3 kil me— x=1 khi x<— (Ioai)
2 2

Chon cdu D.
6x-5=3x-7 khi —6x-520
25. |-6x-5/=8x-7 _
~(-6x-5)=38x-7 khi -6x-5<0
—9x=-2 khi x<-2 p=s kb wz=2 (I0ai)
= d Tl :
x=-12 khi x>-= x=-4 khi x>-= (loai
6 6
Chon c4u B.
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PHAN HINH HOC

Chuong I11
TAM GIAC PONG DANG

§1. PINH Li TA-LET TRONG TAM GIAC

1. KIEN THUC CcO BAN

1. Tisd cla hai doan thang: A B
a) Dinh nghia: T1 s6 cla hai doan thang =

la ti s6 dé dai cha chung theo cung —t—t

maét don vi do. & o

T1 s8 hai doan thang AB va CD dudc ki hiéu 1a g—g—

b) Chu y: Ti s6 cla hai doan thang khong phu thudc vao cach chon don
vi do.

2. Poan thang tl1é:

Dinh nghia: Hai doan thdng AB va A b—t—B
CD dudgc goi la ti 1é v&i hai doan C —t ™
thdng A’B’ va C'D’ néu cd ti 1& thuc: T T
A b—p—t—t—— B’
AB_AB  _ AB _ CD }
CD - CID! y AIBr C.-D; C 1 T T T T ID

3. Dinhli Ta-1ét trong tam giac:
Binh Ii Ta-l1ét: (Thua nh&n - khédng chung minh)
Né&u mét dusng thdng song song véi mét canh
cla tam giac va cdt hai canh con lai thi n6 dinh ra
trén hai canh dé nhiing doan thdng tuong tng ti
1é.
GT | AABC:B’C’//BC (B’ € AB;C’ € AC)

AB’ AC’ AB’ AC' B'B_C'C

AB AC'B'B C'C' AB AC

KL
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Il. BAI TAP
A. Bai tap mau
;

P ) : = 2 MA
Goi M 1a diém nam trén doan thang AB sao cho EE;" == 5

) , . MA _ MB
Tinh cdc tis6 — va —.
AB AB

4jidi
Ap dung tinh chat cta ti 1& thic va tinh chat day ti s& bang nhau, ta c6:
MA 1 _MA _MB _MA+MB _ AB

MB 2 1 o 142 3
MA 1 _ MB 2

Suyra — ==va — = —,
AB 3 AB 3

B. Bai tap gido khoa co ban

1. Viét tl s6 clia cac cap doan thang cé do dai nhu sau:
a) AB =5cmvaCD = 15cm;
b) EF = 48cm va GH = 16dm;
c)PQ =1,2m va MN = 24cm

Gidli
Huéng dan: Chu y 12 hai doan thing phdi ¢6 cing don vi do dp dai.
AB 5 1
a) — & — = —
CD 15 3

b) Ta c6 EF = 48cm; GH = 16dm = 160cm, Vay — - 48 _ 3
GH ~ 160 10

¢) Tacé: PQ = 1,2m = 120cm; MN = 24cm. Vay i = =2 = D
' MN 24

2. Cho biét gg: % va CD = 12cm. Tinh d6 dai cta AB.

Gidi
AB 3
Tacé: CD 4 :%:%:>AB=%3=9(cm).vayAB=9cm.
va CD=12cm

3. Cho biét do dai clia AB gdp 5 lan d6 dai cia CD va dd dai cia A’B’ gép 12
lan dd dai ctia CD. Tinh ti s6 cda hai doan thidng AB va A'B'.
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gidi
Gia st chon CD lam don vi do do dai cia AB va A’B’. Theo dé bai, ta c6:
AB

—=5 AB - CD 1
ch = 5 (1)
AB_12 »AaB=12cD (@
CD :
AB 5CD ) AB b
Tu (1) va (2 : = =—.Viy ——=—.
(Dva @ suyra: o =1ocp " 12 ¥ AR 12
4. Cho biét A8 _BC (hinh bén). Chung minh rang: A
AC
AB” AC’ BB’ CC'
9 =5~ CC b) 2B = AC
BB C AB A B c
Gidi
a) Theo gia thiét ta cé: AB_ é_Cm
AB AC 8
Ap dung tinh chat ti 1é thuc, ta cé:
AB" AC’ AB’ AC’ AB’ AC’
= o = hay — = —— (dpcm)
AB AC AB - AB’ AC - AC’ BB’ cC’
AB" AC AB-AB" AC-AC BB CC'
b) = & = hay — = —— (dpcm)
AB AC AB AC AB AC

5. Tinh x trong cac trudng hdp sau (hinh dudi).

a) MN // BC b) PQ // EF
Gidi
; AM AN AM AN
Theo gi4 thiét MN // BC nén ta ¢6: — = —— hay —= ———
a) Theo gia thié nén ta cb: == on hay po= o0
Hay 2= 5 -5 - 295 _ 95 (don vi do dai)
X 8,5-5 3,5 5

Vay x = 2,8 (dvdd).
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9 9.10,5
b) Tuong tu cau a) ta co: K gt g 2 = x = ——= 6,3 (dvdd)
10,56 24-9 15 15

Vay x = 6,3 (dvdd).

$2. PINH LI PAO VA HE QUA
CUA PINH LI TA-LET

1. KIEN THUC CO BAN

1. Dinh li d4do: Néu mot dudng thadng cét hai canh A
clia mot tam gidac va dinh ra trén hai canh nay
nhing doan thdng tuong ung ti 1é thi dudng thdng B’/ -2
do song song vdi canh con lai cha tam giéc. '

AB’ _AC’
— BB C'C
KL |B’C’//BC B c

GT | AABC;B’ € AB,C’ € AC,

2. Hé qua cla dinh li Ta-lét:
a) Hé qua: N&u mot dudng thang cat hai canh clla mot tam gidc va song

song vd@i canh con lai thi n6 tao thanh
mot tam giac mdi ¢6 ba canh tuong ung
ti 1é véi ba canh cla tam giac da cho.

AABC;B’'C’//BC;

B’'e AB;C’ e AC

AB’ AC’ B'C

AB AC BC

.|

b) Chu y: Hé qua trén van dung cho trudng hgp doan thdng song song
vdi mot canh clia tam gidc va cdt phan kéo dai cla hai canh con lai

(hitib dudis 2B =20 . B¢
AB

AC BC
c' B' a
A B
\\ ,’A
B e
I’, \\\\ a
B C B C
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Il. BAI TAP
A. Bai tap mau
Cho hinh binh hanh ABCD, E |4 trung diém cla canh AB, F l1a trung di€m

cua canh CD. Chung minh rdng hai doan thdng DE va BF chia dudng chéo AC
thanh ba doan thdng b&ng nhau.

gjidi A E B

Goi M va N lan lugt 1a giao diém cta DE va
BF véi dudng chéo AC, ta ching minh:

AC
AM:MN:NC=? D = o

That vay ta c6: AE = EB = —%Ii va CF = FD = %—Q (theo gt)

Ma: AB // CD (Tinh chit canh ctGa hinh binh hanh) = EB / FD
Suy ra DEBF la hinh binh hanh cé6 DE // BF.
Ap dung dinh 1i Ta-1ét trong AABN va ACDM, ta c6:

AM AE '

ME/NB=> —=—=1= AM = MN
MN EB
NF // MD = SN _SE = CN = NM
NM FD
Suy ra: AM =MN = NC = %

B. Bai tip giao khoa cd ban

6. Tim céc cap dudng thdng song song trong hinh dudi va gidi thich vl sao
chung song song.

* Hinh a) : Xét AABC, ta c6: 22 =21 hay SM _CN
5 7 MA NB

Theo dinh 1i Ta-1ét ddo, ta suy ra: MN /AB
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AP 3 AM 5
Ci tro AABC, ta c6: —=—; o
MigkLing PB 8 MC 15

Suy ra PM va BC khoéng song song véi nhau.

* Hinh b) : Xét tuong tu cau a) ta cé: S = 228 (vi gzi )
AA' BB’ 3 4,5
Suy ra A'B' // AB (1)
” L A=A
“ Theo hinh vé ta c6: _ ¢ > A'B"// A"B" (2)
A' so le trong voi A"
T (1) va (2) suy ra: AB // A'B' // A"B".
7. Tinh cdc do dai x, y trong hinh dudi.
B' 42 A
: 3
O
y
6
""‘l x
A B
a) MN // EF b)
gjidi
* Hinh a) : Trong ADEF ta c6: MN // EF (gt)
- DM MN 9,5 —§:>x= 8><37,5=31’58

*®

*

= =
DE EF 37,6 x

Hinh b) : Ta ¢6 A'B’' // AB (vi cung vudng géc v6i AA’)

OB’ OA’ OB’ 3
=5 =— (3)
OB OA y 6
Vi AOA'B’ vudng tai A’ nén ta cé6:

k]

OB? = OA”? + AB? = 3% + 4,2 = 26,64 = OB’ = 5,16

Thay vao (3), ta c6: 220 = _2- =y = 218%6 4530
v |
Tuong ty, ta co: a2 .8 =5 X = 4,2x6 = 8,4

X 6

8. a) P& chia doan thdng AB thanh ba doan thang b&ng nhau, nghiém ta da

lam nhu hinh vé.
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Hay md ta cach lam trén va giai thich vi sao
cac doan thdng AC, CD, DB béng nhau?

b) Bang cach lam tuong ty, hay chia doan
thdng AB cho trudc thanh 5 doan béng
nhau. Héi cé cach nao khac vdi cach lam
nhu trén ma van cé thé chia doan thdng AB
cho trudc thanh 5 doan bang nhau.

Gidi
a) Ké duong thing a song song véi AB. Tu diém P bat ki trén a, ldy cac
doan thing lién tiép bang nhau PE = EF = FQ = 1 (don vi d¢6 dai).

Vé cac doan thing PB, QA. Cac doan thang nay cdt nhau tai O. Vé cac
doan thang FO, EO ¢4t AB ¢ C va D.

Ap dung hé qua cda dinh li Ta-lét ta duogc:
PE = L (vi déu bang or hay OQ
BD DC CA OB OA
Theo cdch dung PE = EF = FQ. Tu d6 suy ra AC = CD = DB.
b) Chia doan thing AB cho truéc thanh 5 doan bing nhau.
* Cdach 1: lam nhu céu a).
* Cach 2: Tur A ké thém duong thing Ax (khéng trung véi AB), trén
dé ta 14y 5 doan thang lién tiép bing nhau:
AC = CD = DE = EF = FQ
~ Ké dudng thing GB. Réi tif cdc diém C, D, E, F ké c4c dudng thdng
song song vdi GB, ching cit AB tai cdc diém tuong ing M, N, P, Q
ta dugc: AM = MN = NP = PQ = QB
Dua vao tinh chat duéng trung binh
trong tam gidc va dudng trung binh
trong hinh thang ta ching minh duoge:
AM=MN=NP=PQ=QB. A wM N 5 o &

9. Cho tam gidc ABC v4& diém D trén canh AB sao cho AD = 13,5cm,
DB = 4,5cm. Tinh t1 s6 cac khodng cach ti cac diém D va B dén canh AC,

Gidi
Ti B va D trén canh AB cia AABC ha céc
dudng vudng géc BM, DN véi AC, ta cé:
BM // DN (vi cung vudng géc vdi AC)

AD DN
AABM, ta ¢6: — = —
Ap dung dinh li Talét trong ac BM

88 - GBT TOAN 8 (tép hai)



10.

11.

DN AD 13,5
5 .. S 2 20,75
BM DB+AD 13,5+4,5

DN

Vay ti s6 khodng cdch tur cdc diém D va B dén canh AC la: BIL- 0,75

- Luyén tap

Tam giac ABC c6 dudng cao AH. Budng thang
d song song véi BC cat cac canh AB, AC va ‘ /\

dudng cao AH theo thu tu tai cac diém B', C = 4
va H' (hinh bén).

a) Chung minh rang: %—E = -
B H C

b) Ap dung: Cho biét AH' = %AH va dién tich tam giac ABC la 67,5cm”.
Tinh dién tich tam giac AB'C'.

qgidi
a) Vi B'C’' // BC (gt), 4p dung hé qua cia dinh li Ta-lét va tinh chat cua
day ti s6 bang nhau, ta c6:
AH' B'H' H'C' B'H'+HC" B'C
AH BH HC  BH+HC = BC

Va AH'" BC
Y AH T BC
b) Tu gid thiét AH' = lAH, ta cé: AR = —1— Suy ra B¢ = =
3 AH 3 BC 3

Goi S va S’ 1a dién tich cia AABC va AAB'C’, ta cé:

S

1 r ! '
SI - ‘é AH B_—_C—— B éﬂt Bqu B (AH']2 _ (1}2 - m];
%AH.BC AH BC AH 3 9

1

Tiu d6 suyra S’ = = S==.67,5="175(cm?

O |-

Vay dién tich AAB'C’ 1a 7,5cm?.
Tam giac ABC c6 BC = 15cm. Trén dudng cao
AH 18y céc diém |, K sao cho AK = Kl = |H. Qua | M kI N
va K vé cac dudng EF // BC, MN // BC (hinh bén).
a) Tinh d6 dai cac doan thdng MN va EF, S
b) Tinh dién tich tu gidc MNFE, bi€t réng dién tich / \
cla tam gidc ABC 1a 270cm?. : B H C
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Gidi

MN AK 1 1

a) -ViMN/BCnéntacj6: —=—— == = MN = —BC = 1.15:-’3(cmi
BC AH 3 3 3
- Vi EF // BC nén ta cé: —E—F—:—A—I— = E = EF = EBC: E.l5=lO(ch
BC AH 3 3 3

b) Goi S;, S; va S 1an lugt 12 dién tich c4c tam gidc AMN, AEF va ABC.
Ap dung k&t qua cau b) cia bai 10, ta c6:

2 2
S,_(AKY_(1Y_1 _ ¢ _1g
s™|\aH) "\3) 9 9
S 2 2

va 2B |2]-4Lo8,-4s
RV INE 9

Ta c6: Synpe=Se - S; = i;-s,-

| =
NN
| =

Vay Synrg = 90 cm?.

12. C6 thé do dugc chiéu rong clia mét con
sdng ma khong can phai sang bd bén kia
hay khong?

Ngudi ta tién hanh do dac cac yéu td hinh
hoc cén thiét dé tinh chiéu réng cla con
séng ma khoéng can phai sang bd séng bén
kia (hinh bén). Nhin hinh vé da cho, hay mé
td nhing céng viéc can lam va tinh khoang
cach AB=xtheoBC =a,B'C'=a’', BB’ = h.

Gidi

~ X4c dinh 3 diém A, B, B’ sao cho ching thing hang.

- Tu B va B’ vé BC L AB; B'C' L A'B' sao cho ba diém A, C, C' thing
hang.
- Do cdc khodng cdch BB’ = h; BC = a; B'C' = a'.
Ap dung hé qua dinh li Ta-lét ta c6:
AB _ BC h X a:’

s ay S
AB" B'C x+h a'

X a X a
ha = ha _=
4 x+h-x a'-a yh a’'—-a
Suy ra x = ?’h
a'-a
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13. C6 thé do gian tiép chiéu
cao cua mot buc tudng kha
cao bang dung cu don gian
dudc khdéng?

Hinh bén thé hién cach do ~F

chiéu cao AB clia mé6t buc K
tusng bang cac dung cu ®@

don gian goém: ®Hn

Hai coc thang diing (coc ® E D C

c6 dinh; coc @ cé thé di b
déng dudgc) va sgi day FC. -~

Coc @ ¢6 chiéu cao DK = h. Céc khoang cach BC = a, DC = b do dugc
bang thudc day théng dung.

a) Em hay cho biét ngudi ta ti€n hanh do dac nhu thé nao.
b) Tinh chiéu cao AB theo h, a, b.

Gidi

a) Do chiéu cao bic tudng bing cach xdc dinh diém C trén mat dat.
—~ C4m coc @ cd dinh va vudng géc véi mit dat. Coc @ cé chiéu cao 1a h.
- Diéu chinh coc @ 1én (xuéng) sao cho hai ddu coc F va K va diém A
thing hang.
- Xé4c dinh diém C trén mait dat sao cho F, K, C thdng hang (bing
cach diing day ciang thing theo duong thing FK cho dé&n khi cham dat).

- Tu C do cé4c doan thidng BC = a, DC = b (D va E 1a chéan céac coc
thidng hang véi BC)

p DK DC h b
b) A dinh 1i Ta-lét t AABC, ta c6: — = — hay —= —.
) Ap dung dinh li Ta-1ét trong ac AB BC ay AE"- a
SuyraAB:?Bll.

14. Cho ba doan thang c6 do dai la m, n, p (cung don vi do). Dyng doan
thdng c6 A6 dai x sao cho:
X X 2
a) — =2, b) — = —; Cc) — =
) - ) S =3 )

*  Hudng dé4n: Cau b): - Vé tia Ox, Oy.

~ Trén tia Ox dat doan thdng OA = 2 don vj, OB = 3 don vi.

— Trén tia Oy dat doan théng OB’ = n va xac dinh diém A’ sao cho:
OA  OA’
OB 0B

~ Tudoétacd OA' =x.
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Gidi

a) Dung doan thing x sao cho: —~ = 2 LM M G |
m P B ...C
* Cach dung: R Taraet
— Dung tia At.

~ Trén tia At dung hai doan thing lién tiép AB = BC = m
Poan thing AC la doan thing x can dung.
* Chung minh: B nim gira hai diém A va C nén:
AC=AB+BC=m+ m=2m

Do dé: E—:?E—:ég:Z:AC:Zm:x
AB m m

b) Dung doan thing x sao cho: X2 %
n

* Cach dung:
Dung géc xAy bat ki.
Trén tia Ax, lay AB = n.
Trén tia Ay, ldy AC = 2, AD = 3 (don vi do do dai tuy ¥ chon)
Noi BD, dung Ct // BD, Ct cit Ax & X; AX 1a doan th&ng x can dung.
*  Chiing minh: Ta ¢6 CX // BD (do X thugc Ct va Ct / BD).
Ap dung dinh li Ta-1ét trong AABD, ta dugc:
AX AC . AX 2
AB AD n 3

Mat khéde: —
n
¢) Dung doan thing x sao cho: % = -3
* Céch dung: Dung géc xAy bat ki
— Trén tia Ax 1y AB = m
~ Trén tia Ay ldy AC =n
AD=p
~ N&i BC. Dung Dt // BC, Dt cit Ax tai X, AX 1a doan théng x cin
dung.
* Chung minh: Ta ¢6 DX // BC (do X € Dt va Dt // BC).
AB AC m n

Ap dung dinh li Ta-1ét trong AADX, ta duge: — = — = —— =—
p dung dinh li g X = D AX 7

Mit khac: 2 =2 (theo d& bai). Nén AX = x.
X p
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$3. TINH CHAT PUONG PHAN GIAC
CUA TAM GIAC

1. KIEN THUC CO BAN

1. Binh li: Trong tam gidc, dudng phan giac cla

mot goc chia canh ddi dién thanh hai doan A
thang ti 1& véi hai canh ké hai doan &y.
AABC
GT | AD la tia phan giac
~ |cua B/A:C (D € BC)
<L | DB _AB : 0 c
DC AC

2. Chu y: Binh Ii trén van ding
vdi dudng phan giac cua goc N
ngoai cla tam giac.
Vidu: Cho AABC
vdi AD’ la dudng
phan gidc cla
géc ngoai dinh A

cla AABC.
Tace: 28 = AB aB.aC)
D’'C AC

—

Il. BAI TAP
A. Bai tdp mau
Chung minh rdng néu mot dudng thang di qua mét dinh clia mot tam gidc
ma chia canh déi dién thanh hai doan t 1& vdi hai canh ké hai doan &y thi n6 la
dudng phan gidc trong (ho&c ngoai) cla goc tai dinh dy.
Gidi
a) Gia stt D 1a diém chia trong cda canh BC cia AABC cho trude sao cho:
DB _AB
DC AC
Ta di ching minh AD la dudng phan gidc trong ctia géc dinh A cia AABC.
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b)

Qua B ké dudng thing song song véi canh AC
cdt duong thdng AD tai diém E. Theo hé qua
cia dinh li Ta-lét trong AABC (c6 BE // AC),

ta cé:
B
BD = BB ma 2 = AB (theo gt) 9 c
DC AC DC AC
suy ra: LN = BE = AB = AABE can tai B. E
AC  AC
= BAD = AEB

Mit khac: DAC = AEB (hai géc so le trong do BE // AC)

nén: BIAT) = D‘I_;C

Do AD la tia ndm giita hai tia AB va AC (D la diém chia trong cia canh
BC) nén: AD la dudng phan gidc trong cia géc dinh A ctia AABC.

Gia st diém D' 12 diém chia ngoai cha
canh BC cia AABC (AB < AC) sao cho:

DB _ ___( )
D'C AC
Ké BE' // AC (v6i E' € AD’) D' B C
Theo hé qua cua dinh li Ta-1ét trong AD'AC, ta cé: D ::EB;— (2)
'C AC
T (1) va (2) = AB _BE' = AB = BE' = AABE’ can tai B
AC  AC

= BAE'=BE'A
Mat khac: E'Ax=BE'A (hai géc so le trong do BE' // AC).

Suy ra: BAE' EAx

Do AD’ 12 tia ndm giita hai tia AB va Ax (Ax la tia d&i cda tia AC va D la
diém chia ngoai ctia canh BC) nén AD’ 1a duyng phan gidc ngoai cia géc
dinh A cia AABC.

Bai tdp gido khoa cd ban

15. Tinh x trong hinh dudi va 1am tron két qua dén chi s6 thap phan thd nhat.

A

4,5 7.2

12,5
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Gidi
Hinb a) : Vi AD la dudng phan gidc cua géc BAC (gt), theo dinh I ¢
duong phan gidac cua tam giac ta cé:
BD DC 3,6 x 1,2.3,5
—=— hay —=— & x =
AB AC 4,5 17,2 4,5
Vay x = 5,6 (dvdd).
* Hinh b) : Vi PQ 1a duong phan gidc cia géc MPN (gt)

Va MQ = MN - NQ = 12,5 - x

= 5,6 (dvdd)

Theo dinh li vé dudng phan gidc cia tam gidc, ta c6: MQ :—Q—I\l
PM PN

2 -
hay —1—’652 - =§X—7 < 6,2x = 8,7(12,5 - x) < 6,2x = 8,7.12,5 - 8,7x

8,7.12,5

< 149%x =8,7125 & x = = 7,3 (dvdd)

b

Vay x = 7,3 (dvdd).

16. Tam giac ABC co6 d06 dai cac canh AB = m, AC = nva AD |a dudng phan
giac. Chung minh rdng ti s6 dién tich cla tam giac ABD va dién tich cla

tam giac ACD bang s
n

Gidi |
Xét hai tam gidc ABD va ACD c¢6 cung dudng cao AH, ta cé6:
1
SAABD = EBDAH (1)
1 A
Va S,acp = ECD.AH (2)
Lay (1) chia cho (2) ta c6: " n
1
—BD.AH
Sump _ 2 o 20 (3)
[1
Ssacp %CD.AH CD B H D C

Ma AD la dudng phan gidc cua BAC nén:

BD _DC _ BD _ AB )
AC

= — & —
AB AC DC

Tur (3) va (4) ta suy ra: 3 = =

Susp _AB _m
n

AACD
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17. Cho tam giac ABC vdi dudng trung
tuyén AM. Tia phan giac cua géc AMB
cat canh AB & D, tia phan giac cla goc D \E
AMC cat canh AC 6 E. Chuing minh réng
DE // BC (hinh bén).

B
M
Gidi ¢
Ap dung tinh chat dudng phan gidc vao hai tam gidgc AMB va ANC. ta cé:
DA _ MA
DB MB| 3 MB = MC (gt) & o - MA
EA MA MB MC
EC MC
DA EA
Suy ra: — = —
DB EC

Theo dinh li Ta-l1ét ta suy ra duge DE // BC (dpcm).

Luyén tap

18. Tam giac ABC c6 AB = 5cm, AC = 6cm va BC = 7cm. Tia phan ¢ac géc
BAC cat canh BC tai E. Tinh cac doan EB, EC.

Gidi
a) Vi AE la duong phan giac cta géc BXC,
theo tinh chat duong phan gidc ta cé: A
EB AB - EB  AB ‘
EC AC ~ EC+EB AC+AB 5 ?
EB_ AB \
= EB-= AB.HO = 234 =—3—El = 3,18 (cm)

- AC+AB  6+5 11
b) Taco BE+ EC=BC = EC=BC-BE=7-3,18 = 3,82 (cm)
Vay EB = 3,18cm va EC = 3,82cm.

19. Cho hinh thang ABCD (AB // CD). Budng thdng a song song vé6iDC, cit
cac canh AD va BC theo thu ty tai E va F. Ching minh rang:

a)éE._Ef_. by SE . 8BF. oy BE_CF
ED FC' AD BC' DA CB’
gidi

a) Vé duong chéo AC, AC cdt EF tai O.
Ap dung dinh li Ta-lét d6i véi AADC va ACAB, ta cé:
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20.

21.

ED 0OC e Al = BY (dpem)
o BF _AO ED FC

-
oa BF _AO AD BC a O
“BC  AC

DA CA _ DE_CF
44 CF _CO DA CB

(dpcm)

Cho hinh thang ABCD (AB // CD). Hai dudng
chéo AC va BP cat nhau tai O. Dudng thang a
qua O va song song véi day cla hinh thang cat
cac canh bén AD, BC theo thututaiEvaF
(hinh bén). Chiing minh rdng OE = OF.

Gidi
Xét hai tam gidac ADC va BDC vdi gia thiét EF // DC, ta c6:
E_Q_:é_(.)_(l) va QEZ_B_Q(Q)
DC AC DC BD
Vi ABCD la hinh thang, do dé AB // CD. Ta lai c6:
OA OB OA OB OA OB
i = = hay —= — (3)
OC OD OC+0A OD+OB AC BD
EO OF
Tu (1), (2) va (3), t . —=— =>EO=0F(d ;
4 a suy ra oC - DC pcm)

(Hai phan sé bing nhau va cé cung mau s6. VAy ti s6 ciia ching phai
bing nhau).

a) Cho tam gidc ABC vdi dudng trung tuyén AM va dudng phan gidc trong
AD. Tinh dién tich tam giac ADM, biét AB = m, AC =n, (n > m) va dién
tich cua tam giac ABC 14 S.

b) Khi cho n = 7cm, m = 3cm, hdi rang dién tich tam giac ADM chiém bao
nhiéu phan tram dién tich tam giac ABC?

Gidi

a) Goi H la chan duong cao ké tir A dén BC.

Ta cé: BM = %BC (gt) (1)
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22.

AD la phan gidc trong géc BAC nén:

DB DC AB m
— == DB= —DC=—DC
AB _ AC = AC -
. m )
Vin>mnén — <1 = DB < DC (2) 7
o )
Tir (1) va (2) D ndm gida B va M. B H D M C
Ta c6: Sapy = ~AH.BM = LAHBC = L Supc = ~8 3)
+ Sapm = S AH = SAiLBl= Sl = 2
1 1 m m 1 m
SABD = “AHBD = _AH.—DC = “_._AHDC —_— 'E'\DC
2 2 n n 2 n
m m 1
<>  Sapp = —(Sapc ~ SaBp) < Sppp = ——S, ¢ = —= (4)
n m+n m+n
Tu (3) va (4):
1 m n—-m
Sapm = Sapm — Sapp = =S - S = S
2 m+n 2(n+m)
‘b) Khi n = 7ecm, m = 3cm, ta cé:
7-3 S S.100%
S = =—= = 20%S
M ore8)” 5 5
Vay dién tich AADM bing 20% dién tich AABC. >

D4. Hinh bén cho biét cé 6 géc bang nhau:
O1= 0z = Og = O = Os = Og

Kich thudc cac doan thing da dugc ghi
trén hinh. Hay thiét 1ap nhing ti 1& thuc
tu cac kich thudc da cho.

Gidi A B C D E F G

Ta c6 9 tam gidc v6i cdc dudng phén gidc cia n6. Ap dung tinh -hat cia
dudéng phan gidc trong tung tam gidce, ta cé:

-aAOC: Z=%, - ABOD: 2=,
c Yy d =z
—ACOE:S:E; ~ADOF‘:E:£;
e t f wu
_AEOG: £-Y, ~AAOE: 2-X2%.
g Vv e z+t
_AAOG: B _XTY*Z. _ABOF: 2_Y*?2
g t+u+v f t+u
- ACOG: £=2tE,
g u+v
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$4. KHAI NIEM HAI TAM GIAC PONG DANG

1. KIEN THUC CO BAN

1. Dinh nghia: Tam gidc A’B'C’ goi la déng dang vdi tam giac ABC néu:

A-AiB-6:C-C A N
A'B" B'C" C'A’
va ——= = .
AB BC CA
Kihiéu: AA'B'C' v AABC.
B C B' c'

2. Tinh chat:
- Tinh chat 1: Mdi tam giac déng dang vdi chinh né.
- Tinh chat 2: Néu AA'B'C’ v» AABC thi AABC v AA'B'C’.
- Tinh chat 3: Néu AA'B'C’ v AA"B"C"
va AA"B"C" v AABC thi AA'B'C.’ n AABC.

3. Dinh Ii: M6t dudng thdng cét hai canh cla tam
giac va song song vdi canh con lai tao thanh
mot tam giac déng dang véi tam gidc da cho.

AABC

GT | MN//BC

(Me AB; Ne AC)

KL [ AABC «wv AAMN

M

B C

4. Chu y: Pinh li nay cling dung cho trudng hgp doan thdng a cét phén kéo
dai hai canh cla tam gidc va song song vdi canh con lai.

N M a A
‘\\‘ /’t’ . .
ﬂ:‘ ’
B, ‘\C
/ N a
B C M N

I1. BAI TAP SACH GIAO KHOA

23. Trong hai ménh dé sau day, ménh dé nao dung? Ménh dé nao sai?
a) Hai tam giac bang nhau thi déng dang vdi nhau.
b) Hai tam giac déng dang vdi nhau thi bing nhau.
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Gidi

a) Ménh dé ding. Vi hai tam gidc badng nhau thi ba cidp géc tuong ing bing

nhau va ba cdp canh tuong ung ti 1& v6i nhau (hé sé ti 1& déu bing 1).

b) Ménh dé sai. Vi hai tam gidc déng dang thi 3 cap géc tuong ung bing

24.

25.

nhau nhung ba cidp canh ti 1é téng qu4t thi khéng bing nhau. Vay hai tam
gidc d6 khong bing nhau.

AA'B'C’ ) AA"B"C"” theo ti s& dong dang ky, AA"B"C" v AABC theo ti s déng
dang k. HOi tam gidc A’B'C’ ddng dang vdéi tam giac ABC theo ti s nao?

Gidi
Vi AA'B'C' © AA"B”"C"” theo ti s6 k; va AA"B"C” ®» AABC theo ti sd k.
Suy ra AA'B’'C’' © AABC theo ti s6 k = ki .k;
Cho tam giac ABC. Hay vé mot tam gidac dong dang vdi tam giac ABC

theo ti s@ -1—‘.
2

gidi.
* Cdch 1: A
a) Phan tich: Gida s ta duge AAB'C’ sao cho //\
AAB'C’ ) AABC véi ti s6 déng dang k = % B! c .
nghia la: AR _ 1 L am-las / \
AB 2 2
B C
b) Céach dung:
-~ Dung tam gidc ABC bat ky. Trén canh AB ta ldy diém B’ sao cho
AB’' = —1—AB
2

- Qua B’ dung dudng thidng B’x // BC va B cdt AC tai C'. Tam gidc
AB'C’ 1a tam gidc cidn dung.
¢) Chung minh: Vi B'C’ // BC.

AB’ 1 C. B.
Do d6 AAB'C'  AABC (dinh li) vak = — = =
AB 2
* Cdch 2: Ta cdn c6 cach dung tht hai bing A
cdch vé dutng thing B'C’ / BC va n3m ngoai
AABC vei 2B _1 "
AB 2 L
B C
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26.

27.

Luyén tap
Cho tam giac ABC, vé tam giac A'B’C’ déng dang vdi tam giac ABC theo
s g 2
tisg dong dang k = o1
Gidi
Trudc hét vé AABC cdc canh c6 do dai tuy y.

Trén canh AB ta chia lam 3 phan biang nhau.
B C'
Tir diém B’ trén canh AB véi AB' = %AB, ta ké / \

duong théng B'C’ song song v6i BC (C' € AC). B C
Theo dinh 1i vé tam giac déng dang thi: AA'B'C’ ®» AABC véi ti s dong
dang k = ég’—: —%

AB 3

P Py 2 I 2yt 1 2 z .
Tu diém M thudc canh AB cua tam giac ABC vdéi AM = EMB' ke cac tia

song song vdi AC va BC, chiing cdt BC va AC lan lugttai L va N.

a) Néu tat ca cac cap tam giac déng dang.

b) D6&i véi mbi cap tam giac dong dang, hay viét cac
cadp goc bang nhau va ti sé déng dang tuong tng.

Gidi
a) Néu tat cd cac cdp tam gidc dong dang.
—~ Vi MN // BC nén: AAMN » AABC
- Vi LM // AC nén: AMBL »» AABC B L c
~ Do tinh chat bdc cau nén: AAMN © AMBL

b) - Vi AAMN & AABC nén: A chung; M, = B va N = C, k, = %
3

- Vi AABC v AMBL nén: ﬁ chung; L = 6 va l(/I\2 = }A\;k2= 2

-~ Vi AAMN o AABC, ti s¢ dong dang la k;, va AABC v AMBL va ti
s§ déng dang 1a k,.

= AAMN » AMBL va khi dé6 ti sé dong dang: k = k; kg =

3 _1
‘2 2

Q|

—

vécécgéc::‘& = M, ; M, =I§vé]§l=ﬁ.

28. AA'B'C’ v AABC theo ti s6 dong dang k = -g—

a) Tinh tl s6 chu vi cta hai tam giadc da cho.
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b) Cho biét hiéu chu vi cGia hai tam giac la 40dm, tinh chu vi cia mbi tam

giac.
Gidi

a) Goi p’ 1a chu vi ciia AA'B'C’ va p la chu vi cia AABC.

Vi AA'B'C’ v AABC, v6i k = -2— nén ta cé:
AB'_BC' _CA" _AB+BC+CA _p _3
CA AB+BC+CA p 5

AB BC
vay - 2
p 5
b)Tacé:~P~=—3— =3 el - = : ay—R—:-.m
p 5 p-p 5-3 40 2
:>p’—3'40-
= =g =
Ta c6: &= 3 hay 0.3
P 5 p 5

=p= 6_0::}_'_5_= 100 (dm)

Vay p’' = 60 dm; p = 100 dm.

§5. TRUGNG HOP PONG DANG THU NHAT
(C.C.C)

I. KIEN THUC CO BAN

Binh Ii;

. " : A
Néu ba canh cua tam giac
nay ti 1& vdi ba canh clia tam kia

thi hai tam giac déng dang. M N
AABC, AA'B’C’
GT|AB _AC_BC |
C B' '

AB AC BC 8
KL | AABC ® AA’B’C’

102 - GBT TOAN 8 (tép hal)




Il. BAI TAP
A. Bai tap mau
Cho tu giac ABCD c6 AB = 3cm, BC = 10cm; CD = 12cm va AD = 5cm,
dudng chéo BD = 6cm. Ching minh rang:
a) AABD v ABDC;
b) ABCD la hinh thang.
Gidi

a) Xét hai tam giac ABD va BDC, ta cé:

AB_3 1 BD_6 _1 AD_5 1 ‘>3
BD 6 2 DC 12 2 BC 10 2 10
AB BD AD 1 2 6
Suy ra: = = =—
BD DC BC 2
D C

Vay AABD v ABDC (dpem)
b) - Vi AABD & ABDC = ABD = BDC, hon nia ABD so le trong vdi

BDC . Suy ra AB // CD.
- Xét tir gidc ABCD ta c6 AB // CD. Vay ABCD 1a hinh thang (dpcm)

B. Bai tap gido khoa cd ban

29. Cho hai tam giac ABC va A'B'C’ c¢6 kich thudc nhu trong hinh dudi.

A
Al

9
6 , /\

B 12 C B’ 8 C’
a) AABC va AA'B'C’ c6 dbng dang vdi nhau khéng? Vi sao?
b) Tinh tl s chu vi cla hai tam giac do.

didi

AB BC AC
Xét AABC va AA'B'C/, ta c6: = =
a) Xét AABC va acé AT CBC AT

c
2

Vay AABC w AA'B'C’ (c.c.c)
b) Vi AA'B'C’' ©» AABC nén:
AB’ A'C" B'C" AB'+A'C'+B'C’ 4+6+8 18 _

_ 2
- 5

AB _ AC BC _ AB+BC+CA  6+9+12 27

b,
Vayk = —.
1y 3
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30. Tam gidc ABC c6 dd dai cac canh la AB = 3cm, AC = 5cm, BC = 7cm.
Tam gidc A'B'C' dong dang vdi tam giac ABC va cé chu vi bang 55cm.
Hay tinh d6 dai cia AA’B'C’ (Iam tron dén chi s6 thap phan thy hai).

gidi
AA'B'C' v AABC =
A’'B’ _ B'C’ _ C’A’ AB'"+B'C’'+C'A’
AB BC CA AB+BC+CA
55 55 11

3+5+7 15 3°

T d6: A'B' = §§1 - 11 (cm),
B'C' = 7—3-1}- = 25,67 (cm),
CA' = 5—§1-1— = 18,33 (cm)

31. Cho hai tam gidc dong dang c6 ti s6 chu vi la Tg— va hiéu dé dai hai canh

tuong ung cla chung la 12,5cm. Tinh hai canh dé.

Gidt

Gia sd c6 AA'B'C' v AABC c6 hai canh tuong ung la A'B' va AB va cé
hiéu AB - A'B’ = 12,5 (cm)
Do AA'B'C' v AABC nén:
AB" B'C CA'" AB+BC+CA" _ 15
AB BC CA AB+BC+CA 17

AB 15 15
AB-AB 17-15 2

=y

Vay: A'B' = %(AB - A'B) = —122 12,5 = 93,75 (cm)

Ta c6: AB-A'B' =125
= AB=125+ A'B'=12,5 + 93,75 = 106,25 (cm)
Vay AB = 106,25cm va A'B’ = 93,75cm
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$6. TRUGNG HOP PONG DANG THU HAI
(C.G.C)

1. KIEN THUC CO BAN

A

Binh li: Néu hai canh cla tam giac

nay ti 1é vdi hai canh cua tam giac kia A
va hai gdéc tao bdi cdc canh do bang
nhau, thi hai tam giac dong dang.
M N A’
AABC,AA'B’C”’
GT AI ’ ’ o —~
Y ﬁl
| AB  AC . |
KL | AA’B’C’ ® AABC B c B G

1l. BAl TAP SACH GIAO KHOA

32. Trén mot canh cta goéc xOy (xay # 180°), dat cac doan thdng OA = 5cm,

OB = 16¢cm. Trén canh thu hai ctia goc dd, dat cac doan théng OC = 8cm,
OD = 10cm.

a) Chung minh hai tam gidc OCB va OAD dong dang.

b) Goi giao diém clia cac canh AD va BC Ia |, chiing minh réng hai tam
giac IAB va ICD c6 cac géc bang nhau tung déi mét.

gidi
a) Xét hai tam giac OCB va ODA, ta c6: g X
9 _8w
OA 5 A
OB 8
— = - (2) |
oD 5 ( o y
, C b
OC OB
Tu (1) va (2 P — = ——
(1) va (2) suy ra OA - OD

Goéce 6 chung, suy ra: AOCB ©» AOAD (dpcm)

b) Vi AOBC o AODA nén OBC = ODA (3)
- Mat khéc ta c6: AIB = CID (déi dinh) (4)
BAI = 180° - (OBC + AIB) (5)

CDI = 180° - (ODA + CID) (6)

Tir (3), (4), (5), (6) suy ra BAI = DCI
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33. Chung minh rdng néu tam gidc A’'B’C' déng dang vdi tam giac ABC theo ti
s6 k, thi tT s6 cla hai dudng trung tuyén tudng ung cua hai tam giac do
cing béng k.

Gidi
- Vi AA'B'C’' v AABC theo ti s6 k suy ra:
K’:A; ﬁ'zﬁ;&’zé va e b :BC :CA =k
AB BC CA
A
A
B M C B M C

- Xét hai tam gidac A'B'M’' va ABM ta cé: B=B (ching minh trén)

1o
Tacé:BM:2 =BC =k.Dodéz—1}-,—l—3+:EM
BM 1 BC AB BM
~BC
2
A'M' A'B’
Vay AA'B'M’' » AABM (dinh 1y). S = =k (d .
ay (dinh ly). Suy ra T pem)

34. Dyng tam giac ABC, biét A =60°, ti s6 % :% va dudng cao AH = 6¢cm.

Gidi

a) Cdch dung: Dung géc x‘K}:GOO.

L4y trén canh Ax diém B’ sao cho
AB’ = 4cm va trén canh Ay diém C’ 4 5
sao cho AC' = 5cm. Ta xdc dinh

dugc AAB'C’. B
Dung dudng cao AH' cia AAB'C’, kéo /
dai AH' va lay trén AH' mét diém H

sao cho AH = 6cm. Tu diém H ké
BC // B'C' v6i B € Ax; C € Ay.

b) Ching minh:
Theo céch dung ta c6 A = 60° vi B'C' // BC nén AAB'C’ ® AABC
AB AB' 4

= —— = —— = — va theo cdch dung thi AH = 6cm
AC AC 5 _

\C

y

0y}

x
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$7. TRUGNG HGP PONG DANG THU BA
(G.G)

1. KIEN THUC CO BAN

I—
Binh i

Néu hai géc cla tam gidc nay lan

A
lugt bang hai goc cta tam gidac kia thi
hai tam giac d6 dong dang vdi nhau. M N A’
AABC va AA'B’C" .
GT
A=A"B=B
Kl B C B' c

KL | AABC © AA'B’C’

S

1. GIAI BAI TAP SACH GIAO KHOA

35. Chung minh rdng néu tam giac A’‘B'C’ déng dang vdi tam giac ABC theo i
s6 k thi ti s6 cla hai dudng phan giac tuong ung cla chung cing bang k.

Gidi

Gid st AA'B'C’ 0 AABC theo ti s§

Al
déng dang k = it oA va AD, A'D’ A
AB 1) 2
l1an luogt 1a dudng phan gidc cia |2
AABC; AA'B'C".
AD B D C B' D c'

Ta-ching minh: —— = k.
AD
B =B’ va BAC = B’A'C’ (do AABC = AA'B’CY)
— BAC . —— BAC

Ta c6: <BAD—T va B'A'D’ =

(do AD va A'D’ la phan gidc cda B/A_E], Bﬁ’)

Suy ra: B =B’ va BAD = BAD'. Vay AABC 0 AA'B'C".
AD AB
S =——=k (dpce .
| uyra = AB (dpcm)
36. Tinh dd dai x cua doan thidng BD trong
hinh bén (lam trén dén chd s thap phan
thd nhat), biét rdng ABCD Ia hinh thang
(AB // CD); AB = 12,5cm, CD = 28,5cm;

DAB DBC. D 28,5 C

A 125 B
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37.

gidi

Xét hai tam gidc ABD va BDC ta c6: A =B (gt)

Suy ra: — = —

ABD = BDC (do AB // CD)

Vay AABD o ABDC (g.g)

AB_BD o126 x 2 12,5.28,5 = 356.25

ay
BD DC X 28,5
= X = 356,25 = 18,874 ~ 18,9 (cm)

Vay x ~ 18,9 (cm).
Hinh bén cho biét EBA =BDC .

a) Trong hinh vé cé bao nhiéu tam giac vudéng?

b)

c)

a)

b)

Hay ké tén cac tam giac dé.

Cho biét AE = 10cm, AB = 15cm,

BC = 12cm. Hay tinh dd dai cac doan
thdng CD, BE, BD va ED (lam tron dén
chii s6 thap phan thu nhat). 10

So sanh dién tich tam giac BDE vdi tdng
dién tich cla hai tam gidc AEB va BCD.

Gidi
Xét hai tam gidc vuong ABE va CDB, ta c6: ABE = CDB (gt)
A=C=90

5 B 12 C

Vay AABE o ACDB (g.g) = AEB = CBD
Ma AEB+EBA = 90° hay EBA +CBD= 90° = EBD = 90°

Vay trong hinh trén c6 3 tam gidac vudng, dé la AAEB, ACDB va
ABDE.

Vi AABE » ACDB nén: 2B _AB _op .
BC CD AE 10

— Ap dung dinh li Pitago trong tam giac vuéng AEB, ta cé:
BE? = AB? + AE? = 157 + 10° = 325 = BE = /325 =~ 18,02 (cm)
- Ap dung dinh li Pitago trong tam gi4c vuéng CBD ta c6:
BD? = CB2 + CD? = 122 + 18% = 468 = BD = /468 ~ 21,6 (cm)
— Ap dung dinh li Pitago trong tam gidc vuéng DED ta cé:
ED? = BE? +BD? = AE® +AB? + BC? + CD? »
— ED = yAE?+ AB2+ BC%+ CD? = v10% + 152 +12% + 18% ~ 28,2 (cm)

ABBC _ 1512 _ .
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Vay CD = 18cm; BE = 18,02cm; BD = 21,6ecm va ED = 28,2cm.

¢ Ta c6 Sanpp = —IQ—BD.BE _ i J(BC? + CD?)(AE? + AB?) = 195 (em?) (1)

S\aBE + Sapep = %(AE.AB + BC.CD) = %(10_]5 + 12.18) = 183 (cm?) (2)

So sanh (1) va (2) ta nhan thay dién tich ABDE 16n hon téng dién
tich cia hai tam giac ABE va BCD.

Luyéntap 1, 2

38. Tinh cac do dai x, y cla cac doan thang trong hinh bén.

39.

Gidi
... B=D
Theo gia thiét ta co: . = AB//DE

B va Dso le trong
Ap dung dinh li Talét ta cé:

AC_BC_AB 2 x 3 1
CE CD DE Yy 35 6 2
Suy ra E:i =5 ¥ =4
y 2
I =X e §£= 1,75
3,6 2 2
Vay x = 1,75; y = 4.
Cho hinh thang ABCD (AB//CD). Goi O Ia X He B
giao diém cua hai dudng chéo AC va BD. T 1
a) Chung minh rdng OA.OD = OB.OC
b) Budng thdng qua O vuéng géc véi AB va
CD theo thu ty tai H va K. Chuing minh 1 - 1
; OH AB ) D K C
rang — = —.
OK CD

Gidt
a) Ching minh OA.OD = OB.OC
Vi ABCD 1a hinh thang, nén AB // CD (gt).
Suy ra A1 =Ci va By =Dy

Vay AOAB v AOCD (g.g) = -g% = %—g = OA.OD = OB.OC (dpcm)
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b) Ching minh (Lin! = AB

OK CD
~ Xét hai tam gidc vuong OAH va OCK, ta c6: A; = C; (cmt)
ﬁ = IE =90
Vay AOAH v AOCK. Suy ra on = oA (1)
OK OC
_ Hon nia do AAOB » AOCD (cau a) »> 22 - AB ()
OoC CD
OH AB
Tu (1) va (2) suyra — = — (dpem
(1) va ( y oK ~ GO (dpcm)
40. Cho tam giac ABC, trong d6 AB = 15cm, A
AC = 20cm. Trén hai canh AB va AC lan lugt
&y hai diém D va E sao cho AD = 8cm, E
AE = 6cm. Hai tam giac ABC va ADE c6 déng 150 20
dang vdi nhau khéng? Vi sao?
Gidi B C
Xét hai tam giac ABC va AED, ta cé:
AD 8 2 AE 6 2
¥ - = (1DDva —=—=— (2
AC 20 5 PV ABT15°5 @
AD AE
Tu (1) va (2) suy ra — = —
) va (2) suy AC _ AB .

* A chung. Viy A ABC 0 A AED
41. Tim c4c d&u hiéu d€ nhan biét hai tam gidc can déng dang.

gidi
T tinh chit clda tam gidc can ta suy ra cdc ddu hiéu nhan bi&t hai tam
gidc can dong dang la:
a) Hai tam gidc cdn c6 mdt cdp géc badng nhau thi dong dang.

b) Canh bén va canh d4y ciia m¢t tam gidc cAn nay ti 1é v6i canh bén va
canh d4y cta tam gidc can kia thi hai tam gidc can dé déng dang v6i
nhau.

42. So sanh céac trudng hgp déng dang cla tam giac v6i cac trudng hgp bang
nhau cla tam giac (néu Ién nhing di€m giéng nhau va khac nhau).

gidi

Cho hai tam giac ABC va A'B'C, ét_r lién hé giita cdc truyng hgp déng
dang va cac trudng hop bing nhau ciia hai tam gidc nhu sau:
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43.

44.

Tam gidc bang nhau Tam giac dong dang

a) AB'= AB; B'C'=BC; | = AB'_BC _AC
= = C.C.C
A'C' = AC (c.c.c) AB BC AC
b) AB' = AB: B'=B py 28 B o BB e
B'C' = BC (c.g.c) AB  BC

c) K’ = 1’-‘;; B -B (g.g)
¢) A'=A;AB’ = AB;
B =B

(g.c.g)
Cho hinh binh hanh ABCD (hinh bén) c6 do
dai cac canh AB = 12cm, BC = 7cm. Trén E
canh AB 1y mét diém E sao cho AE = 8cm. 3 E%
Dudng thdng DE cat canh CB kéo dai tai F. B

a) Trong hinh vé da cho c6é bao nhiéu cap
tam giac dong dang vdi nhau? Hay viét
cac cdp tam gidc dong dang vdi nhau theo 5 C
cac dinh tuong ung.

b) Tinh dé dai c4c doan thang EF va BF, biét ring DE = 10cm.

Gidi
a) Trong hinh vé ¢6 3 cidp tam gidc dong dang vdi nhau. D6 la:
AEAD » AEBF; AEBF » ADCF; AEAD v ADCF.

b) Vi AEAD v AEBF nén ta cé:

EF BE EF 4
Y D2 ey 2t L EF =
ED AE 2 710 8 (em)

EE:EE ha F’E:i = BF = 3,5 (cm)

AD EA 8

Cho tam giac ABC c06 cac canh AB = 24cm, AC = 28cm. Tia phan giac
cta géc A cat canh BC tai D. Goi M, N theo thu ty 1a hinh chiéu clia B va
C trén dudng thang AD.

M AM DM

a) Tinh ti s6 gm b) Chung minh rdng: — = —.
CN AN DN

va

i Gidi
a) Goi Saapp va Saacp 14n lugt 12 dién tich cia AABD va AACD.

SAABD_DB_AB_%__G_(D
S " DC AC 28 7

Ta c6:
AACD

Mait khdc ta cing cé6:
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1

Suy  3EYAD By " 2
= B 24

AACD %CN.AD CN

BM 6
Tiur (1) va (2 —_— — B 2 C
\% ) suy ra: CN - N\P/

b) Xét hai tam gidc MBD va NCD ta c6: M =N =
D, 132

wn

(dé1 dinh)

DM BM
Vay AMBD » ANCD (g. s P i
+ : E)= DN CN =

Xét hai tam gidc: ABM va ACN, ta c6: M =N = 90°
1/5:1 B AQ (gt)

Vay AABM o AACN = Ay, s (4)
AN CN

AM DM
Tu (3) va (4 e 2 d
(3) va (4) suy ra: AN DN(pcm)
45. Hai tam gidc ABC va DEF ¢ A=D, B=E, AB = 8cm, BC = 10cm,
DE = 6¢cm. Tinh d6 dai cac canh AC, DF va EF, biét rang canh AC dai hon

canh DF la 3cm.

gidi
, . : _A=D
- Xét hai tam giac ABC va DEF, taco: . _} = AABC v ADEF
B=E
A
D
2 6
B 10 c E F
AB BC AC 8 10 CA
Suy ra: = = hay —
DE EF DF 6 EF FD
Tir d& bai ta c6: ~o=2 5 EF= 1% _ 75 (cm)
EF 6 8
AC BC AC 10 AC-DF 10-7,5
—— =—— hay = = = —1
DF EF DF 17,5 DF 7,5
hay _§_=2£ = DF = i3—z-‘-s—-%)(t:m)
" DF 17,5 2,5
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“VIH AC - DF = 3
AC
Vay AC

1l

Il

3+DF=3+9=12 (cm)
12cm: DF = 9¢em:; EF = 7.5em.

$8. CAC TRUONG HOP PONG DANG
CUA TAM GIAC VUONG

1. KIEN THUC CO BAN

GT

S

KL

-_

BC AB

1. Ap dung cac trudng hdp dong dang cla tam gidc vao tam gidc vuong:
Hai tam giac vuong déng dang vdi nhau néu:
a) Tam giac vudng ndy cé mét géc nhon bang géc nhon cha tam giac
vudng kia (g.g).
b) Tam giac vuéng nay co hai canh goc vudng ti 1&é vdi hai canh goéc
vudng cla tam gidc vuéng kia.
2. D4&u hiéu dic biét nhan biét hai tam giac vuéng déng dang:
Binh li 1: Néu canh huyén va mét canh géc vudng clia tam gidc vudng
nay ti 1é véi canh huyén va canh géc vuéng clia tam gidc vuong kia thi
hai tam giac vuéng do déng dang vdi nhau (canh huyén - goc nhon).
AABC,AA'B’C’,A’ = A = 90°
GT BICI AIBI

AA'B’C’ D AABC

/\ A

3. Tis0 hai dudng cao, ti sé dién tich cta hai tam giac dong dang:
Binh |i 2: Tl s6 hai dudng cao

A
tudng ung cda hai tam giac dong
dang bang tl s déng dang. Al
AA'B’'C’ v AABC
T1 s6 dong dang k
AR K H
AH B H C B" H C
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Binh 1i 3: Ti s6 dién tich cla hai tam giac déng dang bdng binh phiong ti
s6 déng dang. '
AA'B’C” w AABC

GT | SiamciSarsc

Ti s6 dong dangk

KL SAA'B’C’ = k2

SAABC

Il. BAI TAP SACH GIAO KHOA E

46.

47,

Trén hinh bén, hay chi ra cdc tam giac déng
dang. Viét cac tam gidac nay theo thud ty cac dinh F
tuong ung va gidi thich vi sao chung déng dang?

gidi A B C
Trong hinh c¢6 sdu cap tam gidc vuéng dong dang véi nhau, d¢ la:
1) AFDE u AFBC (truong hop g.g).

2) AFDE v AABE (f«‘ =A; géc cé canh tuong (ng vudng géc va I;T chung)
3) AFDE v AADC (I;‘, = 6 : géc c6 canh tuong dng vudng géc va 15 chung)
Tuong tu:
4) AFBC vy AABE
5) AFBC w» AADC
6) AABE v AADC
Tam giac ABC c6 dé dai cac canh la 3cm, 4cm, 5cm. Tam giac A'B'C’
déng dang vdi tam giac ABC va c6 dién tich 1a 54cm?. Tinh do jai cac
canh cuia tam giac A'B'C’.
Gidi
Gia st AABC c6 dd dai ba canh 14an lugt 13 AB = 3em; AC = 4cm va B( = 5em.
AB* =9
Ta c6: AC? =16} = BC? = AB? + AC?
BC? =25
Vay AABC la tam gidc vudng tai A.

Goi Saapc va Suapc 14n lugt 12 dién tich cia AABC, AA'B'C’ va ti :6 déng
dang la k.

S
Vi AA'B'C’ 0 AABC nén: k? = —aaBc 5% g 4
Spae 1 g4
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48.

49.

ArBf ~ AIC! ~ BlCl _

Vi AA'B’C’ v» AABC nén: k

AC BC
Suy ra: i;iz 3=>A'B'=9(cm)
jAE(-jwz 3= AC' =12 (cm)
1—3—59 =3 = B'C' = 15 (cm).

Bong cGa mot cdt dién trén mat dat cé dd dai la 4,5cm. Cuang thoi diém
d6, mot thanh sat cao 2,1m c&m vudng goc véi mat dat cé bong dai 0,6m.
Tinh chiéu cao cta cot dién.

Gidi
Goi x (cm) la chiéu cao cdt dien (AC = x), chiéu cao thanh sit
A'C’' = 21m. Béng clGa cot dién va thanh sit ndm trén mat dat c6 do dai
lan lugt la: AB = 4,5m va A'B' = 0,6m.
Trong cing mot thoi diém va cing mdt noi cdc tia sdng cia mit troi
chiéu qua dinh cft dién va thanh sit xem nhu song song va chiing tao

vGi mit dat nhitng géc bing nhau. Suy ra c=C.
Xét hai tam gidc A'B'C' va ABC:

.~ C
Tacéd: A=A"=90"

-C |
Vay AARC v AA'B'C'. : X o

AC AB X 4,5 |

—— = —— hay = e

A'C’ AB’ 2,1 0,6 N

4 521 A 45 B A 0,6 o
= X = ,0'6’ = 15,75 (m) ' '

Vay chiéu cao cot dién 12 15,75m.

Luyén tép

3 hinh tén, tam gidc ABC vudng & A va co
dudng cao AH.

a) Trong hinh vé c6 bao nhiéu cép tam giac
dong dang vdi nhau? (Hay chi rd ting cap
tam cidc déng dang va viét theo cac dinh
tuong ung).

b) Cho biét AB = 12,45cm, AC = 20,50cm. Tinh do dai cac doan thing
BC, AH, BH va CH.
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50. Béng cua mot 6ng khéi nha may trén mat dat cé do

51.

gjidi
a) C6 ba cap tam giac dong dang dé6 1a: AABC v AHBA (1)
AABC »w AHAC (2)
) AHBA v AHAC (3)
b) - Vi AABC vudng tai A nén:
- BC?= AB? + AC? = 12,457 + 20,50°

=  BC = 12,452 +20,50° = 23,98 (cm)
- Tu (1), (2) va (3) ta suy ra day ti s6 bang nhau.

2 2
AB _AC _BC _ pyp_AB° 1245 . 6 (cm
HB HA BA BC 23,08
Ha o ACAB _ 1245x205 _ o0
BC 23,98

HC = BC - HB = 23,98 - 6,46 = 17,52 (cm).

dai 1a 36,9cm. Cung thdi diém d6, mét thanh st cao
2,1m cdm vuéng goc véi mat dat cé bong dai 1,62m.
Tinh chiéu cao cla 6ng khai (hinh bén).

gidi

Gia st chiéu cao 6ng khéi AB = x, chiéu cao thanh sit
A'B’ = 2,1 (m). Bong ctia 6ng khéi va thanh st trén
mit dat 1an lugt la: BC = 36,9 (m) va B'C' = 1,62 (m).

Trong cung mdt thyi diém va & cung mot dia phuong, cdc tia sdng Mat
Trdi xem nhu song song nén ching tao véi mat diat nhimg géc bing

nhau. Suy ra C=C ;‘
Do dé: AABC v AA'B'C’ (do hai
tam gidc vudéng nay cé cap goc A
nhon bing nhau: C=C") 2 ;
AB BC x 36,9 -
= ——=—— hay — = —— o
AB" B'C 2,1 1,62
\ ' ul
X = w ~ 47,8 (m) B 36,9 C B' 162 C'
1,62
V4ay chiéu cao ctia 6ng khéi gan bing 47,8 (m). A
Chan dudng cao AH cua tam giac vuéng ABC
chia canh huyén BC thanh hai doan thdng c6
dd dai 25cm va 36cm. Tinh chu vi va dién tich o5 a8
cla tam gidc vuong dé. (hinh bén) a H s
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52.

Hudng dan: Trudc tién tim cach tinh AH ti cac tam gidc vuong dong dang,
sau do tinh cac canh cla tam giac ABC.

didi
Gia su AABC vuéng tai A c6 dudng cao AH chia canh huyén BC thanh hai
doan BH = 25(cm) va HC = 36 (cm) va BC = BH + HC = 25 + 36 = 61 (cm).

- Xét hai tam giac HBA va HAC, ta cé6:
A:—li{ - HAC (2 géc c6 canh tuong dng vuong goc)

H; = Ha = 90°
Vay AHBA v AHAC = —ICI_EL = Ej}-— — HA? = HB.HC
HA HC
— HA = VvHB.HC = v25.36 = 5.6 = 30 (cm)

- Ta ciang c6 AABC v AHBA (g.g) nén o = i = A

HB BA HA

—, AB? = HB.BC va AC = 2CHA
_ BA

« AB = VHBBC = 25.61 = 39,05 (cm)

_ BCHA _ 30x61

- BA 39,05

Goi chu vi va dién tich tam gidc ABC theo thu tula p va S, ta cé:
p=AB + BC + CA =39,05 + 61 + 46,86 = 146,91 (cm)

e AC = 46,86 (cm)

va S= %AH.BC = %.30.61 = 915 (cm?).

Cho mét tam giac vudng, trong d6 canh huyén dai 20cm va mét canh géc

vudng dai 12cm. Tinh dd dai hinh chiéu canh géc vudng kia trén canh huyén.
4idi A

Gid st AABC vudng tai A c6 canh huyén

BC = 20 (cm); AB = 12 (cm) va dudng cao AH.

Khi d6: HB va HC lan luot 13 hinh chiéu
cia canh AB va AC lén canh huyén BC. B H 20 e

12

Ta c6: AHBA ) AABC (hai tam gidc vuéng c6 géc nhon B chung)

:HB___BA:HBzg.__:,HB=1_2_£=7,2(cm)
AB BC 12 20 20

— HC = BC - HB = 20 - 7,2 = 12,8 (cm) (do H n3m giira B va C).
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53.

54.

§9. UNG DUNG THUC TE
CUA TAM GIAC PONG DANG

Mét ngudi do chiéu cao cha mdt cady nhd mdt coc chdn xudng dat, coc cao
2m va dat xa cay 15m. Sau khi ngudi 8y Iui ra xa cach coc 0,8m thi nhin
thdy ddu coc va dinh cay cung nam trén mot dudng thdng. Hoi cay cao
bao nhiéu, biét rdng khoang cach tif chan dén mat ngudi dy 1a 1,6m?

gidi

Gid st goi chiéu cao cda ciy 12 AC, chiéu cao coc EE’ = 2m, chiéu cao tir
mit dén chan ngudi la DD’ = 1,6m; khodng cdch gida coc va cay:

AE =.15m, khodng c4ch gidta coc va ngudi ding: DE = 0,8m. -

_ Vi DD’/ EE’ nén ABDD' ) ABEE’
BD DD’ BE-BD EE -DD’
= = s =
BE EE BE EE'
DE 2-16. 08 04
“BE- 2z B~ 2z
B D08 E 15 A
S BE = 2298 _ 4 (m)
0.4
_ Vi EE' // AC nén AEBE' v AABC — BE _EE' | \¢ . BAEE
BA  AC BE
hay AC < EEBE+BA) _ 204415 o

BE 4

Vay chiéu cao ctia cdy la 9,5m.
Pé do khoang céch gida hai dia diém A va
B, trong d6 B khong tdi dugc, ngudi ta tién
hanh do va tinh khodng cdach AB nhu hinh
bén: AB // DF; AD =m; DC = n; DF = a.
a) Em hay nai ré cach do nhu thé nao.
b) Tinh d6 dai x clia khodng cach AB.

Gidi
a) Céch do: P& do khodng cdch gita hai diém A, B ta dung dung cu don
gian 1a éke va thu6c do do dai. Céch do nhu sau:

-4 vi tri A, do géc BAC = 90°, tir d6 x4c dinh duge tia AC vudng goc véi
tia AB (diing hai canh géc vudng ciia eké x4c dinh hai tia AB va AC).

- Dung & vi tri D doan thdng DF vudng géc v6i AC (dung éke do géc
FDC = 90 |

- Ng4m nhin BF cit tia AD & C. (Ba diém B, F, C thing hang).
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55.

Do dd dai AD = m, DC = n; DF = a.
bh) Tinh khodng cach AB = x?
Vi AB // DF nén AABC v ADFC

_ AB_AC
~ DF DC
e AB = RLY hay x = vM.

1y
Hinh dudi day mé t& dung cu do bé day clia mét s6 loai sdn phdm. Dung
cu nay gém thudc AC dugc chia dén 1mm va gan véi mot ban kim loai
hinh tam gidc ABD, khoang cach BC = 10mm.

Mudn do bé day clia vat, ta kep vat vao gia ban kim loai va thudc (day
clia vat dp vao bé mat thuéc AC). Khi dé, trén thudc AC ta doc dugc "bé
day” d cla vat (trén hinh vé ta cé d = 5,5mm).

Hay chi rd dinh li nao cla hinh hoc la co s dé ghi cac vach trén thuéc AC
(d < 10mm).

Gidi
Vi B'C' // BC nén AAC'B’ » AACB,
B'C' AC
BC AC
= wes2esl 10 .ol an
AC 100 10

Vay khi doc AC' = 5,5¢m thi doc B'C’ = %.5,5cm - 5,5mm

Vay ngudi ta 4p dung dinh li vé hai tam gidc déng dang dé€ ghi cdc vach
trén thuéc AC.
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ON TAP CHUONG Il

A. Li thuyét
1. Poan thangtiié
a) Dinh nghta: AB, CD 1116 véi A'B", C'D’ e A8 _ AB’
CD C'D’

ABC'D’=CD.A'B’

b) Tinh ohat: AB _ AB" _ |ABXCD A'B'£C'D
CD C’D’ CD C:Dr

AB _A'B’ _ AB*A'B’

(CD C'D* CD#C'D’

2. Dinh li Ta-1ét thuan va dao:
AB’  AC’

D {—m =
al/l BC BB CC’
BB’ _CC’

AB  AC
{AABC AB° AC’ B" c

|AB  AC ) C
3. Hé qua cta dinh li Ta-lét:
cC' B' a
A A ‘\\ "
B/\C'
a 8 c
F Y a
B c B C B C
AABC _ AB’ _AC’'_B'C’
a//BC AB AC BC
4. Tinh chat ctia dudng phan giac trong tam gidc:
AD 1a tia phan gidc ciia goc BAC, AE .
la tia phén gidc cla géc BAx (hinh bén)
AB DB EB
AC DC EC : 5 B 5 ¢
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5. Tam giac dong dang:

S', S tuong ung la dién tich cu

hai tam giac ABC va A'B'C":
Cac trudng hop dong dang:
A'B” B'C" C'A’

a) ——= = (e8]
AB BC CA
A'B" BC' .. 5 A
——=—— VA B'=B (c.g.c
T (c.g.c)
C) /;:A B'=B (9.9)

a) Pinh nghia:
AA'B'C’ 0 A ABC A=A B8 C=C
2 T el 1 PN
(T 56 déng dang k) lAB:BC =
AB  BC CA
b) Tinh chat: o= k; ™ = k (h, m, b, A
h m A
m’ tuong ung la dudng cao, dudng
trung tuyén clia AABC va AA'B'C’). hl\m
. Y hl\m’
Pok 2=k 0
p S B C B eq

(p’, p tuong ung la nda chu vi cia tam gidc A'B'C’ va tam giac ABC;

6. Lién hé gida céac trudng hop déng dang va céc trudng hgp bang nhau cua

Cac trudng hgp dong dang cla hai tam giac vuéng ABC va A'B'C’

a tam giac A'B'C’ va tam giac ABC)

Céc trudng hop bang nhau:

a) A'B'=AB; B'C'=BC
A'C’' = AC (c.c.c)

b) A'B'= AB; B'C' =BC

va é -B (c.g.c)

c) A’=A;B'=B
va A'B’' = AB (g.c.g)

7.
(A’=A=90° C
AIBI AICI C‘
a) —=——
AB AC
b) B’ =B hoic C’'=C
&) A'B’ _ B'C’ ~ -
AB BC A B A B
B. Bai tap

56. X&c dinh ti s6 cla hai doan thdng AB va CD trong céc trudng hgp sau:

a) AB =5cm; CD = 156cm;
b) AB = 45dm; CD = 150cm,;
c) AB =5CD
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Gidi

a) Ta cé: ﬁzé—:l
CD 15 3

b) Ta cé6: AB = 45dm = 450cm.

Do dé6 ta c6 thé x4c dinh ti s& -g—g— bing hai cach:

Pk 1 2o o 3B o
cD 15

C.’:ich2::AE =4—5—0—=3
CD _ 150

c)TacéAB:SCD:—P— =5
CD

57. Cho tam giac ABC (AB < AC). Vé dudng cao AH, dudng phéan giac trong
AD, dudng trung tuyén AM. C6 nhan xét gi vé vi tri cia ba diém H, D, M.

Gidt

a) Nhan xét: Vé AABC (AB < AC) khi vé dugng cao AH, dudng phan gisc
trong AD va dudng trung tuyén AM. (Céc diém H, D, M déu nim trén
canh BC).

Ta nhan thdy diém D luén nim giita hai diém H va M.
b) Gidi thich:
- Tu tinh chit cGa dudng phin gidc trong tam gidc, ta cé:

%gi _ %‘é. vi AB < AC (gia thiét)

= DB < DC = 2DC > DB + DC (cdng vao 2 vé véi DC)
va DB + DC=BC=2MC = DC > MC
Vay diém D n3m bén trdi diém M trén BC.

~ Mit khéc, ta ciing c6: . A
é—‘A‘f{ =900-"6= -—A—+—B_+9.__a 1 2
2 2 2
A B C A (ﬁ-é]
=+ -o= 1\2
2 2 2 2 2 L T T >

Tiu d6 suy ra: CAH =
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Diéu nay ching té ring tia AD phdi ndm gida hai tia AH va AC va

suy ra diém H phdi nidm bén tr4di diém D.

58. Cho tam giac can ABC (AB = AC), vé cac dudng cao BH, CK (hinh dudi).
a) Chung minh BK = CH.
b) Chung minh KH // BC.

C)

Cho biét BC = a, AB = AC = b. Tinh do dai
doan thang HK.

Hudng dan cau c):

Vé thém dudng cao Al, xét hai tam giac
déng dang IAC va HBC r6i tinh CH.

Tiép theo, xét hai tam gidc dong dang AKH
va ABC rdi tinh HK.

idi

a) Xét hai tam gidc vuong BKC va CHB, ta cé:

c)

A

K H
]

B I C

BC: canh huyén chung.
B=C (gt)

Vay ABKC = ACHB (ch.gn). Suy ra BK = CH (dpcm).
b) Ta c6: AB = AC (gt) va BK = CH (cmt)

AK AH

Suy ra AB - BK = AC - CH hay AK = AH. Viy ——=—

AB AC’

Theo dinh li Ta-l1ét diéu nay ching té rding KH // BC (dpcm).

Vé thém dudng cao Al.

- Xét hai tam gidc vuéng IAC va HBC, ta c6: I-H =90° ;EJ : chung

Vay AIAC » AHBC.

2

1

—a
Suy ra —I—C—=A—C hay2—=P— ;:,chf._
HC BC HC a 2

MaAAC=AH+HC=>AH=AC-HC=b -

Theo cau b) ta c6 KH // BC, suy ra:
AH KH — KH = AH.BC

AC  BC - AC
KH:(sz_az].3=a—-—§f—
2b b 2b2
a3
VayHKza_Ei'

b

a2 2b? - a?
2b 2b
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59.

60.

Hinh thang ABCD (AB // CD) c6 AC va BD cat nhau tai O va BC cat nhau
tai K. Chung minh rdng OK di qua trung diém cla cdc canh AB va CD.

Gidi

Vé thém duong thidng EF di qua O va song song véi CD (E € AD va
F € BC). Pudng thang KO cdt AB ¢ N va CD tai M,

— Xét hai tam gidc ADC va BDC, ta cé: K

EO _AO . OF BO ,
DC AC DC BD B

A
- Vi ABCD la hinh th én AB // CD. Ta cé:
i a hinh thang nén a c6 & ~\

F

OA OB - OA OB

OoCcC oD OA+0C OD+O0OB
hay 942 0B ) oW ¢

AC BD

EO OF
Tu (1), (2 3)t — =—.Vay EO = OF.
(1), (2) va a suy ra: De - DC ay

AN KN BN KN
EO KO FO KO

Suy ra 2N _BN ., AN _BN

Y™ E0o " Fo "7 EO EO
Suy ra AN = BN. Vay N 1a trung diém cta AB (*)
DM _KM . MC_KM _ DM _MC
EO KO FO KO EO FO

= DM = MC (do EO = FO : cmt)

Vay M la trung diém cta DC (**).
Tu (*) va (**) ching t6 ring dudng thing OK di qua trung diém N va
M cia cdc canh AB va CD (dpem)

Cho tam gidc vudng ABC, A = 90°, C = 30° va dudng phan gidc BD (D
thubéc canh AC). ’

Tu dé6 ta cé:

- Tuong tu ta cling cé:

a) Tinh ti sé —g%
b) Cho biét dd dai AB = 12,5cm hay tinh chu vi va dién tich cta tam giac ABC.
gjidi
a) Vi AABC vuéng tai A va c6 C = 30°. Vay AABC 12 nia tam gidc déu
¢6 canh 1a BC va dudng cao CA = AB = %BC.
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Vi BD la dudng phan gidc cia géc B nén: A

1
AD BA PY 1
CD BC BC 2
CD 2

212,56 = 25 (cm)

b) - Tacé AB = %BC — BC = 2AB

Vi AABC vuodng tai A nén: BC? = AB? + AC?
- AC = VBC? - AB? = /252 ~12,5? = /625 - 156,25

= /468,75 ~ 21,65 (cm).

- Goi p va S lan lugt la chu vi va dién tich cia AABC, ta cé:
p=AB + BC + CA=12,5+ 25 + 21,65 = 59,15 (cm)

S = -;»AB. AC = %.12,5.21,65 = 135,31 (cm?).

61. Tu giac ABCD co AB = 4cm, BC = 20cm, CD = 25cm, DA = 8cm, dudng
cheo BD = 10cm.

a) Néu cach vé tu gidc ABCD c6 kich thudc da cho & trén.
b) Céac tam giac ABD va BDC cé déng dang vdi nhau khéng? Vi sao?
c¢) Chiung minh réng AB // CD.

Gidi A 4 B
a) Dung hinh thang ABCD: 8 20
- Truéc hét vé tam gide BDC v6i do dai ba L
canh da biét trude bing cich: D 25 C

+ Ve DC = 25em.

+ Vé dudng tron tdm D ban kinh 10cm va dudng tron tdm C ban
kinh 20cm, ching cdt nhau tai B. Néi BD véi BC, ta duge ABDC.

~ Xic dinh dinh A cia hinh thang ABCD:

Lay D lam tdm vé dudng tron tam D, ban kinh 8cm va lay B lam tam
vé dudng trdon tdm B, bdn kinh 4cm, ching cidt nhau tai A. Néi A véi
B va A véi D.

Ta duge hinh thang ABCD théa man céc diéu kién ctia dé bai.

GBT TOAN 8 (tép hai) - 125



b) Xét hai tam giac ABD va BDC, ta cé6:

AB 4 2

BD 10 5

BD 10 2| AB BD AD

BD _10_2 _BD _AD y.y AABD v ABDC (cc.
DC 25 5[~ BD DC_BC W Diean
AD 8 2

BC 20 5

¢) Vi AABD »w ABDC = ABD= BDC va ABD so le trong vdi B/[?C.
Vay AB // CD (dpem).

CAU HOI TRAC NGHIEM CHUONG I

Chon céu tra lot dung. Cho ti sé : -gg— = % va AB = 14 cm. D0 ai cua
CD la :

49 21
(A) s (B) T6 O (C) 16 cm (D) 14 cm.

Chon céu trd loi ding. Cho do dai cia AB gap 4 1an do dai MN. Do dai
MN gap 10 14n do dai cia PQ. Ti sé clia hai doan thidng AB va P 1a :

2 5 1
- B) — 40 D) —.
(A) 5 (B) 5 (C) (D) 40

Chon cdu trd loi ding. Cho tam gidc ABC. Lay P, Q trén cac caxh AB,
AC sao cho PQ / BC va AP = 8 cm, PB = 6 cm, AQ = 10 cm. Do dai
canh AC la :

(A) 17,5 cm (B) 7,5 em (C) 0,8 cm (D) 8 cm.

Chon cdu trd loi ding. Cho tam gidc ABC, mét dudng thing 1 song
song BC cdt AB, AC l4n lugt tai M, N. Ta c6 :

2 2
Suun _ [ AN Samn _ [ AM)
(A) = (B) =
S,pc  \AB Spc  LAC
Symn _ [ AM ] SiMN _ (AM Y’
(C) = (D) = )
Sanc BC Sppc \AB

Chon céu trd loi dung. Cho hinh chii nhat ABCD c6 AB =12 cm,
BC = 18 cm. Goi I 1a trung diém BC, dudng thing Al, cit DC ta L. Do
dai IL la :

(A) 12 em (B) 15 cm (C) 18 cm (D) 16 cm.

Chon cGu trd loi dung. Cho tam gidc ABC. Trén dudng cao AH 14y cdc
diém I, K sao cho AI = IK = KH. Qua K, I ké cdc dudng thiig song
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10.

11.

12.

13.

14.

song v6i BC cdt AB, AC lan luot tai M, N, Q va P. Biét dién tich tam
gidc ABC bing 360 cm®. Dién tich td gidc MNPQ la :
(A) 180 em? (B) 120 ecm? (C) 60 cm (D) 90 cm?.

Chon cdu trd loi dung. Cho tam gidac ABC c¢6 do dai cdc canh AB = 5
em, AC = 6 cm va AK 1a duong phan gidace. Ta c6 :

BK 5 BK C
) Pel A ® oy B ooy =8

BC 6 KC 6 BC 6 KB 6
Chon cdu trd loi dung. Cho tam gidac ABC cé do dai cdc canh AB = m,
AC = n, Al la duong phin gidc cia géc BAC. Ti s dién tich cta tam
giac ABI va dién tich tam gidc ACI la :

m +n m + n m n

(A) se—= (B) (C) — (D) ==,
m n n m

Tim cdu trd loi sai. Cho tam giac ABC, dudng trung tuyén AM. Tia
phéan gidc cta goc AMB cdt AB tai I, dudng phan giac géc AMC cdt AC
tai K. Cho AM = 4, BC = 6. Ta cé6 :

) MK _AL o AL_AK o MB_BI o KI_AL
KC IB AB AC MA 1A BC 1B

Chon céu trd lyi ding. Cho tam gidc ABC. Diém I la chan dudng phan
gidc trong ctia géc ABC. Qua I vé dudng thang song song véi BC cit
AB tai K. Cho AB =6 ¢cm, BC =9 cm. Ta ¢6 :

AK 2 AK 3 AK 5 AK 2
A) Eea i o= o p) A% _2
) AB 3 e AB 2 (©) AB 2 i AB 5
Tim cdu tré loi sai. Cho tam gidc ABC va tam gidc A'B'C’' dong dang

vl nhau thi :

AB  AC BC AC
() -AB _ AC B -
) AB T AC B 3o = ac
(C) A=A :B=B D) A=B’:B=A".

Chon cdu trd loi dung. Cho AABC 0 ADEF c6 AB = 6 cm, AC = 12 cm,
DE = 5 cm. B§ dai DF la :

(A) 10 cm (B) 11 cm (C) 18 cm (D) 17 cm.
Chon cGu trd loi ding. Cho AABC va AA'B'C’ theo ti s6 déng dang

k = 2 . Chu vi AABC 14 36 cm. Chu vi AA'B'C’ 1a :

(A) 18 cm (B) 24 cm (C) 12 cm (D) 72 em.

Chon cdu trd lodi ding. Cho hinh thang ABCD (AB // CD). O la giao
diém ctia AC va BD. Pudng thdng qua O song song vdi hai ddy cdt AD
tai E. Cho AB = 4 dm, DC = 6 dm. Ti sd dong dang cta cdc tam giéc
AOE va ACD 1a:
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15.

16.

17.

18.

19.

20.

21.

22.

12

2 2
= B e 1y =.
(A) 3 (B) (C) 5 (D) 5

Do | W

; : AC BC
Chon cdu tra loi dung. Cho tam gidec ABC va DEF c¢6 : %II? =Da = ii}(«:

thi :
(A) AABC «»» ADEF (B) AABC v AEDF
(C) AABC «» ADFE (D) AABC w2 AEFD.

Chon cdu trd loi ding. Cho AABC dong dang véi tam giac A'B'C’. Co
AB =6 cm, AC = 5 em, BC = 9 cm va chu vi cta tam gide A'B'C’' = 60 em.
Do dai cac canh cia tam giac A'B'C’' (A'B’, A'C’, B'C') 1a :
(A) 18 cm, 15 cm va 27 cm (B) 18 ¢cm, 15 cm va 18 ecm
(C) 18 cm, 10 cm va 27 cm (D) 18 cm, 30 ecm va 12 em.
Chon cdu trd loi ding. Cho AABC ¢ AA'B'C’ theo ti s0 k. Coi AM,
A'M’ lan lugt 1a hai trung tuyén cia tam giac ABC va A'B’C’. T s6 hai
duong trung tuyén AM va A'M’ biang :

1 1
A) =k B) ~k®
( 2 ( 2
Chon cdu tra loi ding. Cho hinh thang ABCD (AB // CD), ¢6 £B = 12
cm, CD = 27 em, DAB = DBC. Tinh d¢ dai duong chéo BD.
(A) 18 cm (B) 19,5 cm (C) 19 cm (D) 18,5 cn.

Chon cdu trd loi ding. Cho hinh binh hanh ABCD. Cé AB =12 cm,

BC = 7 cm. Trén canh AB ldy E sao cho AE = 8 cm. Dudng thing DE

cdt BC tai F. Tim do dai BF.

(A) 3,5 cm (B) 4 cm (C) 14 cm (D) 4,5 cm.

Chon céu trd loi ding. Cho tam gide vuéng ABC va A'B'C’ tai A wa B/,
AB AC

1
(7) = D) k.
()k (D)

— = - thi :

AIBI BICI
(A) AABC v AA'B'C’ (B) AABC v AA'C'B’
(C) AABC »O AB'A'C’ (D) AABC v AB'C'A'.

Chon cdu trd loi dung. Cho tam gidc ABC vuong tai A. Puong AH chia
canh huyén thanh hai doan théng c6 do dai 9 cm va 16 cm. Thh dién
tich tam gidc vudng dé.

(A) 144 cm® (B) 210 cm? (C) 72 ecm? (D) 150 en?.

Chon céu tra loi diing. Cho tam gidc ABC c6 canh AB = 10, AC = 14.
Tia phan gidc cda géc A cdt BC tai M. Goi P, Q lan lugt 14 hith chiéu
cia B va C trén dudng thdng AM. Ti s6 cia MP va MQ la bao mié&u ?

5 7 10 7
2 B) — C) — D) —.
(A) - B) - © D) 1
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23.

24.

25.

26.

Chon cdu tra loi dung. Cho tu gidc ABCD co B+D = 180°, AD cat BC
tai Q. Ching minh duge :

QA_QD L QA _QB QA _QC L QA _QC
QB QC QD QC QB QD QD QB

Chon cau trd loi ding. Cho tam gidc ABC. Trén duong thing chia cac

canh AB, BC, AC lay cac diém M, N, P sao cho cac diém nay khéong

trung cic dinh cda tam gidc va ba diém nay thang hang. Khi dé tich chaa
BM AP NC

Ac ti so : ) ) biang bao nhiéu ?
CAENSY AM PC NB 8 PA0 A

1
A 1 (B) (©) 1 (D) 3.
3 6
Chon cGu tra loi duing. Cho hinh binh hanh ABCD. Qua A vé mot
duong thing sao cho dudng thing nay cdt BD tai P, cit DC, BC tai M,

: A AP
N. Khi dé : IX“I\I/)Y + AN bing bao nhiéu ?

(A)

| 2
A B) 2 C) — D) —.
(A1 (B) ()2 ()3

Chon cdu tra loi dung. Cho hinh thang ABCD (AB // CD). Goi O la
giao diém ciia AC va BD. Qua O ké dudng thing song song véi hai ddy
va cit AD, BC tai M, N. Khi d6 :

DA CE

1
A) OM = 20N B) OM = ON C)OM = -ON D) —=—=
(A)O (B) (C) 5 ( )AB ok

PAP AN CAU HOI TRAC NGHIEM CHUONG il

1.

2.

AB i CD—EAB_§14-—16cm Chon cdu C.
CD 8 7

Dang doan théng MN lam don vi do do daitaco : AB = 4MN ; MN = 10PQ

AB _ 4MN _ 10

TIsd : —4——1——-40 Chon cédu C.

PQ w1_MN
10 A

Taco:PQ//BC. Theodinhli Ta-lettaco :

AP_AQ@ AP AQ

AB AC AP+PB AC

P Q

8 = 10 = AC = 14x10 =175 (cm).

8+6 AC

. B C
Chon cau A

Goi AH la duéng cao AABC.
K 1a giao diém cla AH va MN
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Khi d6 AK cling la dudng cao ciia AAMN.

130 - GBT TOAN 8 (tép hai)

Taco: SAMN = %AKMN /\
S M/ L \N d
SABC = l.AH.BC = AMN = AKMN / K _\
2 S,sc AHBC I
B H C
Ma: Theodinhli Ta-letta co : il = £
AH AB
Theo hé qua cha dinh li Ta-let, ta c6 : Lo
BC AB
S 2
= AN AM.AM x(AM . Chon cédu D.
Sxec AB AB ( AB
5.  Ap dung dinh li Py-ta-go vao AABI vuéng tai B. ]
18Y°
Al = VAB? +BI? = 12%[—] =15
2 B [ c
Theo hé qud cua dinh li Ta-let :
LI IC LI IC LI 9 1
—_—— = <> = —= -
LA AD  LI+Al AD _ LI+15 18 2 A D
L+15 2 1+ 15 coLi=15. chon cdu B.
LI 1 LI
6. Taco: L] = AQ (hé qua cda dinh li Ta-let)
BC AB
AQ Al .
—— =— (dinh li Ta-let
AB AH (d ) Q
e Eg:ﬂ:l :>PQ=—1—BC
BC AH 3 3 M
M =AM (hé qua cua dinh li Ta-let)
BC AB 8
Lili P (dinh li Ta-let)
AB AH
=% —’Eﬂ_N:iliE:E = MN = —BC
BC AH 3
1 11 1 2
S = —.IK(P MN)= —.—AH|—-BC+—=BC
MNPQ 5 (PQ + ) 53 [3 3 J
11 1 1 2 "
= —.—.AH.BC = —Spgc = —.360 =120 cm®. Chon cau B.
3 2 3 3



10.

11.

12.

13.

. A ‘
Theo tinh chat dudng phén giac trong
AABC, ta c6 :

L, S Chon ciu B.

KC AC 6
Goi AH la dudng cao clia AABC.

B K C

Khi d6 : Hai tam giac ABI va ACI c6 chung dudng cao AH.

Tacd: SABI = 1Al"“‘B‘

A
2
S
SAC.=1.AH.IC = Sas _ B
2 S, IC

Ma theo tinh chat dudng phan giac trong AABC B HI c
S

Bl _AB S A8 _m . Chon céu C.

IC AC  S,;, AC n
Ap dung dinh li vé dudng phan giac trong AAMB, AAMC :

Al_AM_4 \

|B BM 3

AR_AM_4 L AL_AR L k/BC. I K

KC MC 3 iB KC
Theo dinh li Ta-let : J% Al & . Chon céu D. B M C

BC AB IB

Theo tinh chat ctia dudng phan giac trong AABC.

Al AB _(_5_ 2 A

IC BC 9 3
Theo dinh Ii Ta-let (KI // BC) K .

AB AC Al+IC 3 5 AK 2

-~ - = 1+— =—= —=—
AK Al Al 2 2 AB 5
B C
Chon c4du D.
Chon c4du D.
AABC «n ADEF = AB AC = PF = ACDE = 185 =10 cm.
DE DF AB 6

Chon céau A.

Goi P lachuvicta AABC
P’ 14 chu vi chia AA'B'C'.
AB AC BC

Taco: - = __E
" A'B’ A'C’ BC 2
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AB+AC +BC __3_.@3.._3
A'B'+A'C’+B'C’ 2 P 2’
2 2 -
== e E'P — 5.36: 24 cm. Chon ciu B.
14. Tacé: A c
ADEO «n ADAB mpﬁ:g
DA AB
AAQE en AACD @A—E=—E£ D
AD DC .
AD-ED EO ED EO
= = o1- —=—
AD DC ~ AD DC
_EO_EO [ ,_EO_EO _ 5-124,
AB DC 4 5
Dodé:E—O—=l2—:6=g.ChcncéuD.
DC 5 5

15. Chon cdu C.
16. Do AABC <D AA'B'C’' nén

AB AC BC AB+AC+BC  6+5+9 1

=

AB° AC’ BC AB+AC+BC 60
— AB'=3AB=18cm

A'C'=3AC =15c¢cm

B'C’' = 3BC =27 cm. Chon c4u A.

17. AABC W AABC'cOd: —=—— =Kk
A’'B’ B'C’
Xét hai tam giac : AABM va AA'B'M’ ¢6 :
1
BM _2°C BC _ AB
BM 1., BC AB
2
A
Al
B M G B M C
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Ma B=B’ (AABC ) AA'B'CY)

= AABM O AA'B'M' = AN = A = k. Chon c4u D.
A'M A'B’
18. Xét hai tam giac ABD va BDC c6: A B
DAB =DBC (gt)
AEE) B BEC (so le trong)
>  AABD v ABDC D C
AB_BD _gpz. AB.DC = 12.27 = 324
BD DC
s BD = 18 cm. Chon cau A.
19. FEB=DEA (d6i dinh)
FBE = DAE (so le trong) => AEFB &0 AEDA = =0 =B
EA AD :
Thay AD =BC =7 cm. A E
B
EB=AB-AE =12 -8=4 (cm)
4 FB .
— = FB = FB = 28 = 3,5 (cm). Chon cau A.
8 7 8
D c
20. Chon cau C. :
21. Taco: AABH w ACAH = ~H _BH A
CH AH .
AH? = BH.CH = 9.16
AH = V9.16 =12 (cm) - e

BC=BH+HC=9+16 =25 (cm)

Dién tich tam giac : Sagc = %.AH.BC = %.12.25 =150 (cm?)

Chon cau D.
22. Taco: BAP=CAP A
BPQ=CQA = 90° = AABP ¢ AACQ
, BP_AB_10_5 .

CQACMLAAAB M\?/C

Ma xét ABPM & ACQM (BPM = CQM, BMP = CMQ) Q
El'y‘—:ﬁm—smCh«f,)ncéuA.
QM CQ 7
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23. Tacé:B+D =
— D=QBA

180°ma QBA + ABC = 180° (ké bu)

-  AQDC v AQBA (Q chung, QDC = QBA) A B

QD _QC QA _QC

= = =
QB QA QB QD
24. Qua A ké dudng thdng song song Vi

.ChoncauC. D

BC cét dudng thang NP tai Q.
Theo hé qua cla dinh li Ta-let, ta c6 : A Q

AQ AP

=— = AQ-=

NC PC

AQ _AM
NB BM

APNC
PC

_, AQBM_AQNB _ \
NB'AM NB AQ

= —.— =1 (2)

Tu (1) thay AQ
Chon cdu C.

25. Taco:M e DC

N € BC

Cong (1) va (2) >

. APNC BM _ . BM AP NC _

vao (2), ta dugc : — =1
PCNB AM AM ‘PC ‘NB

A B

=DM/ AB = AE:—E%E— (1)
AM BD

= NB// AD = AR DE (2)
AN

" BD D c M
AP AP _BP DP _BP+DP
AM AN BD BD _ BD

=1. Chon cau A.

26. Do MN // DC, theo hé qua cua dinh li Ta-let, trong AADC, tacé :

MO _ A0
DC AC
ON OB

(2)

Trong ABCD ¢c6: —=— (1

DC BD M N

Do AB // DC, theo dinh li Ta-let trong AOCD
OB OA OB OA D C

OD OC _ OB+OD OA+OC

_, 0B_AO
(3)
~BD AC

MO _ON

u (1), (2) va (3),taco: = OM = ON. Chon c4u B.
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ChuongIV.  HINH LANG TRU DUNG.

1.

Hinh hép chd nhat: Hinh hép chld nhét

la

Hinh lap phuong: la hinh hép chd nhéat
c6 6 mat déu la hinh vuéng.

Mat phang va dudng thang: . p— o

a)

nhing hinh chi nhat. i -

HINH CHOP PEU

A. HINH LANG TRU PUNG

§1. HINH HOP CHU NHAT

I. KIEN THUC CO BAN

hinh khéong gian co 6 mat déu la

Hinh hop chd nhat co: 6 mat, 8 dinh

va 12 canh. < Pinh

90O 0

Hai mat cta hinh hép chi nhat khéng cé canh chung goi la hai mat
déi dién va dudc xem la hai mat ddy caa hinh hép chd nhat, khi doé

cac mat con lai goi la mat bén. —
Canh

Pinh

XY

Mat phang:
Khai niém: Mat guong phang, mat ban,
mat bang.. 1a hinh &nh vé mat phang.

\§

Biéu dién mot mat phang bdi mét
hinh binh hanh.
Vi du: Mat phang (P). Ki hiéu mp (P).
Diém thudc mat phang, diém khong thudc mat phang.
Vidu: Diém A thudc mp (P), ki hiéu A € mp (P).

Piém M khéng thudc mp(P), ki hiéu M ¢ mp (P).
Buong thang thudc mat phéang:

py A

Tinh chat: Néu mét dudng thang a di qua B

hai diém phan biét A va B cia mp (P) thi /A/"
a

moi diém cla dudng thang a déu thudc
mp (P), ki hiéu: a ¢ mp (P).
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Il. BAlI TAP SACH GIAO KHOA
1.

Hay k€ tén nhing canh bing nhau cla hinh S Ly
hép chid nhat ABCD.MNPQ (hinh bén). M

Gidi

Céc canh bidng nhau cta hinh hép chi nhat ABCD.MNPQ la:

* AB = CD = MN = PQ (vi ABCD va MNPQ la c4c hinh chua nhit biang
nhau).

* AD = BC = NP = MQ (vi ADQM va BCPN la cdc hinh chi nhit bAng
nhau)

* DQ = AM = BN = CP (vi QDAM va BCPN la cédc hinh chi nhit bang
nhau).

ABCD.AB;CD, la mét hinh hop chid nhat (hinh bén).

. s ) A B
a) Néu O 1a trung diém cua doan CB, thi O LK -
c6 la diém thudc doan BC, hay khong? D T
b) K 1a diém thudc canh CD, liéu K c6 thé ia Al
diém thudc canh BB, hay khdng? e B,
D, C

Gidi
a) Vi O la trung diém cda doan thidng CB,, ma CBB,C, 1a hinh cli nhat
nén O ciing 1a trung diém BC,. Vay O € BC,.

b) Ta ¢c6 K € CD (gt), nhung K khong thugc canh BB, vi trong hinh hép
chid nhat ABCD.A,;B,C;D, thi hai dudng thang CD va BB, khing cit
nhau.

Céac kich thudc cua hinh hép chd nhat ABCD. A;B,C{D, la: DC = 5cm,
CB = 4cm, BB = 3cm. Ho6i do dai DC, va CB; la bao nhiéu xentimet”

Gidi
- Vi ABCD.A,B,C,D; la hinh hop chit nhat nén: CC,; = BB, = 3cm.
DCC, = 90°
Ap dung dinh 1i Py-ta-go trong tam gidc vuéng DCC;, ta cé:
DC! =DC*+ CC? =5 +3°=25+9=234
= DC, = 34 =583 (cm)
- Tuong tu: Ap dung dinh li Py-ta-go

trong tam gidc vuéng CBB,, ta cé: D i scm
CB? =CB?>+BB? =4 +3*=16+9=25 Al
= CB; = V25 =5 (cm) D/’ :

Vay DC, = 5,83cm va CB,; = 5cm.
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4. Xem hinh a), cadc mii tén hudng dan cach ghép cac canh véi nhau dé co
dugc mot hinh 1ap phuong.

Hay dién thém vao hinh vé b) cdc mdi tén nhu vay.

[ 1

N |

a) b)

Gidi

Ta c6 thé ghép cdc canh ¢ hinh b) dé c6 thé mét hinh lap phuong nhu sau:

(T AT

/
—ie hoac

/ %y (=

§2. HINH HOP CHU NHAT (ti¢p theo)

1. KIEN THUC CO BAN

1. Hai dudng thang song song trong khéng gian:

a) Khai niém: Trong khéng gian, hai dudng [,3 :
thng a va b dugc goi 1a song song véi A £—i 2
nhau khi ching cing ndm trong mo6t mat - ---7C'
phdng va khéng c6 diém chung. Af '

Vidu: AA"//BB'; AD // A'D".

b) Chd y: T hinh hdp chid nhat ABCD.A’'B'C'D’ ta thdy hai dudng thang
phan biét cé thé cé céc vi tri d6i vdi nhau nhu sau:
=Gt niau cung ndm trong mdt mat phang, ching han trong mp
- Song song

(ABCD) nhung cac cap canh AB va BC thi cat nhau, con cac cap
canh AB va CD thi song song vdi nhau.
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- Chéo nhau: la cap dudng théng khéng cing nam trong mit mat
phang nao.

Vidu: AD va A'C".

B C
¢) Hai dudng thang phan biét cung song | 3
song vdéi dudng thang thu ba thi song A
. Jopmmmmmme e ~J¢
song vdi nhau. B
Vidu: DD'// AA'vaDD'//CC’' = AA" // CC’ A’ o)

2. Budng thang song song vdi mat phéng. Hai mat phing song song:
a) buong thang song song vdi mat phéng: Néu

mot dudng thang a khéng thudc mp (P) ma b
song song vdi mot dudng thdng b ndm trong ><
mp (P) thi a song song vdi (P). = 2 ©

b) Hai mat phing song song: Néu mat phang
(Q) chua hai dudng thidng a va b cit nhau

ma cung song song vdi mp (P) thi mp (Q) o
song song v@i mp (P) (hinh bén).
Vi du: mp (ABCD) // mp (A'B'C'D’) :

3. Nhan xét:
- Néu mét dudng thang song song vdi mot
mét phang thi chung khéng cé diém chung. ™~
- Hai mat phdng song song thi khong cé 40
diém chung.

R

- Hai mat phidng phan biét c6 mot diém (4)
chung thi ching cé chung moét dudng

thdng di qua diém d6. Ta néi hai mat ~3
phdng cat nhau va dudng thdng chung do 9/ ~

dudc goi 1a giao tuyén cGa hai mat phing.

Il. BAI TAP SACH GIAO KHOA

5. Ngugi ta t6 dam nhing canh song song va badng nhau cla mdt hnh hop
chi nhat nhu & hinh a). Hay thyc hién diéu dé déi véi hinh b) va c).

B e B C B &
] ! :
JL— e f— L — c
A 7 B A 5 A =
A D A’ D' A D
a) b) c)
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B C B C

B |

i‘-B— - CI IP_B _______ it

A = A 5
A D' A D' Al 5,
b) c) p,
6. ABCD. A;B,C,D; 12 mét hinh lap phuong ; C,
(hinh bén). Quan sat va cho biét: E
a) Nhing canh nao song song vdi canh C;C? AE
N mmm ---/ B

b) Nhing canh nao song song véi canh AyD,?

Gidi D c
a) Nhing canh song song véi canh CC, la: AA,, BB, va DD,.
b) Nhing canh song song véi canh A,D, la: B,C,, CB va DA.

7. Mot can phong dai 4,5m, réng 3,7m va cao 3,0m. Ngudi ta mudn quét voi
tran nha va bén buc tudng. Biét rang tdng dién tich cac cla la 5,8m?. Hay
tinh dién tich can quet voi.

Gidi
- Dién tich tran nha la: 4,5 x 3,7 = 16,65 (m?) :
- Dién tich xung quanh (4 bic tuong 1a): 2[3 x 4,5 + 3 x 3,7] = 49,2 (m?)
— Dién tich cAn quét vai la: 16,65 + 49,2 - 5,8 = 60,05 (m?)

Pdp s6: 60,05m”. P \Q]
8. Hinh bén vé mét phong &. Quan sat hinh A
va gidi thich vi sao: ﬂ a b
a) Budng thang b song song véi mp (P)?
q

b) Pudng thang p song song véi san nha?

Gidi

a) Ta c6: Puong thing b khéng thude mp (P) ¢6 duong thing a c (P)va b // a.

Vay dudng thing b song song v6i mp (P).
b) Gia stf goi mat phang san nha 1a mp (R) ¢6 duéng thing qc (R)vaq/ p
Vay dudng thing p song song véi mp (R) hay dudng thing p song song

v6i san nha. B
9. Hinh hdp chi nhat ABCD.EFGH (hinh C
bén) c6 canh AB song song vdi mat A
phang (EFGH). G
a) Hay ké tén cac canh khac song E

song v6i mit phang (EFGH). v
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b) Canh CD song song vdi nhiing m&t phadng nao cla hinh hép chi nhat?

c) Pudng thdng AH khéng song song vSi mat phing (EFGH), hay chl ra
mat phdng song song vdi dudng thang do.

Gidi
a) Vi ABCD.EFGH la hinh héop chi nhat va AB / (EFGH), do d6 cdc canh
BC, CD, DA ciing song song véi mp (EFGH).
- Ta ching minh BC / (EFGH):
BC ¢ (EFGH)
FG c (EFGH)
BC//FG
(vi BCGF la hinh chi nhat)

Vay BC / (EFGH)
~ Tuong tu: CD // (EFGH)
DA // (EFGH).
b) Canh CD song song v6i mit phing (EFGH) va mit phdng (ABFE).
— Ching minh CD // (ABFE).

CD « (ABFE)
Ta c6: {AB c (ABFE)
AB //CD (vi ABCD la hinh ch& nhéat)

Ta cé:

Vay CD // (EFGH): xem cau a
¢) Ta c6 AH khong song song v6i mit phiang (EFGH) nhung AH // (BCGF)
Théat vay: N&i BG trong mp (BCGF), ta cé:

AH « (BCGF)
BG c (BCGF)
AH // BG (do AHGB la hinh chi nhat)

Vay AH // (BCGF) (dpcm).
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$3. THE TICH CUA HINH HOP CHU NHAT

1. KIEN THUC CU BAN

-

1. Pudng thdng vudng géc vdi mat phang - Hai mat phang vuong goc:
a) budng thang vuéng géc véi mat phang: Mét dusng thdng a vudng goc
vdi mat phang (P) néu no vubng géc vdi hai dudng thang cét nhau bat

ki trong mat phang do: a
¢ (P) c
b (P o 5|
P L aimp(p) b0
ccatbtaiO P ‘
alc alb

*  Nhan xét: Néu mot dudng thdng vudng goc vSi mot mat phang tai
diém A thi dudng thang dé vudng géc véi moi dudng thdng clia mat
phang di qua A.

b) Hai mat phdng vudng géc: Khi mat phing
(P) chia mét dudng thang vudng goc vdi
mat phang (Q) thi ngudi ta néi mp (P)
vubng goc vaéi mp (Q) va ki hiéu: (P) L (Q).

ac(P)

2. Thé tich hinh hdp chi nhat:

-* Néu c4c kich thudc clia hinh hop chd nhatla D c
a, b, ¢ (cung don vi dd dai) thi thé tich cla :
hinh hop chi nhat dé la: Al — B
i C
V=ab.c bl '-9-§.
*  Dac biét, thé tich hinh 1ap phuong canh a la: \b
V=al A a B

II. BAI TAP SACH GIAO KHOA

10. 1) G&p hinh a) theo cdc nét da chl ra thi c6 dugc mot hinh hdp chi nhat
hay khong?
2) Ki hiéu cac dinh hinh hop géap dugc nhu hinh b).
a) Pudng thang BF vuéng géc vdi nhitng mat phang nao?
b) Hai m&t phdng (AEHD) va (CGHD) vuéng goc vdi nhau, vi sao?
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a) b)
gidi
1) Gap theo c4c nét trén hinh vé ta c6 duge mét hinh hp chit nhat.
2) a) Dudng thdng BF vuéng géc véi mp (EFGH) va mp (ABCD).

* Ching minh BF | (EFGH): Ta ¢c6 ABFE la hinh chi nh4t nén
BF 1 EF va BFGC la hinh chit nhat nén BF 1 FG.

Mit khéc: EF cdt FG tai F va BF « (EFGH)
Vay BF L (EFGH)
* Chung minh tuong tu: BF 1L (ABCD).
b) (AEHD) 1 (CGHD)?
— Theo tinh chat cta hinh hdp chit nhat thi:
AEHD la hinh ch@ nhiat > EH L HD
EFGH la hinh chir nhat > EH L HG
HD c4t HG tai H.
Va EH « (CGHD)
Vay: EH 1L (CGHD) (1)
~ Hon nia EH < (AEHD) (2)
Tu (1) va (2) ta ¢6: (AEHD) L (CGHD).

11. a) Tinh céac kich thudc cia mot hinh hdp chi nhat, bi€t ring chung i |1&
véi 3, 4, 5 va thé tich cla hinh hop nay 1a 480cm?.

b) Dién tich toan phan clia mét hinh l1ap phudng la 486m?. Thé tich cGa no
la bao nhiéu? '

Gldi

a) Goi a, b, ¢ (cm) 1an lugt 12 cédc kich thugc cta hinh hop chid nhat. Theo
dé bai ta co:

b
a b (¢ [ 3c 4c E=E=E E:_mE (1)
— a=—:b=— 3 4 5 3 4 5
3 4 5 = 5 5 & 3¢ 4e 1963
V=abc=480 |abc =480 L2 c-480 |22 480 ()
5 5 25
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_ 480.25

Tu (2) = ¢’ = o = 1000 = 10® = ¢ = 10 (cm)
Thay vao (1) ta duge: E:E:E—:z
3 4 5
?—=2::>a=6(cm)
3
5:2:9b=8(cm)

Vay a = 6em; b = 8cm va ¢ = 10cm.

b) Ta biét hinh lap phuong 1a hinh ¢6 6 mit bang nhau.
Vay dién tich méi mat la: 486 : 6 = 81 (m?)
Suy ra d¢ dai canh hinh lap phuong 1a: a = V81 = 9 (cm)
Vay thé tich hinh lap phuong la: V = a°® = 9° = 729 (m®)
Pdp s6: V = 729m°.

12. a) A, B, C va D la nhing dinh cta hinh hop chid nhat cho & hinh vé bén.
Hay dién s6 thich hgp vao cac 6 trong & bang sau:

AB 6 13 14 .J /A

BC | 15 | 16 34 /.. £)s
[ co | 42 70 | 62 ,,;';,_,‘__';;_f ————— i

DA 45 | 75 | 75 | D c

K&t qua bai 12 minh hga cdng thic quan trong sau:

DA = JAB? +BC2 +CD?
didi

a) Tinh AB khi biét BC = 34; CD = 62; DA = 75.
— Vi hinh hop chit nhat nén ddy la hinh hinh ch& nhat.
Suy ra CB 1L CD
Ap dung dinh li Pitago trong tam gidc vuéng BCD, ta c6:
BD? = BC? + CD?
BD? = 34% + 62% = 5000
- Ta con ¢6 AB L BD (vi AB vudng géc véi mat ddy hinh hop chi
nhéat). Vay AABD vudng tai B.
Ap dung dinh li Py-ta-go trong tam gidc vuéng ABD, ta cé:
AD? = AB? + BD? = AB? = AD? - BD? = 75% - 5000 = 625 = 257
Vay AB =25
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b) Tinh BC biét AB = 14; CD = 70; DA = 75.
— Ap dung dinh li Py-ta-go trong tam gidc vudng ABD, ta co:
AD? = AB? + BD? = BD? = AD? - AB? = 75 - 14”7 = 5429
~ Ap dung dinh li Py-ta-go trong tam gidc vuéng BCD, ta cé:
BD® = BC* + CD* = BC? = BD? - CD? = 5429 - 70* = 529 = 23°
Vay BC = 23.
¢) Tinh CD biét AB = 13; BC = 16; DA = 45.
~ Ap dung dinh li Py-ta-go trong tam gidc vudéng ABD, ta cé:
AD? = AB? + BD? = BD? = AD? - AB? = 45 — 13% = 1856
— Ap dung dinh li Py-ta-go trong tam gisc vudng BCD, ta cé:
BD? = BC? + CD? = CD? = BD? - BC® = 1856 - 16% = 1600 = 40?
Vay CD = 40.
d) Tinh DA biét AB = 6; BC = 15 va CD = 42
- Ap dung dinh li Py-ta-go trong tam gidc vuéng BCD, ta c6:
BD? = BC? + CD?
- Ap dung dinh 1li Py-ta-go trong tam gidc vudng ABD, ta cé:
DA’ = AB? + BD?

DA’ = AB? + BC? + CD? = DA = VAB? + BC? + CD?

= V62 +15% + 422 = 2025 = 45

Viay DA = 45
Phan con lai, hoc sinh tu dién vao bang da cho sin.
A B
13. a) Viét cong thuc tinh thé tich cda hinh i c
hop chd nhat ABCD.MNPQ (hinh vé). D e A
b) Dién sé thich hgp vao cdc 6 trong &
bang sau: Q P
Chiéu dai 22 18 15 20
Chiéu rong 14
Chiéu cao 5 6 8
Dién tich mét day 90 260
Thé tich 1320 | 2080
Gjidi
a) Cong thic tinh thé tich hinh hop chit nhat ABCD.MNPQ la:
V = AB.BN.NP
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b) Pién sé thich hop vao 6 trong:

Chiéu dai 22 18 15 20
Chiéu rong 14 5 11 13
Chiéu cao 5 6 8 8
Dién tich mot day | 308 | 90 | 165 | 260
Thé tich 1540 | 540 | 1320 | 2080

(Tuong tu bai 12 — Hoc sinh tu tinh céc gia tri nay).

Luyén tap

14. M6t bé nudc hinh hép chid nhat cé chiéu dai 2m. Luc dau bé khéng cé
nudc. Sau khi d6 vao bé 120 thung nudc, mbi thung chuda 20 lit thi muc
nudc cda bé cao 0,8m.

a) Tinh chiéu réng cla bé nudc.

b) Ngudi ta d6 thém vao bé 60 thung nudc nia thi ddy bé. Hdi bé cao bao
nhiéu mét?

Gidi
a) Thé tich nuéc chita trong bé hinh hop chit nhat la:
120 thing x 20 lit = 2400 lit = 2,4m°.
Goi a, b, ¢ lan lu’;jt 1a chiéu dai, chiéu réong va chiéu cao ctia hinh hop
chi nhat, ta co:
2,4
1,6

V=zabec= 2b08=24<b= = 1,5 (m)

Vay chiéu rong cia bé nué6c la 1,5m.
b) Thé tich nuéc chia trong bé sau khi dg thém 60 thung:
(120 + 60) x 20 lit = 3600 lit = 3,6m°.

a=2m
Khid6é V=ab.c {b=15m < 2.1,5.c=3,6
V =3,6m®
&S e = §—’-§~ = 1,2 (m)

Vay chiéu cao cia bé 1a 1,2m.

15. Mot cai thung hinh lap phuong canh 7dm, cé chuda nudc vdi do sau cla
nudc 1a 4dm. Ngudi ta tha 25 vién gach co6 chiéu dai 2dm, chiéu réng 1dm
va chiéu cao 0,5dm vao thung. Héi nudc trong thiung dang Ién cach miéng
thung bao nhiéu déximét? (Giad thiét toan bd gach ngap trong nudc va
chung hut nude khdng dang ké).
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16.

“cAu hodi sau:

Gidi
Trong bai todn nay cé hai gid thiét quan trong:
~ Gach hut nuéc khéng dang ké.
- Toan bd gach ngép trong nudc.
Véi gia thiét dé, bai todn gidi nhu sau:

Thé tich 25 vién gach la: 25.(2.1.0,5) = 25 (dm”)
Chiéu cao ctia nudc duge dang 1én khi bé 25 vién gach vao thung rudc:
25 :(7.7) =25 :49 = 0,51 (dm)

Vay muc nuée trong thung dang lén cach miéng thung la:
7-(4+0,61) =2,49 (dm)

Ddp s6: 2,49dm. |

Thung chuda cia mét xe tai chd hang déng

lanh c6 dang nhu hinh bén. Mot s6 mat 1a

nhing hinh chd nhat, chdng han (ABKI),

(DCC’'D").. Quan sat hinh va trd I6i cac

a) Nhiting @usng thdng nao song song vdi
mat phang (ABKI)?

b) Nhiing dudng thdng nao vuéng géc vdi mat phang (DCC'D’)?

c) Mat phang (A'D'C’B’) ¢6 vudng goc véi mat phdng (DCC'D’) hay kiong?

4idi
a) Cac duong thing song song véi mp (ABKI) la:
A'B’, C'D’, CD, HL, DL, CH, B'C’, A'D".
b) Céc dudng thing vudng géc véi mp (DCC'D’) la:
B'C' va A'D’; HC va LD; Al va BK.
¢) Mat phdng (A'D'C'B’) L (DCC'D’): that vay, C'C va C'D' cung thuoc
(DCC'D’) va cdt nhau tai C'.
B'C' L C'C
B'C' L C'D’
Vay B'C’' 1L (DCC'D’) (1)
Hon nita B'C' < (A'D'C'B’) (2)
Tu (1) va (2) suy ra (A'D'C'B’) L (DCC'D’)
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17. Cho hinh hép chid nhat ABCD.EFGH (hinh bén)

18.

a) K& tén cac dudng thang song song Vi AL

mp (EFGH). ] ° s
b) Budng thdng AB song song vdi nhing

mat phéng nao? E F

¢) Budng thdng AD song song vdi nhiing dudng thing nao?

didi
a) Cac dudng thdng song song véi mp (EFGH) la: AB, BC, CD va DA.
b) Puong thang AB song song v6i cac mat phang: mp (EFGH); mp (DCGH).
¢) Duong thiang AD song song vdi cdc dudng thing: BC, FG, EH.
Bd. Cac kich thudc cia mot hinh hép chd nhat P
la 4cm, 3cm va 2cm. M6t con kién bo theo mat :
clia hinh hop do ti Q dén P (hinh bén). —
a) Hoi con kién bo theo dudng nao 1a ngan nhat? a1 A
b) D6 dai ngén nhat dé 1a bao nhidu xentimét? “» .

gidi
Vi dé bai chi yéu ciu con ki€n bd trén mit hinh hop cho nhat (chua
khéng bo trén cdc canh cia hinh hép chi nhat), do dé dé tim dudng
ngin nhat tir P dén Q ta lam nhu sau:

wogz

Ta mé hop va trdi phdng ra. Hinh hap chi d
nhit ¢6 hinh nht hinh bén. 2 B 4 p
Lic nay diém P c6 hai vi tri 1a P va P".
Ta cé: 3
QP = V62 +32 = V45 (cm) = 6,7 (cm) = y >
QP = V5% +42 = V41 ~6,4 (cm) =

Suy ra QP < QP’

Vay con kién bd theo dudng QP 1a ngdn nh4t va d) dai doan ngdn nhat
QP = 6,4 cm.
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§4. HINH LANG TRU PUNG

1. KIEN THUC CO BAN

1. Hinh lang tru d}ing: Hinh bén 1a mot hinh lang tru A C,
dung (con goi tat la 1ang try dung). Trong hinh nay:
e A B,C,D, A, By, Cy, D;lacacdinh.
e Cac mat ABB;A;, BCC,Bj;.. la nhing hinh
chd nhat. Chung dugc goi la cac mat bén.
e Cac doan AA,, BB,, CC,, DD, song song D

_______

o

Chiéu cao

- - -

v@i nhau va bang nhau, ching dugc goi la AN =
cac canh bén. =

o Haimat ABCD, A;B,C,D, la hai day.
Hinh lang tryu trén c6 hai day la tu giac nén goi la lang try dung tu jiac, ki
hiéu ABCD. A,B,C,D;.

2. Chuy:
- Hinh hdp chid nhat, hinh 1&p phudng ctng la nhing hép dung.
— Hinh lang tryu c6 day la hinh binh hanh dugc goi la hinh hép dun;.

- Trong hinh lang try didng, cdc canh bén déng thdi cling la dudnj cao.
- Tuy theo ddy cda hinh lang try dung la tam giac hay tu gidc,.. na lang
try dé dugc goi la lang try dung tam giac hay lang try dung tJu gac.

Vi du: Hinh lang tru dung tam giac ABC.DEF c
e Hai mat day (ABC) va (D!?F) la nhing A ‘ B

tam giac bang nhau va nam trong hai :
m&t phdng song song.
e (Cac mat bén ADEB; BEFC, CFDA la

nhing hinh ch{ nhat. F‘
e Do dai cac canh bén AD, BE, CF dudc DESEEREN
goi la chiéu cao. D E

Il. BAI TAP SACH GIAO KHOA

19. Quan sat cac lang try dung trong hinh bén dudi rdi dién s6 thichhgp vao
cac 0 trong & bang dudi day:

Hinh a) | by [ c) | d
S6é canh cla mét day 3
S6 mat bén 4
Sé dinh 12
Sé canh bén 5
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V / = /
) — o) ,
0 S— ' Q)

c)
didi
Hinh a) | b)| o | d
S6 canh ctia mot day 3 4 5
S6 mat bén 3 4 5
Sé dinh 6 8 12 10
S6 canh bén 3 | 4 6 5

20. Vé lai cac hinh sau vao vd rdi vé thém cac canh vao cac hinh b, ¢, d, e dé
co mét hmh hdp hoan chinh (nhu hinh a).

SR

H d) e) B
* Hoc sinh tu vé thém vao cdc hinh b) ¢), d), e).

21. ABC.A'B’C’ 1a mdt lang tru dung tam giac A B
(hinh bén).

a) Nhdng cap mat nao song song vdi nhau?

b) Nhing cab mat vudng goc vgi nhau?
c) Su dung ki hiéu "/ va "1" dé dién

o0 I T
over | )
s
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gjidi

a) Ta c6 mp (ABC) // mp (A'B'C’). Vi do dinh nghia hinh ling tru ding.
(AA'B'B) L (ABC) va (AB'C")
(BB'C'C) L (ABC) va (AB'C")
(AA'C'C) L (ABC) va (AB'C")

b) Céc cap mit vudng géc véi nhau la:

(A'B'C) 1

N

2

Ma'tCanh aa’ | co | B | ac | Bo | aB | ac | cB | AB
(ABC) 1 1 1 / /I 1 O 77
/I

//

22. V& thém hinh a) réi cét va gép lai dé thanh hinh b).

7 B

3cm

2,7cm

y 7

1,5cm 2cm

a)
* Hoc sinh tu thuc hanh & nha.

2,7cm

3cm

§5. DIEN TICH XUNG QUANH
CUA HINH LANG TRU PUNG

1. KIEN THUC CO BAN

béng__chu vi ddy nhan vdi chiéu cao.

qu = 2p.h

(p 1a nta chu vi day, h 1a chiéu cao)

dién tich xung quanh va dién tich hai day.

1. ‘Dién tich xung quanh: Dién tich xung quanh cda hinh I&ng try diirg tbang
téng dién tich cdc mat bén hoic dién tich xung quanh hinh lang ty ding

2. Dién tich toan phén: Dién tich toan phdn chGa hinh lang try bang ting) cla
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Il. BAl TAP SACH GIAO KHOA

23. Tinh dién tich xung quanh, dién tich toan phan cla cac lang try ding sau
day (hinh vé):

3cm
& B
a VAR
: C
1 € !
a 8 i S
E D
I N AT —
’3’ b{;@ I/ E
3cm F
a) b)
Gidi

a) Dién tich xung quanh va dién tich toan phan hinh hép ding:

~ Hinh hop ding ¢6 4 mit bén déu 1a hinh chit nhat véi kich thuée 1a
dem x 5cm va 4cm x Scm. :

Vay dién tich xung quanh 1a S, = 2(3 x 5) + 2(4 x 5) = 70 (cm?)
— Hai day cua hinh lang tru dimg 12 hinh chit nhat c6 kich thuéc 3cm x 4cm.
Vay dién tich hai day la: 2(3 x 4) = 24 (cm?)
Vay dién tich toan phén la: Sy, = 70 + 24 = 94 (cm?)
b) Tuong tu: Ta ¢6 hinh ling tru ding ddy 1a tam gidc vudng.
Ap dung dinh li Pitago trong tam gidc vuéng ABC, ta cé:

BC? = AB? + AC%2 = BC = VAB? + AC? = v22+3% = 13 (cm)

~ Dién tich xung quanh la:
S =2 +3+ 13)5=(5+ 13).5 = 25 + 5,13 (cm?)

_ Dién tich hai ddy la: 2(%.3.2) = 6 (cm®)

Vay dién tich toan phin la: S, = 25 + 513 + 6 = 31 + 513 (em?)

24. Quan sat hinh lang try dung tam giac (hinh bén)
rdi dién sé thich hgp vao céc 6 tréng 6 bang sau:

a(cm) 5 | 3 12| 7 CV
b(cm) 6 | 2 | 15

c(cm) 7 13 6 h
h(cm) 10

5
Chu vi day (cm) 9 I Y 7
S,q(cm?) 80 | 63 \ b
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Cotl | Cot2 | Cot3 | Cot 4
a(cm) 5 3 12 7
b(cm) 6 2 15 8
c(cm) 7 4 13 6 h
h(cm) 10 5 2 3 h
Chu vi day (cm) 18 9 40 21 B
S,q(cm?) 180 45 80 63_:

Hudéng dan tinh cédc gia tri trong bang:

Tinh cdc gid tri ¢ cot 1 nhu sau:

CVdiy=a+b+c=5+6+7=18 (cm)

S.q = CV ddy x h = 18.10 = 180 (cm?)

— Tinh céc gid tri ¢ cot 2 nhu sau:
CVday=a+b+c=>c=CVddy-(a+b)=9-(3 +2) =4cm
Siq = CV ddy x h = 9.5 = 45 (cm?)

Sqq=CVday xh= h =

|

Tinh céc gi4 tri ¢ ¢6t 3 nhu sau:
CVday=a+b+c=12 + 15 + 13 = 40 (cm)

Xq

80

Tinh céc gi4 tri ¢ co6t 4 nhu sau:

CV ddy 12+15+13 _

Tac6:CVddy=a+b+chay21=7+b+6 =>b =8 (cm)

Syq=CVday xh = h =

xq

CV day

25. Tam lich dé ban c6 dang mét lang try dung, ACB |a m6t tam gidac can

(hinh bén).

a) Hay vé thém nét khuat, dién thém chi
vao cac dinh rdi cho biét AC song song

véi nhing canh nao?

b) Tinh dién tich miéng bla dung dé lam

m6t tdm lich nhu trén.

chit nhat.
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gidi
a) Hoc sinh tu lam. Ta ¢6 AC // A'C’' (Vi AA'C’C 1a hinh chi nhat).

b) Tinh dién tich miéng bia dung dé 1am t4m lich nhu trén tgc la tinh
dién tich xung quanh hinh lang tru ding nay véi cdc mit trén la hinh




Xét NABC can tai C:

Ta co: qu = Sppcc + Saacc + Saann

2 Spgcc + Saaps
= 2.15.22 + 8.22 = 836em?

Vay Syq = 836 cm” -
Tu hinh khai trién (hinh bén), cé thé géap
theo cac canh dé cé dugc mot lang tru D
dung hay khéng? (Céac td giac trén hinh déu e
la nhdng hinh chl nhat).
b) Trong hinh via gap dugc, xét xem cac phat
biéu dudi day, phat bi€éu nao dung: F
- Canh AD vuéng goéc vdi canh AB. B e
EF va CF 1a hai canh vudng géc v6i nhau. [

h S

Canh DE va canh BC vuéng goc vdi nhau.
Hai day ABC va DEF ndm trén hai mat phang song song véi nhau.
Mat phang (ABC) song song vdi mat phang (ACFD).

* Hoc sinh tu lam bai nay.

$6. THE TICH HINH LANG TRU PUNG

1. KIEN THUC CO BAN

Céng thdc: Thé tich hinh Ié’ng try ding bang dién tich day nhan véi chiéu
cao.

V=S8.h

V: thé tich; S: dién tich day; h: chiéu cao

1. BAI TAP SACH GIAO KHOA

27. Quan sat hinh bén rdi dién sé thich hgp vao cac 6 trong
& bang sau:

b 5 6 4 ]
h 2 4
hy 8 | 5 | 10 L Ih,
Dién tich mot ddy 12 A
Thé tich 12 | 50 ""'b
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gidi

Cot1 | Cot2 | Cot3 | Cot4 |

b 5 6 4 25 |

2 4 3 4 |

h, 8 5 2 | 10 |

Dién tich mot ddy | 5 12 6 5 |
Thé tich 40 60 12 50 |

Huéng din tinh cdc gi4 tri trong bang:

— Tinh céc gid tri § cot 1: Sy, = %—b.h — —;—.5.2 =5

V=Sh, =58=40

1 28 2.12
_GE62:  Bi=—hbshe 2208 gy
' = g b 6
V = Sgephy = 125 = 60
_Cot3: Sey= ~hboh=2>_26_4
2 1
vV oo12
V—Sdﬁy.h13h1=§=—6—=2
_Cot4:  V=Seh
V-lhbh hayso=Llba10sb=220_190 .4
2 2 410 40

1 i |
Sd,;y = Ehb = '5 2,54 =5

28. Thung dyng clia mdt may cét cd co
dang lang try dung tam giac (hinh

bén). Hay tinh dung tich cua thung. ‘
7 g(cm

Gidi Ocm

Dung tich cda thung dyng mdy cdt c¢é chinh la thé tich hinh ldng tw ding
tam gidc nay.

¢
60cm

]

\%

Sh S : dién tich tam gidc
" |h: chidu cao

—;—(60.90).70 = 189000 (cm®)

Vay V = 0,189m°.
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29.

30.

Cac kich thudc clia mot bé
boi dudc cho trén hinh bén
(mat nudc co dang hinh chu
nhAt). Hay tinh xem bé chua
dugc bao nhiéu mét khai
nudc khi né day &p nudc.

gidi

— Thé tich nuéc chita trong hinh chit nhat

V, = abc = 2.10.25 = 500 (m®)
- Thé tich nuéc chita trong hinh ling tru ding ddy tam gidc.

V, = %.2.7.10 =70 (m?)
Vay khi bé day nuédc thi s§ mét khéi nuée né chia duge la:

V=V, +V, =500+ 70 = 570m°.
Céc hinh a) b), ¢) (hinh bén dudi) gdm mot hodc nhiéu lang tru duing. Hay

tinh thé tich va dién tich toan phan cta chung theo cac kich thudc da cho
trén hinh.

B P o ——— -

E
£ S 2 icm
Q Q E
[{¢] (o] o
‘ - - - A
" &
- ‘50
ch ‘bo(o 2cm
a) c)

a) Hinh a) 1a mot lang tru dimg cé ddy la tam gidc vudng va chiéu cao la

3cm. Kh'i dé: '
V=Sh-= —;—(8.6).3 = 72 (cm®)
Dién tich toan phén:
Ta c6 canh huyén cla tam gidc vudng bang: V62 + 82 = \[1_(5 = 10 (cm)
Khi d6 chu vi ddy (chu vi hinh tam gidc) 1a: 6 + 8 + 10 = 24 (cm)

Vay: Syq = 24.3 = 72 (cm?)
Vi hai ddy 1a hai tam gidc vudng biing nhau nén dién tich hai ddy la:

2.S44y = 2. % 6.8 = 48 (cm?)
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Vay:

b) Hinh b): V=S.h = %.(6.8).3 =72 (cm?)

Sip= 72 + 48 = 120 (cm?)

Dién tich toan phan: (bing cdch tinh dién tich 5 mat bén cdng lai)

Sip = 2.—;—.(6.8 +6.3+83+10.3=23(16+6+8+10) = 120 (¢m?

¢) Hinhe); V=Sh=[4.1) + (1.1)]. 3=5.3 = 15 (cm®)

Dién tich toan phan: -
Sxq=CVgyy xh=04+2+1+1+3+1)3 £
S, = 12.3 = 36 (cm?) | |iem
2.844sy = 2.5 = 10 (cm?)
Vay Sy, = Syq + 2. Sqsy = 36 + 10 = 46 (cm?) 2cm
Luyén tap
31. Dién sd thich hop vao 6 tréng & bang sau:
Lang try 1 Lang tru 2 Lang tr, 3
Chiéu cao cla lang tru ding 5cm 7cm
tam giac.
Chiéu cao cua tam gidc day. S5cm
Canh tuong ung vd6i dudng cao 3cm 5cm
clia tam gidc ddy.
Dién tich day. 6cm? 15¢cm’
Thé tich lang try dung. 49cm?® 0,045
Gidi
Liang tru 1 | Liang tru 2 | Lang tru3
g:rilé;i :20 cia lang tru ding Bem tom 3em
Chiéu cao cia tam gidc d4y. 4cm %cm 5cm
e T T
Dién tich ddy. 6cm? 7cm® 15¢m?
Thé tich ling tru dung. 30cm?® 49¢m? 0,045¢

156 - GBT TOAN 8 (tép hal)

icm



Hudng dan tinh cac gia tri trong bang:
- Lang tru 1: V=Sh=6.5=30 cm’

S = lah, = h; = g_S_: a8 =4 (cm)
2 a 3
B’
1 C
o ]_ﬂ’il]g tru 2: V=Sh-= EBC h].h 7
, h
49 = l.5.hl.7 &5 Jyy = 492 = l—% cm A
2 7 5

-
-

1514
2 5 C %‘
- Lang tru 3: \

Ta c6: 0,045( = 45em® = V

V=Sh&45=15h < h =3

g = %.Bc.h1 = 15 = -;-.BC.S = BC = %g = 6 (cm)

32. Hinh bén bi€u dién mot Iudi riu bang sét, nd cé dang mét lang tru ding,
BDC la mét tam giac can.

a) Hay vé thém nét s B
khudt, dién thém chi 2
vao cac dinh réi cho e
biét AB song song vdi C
nhdng canh nao? o,

b) Tinh thé tich 1uGi riu. &

c) Tinh khéi lugng cla Iudi riu, biét khdi lugng riéng cla séat la
7.874kg/dm® (Phan can gd bén trong Iudi riu la khong dang ké).

Gidi A
a) AB // DE va AB //-FC. 8
b) Ta c6 ddy cta ludi riu la hinh tam gidec BCD.

Do d6 dién tich ddy S = é—.4.1o = 20 (cm?) C.

Vay thé tich lugi riu la:
V =Sh =20.8 = 160 (cm”) = 0,160dm”
c) Khdi lugng cha ludi riu 1a:

Tacé V= %I- = M =V.D = 0,160 x 7,874 ~ 1,260 (kg)

Viy M = 1,260 kg.
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33. Hinh bén la mét lang tru dung, day la hinh
thang vudng. Hay ké tan:

a) Cac canh song song vdi canh AD; B C
b) Canh song song vdi canh AB; E; ------ -
c) Cac dudng thang song song vdi
mat phang (EFGH); = <
d) Cac dudng thang song song vdi mat phang (DCGH).
Gidi

a) Cac canh song song véi canh AD la: BC; EH; FG.
b) Canh song song vgi canh AB la EF.
c¢) Céc duong thing song song v6i mat phang (EFGH) la: AB, BC, CD va AD.
d) Cac dudng thang song song véi mat phing (DCGH) la: BF, AE.
34. Tinh thé tich cha hop xa phong va hop Sé-cé-la trén hinh dudi, biét:
a) Dién tich day hop xa phong la 28cm? (hinh a).
b) Dién tich tam gidc ABC & hinh b) la 12cm?,

8cm

Gjidi

a) Thé tich cia hop xa phong la: V,; = S.h; = 28.8 = 224 (cm®)

b) Thé tich cda hop Sé-co-lala: V, = Sp.hy = 12.9 = 108 (ecm®).

35. Pay ctia mot lang tru dung la td giac,
cac kich thudc cho theo hinh bén.

Biét chiéu cao cua lang try 1a 10cm.
Hay tinh thé tich cla né.

gidi

Dién tich tit giac ABCD la:

1
5 = SAABC + SAACD = %BHAC + EDKAC

_ —;—AC(BH + DK) = -;-.3(3 +4) = 28 (cm?)

Thé tich cia hinh ling tru ddng 1a: V = S.h = 28.10 = 280 (cm”)
Vay V = 280 cm’.
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B. HINH CHOP PEU

$7. HINH CHOP PEU VA HINH CHOP CUT PEU

1. KIEN THUC CO BAN

1. Hinh chop: Hinh chép la hinh cé mat day la
mot da giac va cac mat bén la nhing tam
giac c6 chung mét dinh. Binh chung nay goi
la dinh ctia hinh chép. Chiéu cao

Mat bén

- Duéng thang di qua dinh va vuéng goc  , JAL_ i ) D
vdi mat day la dudng cao cua hinh chop.

- Viduy: Hinh chop S.ABCD cé dinh 1a S va
day la tu giac ABCD, ta goi d6 Ia hinh B mataay C
chop tu giac.

2. Hinh chop déu: Hinh chop déu 1a hinh
chép c6 mat day la mét da giac déu,
cac mat bén la nhdng tam gidc cén
bang nhau cé chung dinh (1a dinh hinh
chop).

Canh bén

Trung doan

- Chan dudng cao H la tdam dudng
tron di qua cac dinh clia mat day.

- Pudng cao vé tu dinh S cla méi
mat bén cda hinh chép dudgc goi la A

trung doan cia hinh chép do. Q

3. Hinh chop cut déu: C4t hinh chép déu
bdng mot mat phdng song song Vdi
day. Phan hinh chép ndm gida mat
phang dé va mit phdng ddy cda hinh -
chép goi la hinh chdp cut déu.

R

S
Pl

~ MOo&i mat bén cla hinh chép cut déu
la mot hinh thang cén.

I1. BAlI TAP SACH GIAO KHOA

36. Quan sat hinh bén dudi va dién cum t va so thich hgp vao cac 6 trong &
bang sau, biét rdng cac hinh da cho la nhing hinh chop déu.
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Chop Chop Chop Chép
tam giac déu tu giac déu | ngd giac déu | luc gidc déu
pay Tam gidc déu
Mat bén Tam giac can
Sé canh day 5
S6 canh 10
S6 mat 5
Gjidi
Chép Chép Choép Chép
tam gidc déu t giac déu ngi gidc déu | luc gidc déu
bay Tam gidc déu | Hinh vuéng | Ngu gidc déu | Luc gidc déu
Mait bén Tam gidc cdn | Tam giac can | Tam gidc cdn |Tam gidc cdn
S6 canh day '3 4 5 6
S6 canh 6 8 10 12
S6 mat 4 5 6 7

37. Hay xét sy dung, sai clia phat biéu sau:

a) Hinh chop déu cé day 14 hinh thoi va chan dudng cao trung vdéi giao
diém hai dudng chéo cha day.

b) Hinh chdp déu cé day la hinh chd nhat va chan dudng cao trung vdi
giao diém hai dudng chéo cla day.

Gidi

a) SAI vi hinh chép déu cé day phdi 1a da gidc déu ma hinh thoi khéng
phai 1a da gidc déu (hinh vuéng la ti gidc déu).

b) SAI vi hinh chit nhat khéng phdi la hinh da gidc déu nén khong c6
hinh chép déu d4dy la hinh chi nhat.

38. Trong cac tdm bia & hinh bén dudi, em g&p lai tdm bia nao thi c6 dugc mot
hinh chép déu?

a)
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* Hoe sinh tu thuc hanh va rut ra nhan xét.
Bdp si: Chi c6 hinh b, ¢ la hinh choép déu.
39. Thuc hanh: Tu td gidy cat ra mét hinh vuéng réi thuc hién cac thao tac

theo thy ty tu 1 dén 6 dé co thé ghép dudc cac mat bén cla hinh chop tu
giac déu (hinh dudi).

* Hoc sinh tu thuc hanh.

§8. DIEN TICH XUNG QUANH
CUA HINH CHOP PEU

1. KIEN THUC CO BAN

Cong thuc: S

Dién tich xung quanh cla hinh
chop déu bang tich nla chu vi day vdi

Trung doan
trung doan.
M A C
7 :
(p: na chu vi day; d: trung doan) B

Il. BAI TAP SACH GIAO KHOA
40. Mot hinh choép td gidac déu cé dd dai canh bén bing 25cm, day la hinh
vuéng ABCD canh 30cm. Tinh dién tich toan phan cuda hinh chép.
Gjidi
Vé SH | BC.

Vay SH la trung doan cta hinh chép. P4t SH = d. Vi S.ABCD la hinh
chép ti gide déu nén ASBC la tam gidc can va dudng cao SH cing 1a dudng
trung tuyén.
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Do d6: BH = % = % =15 (em)

Ap dung dinh li Py-ta-go trong tam gidc vuéng HSB, ta c6:

SB? = SH? + BH? = SH = vSB2-BH? = v252-152 = 90 (cm)

Nua chu vi day cua hinh chép la:

Bi= ?_;E = 2AB = 2.30 = 60 (cm)

Vay dién tich xung quanh hinh chép la:
Siq = p.d = 60.20 = 1200 (cm?)

Dién tich ddy hinh choép la:
Sasy = AB? = 30% = 900 (cm?)

Vay dién tich toan phan hinh chép S.ABCD la: A 30em B
Sip = Siq + Sa = 1200 + 900 = 2100 (cm?)

Vay Sy, = 2100 cm®.

41. Ve, cat va gap miéng bia nhu da chi ra & hinh vé bén dudi dé dudc hinh
chép tu giac déu. :

a) Trong hinh a), co bao nhiéu tam giac can bang nhau?
b) S& dung dinh li Py-ta-go dé tinh chiéu cao ng vdi day cia mbi tam

giac.
c) Dién tich xung quanh va dién tich toan phan cla hinh chép déu nay la
bao nhiéu?
10/ \10cm
10 S 10
5 5 —_
10 E 10
10% /10
a) b) C)

gidi
a) Vi hinh vé trén l1a hinh chép td gide déu day 1a hinh vuing. Do dé 4
mit bén 12 nhitng tam gidc can bing nhau. (c.c.c)

b) V& SH L BC. Ta c6 BH = g - 2.5 (cm).

Ap dung dinh li Py-ta-go trong tam gidc vuéng HSB, ta c6:
SB? = SH* + BH?®
— SH? = SB* - BH?
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. SH = JSB? - BH? ;
= \/1‘02‘:_2,—55 = \/53_7“5 ~ 9,68 (cm)
Vay SH = 9,68 em. G
¢/ * Dién tich xung quanh cua hinh chop: H
Nia chu vi ddy cta hinh chop: A B
4BC

p = T =2BC =25=10 (cm)

Dién tich xung quanh cua hinh chép la:
Sy = p-SH = 10.9,68 = 96,8 (cm?)
Dién tich toan phan cta hinh chép la:
Tacé Sgy = 5° =25 (cm?)
Vay dién tich toan phan hinh chép la:
Sty = Syq + Sasy = 96,8 + 25 = 121,8 (em?).
42. Tinh d6 dai dudng cao cla hinh chép td giac déu vdi cac kich thudc cho
trén hinh & bai 41. '
Gidi
Goi O la giao diém cla hai duyng chéo hinh vuong ABCD. Khi d6 O la
tam duong tron di qua 4 dinh hinh vuéng ABCD.
N6 SO, khi d6 SO la dudng cao hinh chép S.ABCD hay SO 1 AC.
Vi ABCD la hinh vudéng ¢6 canh AB = 5cm

Do d6 AC = ABV2 =52 (em) = AO = ‘-°‘29- = 32—% (em)
S
Ap dung dinh li Pitago trong tam gidc vuéng SAO, ta cé:

SA? = SO? + OA%? = S0O? = SA? - 0A?

2
SO = JSAZ -0A? = 10 [%@J

:@)O_%’z _ 125 oo em
2 2

Vay SO % 9,35 (cm).

43. Tinh dién tich xung quanh, dién tich toan phan cta cac hinh chép tu giac
déu sau day (hinh dudi):
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a) Hinh a) : Vi S.ABCD 13 hinh chép td gide déu nén ABCD la hinh vudng.

Do dé nia chu vi day: p = i’;ﬂ = 2AB = 2.20 = 40 (cm)

Vi SBC la tam gidc cdn nén dudng cao SH cing 1a trung doan cia hinh
chép déu. Vay'dién tich xung quanh hinh chép déu S.ABCD la:

Syq = p-d = 40.20 = 800 (cm?)
Dién tich d4y la:
Sasy = BC? = 20° = 400 (cm®)
Vay dién tich toan phén la:
Sip = Sxq + Sasy = 800 + 400 = 1200 (cm?)
b) Hinh b) : Tinh tuong tu cau a) ta c6 két qua:

Seq = %.12.7.4 = 168 (cm?)

Saay = 7° = 49 (cm®)
S, = 217 (cm?)
¢) Hinh ¢) : Li luan tuong tu BAI TAP MAU, ta c6:
-~ Chiéu cao mit bén hinh chép la:

h=SI= y172 -8% = {225 = 15 (cm)

— Dién tich xung quanh hinh chép la:

4.16
Seq = =515 = 480 (em?)

- Dién tich ddy hinh chép la:
Sasy = AB? = 16% = 256 (cm?)
Viy dién tich toan phan hinh chép la:
Stp = Sxq + Sasy = 480 + 256 = 736 (cm”?)
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$9. THE TICH HINH CHOP PEU

1. KIEN THUC CO BAN

*  Coéng thic: Thé tich hinh chép déu béng ;—
dién tich day nhan vdi chiéu cao.
V=_1sh
3
(S: dién tich day, h: chiéu cao)
Il. BAl TAP SACH GIAO KHOA .

44. Hinh bén la mét cai léu & trai heé cla hoc sinh
kem theo cac kich thudc.

a) Thé tich khéng khi bén trong 1éu la bao nhiéu?

-1

b) Xac dinh s6 vai bat can thiét dé dung Iéu (khéng
tinh dén dudng vién, nép gap,.. biét J5 ~2,24)
djidi

a) Theo dé bai ta c6 thé tich khong khi bén trong léu bing thé tich cda hinh
chép c¢é chiéu cao bing 2m va ddy l1a hinh vuéng canh dai 2m.

V:%Sh v6i S = 2% = 4m?

h =2m

Vay veligo=-28
3 3
b) S6 vai bat cidn thiét dé€ dung léu chinh S
la dién tich cGa bén mit, méi mit la i
mot tam gidc can. 4

Ta c6 ddy hinh chép déu 124 mot hinh

vudng c6 canh dai 2m nén dudng chéo D ;
AC = ABV2 = 22 (cm) D)
- A H 3
P 2
MaOC=é§Q=Z‘;2=\/§(m) m

Vi SO 1a dudng cao cia hinh chép S.ABCD nén SO L AC. Khi dé6 ASCO
vudng tai O.
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Ap dung dinh li Py-ta-go trong tam gidc vuéng SCO, ta c6:
SC*=80*+0C*=4+2=6=SC= \/E_S (m)
Vi S. ABCD la hinh chép déu d4ay l1a hinh vuéng nén ta cé:
SA =SB =SC =SD
Vi ASAB = ASBC = ASCD = ASAD.
Suy ra dién tich 4 tam gidc nay cing bing nhau.
Vé dudng-cao SH cda tam gidc can SAB.
Ap dung dinh li Pitago trong tam gidc vuong HSB ta cé:
SB? = SH? + HB? = SH® =SB - HB*= (V6 )2 - 1'=6 - 1 =5
= SH = /5 (m)
Vay dién tich ciia ASAB la: —;-SH.AB - ?12- 5.2 = V5 (m?)
Khi d6 dién tich 4 mat bén la: 4y5 = 4. 2,24 = 8,96 (m?)
Vay sé vai bat can thiét dé dung léu la 8,96m”.
45. Tinh thé tich cGa mdi hinh chdp déu dudi day (hinh a, b):

C b
budng cao AO = 12cm PBudng cao AO = 16,2cm
BC = 10cm (475 ~ 8,66) BC = 8cm (/48 = 6,93)
Gidi
ABA3

Huéng dan: Cho tam gidc déu ABC thi dién tich cia né: S = — y

a) (Hinh a) : Vi S.BCD la hinh chép déu ¢6 ddy la tam giac déu CBD c¢6
canh 10cm.

= 253 (em?)

) BCZ3  100V3
Ta cé SBCD = = 1

4

Khids V= —;—S.h - %.25.\/5.12 - 10043 = 175.2 (em®)
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b) (Hinh b) Ly luan tuong tu cau a), ta c6:

46. S.MNOPQR la mét hinh chop luc
giac déu (hinh a). Ban kinh
dudng tron ngoai tiép day (dudng
tron tdm H, di qua sau dinh cla
day) HM = 12cm (hinh b), chiéu
cao SH = 35cm. Hay tinh:

a) Dién tich day va thé tich cla

Sn('l) B e 5 sl

4

BC2.J3  64.43 - 845 (em®)

Khi dé: V = %.s.h = %.8\@.16,2 ~ 149,688 (cm”)

hinh chop (biét V108 =~ 10,39); a) b)

b) D6 dai canh bén SM va dién tich toan phan

cla hinh chop (biét +1333 =~ 36,51).
Gidi

a) Vi SMNOPQR la mot hinh chép luc gide déu nén day la mot luc gidc déu,
chia ra thanh 6 tam gidc déu bing nhau ma mai tam gidc déu baing AHMN.

AM2.3 12243

Ta co SHMN = = 4 = 36\/5 sz

4

Suy ra dién tich day hinh chép:

Smnorqr = 6.Sumn = 6. 36V3 = 216.43 = 374,11 (cm?)

V= %.S.h - %.216. J3 35 = 4363.8 (cm®).

Ap dung dinh ly Pitago trong tam gidc vuéng HSM ta cé:
SM? = SH* + HM? = 357 + 12° = 1225 + 144 = 1369
=> SM = 37 (cm)

Trong tam giac can SMR ¢6 canh ddy MR = HM = 12 (cm) va canh bén
SM = 37 (cm), ta vé dudng cao SA cia ASMR. ~

Ap dung dinh li Pitago trong tam gidc vuéng ASR, ta c6:
SM* = SA* + AR?

2 , 2
-»  SA? = SM? - AR® = SA®- [-MZ—R) = 37% - [52-2-] =37% - 6% = 1333

= SA = V1333 = 36,52 (cm)
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Khi d6 dién tich xung quanh hinh chép la:

Sy = pd {p : nua chu vi day

d : trung doan
- @—2@ SA = 3.MR.SA = 3.12. /1333

= 36.41333 = 36.36,51 = 1314,36 (cm?)
Vay dién tich toan phan hinh chép S.MNOPQR la:

S = Syq + Sasy = 1314,36 + 374,11 = 1688,47 (cm?).

Luyén tap

47. Trong cac miéng bia & hinh vé, miéng nao khi gap va dan lai thi dugc mét

hinh chép déu?

@ ) ©
|/

Gidi

@

Céc em tu ldy gidy cdt va gdp lai theo cdc hinh 1, 2, 3, 4. Ta nhéan thay
hinh 4 12 mét hinh chép déu vi ddy cda né 1a mot hinh vuong va 4 mat

bén la 4 tam gidc can bing nhau c¢6 chung mot dinh.
48. Tinh dién tich toan phan cla:

a) Hinh chop tu giac déu, biét canh ddy a = 5cm, canh bén b = 5cm,

J18,75 =~ 4,33;

b) Hinh chdép lyuc gidac déu, biét canh ddy a = 6cm, canh bén b = 10cm,

J3 =1,73, Jo1 ~9,54.

Gidi

a) Gia st ta c6 hinh chép tit gidc*déu S.ABCD
théa man diéu kién dé bai.

-~ Ta c6 ddy ABCD la hinh vudéng nén:

4.5
= — =10 (m)
P o

- ASBC la tam gidc cAn nén dudng cao
SH ciing 1a trung doan.

Ap dung dinh li Py-ta-go trong tam giac
vuong HSC ta cé:
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2
SC* = SH” + HC* = SH* = SC* - HC* = SC* - (E’ZEJ
\ [

2
_ 52 [5J = 95 _ %5_ o _19,97112‘2 ; Zf = 18,75.

— SH = 18,75 =~ 4,33
- Vay dién tich xung quanh hinh chép ti giac déu la:
S; = p.d = 10.4,33 = 43,3 (cm?)
- Dién tich ddy hinh vudéng ABCD: S, = a* = 5* = 25 (cm?)
- Vay dién tich toan phan cta hinh chép tu gidc déu la:
S =8, +8; =43,3 + 25 = 68,3 (cm”).
b) Tuong tu véi lue gidc déu:

- Nda chu vi ddy la: p = 6—;-5 = 18 (cm)
- Trung doan:
BC ) 6)°
SH? = SC* - HC? = SC? - (7} = 10% - (5] =100 -9 = 91

— SH = V91 (cm) = 9,54 (cm)
- Vay dién tich xung quanh la: S, = p.d = 18.9,564 = 171,72 (cm?)
- Dién tich hinh luc gidc déu la:
_6. az\/’é _ 6.36.\/§
4 4

S, = 54./3 =54.1,73 = 93,42 (cm?).

Vay dién tich toan phan hinh luc gidc déu la:
S=8,+8;=171,72 + 93,42 = 265,14 (cm®).
49. Tinh dién tich xung quanh cta cac hinh chdép tu giac déu sau day:

* Hinh a;:

- Vi ABCD la hinh vudng nén nda chu vi ddy la:
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52 %E = 2AB = 2.6 = 12 (cm)

~ Vay dién tich xung quanh hinh choép la:

S. = p.d = p.SH = 12.10 = 120 (cm®).
* Hinh b:
- Vi ABCD la hinh vuéng nén nta chu vi ddy la:

4AB

~ Vay dién tich xung quanh hinh chép la:
S., = p.d = p.SH = 15.9,5 = 142,5 (cm®) A

* Hinh c:
- Vi ABCD la hinh vuéng nén nua chu vi day la: D

. ."if;‘)_}:?’_ - 2.AB = 2.16 = 32 (cm)

4

- Vi SAB la tam gidc can nén:

HB = 522 = 8 (cm)

Ap dung dinh li Py-ta-go trong tam gidc HSB, ta cé:
SH* = SB* - HB*
=17* - 8% = 289 - 64 = 225
= SH = 225 = 15 (cm)
Vay dién tich xung quanh la: A H B
S, = p.SH = 32.15 = 480 (cm?) sl
50. a) Tinh thé tich cGa hinh chdp déu (hinh a)

b) Tinh dién tich xung quanh cta hinh chép cut déu (hinh b).
2cm

4cm

(Huéng dan: Dién tich can tinh bdng téng dién tich cac mat xung quanh.
Cac mat xung quanh | nhidng hinh thang can vdi cung chiéu cao, cac
canh day tuong ting bang nhau, cac canh bén bing nhau).

Gidi
a) Ta ¢6 BCDE la hinh vuéng nén: S = BC? = 6,5 = 42,25 (cm®)
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Ve i8he
3

€

h =A0 =12 (cm)
Viy thé tich hinh chép deu A.BCDE la:

1

L

= 42,25.12 = 42,25.4 = 169 (

2
cm’)

b) Ta biét rang dién tich xung quanh hinh chép cut déu bang tong dién tich
1 mat xung quanh va méi mat la mot hinh thang can.

Ta c6 ABB'A’ la mot hinh thang can nén:

(AB + A'B)

2+4

Sy = —— " " IK==-"235=23.3,5= 10,5 (cm”)
2 0

Vay dién tich xung quanh hinh chép cut la: S = 4.10,5 = 42 (cm”).

ON TAP CHUGNG IV

A. Tom tat
Hinh lang tru ddng - Hinh hép - Hinh chép déu
Hinh Dien tich Dien tich Thé tich
xung quanh " toan phan

- Lang tru dung: Siq =2p.h Stp = Syg + 284 V=8.h
Hinh c6 cac matbén | p: nia chu vi day S: dién tich day
la hinh cha nhat, day | . ohigy cao h: chiéu cao
la moét hinh da giac.
- Lang try déu: Lang
try dung co day la
da giac déu.
— Hinh hép chd nhdt: | Sxq=2(a + b)c |Syp =(ab + ac + bc) V = abc
nhing hint chud nhat ax ehidi van
~ Hinh lap phuong: Syq = 4a° S, = 6a° V=a’
Hinh hép chd nhat a: canh hinh lap
co ba kich thudc phuong.
bang nhau (cac mat
déu Ia hinh vudng).
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— Hinh chép déu:

Hinh chép déu 1a hinh Seq=p.d Siq = Sxq + Sa V- _sh
chop co mat day 1a | p: nga chu vi day S 37
g d? giac deu, cac | 4. sy cao cia S:dién tich day
mat bén la nhidng tam 2 .

mat bén (trung h: chiéu cao

giac can bang nhau

doan
c6 chung dinh. )

B. Bai tap
51. Tinh dién tich xung quanh, dién tich toan phan va thé tich cda lang try
dung cé chiéu cao h va day lan lugt la:
a) Hinh vuéng canh a.
b) Tam giac déu canh a.
¢) Luc giac déu canh a.
d) Hinh thang can, ddy Ién 1a 2a, cac canh con lai bang a.
e) Hinh thoi c6 hai dudng chéo la 6a va 8a.

Gjidi

a) Véi hinh vudng c6 canh la a:
p : nuda chu vi day

- Dién tich xung quanh: S, = 2p.h .
h : chiéu cao

. S« = 4a.h
~ Dién tich toan phan: S, = S,, + 253 =4ah + 2a’ = 2a(a + 2h)
~ Thé tich: V=Sh =a’h
b) Tam gidc déu canh la a:
- Dién tich xung quanh: S,, = 2ph = 3a.h
~ Dién tich toan phén:

dudng cao tam gidc déu canh a =

ay3
Sy = Seq + 284 2

S tam gidc déu canh a = a 2¥°

3
4
a\/g _ azx/g
4

ZSd = 2.a. 2
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32\6 b= azh\@

4 4

Thé tich: V=Sh-=

¢) Luc gidc déu canh la a:

- Dién tich toan phan: S, = S,, + 2.5, = 6ah + 2.6,

Dién tich xung quanh: S,, = 6ah
4
(Luc gidc déu chia thanh 6 tam gidc déu la a)
S, = 3a(2h + ax@)

az\/g b - 33211\/5
4 2

Thé tich: V = Sh = 6.

d) Hinh thang can day 16n la 2a, cdc canh con lai bing a.

Dién tich xung quanh: S,, = 2p.h = 5ah.

Dién tich toan phan:

Ap dung dinh li Py-ta-go trong tam gidc vuéng HAD ta cé:

- =

az_g_ai av3
4 2

AH? = AD* - AH? = a° u{—z—

Dién tich hinh thang ABCD la:

1 )a\/§_3a2\[§
= =

S(! = %(AB + CD)AH == E(a + 2a

—I = =6ah + 332\[3

4
Vay dién tich toan phan la:
2\/;3— 5 2\/5 A a B
Sty = qu + 2.S4 = bah + 2. da = bah + a
4 2 a a
2
Thé tich: V = S.h = 32 V3 h p/l__h c
4 a H 2a

2

e) Hinh thoi ¢6 hai duong chéo la 6a va 8a.

- Dién tich xung quanh: Ap dung dinh li Py-ta-go trong tam gidc vuéng

OAB, ta cé:
AB? = OA? + OB? = (42%) + (3a% = 16a® + 9a° = 25a°*

= AB = 5a
Vay Sy, = 2p.h = 4. AB.Ir = 4. 5a.h = 20ah.
A I

Dién tich toan phan: A&/

Ta c6: Sy = %(AC.BD) = %(Sa.Ga) = 24a’
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Vay S, = Sy + 2.S4= 20ah + 48a° = 4a(5h + 12a)
~ Thé tich: V = S.h = 48a’h
52. Tinh dién tich toan phan cla thanh gb
nhu & hinh bén (mat trudc, mat sau
cla thanh go la nhing hinh thang
can, b6n mat con lai déu la nhing

hinh chi nhat, cho biét V10 ~ 3,16).
Gidi
- Ta c6 mat tljudc ABCD va mat sau A'B'C'D’' la nhing hinh thang can
bang nhau. Ap dung dinh li Py-ta-go trong tam giac vuéng AHD, ta c6:
AH® = AD* - DH?*=3,5"-1,5°=(3,5+ 1,5)3,56 - 1,5) = 5.2 = 10
- AH = V10 = 3,16 (cm)
Dién tich hinh thang ABCD la:
(AB + CD) (3+6) 9.3,16

S4= -_~7-—.AH = 3,16 = = 14,22 (cm?)
- Dién tich xung quanh cta thanh gé la:
oo [ i
- (AB + BC + CD + DA). CC’ SR

=(3+35+6+3,5).11,5 =16.11,5 = 184 (cm?
~ Dién tich toan phan cta thanh go la:
Sip = Suq + 2.S4= 184 + 2.14,22 = 184 + 28,44 = 212,44 (cm”).

53. Thung chua cla xe 0 e 80cm .
- 5 ©
hinh bén c6 dang lang tru 60° \
dung tam giac, cac kich -—\l Z_ \
thuéc cho trén hinh. Hoi §
dung tich cla thung chua vy
la bao nhiéu?
Gidi
Ta biét ring dung tich cia thung chia chinh
la thé tich cta thung chia ¢6 dang lang tru E  80cm D

dung ddy tam giac va chiéu cao BE = 60cm. y /
&
Khi d6: V = S.h = ~ BC.AH.BE 8 o C
2 £
1 3 S
—2—.80.50.60 = 120.000 (cm”) O

Vay dung tich cia thung chda la 120.000 cm?®.

i
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54

55.

Nguoi ta muén dé mét tdm bé téng day 3cm,

bé mat cla tdm bé téng cé cac kich thudc 3,60m

nhu ¢ hinh bén.

a) S6 bé téng can phai cé la bao nhiéu? §

b) Céan phai cé bao nhiéu chuyén xe dé ché s6 L‘% ol
bé téng, néu mdi xe chia dugc 0,06m>? Y STom O

(khéng tinh s6 bé téng du thua hoac rai vai).
Gidi
Ta vé hinh da cho thanh hinh chia nhat ABCD.
Ta c¢6: Sapep = AB.BC = 5,10 x 4,20 = 21,42 (m?)

Spep = —;—DE.DF = %.2,05.1,5 = 1,54 (m?)

\fév SAHUFE = SAI'}(‘J) - Sl‘)El’
= 21,42 - 1,54 = 19,88 (m®)
a) So bé tong phai dé chinh 14 thé tich tAm bé téong day 3cm = 0,03m:
V = Sh =19,88 x 0,03 = 0,5964 (m”)
b) Vi s6 xe la mot s6 nguyén, nén khi tinh xong ta phdi lam tron lén:
S6 chuyén xe dé chd 0,5964 (m”) bé tong la
0,5964 : 0,06 = 9,94 ~ 10 (chuyén)
BPdp s6: 10 chuyén.
A, B, C, D 1a cac dinh ciia mét hinh hép chd nhat. Hay quan sat hinh bén
dudi roi dién vao cac 6 trong é bang sau:

AB | BC | cD | AD A
1| 2 | 2 5
7 P 5
. ,/””r B
2 9 11
12 | 20 | 25 D C
Gidi
- Tinh AD =7?

Ap dung dinh 1i Py-ta-go trong tam gidc vuéng ABC, ta cé:
AC*=AB*+BC*=1"+2°=5 ‘
Ap dung dinh li Py-ta-go trong tam gidc vuéng ACD, ta c6:
AD*=AC*+CD*=5+2°=9
= AD =3
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56.

57.

- b) S6 vai bat cdn phai c6 dé dung Iéu

- Tinh CD =7?

Tacé: AC?=AB?+BC?’=22+3*=13
Ta c6: AD?=AC?+ CD?*=CD?=AD?-AC*=7"-13=49-13 =36
=>CD=6
Tinh BC = ? |
Ta c6 AD? = AB? + BD®* = BD? = AD? - AB? = 11* - 2° = 117
Ta c6 BD?* = BC? + CD®* = BC* = BD? - CD* = 117 - 81 = 36
= BC = 6.
Tinh AB = ?
Ta ¢6 BD? = BC? + CD? = 12% + 20% = 544
Ta c¢6 AD? = AB? + BD? = AB? = AD? - BD? = 625 - 544 = 81
= AB = 9.
Mot cdi 1éu 4 trai hé co dang lang try dung Al
tam giac (vGi cac kich thudc trén hinh bén).

a) Tinh thé tich khoang khéng & bén trong 18u.

do 14 bao nhiéu? (Khéng tinh cac B
mép va néu co6 gap cua léu).
Gidi

a) Vi léu la mét lang tru dung tam gidc nén ta cé:
Sasy = %AH.BC = %.1,2.3,2 = 1,92 (m?

CC’' = 5m
Vay thé tich khodng khéng bén trong la:
V=Sh=1925=96(m?
b) S& vai bat cAn phdi c6 dé dung 1éu la tdng dién tich bon mit ABB'A’;
ACC’A’; ABC; A'B'C'.
Ta c6 Sapc = Sape = 1,92 (m?)
Sasa = Sacea =5 x 2 = 10 (cm?)
Vay dién tich vai bat can c6 la:
S = 2(Sapc + Sappa) = 2(1,92 + 10) = 23,84 (m?)
Tinh thé tich cGa hinh chép déu, hinh chép cut déu sau day (hirh a va
hinh b), (V/3 =1,73).
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* Hudng dan: Hinh chdp L.EFGH cing la hinh chép déu. ]
BC = 10cm A AB =20cm; EF = 10cm A
AO = 20cm MO = 15cm; LM = 15¢cm FHIRN

B D

H
a) b)

G didi
a) Thé tich hinh chép déu ABCD (hinh a)
Vi ABCD la tam giac deu:

BC2V3 _ 100V3
1 4

_ Ta ¢6: Spep = = 2543 (cm?)

95.1,73.20

- Vay V= %.S.h = %.25 J3 .20 = ~ 288,33 (cm”)

b) Thé tich hinh chép déu (hinh b)
- Vi L.ABCD la hinh chép déu nén ddy ABCD la hinh vudng
Sarcp = AB? = 20° = 400 (cm®)

Puong cao LO = LM + MO = 15 + 15 = 30 (cm)
Vay V, = %Sh = %.400.30 = 4000 (cm®)

- Vi LLEFGH la hinh chép déu nén ddy EFGH 1la hinh vuéng.
Ta c6: Sgren = EF? = 10° = 100 (cm?)
Pudng cao LM = 15cm

Vay: V, - %S.h = é—.IOO.lS = 500 (cm®)

~ Vay thé tich cia hinh chép cut déu la:
V =V, - V, = 4000 - 500 = 3500 (cm?)

58. C6 mot khdi gb hinh 1ap phuong canh 9cm.
Ngudi ta duc ba “I6 vudng” xuyén thing khéi il
g6 nhu hinh bén. £
a) Tim thé tich cGa khéi gb con lai. g@ ! ?
b) Tim t8ng dién tich cla t4t ca cac mat & e
(ngoai Ian trong) cla khdi gé. Q,c»‘°
Gidi 9cm

a) Ta nhan xét ring khi duc ba "16 vuéng” xuyén thing khéi gé nhu hinh
trén thi ba 16 vuéng nay da tinh ba lan "phan chung” 1a mét hinh lap
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phuong ¢é canh 1a 3cm. Ta c6 cdch tinh thé tich khéi gb con lai nhu
sau:

Thé tich ca khdi gb con nguyén la: V, = 9.9.9 = 729 (cm®)
M&i 16 vudng c6 thé tich la: 3.3.9 = 81 (cm?)
Do d6 thé tich ba "15 vudng” la: V, = 81.3 = 243 (cm?)
Ba 16 vudng nay cé ba “phan chung” 1 hinh lap phuong cé canh [a 3cm.
Do dé: V5 = 3.3.3 = 27 (cm?)
Vay phédi cong vao thé tich hai hinh 1ap phuong canh la 3cm, dé
tinh thé tich khoi gd con lai.
V=V, -V;+2V; =729 - 243 + 2.27 = 540 (cm’)

b) Tim tdng dién tich cda t4t cd cdc mit:
Dién tich khéi gb khi chua duc 1a: 9.9.6 = 486 (cm?)

Phan dién tich mit ngoai sau khi duc la:

486 - (3.3).6 = 432 (cm?)

Phan trong gom 6 hinh lap phuong canh bing 3cm, trong dé c¢¢ nhing
mit hinh lap phuong tring nhau, nhu vdy méi hinh chi con tinh 4 mat,
do dé6 dién tich phan mait trong la:

(3.3).4 x 6 = 216 (cm?)

Vay téng dién tich t4t cd cdc mait (trong l4n ngoai) cda khai gd la:

59. Tinh thé tich cta hinh cho
trong hinh bén vdi cac
kich thudc kem theo.

S = 432 + 216 = 648 (cm?).

Gidi :
f= u ‘\ £y
Ta nhéan xét ring: Thé tich can tinh gg: ;gg N4 e
bao nhiéu gobm mét hinh hop chi . LY o
nhit va mét hinh chép cut. Ta cé: 1 B
beess &
_ A2 z 5 Ao ’ Q
Thé tich hinh hop: 30m ™

V, = 3.3.6 = 54 (m®)

— - Thé tich hinh chép cé dudng cao BA = BO + OA = 3+ 4,5 = 7,5n la:

V, = %.(7,5.7,5).7,5 — 140,625 (m%)

— Thé tich hinh chép c6 dudng cao BO = 3m la:

V, = %(3.3).3 =9 (m%)

Vay thé tich can tim la:

V=V, +Vy-V; =54+ 140,625 - 9 = 185,625 (m”)
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10.

CAU HOI TRAC NGHIEM CHUONG IV

Chon cdu trd loi ding. Cho hinh hop chi nhat ABCD.MNPQ thi ¢6 bao
nhiéu cap mat phdng song song véi nhau ?

A) 1 (B) 2 (C) 3 (D) 4.
Chon cGu trd i sai. Cho hinh hop chi nhat ABCD.MNPQ. Ta c6 :
(A)AD LDC  (B)ADLCP  (C)AD L PQ (D) AD L MQ.
Tim cdu trd loi dung. Cho hinh hdp chit nhat ABCD.A'B’'C'D’, ta ¢6 :
(A) AD // mp (AA'B'B) (B) AD // mp (DCC'D")

(C) AD // mp (A'B'C'D’) (D) AD // mp (ABCD).

Chon cdu trd loi ding. Cho hinh hép chi nhat ABCD.A'B’'C'D’. Néu O
la trung diém ctia doan AD’ thi O ciing 1a diém thuéc doan :
(A) AC (B) D'C’ (C) CB’ (D) DA".

Chon céu trd loi ding. Cho hinh hdp chi nhit ABCD.A,B,C,D,. Tu
gisgc ACC,A, 12 hinh : _

(A) Hinh chi nhat (B) Hinh binh hanh

(C) Hinh thang vuéng (D) Hinh thoi.

Chon cdu trd loi ding. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 chiéu
dai AB = 90 cm, chiéu cao AA’' = 70 cm va dién tich xung quanh bing
210 dm®. D¢ dai chiéu rong AD cta hinh hop chit nhat 1a :

(A) 75 cm (B) 80 cm
(C) 60 cm (D) 50 cm.

Tim cdu trd loi sai. Cho hinh hop chit nhat
ABCD.MNPQ. Ta c6 : D

(A) AD L mp (DCPQ)
(B) AD L mp (ABNM)
(C) DC L mp (ADQM)
(D) DC L mp (ABNM) aQ 4

Chon cdu trd loi dung. Cho hinh hop chir nhat cé do dai cdc kich thudc
theo thu tu chiéu dai, chiéu rong va chiéu cao la 10, 6 va 7 cm. Thé tich
cia hinh hgp chit nhat 1a :

(A) 420 cm’® (B) 224 cm® (C) 840 cm’® (D) 204 cm®.
Chon cdu trd loi ding. Dién tich todn phdn cia mét hinh ldp phuong
1a 726 cm®. Thé tich ctia hinh lap phuong nay bing :

(A) 1133 cm® (B) 1452 cm® (C) 1245 cm® (D) 1331 cm®.
Chon céu trd loi ding. Cho mot lang tru ding cé ddy la luc giac thi
lang tru dé c6

>
oy}

ettt et

<
b4

- - - - -

GBT TOAN 8 (tép hai) - 179



11.

12.

13.

14.

15.

16.

(A) 6 mat bén, 6 dinh, 6 canh bén
(B) 6 mat bén, 12 dinh, 12 canh bén
(C) 6 mat bén, 12 dinh, 6 canh bén
(D) 8 mat bén, 12 dinh, 8 canh bén.

Chon cdu tra loi dung. Cho mot lang tru ding A
ABC.A'B'C’ ddy la tam gidc vuéng. Kich thuge  36m/i \gem
cdc canh nhu hinh bén. Dién tich toan phan Bf— : G
ctia lang tru ding bang : ,’tﬁ

5 5 P 3,5¢cm
(A) 54 cm (B) 42 cm S
(C) 45 cm® (D) 52 cm®. B’ c

Chon cdu trad loi dung. Goi C la chu vi ddy, B la dién tich ddy va h la
chiéu cao, ta c6 thé tich hinh ling tru ding la :

(A)V=(C+B)xh (B)V=Cxh

(C) V=B xh (D)V=CxB. " 5
Chon cdu trd loi dung. Quan sat hinh bén,

ABC.MNP la hinh lang tru ding c6 kich thuéc -
nhu trén hinh. Thé tich ctGa ling tru ding nay la : A Ogo
(A) 972 em®

(B) 1215 cm® N
(C) 297 cm®

(D) 405 cm®,

Chon cdu tra loi dung. Quan sat hinh bén, N

ABC.MNP 1a hinh lang tru ding c6 thé tich
bing 204 cm? va c6 cdc kich thuée cé trén hinh. 8

Tinh x ? i
(A) x = 12,75 cm (B) x = 9,5 em 3 X

(C)x=9cm (D) x = 8,5 cm. A C

P

Chon cdu trd loi dung. Hinh chép tu gidc c¢6 sd cdc mit bén, sd canh
d4y, s6 cdc méit 1an lugt 12 :

(A)4,4va4 (B)4,4vas5b (C)3,4vab (D) 4, 3 va 5.

Tim cdu trd loi sai. Hinh chép tam gidc déu c6 chan dudng cao tring
Vel :

(A) Giao diém hai dudng trung tuyén cha tam gidc & ddy.

(B) Giao diém hai dudng cao cia tam gidc ¢ ddy.

(C) Giao diém hai dudng phin gidc ngodi cia tam gidc ¢ ddy.

(D) Giao diém hai dudng trung truc ctia tam gidc ¢ ddy.
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17.

18.

19.

20.

al.

22,

23.

24.

Chon cdu trd lot ding. Chu vi day chép déu la 2p, trung doan hinh
chép déu la d. Dién tich xung quanh cta hinh chép déu la :

(A)S,, = 2pd (B) S,, = 2p.d* (C) Sy, = pd D) S,, = pd”.
Chon cdu tra Lot ding. Mot hinh chép tu gidc déu c6 do dai canh bén
bang 15 cm. P4y la hinh vuéong ABCD canh bing 18 cm. Dién tich
xung quanh cua hinh chép la :

(A)S,, =864 cm®> (B)684 cm® (C)S,,= 432 cm® (D) 342 cm™.

Chon cdu trd loi ding. Mot hinh chép ti giac déu cé6 canh ddy 16 cm.
canh bén 17 cm. Dién tich toan phan cua hinh chép la :

(A) 736 cm® (B) 544 cm? (C) 272 cm? (D) 1088 cm”.

Chon cdu trd loi ding. Hinh chép c6 dién tich ddy 1a S, chiéu cao la h,
thé tich cda hinh chép la :

(A)V = S.h (B) V = —;—S.h (C)V = %S.h (D) V = i—S.h.

Chon cdu trd loi ding. Cho hinh chép tif gidec déu Spgcp. ABCD 1a hinh
vudng canh bing 18 cm, canh bén hinh chép bing 24 cm. Thé tich
hinh chép la :

(A)324V46 cm®  (B)324cm® (C) 23446 cm® (D) 234 cm’.

Chon cdu trd loi dung. Mot hinh chép ti gidc déu cé6 thé tich bing 96
dm®, chiéu cao cta hinh chép bing 8 dm. Do dai canh d4y bing :

(A) 8 dm (B) 7dm (C) 6 dm (D) 5 dm.
Chon cGu trd loi ding. Cho hinh chép cut tit gidc déu ABCD.A'B'C'D’
¢6 cdc canh ddy 12 a va 3a, dudng cao cia mit bén biang a. Dién tich
xung quanh cda hinh chép cut

(A) 3a* (B) 4a’® (C) 8a* (D) 10a®.

Chon cdu trd loi dung. Cho hinh chép luc gidc déu Sapcper. Bdn kinh
dudng tron ngoai ti€p ddy bing 10 cm, chiéu cao hinh chép bing
25 cm. Thé tich cia hinh chép la :

(A) 2500 cm® (B) 1080 em”® (C) 2083 ecm® (D) 1250+/3 cm®.

PAP AN CAU HOI TRAC NGHIEM CHUGNG IV

1.

Tacé: -mp (ABCD)// mp (MNPQ)
- mp (ADQM) // mp (BCPN)
- mp (ABNM) // mp (DCPQ). Chon céu C.
Tacé: AD LDC,DC/PQ=AD LPQ
AD//BC,BC LCP = AD LCP
AD // MQ. Chon cau D.
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10.
11.

Chon céau C.

T hinh bén, ta c6 ADD’A’ 1a hinh chi

nhat nén trung di€m O cla dudng chéo D

AD’ déng thai la trung diém cla dudng

chéo DA, tic 1a O € DA".

Chon céu D. ' D o

Tacé: AA,//=BB;(ABB;A; la hinh chd nhéat)

BB, /= CC,; (BCCB; la hinh chl nhéat)

AA; /I =CC;
= ACC,A, la hinh binh hanh

AA; L mp (ABCD)

= AA; LAC . . N
=% ACC;,A, la hinh chi nhat.

Chon cédu A.

Tacé: S, =210dm?=21000cm?
< (AB +AD) x 2 x AA’ = 21000
< (90 +AD) x2 x 70 = 21000
=~  AD =60 cm. "

Chon cau C.

Chon c4u D.

Thé tich hinh hdp ch@ nhat: V = B.h (B : dién tich ddy ; h : chi€éu cao)

= V=10.6.7 = 420 cm®. Chon céu A.

Hinh 1ap phuong ¢é 6 mit 1 cdc hinh vudng bing nhau.

Dién tich mét mat hinh vudng 1a : 726 : 6 = 121 (cm?)

M6t canh hinh 1ap phudng dai: a= V121 = 11 (cm)

Thé tich hinh 1ap phuong |4 : V=11x11x11=1331 (cm?

Chon cau D.

Chon c4u C.

Canh huyén cla tam giac day dai la :

a= V32 +42 =25 =5 (cm)
Dién tich xung quanh :

Sy =(3+4+5)x3,5=42(cm?)
Dién tich toan phan :

O

U

Stp = Sxq + 2 x —;—.3.4 = 42 + 12 = 54 (cm?). Chon cédu A.
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12.
13.

14.

15.
16.
17.
18.

19.

Chon céau C.
Ap dung dinh li Py-ta-go vao AMNP vuéng tai P.

Dién tich day :

Sune = %.MP.PN = -;.12‘9 =54 (cm?)

Thé tich lang tru dung :
V = Synp.h = 54.18 = 972 (cm?)
Chon cau A.
Ap dung dinh li Py-ta-go vao tam giac ABC vuéng tai A.

AC = VBC? — AB? =102 - 62 = /64 =8 (cm)

Dién tich day : Spsc = —;—.6.8 _ 24 (cm?)

Do daix : V=8peX =Kz SV =—22£:— = 8,5 (cm).
ABC

Chon cdu D.

Chon c4u B.

Chon cédu C.

Chon cédu C.

Goi Sl 1a mét trung doan cla hinh chép déu.

2
Tacé: SIP=8B?-BIP=15°- (%J = 144
= Sl =12 cm.
Dién tich xung quanh cla hinh chép déu :
Sxq=2.18.12 = 432 cm®,
Chon céu C.
Goi SH la trung doan cda hinh chép.
Taco: SH?=SC?-HC?=17°-8%=225,
= SH =15 cm.
Dién tich xung quanh :
Syq=2 x 16 x 15 = 480 cm®
Dién tich toan phan :
Stp = Sxq + Sasy = 480 + 162 = 736 cm?.
Chon c4u A.
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20.
21.

22.

23.

24,

Chon c4u C.
ABCD la hinh vudng canh bang 18 cm

— BD=182 cm = 0D =92 (cm).
Theo dinh li Py-ta-go trong ASOD vuéng tai O.

SO = YSD? - OD? \/242 - 9J§)2
\/—— 3146 (c

6 (cm
L SABCDSO- % 18.18.3 V46 =324 /46 (cm?)

S

Chon cau A.
Goi S 1a dién tich day cha hinh chép déu :

V=—1-s.h:>8=ﬂ:--s--'—gﬁz.sﬁdm2
3 h 8

Vi hinh chdp tu gidc déu = ddy 1a mét hinh vuéng.
= canh cua hinh vuéng = \/g =36 =6 dm.

Chon c4au C.

Cac day ABCD va A'B'C'D’ la cac hinh vudng canh a va 3a, chu vi
p=4a;p =12a

1
Syq = E(p +p)d= %(4a + 12a)a = 8a®. Chon cdu C.
Goi O la tdm cda lyc giac ABCDEF.
Tacd:SO=25cm, AF =10cm.

Goi H 1a chan dudng cao ké tu O dén AF.
Theo dinh i Py-ta-go

=  OH= yOFZ —HF? = J10% -52 =75 =53 (cm) s

=  Sps %.OH.AF; %.5\/'3‘.10325\/5 (cm?)

Theo céac tinh chat cla lyc giac déu, cac tam
giac AOF, BOA, COB, DOC, EOD, FOE la
cac tam gidc déu va bang nhau.

= Sgay =6 x Soar = 6.254/3 = 150/3 (cm?)
Thé tich cla hinh chép 1a :

V= %Sday x SO = %.150\/:‘_3.25 — 125043 (cm®). Chon c4u D.
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BAI ON TAP cuOI NAM

A. Phan dai sé

:

Phan tich cac da thdc sau thanh nhan t:
a) a? - b? - 4a + 4; b) x? + 2x — 3;
c) 4x’y’ - (x* + y?)%; d) 2a° - 54b°.

Gidi
a) a° -b* -4a+4 =(a*-4a+4) - b’
—(a-2°-b*=(a-2+b)a-2-h)
by x* +2x -3 = (x*+2x + 1) - 4
=(x+ 17 -2°=(x+1+2)(x+1-2)=(x+3)x-1)
¢) 4x°y? - (x* + ¥ = (2xy)* - (x* + y?)?
= (2xy + X + y)(2xy - x* - y?)
= (x2 +2xy + yI)[-(x* - 2xy + yH)] = —(x + y)ix - y)*
d) 2a° - 54b® = 2(a® - 27b?) = 2[(a)’ - (3b)*] = 2(a - 3b)(a® + 3ab + 9b%)
a) Thyc hién phép chia: (2x* - 4x® + 5x® + 2x - 3) : (2x° - 1)
b) Chung td rang thudng tim dugc trong phép chia trén luén ludén dudng vdi
moi gia tri cha x.
Gidi
a) (2x* —4x® +5x* +2x-3):(2x*-1)=x*-2x+ 3
b) Tace: x* - 2x +3 =(x>-2x+ 1) + 2 = (x - 1)* + 2 > 0 v6i moi x.
Chuing minh ring hiéu cac binh phuong cla hai s6 1& bat ki thi chia hét cho 8.
gidi
Goi hai s6 16 bat ki 1a 2a + 1 va 2b + 1 véi a, b € Z, theo d& bai ta c6:
(2a + 1) = (2b + 1)* =4a®* + 4a + 1 — (4b* + 4b + 1) = 4a(a + 1) - 4b(b + 1)

Ta biét rdng a, a + 1 va b, b + 1 14 hai s§ nguyén lién ti€p nén chia hét

cho hai. Do d6 4a(a + 1) va 4b(b + 1) déu chia hét cho 8.

Vay 4a(a + 1) va 4b(b + 1) chia hét cho 8.
Hay hiéu binh phuong hai sd 1é bat ki thi chia hét cho 8 (dpcm).

S . . . 2 . ” . 1
4. Rut gon roi tinh gia tri cua biéu thuc sau tai x = —5:

X+3 - 6  x-3 1 24x3 12
(x=32 x*-9 (x+30]| x*-81 x2+9
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Gidi
_ 2
Dat A = X+3 N 06 X 3 11 24x ~ 12
(x-32 x2-9 (x+3)? x*-81 x%2+9

[x+3y +6(x+3)(x—3)—(x-3)3] {1,(2438 - 12(x” sah)ﬂ

(x +3)%(x - 3)® x! -81

| 2ax? .. 12x" +108
(x+32x-3?2|| (x2+9)x?-9)

_ 24x° x> +9)(x*-9)  2x?
(x+32%(x-3°% 12(x2+9) x? -9
] 2
2[:?7) 25 1
Vdix=~l,tac6:A= = 9 = ——.
1 2 1 40
1Y g -9
SR
2 2 2 2 2 >
5. Chung minh réng: a_ . B o = b LA
a+b b+c c+a a+b b+c c+a
Gidi
Huéng dan: Ta ching minh VT - VP = 0 & VT = VP
2 2 2 2 2 2
Ta lap hiéu: a_ . b +c +b L
a+b b+ec e¢+a a+b b+e c+a
a’ b2 b2 c? c? a2

- + - +
a+b a+b b+c¢c b+c c+a c+a

(a+b)(a—b)+(b+c)(b—~c)+£g:rﬁa)(c—a~)_
a+b b+c c+a

=a-b+b-c+c-a=0

a2 b2 o2 b2 o2 a2
+ + = + + (dpcm)
a+b b+c c+a a+b b+c c+a

Vay

6. Tim céac gia tri nguyén cQa x dé€ phan thuc M c6 gia tri 1a mot s6 nguyén:

2— —
M = 10x“ -7x-5
2x~-3
Gidi
2_. N
Ta c6: M=10x i 5=5x+4+ i
2x -3 2x -3
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D& M c6 gia tri 1a mot sé nguyén thi
7 (2% ~ 3).

Ma 7 :(2x - 3) khi va chi khi 2x - 3 = +1; +7.

Vi 2x -3 =1 =X =q4 =DE=P

Vi 2x-3=-1 =22x=2 =x=1

Véi 2x -3 =7 = 2x =10 =x=5

Vi 2x -3 =-7 =2 2x=-4 > x=-2

Vay x € {-2; 1; 2; 5).
4x+3_6x—2 N 5x+4+

7. Giai cdc phuong trinh: a
P g ) 5 7 3
b) 3(2x-1) 3x+1+1= 2(3x+2)
4 10 5
x+2 3(2x-1 5x-3
c) 2 = =X
3 4 6
Gjidi
a) ﬁﬁ_6x~2=5x+4+3; MTC =5.7.3
5 7 3

<> 3.7(4x + 3) - 3.5(6x - 2) = 5.7(5x + 4) + 3.5.7.3

3,

phdi la mot s6 nguyén hay

5

12

&> 84x + 63 -90x + 30 = 175x + 140 + 315 < 181x = -362 & x = -2

Vay S = {-2}.
b)3@zfn_3igl+1=%ﬁtﬁQ;MTc=20

< 152x -1)-28x + 1) + 20 = 8(3x + 2)
&> 30x~-15-6x-2+20=24x+ 16 © 0x =13

Nhan xét: Khong c6 gid tri ndo cia x €« R dé 0.x = 13

Vay phuong trinh da cho v6 nghiém hay S = &.

x+2 3@x-1) 5x-8_ 5 . \io_ g

SA4x+2)+92x-1)-2B6x-3)=12x+ 5
S4dx +8+18x-9-10x+6=12x+50x=0
Nhan xét: C6 vo s6 gid trictax e Rdé0x =0

c)

Vay phuong trinh da cho c6 vé s6 nghiém sd hay S = R.

8. Giai cac phuong trinh:  a) |2x—3| = 4;

b) [3x -1 - x = 2.
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gidi

X = —
2% -3 = =

a) ]2x—31=4<:> S o 2x =1 &S 2
2x -3 = -4 2x = -1

—
b) [8x-1| -x=2(1)

* Khi3x-1>20& x>

CO | =

Khid6(1)¢:>3x—1—x=2c>2x=3<:~x=%(nhan)

% Khi3xﬂ1<0<:x<%
Khid6(l) &©-Bx-1)-x=2 -3x+1-x=2

& —-4X = 1<:>x:-i— (nhan)

1.3
Vay S = {-=;21.
» { 42}

X+2 X+4 X+6 X+8
+ = + )

9. Giai phuong trinh:
96 94 92

Gidi
Ta cé: x+2+x+4=x+6+x+8
98 96 94 92

X+2 X+4 X+6 X+8
= +1 |+ +1|= +1|+ +1
[ 98 J [ 96 ] ( 94 J ( 92 )

x + 100 . x + 100 _ x + 100 . x + 100
98 96 94 92

< (x + 100) v1—+—!———w~1———£— &0
98 96 94 92

& x+100.—.0(vi—1—+-1«-——1—~—1—¢0)

98 96 94 92

Lo x = -100
Vay S = {-100}
10. Giai cac phuadng trinh:
-1
a) T 5 _ 15 ; b) X ~ _
x+1 x-2 (x+1)(2-x) X+2 x-2
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gidi
1 5 15
,’1) =
x+1 x-2 (x+102-x)
MTC =(x + 1)X2 - x); Diéukién: x # -1; x # 2.
Khido (1) < ((2-x)+5(x+1)=15
<> 2-X+58x+5=15<4x=8 © x = 2 (loa1)

Vay S = @.
pj EoL_ X _DE=C .
X+2 X-2 4.-%2
X --1 X 5x - 2
e =
X+2 2-X 4 - x?
MTC =4 - x* = (x + 2)(2 — x)
Piéu kién: (x + 2)(2 - x) # 0 & x # +2
Khidé6(2) ©x-1)2 -x)+x(x+2)=5x-2
S -X -2+ X+ X +2Xx=5x-2=0x =0,
Vay phuong trinh c6 vo so nghiém sd trif cac gia tri x = +2 hay S = R \ {+2}.
- _ 1
11. Giai cac phuong trinh: a) 3x* + 2x - 1 = 0; b) x-3 + x=2 =3—.
X-2 x-4 5

Ggidi
a) 3x° +2x-1=03x*+3x-x-1=0
S Bx +3%) - x+1)=03x(x+1)-(x+1)=0

x+1=0 x = -1
o+ DBx-1)=0s R 1
3x-1=0 X=—
3
Vay S = -1; =]
) ,3
by X23,%x-2 41
x-2 x-4 5
Diéu kién: x_2¢0¢:>x¢2;4.
x-4%0

MTC = 5(x - 2)(x - 4)
< 16(x - 2)(x - 4) - 5(x - 3)(x - 4) - 5(x - 2)* =0
& (x-4)N16(x-2)-5(x-3)]-5(x"-4x+4)=0
& 6x’-41x +48 =0 6x* -9x - 32x + 48 = 0
< 3x(2x -3)-16(2x-3)=0= (2x - 3)(3x - 16) =0
GBT TOAN 8 (tép hai) - 189



| 3 .
[2){ _3-0 K=z (nhéan)

3 16 OC:> 1
X=-io= x:g(nhén)

2 3

12. MOt ngudi di xe may tu A dén B vdi van téc 25km/h. Luc vé ngudi ds di véi
van téc 30km/h nén thdi gian vé it hon thdi gian di la 20 phut. Tinh quang
dudng AB.

Gidi

Goi x (km) 1a d¢ dai quang dudng AB, diéu kién x > 0.

Khi d6 thoi gian ngudi di xe may tir A dén B mat '37)(6 (g)

Ta c6 20 phut = % gi.

Theo dé bai ta c6 phuong trinh: LU W
25 30 3

Gidi phuong trinh ta duge x = 50 (nhén)
Vay quang duong AB dai 50km.

13. M6t xi nghiép dy dinh san xuat 1500 san phdm trong 30 ngay. Nhung nhd
t8 chuc lao ddéng hop li nén thyc té da san xudt mbi ngay vuot 15 san
phdm. Do dé xi nghiép da san xuat khéng nhing vugt muc du dnh 255
san phdm ma con hoan thanh trudc thdi han. Hbi thyc t€ xi nghiép da rut
ngan dugc bao nhiéu ngay?

Gjldi
Goi x (ngay) l1a s6 ngay xi nghiép da rit ngdn dugc. Piéu kién: 0 < : < 30.

Khi d6 sé ngay thuc té sdn xudt 12 (30 - x) ngay va sd sdn phim lam
dugce: 1500 + 255 = 1755 (sp).

. . 5 .
Ning suit thuc té dat duge trong 1 ngay la: 31(;75 (sp) va nang suat du
- X
. 1500
dinh dat duge trong 1 ngay-la 30 (sdn phdm).
Theo dé bai ta c6 phuong trinh: Liog 2000 =15
30-x 30

Gidi phuong trinh ta duge x = 3 (nhén)
Vay xi nghiép da rit ngdn duge 3 ngay.
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2
14. Cho biéu thuc: A = (wzx +__g__+ 1 J;((x_2)+19__§_]

a) Rut gon biéu thuc A;
b) Tinh gia tri cGa A tai x, biét ’x| :%;
c) Tim gia triclla x dé A < 0.

Gidi

' 2
a)A:( lx N 2 N 1 : (x‘2)+10—x
x2 -4 2-x x+2 X+ 2

i:mx+m+x—2]_Fx—mu+2n10_¥}

x> -4 X+ 2
(x-2x-4+x-2) [x*-4+10-%x> _ -6 X+2
x% - 4 ' X+ 2 C x+2(x-2) 6
-1 1
Vay A = = (dk: x # -2)
4 X -2 2-x
b)vquxllmyx=¢l
2 2
-Khix:lthi: z’\-"—‘———lw—:—l-:-g
2 1 3 3
o _ = =
2 2
1 1

—Khix:—%thi:A: %
2~ 4 2+}- -
2 2 o

< 0. Vi phén thuc
Z=X 2-x

¢) Khi A <0«

c6 td thic la 1 > 0 nén

phan thic

<Okhivachikhi:2-x<0& x> 2.
-X

Vay khi x > 2 thi biéu thic A < 0.

15. Giai bat phuong trinh: x—; > 1.
x_
gjidi
Ta c6: x=1 >1 e %=1 -1>0 X=l=x=9 >0 < >0
x—-3 Xx-3 Xx-3 x -3

<>X-3>02x>3.VaiyS={xe R/x>3}.
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B. Phan hinh hoc

1. Dung hinh thang ABCD (AB // CD), biét ba canh: AD = 2cm, CD = 4cm,
BC = 3cm va dudng chéo AC = 5cm.

gidi

* Cach dung: Trude hét ta dung AADC biét do dai
ba canh: AD = 2em, CD = 4cm va BC = 3em.
Qua C vé Cx // AD. Trén Cx ldy doan CB = 3cm.
N6i A véi B ta duge hinh thang ABCD la hinh
phai dung.

* Ching minh: Tam gidc ADC duge dung thoa man
dé bai.
Vi BC // AD nén ti gidc ABCD la hinh thang can
dung. Vi ta dung dugc hai tam giac ADC va
ADC’ théa man dé bai.
Do dé6 ta dung dugc hai hinh thang théa man dé bai.

Vay bai todn cé hai nghiém hinh.

2. Cho hinh thang ABCD (AB // CD) c6 hai dudng chéo cat nhau ¢ O va tam
giac ABO 1a tam giac déu. Goi E, F, G theo thu ty la trung diém cla cac
doan thadng OA, OD va BC. Chung minh réng tam gidc EFG Ia tam giac
déu.

Gidi
Vi ABCD la hinh thang va AABO la tam gidc déu nén suy ra ACDO ciing
l1a tam gidc déu vi:
O1= Oy = 60° (d6i dinh)
A=C=60 (so le trong)
B - ﬁ: 60° (so le trong)
Suyra OC = 0D
- Xét hai tam gidc AOD va BOC ta cé:
OB = OA (gt)
BOC = AOD (déi dinh)
OC = OD (ACDO la tam gidc déu).
Vay AAOD = ABOC (c.g.c) = AD = BC

Ta c6 EF 1a dudng trung binh cia AAOD nén: EF = %AD = %BC (1)
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Ta ¢6 CF la dudng trung tuyén cia tam giac déu CDO nén CF | DO
hay CFB = 90". Trong tam gidc vuéng CFB ¢é FG la dudng trung tuyén

ing véi canh huyén BC nén FG = —;_BC 2)

Ta c6 BE la dudng trung tuyén cua tam giac déu ABO nén BE 1 AO
hay BEC=90". Trong tam gidc vuéng BEC c¢6 EG la dudng trung tuyén
nén EG :%BC (3)

T (1) (2) (3) suy ra EF = FG = EG. Vay AEFG la tam gidac déu (dpcm).
3. Tam giac ABC c6 dudng cao BD, CE cat nhau tai H. Budng vuéng goc vdi
AB tai B va duong vudng géc vdi AC tai C cat nhau & K. Tam giac ABC
phai co diéu kién gi thi td giac BHCK Ia:

a) Hinh thoi? b) Hinh chil nhat?
Gidi
Tacs: CELABL L 6p/BKR (O
KB | AB
va RCLAC| _ wc//BD @
BD L AC

Tu (1) va (2) suy ra ti gidc BHKC la hinh binh hanh.
Goi M 1a giao diém cta hai dudng chéo BC va HK. Khi d6 M la trung
diém cta BC.
a) Hinh binh hanh BHCK trd thanh hinh thoi khi va chi khi BC L HK
hay HM | BC.
Vi AH 1 BC (dudng cao thi ba cia AABC)
va HM 1 BC. Suy ra ba diém A, H, M thing hang.
Ma ba diém A, H, M thing hang khi va chi khi duéng cao AH trung véi
dudng trung tuyén AM, tic la tam giac ABC cén tai A.
b) Hinh binh hanh BHCK tré thanh hinh chit nhat khi va chi khi BH 1 HC.

Ta lai c6: i 1L HC} = BH 1 HC

CD L BH
Khi d6 ba diém H, D, E trung nhau. Ma ba diém H, D, E trung nhau
khi va chi khi H, D, E trung véi A. Vay tam gidc ABC la tam giac
vudng & A.
4. Cho hinh binh hanh ABCD. Céc diém M, N theo thu ty |a trung diém cua
" AB, CD. Goi E la giao diém cla AN va DM, K la giao diém cia BN va CM.
Hinh binh hanh ABCD phai c6 diéu kién gi dé tu giac MENK |a:
a) Hinh thoi? b) Hinh chi nhat? ¢) Hinh vuéng?
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didi
Xét td gidc MBND ta c6:
MB // ND va MB = ND
Vay ti gidc MBND la hinh binh hanh.
Suy ra MD // BN (1)
Tuong tu AN // MC (2)
Tu (1) va (2) suy ra ti gidc MENK 1a hinh binh hanh.
a) P& hinh binh hanh MENK tré thanh hinh thoi MENK.
< MN L EK < AB 1 AD

Ma AB L AD thi hinh binh hanh ABCD tré thanh hinh chit nhat ABCD.

b) P& hinh binh hanh MENK tré thanh hinh chit nhat MENK.

@EMJ.EN@AD:%AB.

Vay hinh binh hanh ABCD phai théa diéu kién AD = —;—AB.

¢) D& hinh binh hanh MENK tré thanh hinh vuéng MENK
< MN = EK va EM = EN

< ABCD I hinh chi nhat va AD = —;-AB.

5. Trong tam gidc ABC, cac dudng trung tuyén AA’ va BB’ cdt nhau & 3. Tinh
dién tich tam giac ABC biét rAng dién tich tam giac ABG = S.

Gidi
Ve CH L AB va GH’ L AB = CH // GH’
Vi CH // GH' nén AMCH »» AMGH'

M =30 hay ——=3
GH' MG 1 GH'’
1 1 . C
Ta cé: SCAB = ECHAB va SABG = —2“GH .AB
1 ' :
ol B A
. Sew_ ,CHAB  (op ,

S B 1cuaB GH’ x

2 0 i
A HH M B

=  Sapc = 3Sasc = 3S
Vay Sapc = 3S.
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6. Cho tam giac ABC va dudng trung tuyén BM. Trén doan BM Idy diém D sao
8D

1 . . ” . Y
cho St Tia AD cat BC & K. Tim ti s6 dién tich cda tam giac ABK va

tam giac ABC.
Gidi
Ta ke ME / AK (E € BC).
Ap dung dinh li Ta-1ét trong tam giac BEM, ta cé:

BR _BD _1 L kg-2BK
KE DM 2
Ta ¢6 ME la dudng trung binh cia tam gidac CAK nén EC = EK = 2BK.
Hon nta BC = BK + KE + EC = 5BK © E{H:l
BC 5
(Goi h la chiéu cao ké tir A xudng canh BC.
i
Ta c6: ,SABE_ = EBKIh oo o L
Spse, & BCh BC 5
2
Vay §-A-B£ = l
Sapc

7. Cho tam giac ABC (AB < AC). Tia phan gidc cla géc A cit BC 8 K. Qua
trung diém M clia BC ké mo6t tia song song vdi KA cét dusng thang AB 8 D,
cadt AC 3 E. Chung minh BD = CE. |

gidi
Vi AK la dudng phan gidc géc A cia AABC, theo dinh li vé tia phdn gidc
) KB KC
ta co: —— = — (1)
AB AC
Vi MD // AK nén: AABK v ADBM va AECM v AACK.
Dodé: —o - AB  , CM _CE P
BM BD CK AC A
E
hay BB = B va ! = GE (2)
AB BD CE AC
BM CM
Tu (1) va (2) ta c6: — = — 3
(V()acoBD CE (3) , ,
Vi M la trung diém cta BC nén BM = MC B KM C
Thay vao (3) ta c6: % = %d— . Suy ra BD = CE (dpcm).
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8. Trén hinh bén cho thay ta c6 thé = —m————Fu o
xac dinh chiéu rong BB’ cla e Rt ) a T b S
khuc séng bang cach xét haitam ~ ———===== ? et Salatan ol
gidc dong dang ABC va A'B'C’.
Hay tinh BB’ néu AC = 100m, =
AC' = 32m, AB' = 34m. o

Vi AABC 0 AA'B'CY, ta co: 2B _ AC _ AB'+BB  AC
AB  AC AB AC
34+ BB 100 BB 100
= hay 1 + — = —
34 32 34 32
BB 100 68 68.43
=N

—=—-1=— =>BB' = —— =17295
34 32 32 32 )

hay

Vay BB’ = 72,25 (m)
9. Cho tam giac ABC c6 AB < AC, D la mét diém ndm gida A va C. Chung
minh riing: ABD= ACB < AB? = AC.AD.

didi
a) Chang minh ABD= ACB = AB? = AC.AD. A
Xét hai tam gide AABD va AACB, ta cé:
K : chung ' <
ABD= ACB (gt) \
Vay AABD » AACB (g.g) B C
AB AD

== = AB%?= AC.AD (1)
AC AB

b) Ching minh AB? = AC.AD - ABD= ACB

Ta c6: AB® = AC.AD = -ﬁ% = %—IB)— va A goc chung

Vay AABD o AACB. Suy ra ABD= ACB (2)
Tir (1) va (2) ta c6: ABD= ACB < AB? = AC.AD (dpcm)
10. Cho hinh hdp chii nhat ABCD.A'B'C'D’ c6 AB = 12cm, AD = 16cm, AA'= 25cm.
a) Chung minh céc tu giac ACC'A’, BDD'B’ ia nhdng hinh chd nhéat
b) Chiing minh rdng AC'? = AB? + AD? + AA*2
c) Tinh dién tich toan phan va thé tich cia hinh hop chid nhat.
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Gidi
a) Ching minh td gidac ACC'A’ va BDD’B’ la nhung hinh cha nhat.
“ Tit giac ACC'A’ 1a hinh chi nhat.

Xét ti giac ACC'A’ ta cé: ' A 16 D
AA' = CC' va AC' // A'C’ 12/,

(do ABCDA'B'C'D’ 1a hinh hép chit nhat) B A ¢

Vay ACC'A’ 1a hinh binh hanh (1) “”E \\\

Ta c6: AA' L (AB'C'D) = AA’' | A'C TN

hay AA'C = 90’ (2) ,l:-=:;;---:‘~\;;~,::== o

Tu (1) va (2) suy ra tu giac ACC'A’ la ,:’_’:,_-—":k::::\

hinh chit nhat. (dpem) B' c

* Ti giac BDD'B’ 1a hinh chir nhat.
Tuong tu, ta ¢c6: BDD’'B’ 1a hinh binh hanh (1)
BB’ L B'D' = BB'D = 90° (2)
Tu (1) va (2) suy ra BDD'B’ la hinh chi& nhat.
b) Ching minh AC'® = AB? + AD? + AA™
Tacé: C'C L(ABCD) = C'C L CA hay AACC' vudng tai C.
Ap dung dinh li Py-ta-go trong tam giac vuéng ACC’, ta c6:
AC? = AC? + CC? = AC? + AA? (1)
Vi ABCD la hinh chi nhat nén AABC vuéng tai B.
Ap dung dinh li Py-ta-go trong tam gidc vuéng ABC, ta cé:
AC? = AB? + BC? = AB® + AD? (2)
Thay AC? tir (2) vao (1) ta c6: AC® = AC* + AA™
Vay AC'? = AB? + AD? + AA" (dpem).
¢) * Dién tich toan phan:
Ta c¢6 dién tich xung quanh hinh hp chit nhat:
S.q = 2(a + b).c = 2(12 + 16).25 = 50.28 = 1400 (cm?)
254 = 2.12.16 = 384 (cm?)
Taco: Syp= Sy + 2Sq = 1400 + 384 = 1784 (cm?)
Vay Sip = 1784 cm®
* Thé tich hinh hép chit nhat.
Tacé V =abc=12.16.25 = 4800 (cm®)
Vay V = 4800 cm®.
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11.

b) Dién tich toan phan hinh chép:

Cho hinh chép ti giac déu S.ABCD c6 canh day AB = 20cm, canh bén
SA=24cm.

a) Tinh chiéu cao SO rédi tinh thé tich cla hinh chdp.
b) Tinh dién tich toan phan cuta hinh chép.

gidi

a) Vi S.ABCD 1a hinh chép tu gidc déu nén ABCD la mét hinh vuéng.

Do d6 BD = ABY2 =202 cm va SA = SB = SC = SD = 24 (cm)

Vi SO 1a dudng cao nén SO 1 (ABCD) nén.SO L OB hay AOSB vuéng
tai O.

Ap dung dinh 1i Py-ta-go trong tam gidc OSB, ta c6:
2
SO? = SB? - OB? = 242 - [392[%] - 576 - 200 = 376

= SO = 19,4 (cm)
Thé tich hinh chép:
S: dién tich day

v = 1snh :
3 h : chiéu cao

= —;-ABZ.SO = %202.19,4 = 2586,6 (cm®)

Goi H 12 trung diém cia CD.
Vi ASCD cén tai S nén SH la dudng cao cia tam gidc.
Ap dung dinh li Py-ta-go trong tam gidc vuéng SHD, ta cé:

2
SH? = SD? - DH? = 24% - (%Q-J =576 - 100 = 476
e SH ~ V476 = 21,8 (cm)

P : n&ta chu vi ddy

Ta c6: Syq=P.d {
d : trung doan

Syq= %.80.21,8 ~ 872 (cm?)

Vay dién tich toan phan cia hinh chép S.ABCD la:
Sip = Suq+ Sa = 872 + 400 = 1272 (cm?)
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PE THI KIEM TRA HOC KI II

DE 1
PHONG GIAO DUC QUAN TAN BiNH, TPHCM NAM HQC 2005-2006
Mén : TOAN — Thdi gian : 90 phut

1. TRAC NGHIEM (3d) Chon cGu ding nhdt :

Cau 1 : Diéu kién xac dinh cia phuong trinh : }__E=L % XL
Xx+1 X x(x+1)
ajx=1vax=0 b)x#0
B) g1 d)x#0vax=-1.
Cau2: MP/ NQ.BietOM=4;0ON=6;0P=2.Vay 0Q = ?
a)b
| M
o —=
O
g & P Q
d) 10.
Cau 3 : Tap nghiém cia phuong trinh (x - 2)(x* + 9) = 0 1a :
a) S = {2} b) S ={-9; 2}
¢)S={9; 2} d)S={0;2}.
— A
Cau 4 : AE la phan gidac BAC. Vay EC = ?
a) 3 em
10cm 14cm
b) 4 cm
c) 5 cm *
d) 6 cm. C E B
7cm
Cau 5 : Phuong trinh 5x = 0 ¢6 nghiém la :
a)x=25 b)x=0 c)x=-5 d)x=%
ey . AB
Cau6: ChoAB=5m,CD=4dmthi — =?
CD
a) 2 b) 29 c) ﬁdrn d) édm.
4 4 4 4
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II. BAI TOAN (7 diém)
Bai 1 (1,5 diém) : Giai phuong trinh :
x+2 1 2

X-2 X x(x—2)'

Bai 2 : (2 diém) C6 54 con vira ga vira meo. Tat cd dém duge 154 céi chan.
Héi ¢6 bao nhiéu con ga ? con meo ?

Bai 3 : (3,5 diém) Cho AABC cén tai A, dudng cao AH va phan gidc BD cit
nhau ¢ M. Cho biét AB=10cm : BC =12 cm.

1. Tinh céc ti s6 sau : = : —I\—dﬁ
DC " MH
2. T D ké DK vudng géc véi BC (diém K thujec BC). Ching minh :
D _CcK
CA BH
3. Tinh dién tich cia AABM.
Hudng ddn
I. TRAC NGHIEM
Céau 1. Chon cau d Cau 2. Chon cau c
Cau 3. Chon cau a Cau 4. Chon cdu ¢
Cau 5. Chon cau b Cau 6. Choncau b
Il. BAI TOAN
Bai1:DKXD:x#0vax=2
Tacs: **2_1__ 2 o xx+2)-(x-2)=2

x-2 x x(x-2
@ X2+2x-x+2=2
X=O(|Oai)

&S g €D 1 (nhén)

S={-1}.
Bai 2 : Goi s6 ga c6 14 x (con) (diu kién : x € N*)
Phuong trinh 1ap dugc la : 2x + 4(54 - x) = 154

--------------------------------
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Bai 3:

) DA_AB_5 = MA_AB_5 )
DC BC & MH BH 3
(tinh chat dudng phan giac cla tam giac)
2)AH//DK:>C—D:—C—IE,BH:CH. M N
CA CH
G MA 5 MA__ s 1
MH 3 ~ MA+MH 5+3 B H K C

= MA = g—AH :>SABM = gSABH

DE 2
PHONG GIAO DYC HUYEN AN NHON, TINH BiNH BINH, NAM HOC 2004-2005
Mén : TOAN - Thdi gian : 90 phut

I. TRAC NGHIEM (2 diém)
1. Phuong trinh 2x - 2 = x + 5 ¢6 nghiém x bing :

(A) -7 (B) g— (C)3 (D) 7.

2. Tap nghiém cta phuong trinh : (x* - 1)(2x - 1) =0 1a:
(A) {-1; 1} (B) {-1;1;0,5} (C) {-1} (D) {1}.
3. Diéu kién x4c dinh cta phuong trinh :

X + X _ 2X 1 -
2(x-3) 2x+2 (x+1)(x-3)
(A) x= -1 (B)x#3
C)yx#-1vax=#3 MD)x#1vax=-3.

4. Hinh sau day biéu dién tap nghiém cla bat phuong trinh nao ?

e L
0 8
A)x+2210 B)x+2<10
C)x+2>10 (D) x + 2 < 10.
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MN 3

5. Biét —— = — va PQ = 5 cm. D6 dai doan MN béng :
PQ 4 '
20
(A) 3,75 cm (B) T cm (C) 15 cm (D) 20 cm.
6. Trong hinh sau day c6 MN // GK. Ding thidc nao sau day 1a sai ?
EM EK
) ===
EG EN -
EM EN
(B) — = ——
MG NK
EM EN o dy
(C) ——& ——
EG EK
o) MO _NK ’ “‘
EG EK

7. Hinh lap phuong c6 :
(A) 6 mat, 6 dinh, 12 canh.
(B) 6 dinh, 8 mat, 12 canh.
(C) 6 mat, 8 canh, 12 dinh.
(D) 6 mat, 8 dinh, 12 canh.

8. Mot hinh lap phuong c6 dién tich toan phan cia né 1a 216 cm® Thé tich
ctia hinh 14p phuong dé bing :

(A).18 cm® (B) 36 cm® (C) 216 cm® (D) 612 cm®,

II. TU LUAN (8 diém)

9. Mot nguoi di 6 td tir A dén B véi van téc du dinh 12 48 km/h. Nhung sau
khi di dugc 1 gid v6i van téc 4y, ngudi dé nghi 10 phut va tiép tuc di tiép.
Pé dén B kip thoi gian da dinh, ngudi d6 phdi ting van téc thém 6 km/h.
Tinh quang duong AB.

10. Gidi bat phuong trinh:  3x + 5 < 5x - 7,
11. Cho tam gidc ABC va dudng trung tuyén BM. Trén doan BM 14y diém D

sao cho -II% = % Tia AD cdt BC tai K, cdt tia Bx tai E (Bx // AC).

BE
Tim ti s6 —.
a) Tim ti so AC
: BK 1
b) Chu inh —=—.
) ng min BC 5
c¢) Tim ti s6 dién tich cia hai tam gidc ABK va ABC.
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Hudng ddn
I. TRAC NGHIEM
Cau1. Choncdu D
Cau 2. ChoncauB
Cau3d. ChoncaucC
Cau4d. Chon cdu D
Caus5. Choncdu A
Cau6. Choncidu A
Cau7. Choncdu D
Cau8. ChonciduC

Il. TY LUAN
9. 10 phtt = % gio

Goi quang dudng AB 1a x (km) (diéu kién : x > 0)

Phugng trinh cdn I4p 14 : - =144+ X248
48 6 54
x = 120.
10. 3x+5<5Xx-7 3x-5x<-7-5
Gy -2X < -12 < x> 6. A
#., & SE=B2_1
AM DM 2
AM::ﬂ.(_:_
2
DOdé:—B—E—=i:>-%=_1_
AC 2 AC 4
2
b) BK 1 BK 1 BK=_1_

— e T = =D
KC 4 BK+KC 1+4 BC 5
c) Hai tanr giac ABK, ABC c6 chung dudng cao vé ti A dén BC.

BC 5 S 5
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DE 3
PHONG GIAO DUC HUYEN AN NHON, BiNH BD|NH, NAM HOC 2005-20(6
M6n : TOAN - Thdi gian : 90 phit

I. PHAN TRAC NGHIEM (3,0 diém)
Hdy chon phuong dn tra loi ding.
(Chon mét chi cdi A, B, C hodc D réi ghi ra to gidy lam bai thi).

Cau 1: Tap nghiém cda phuong trinh (x——é—}(x + %J =01la:

off of3

-1 4 1 -4
C){—;— D) = ;—7¢.
( ){2 5} {2 5}
A . R A Py . b < X X—l s
Cau 2 : Diéu kién xac dinh ctia phuong trinh + =01a:
2x-1 2-x
1 1
(A) x # — hoacx # 2 B)x# —
2 2
1 )
(C)x¢—2—VAX¢2 (D)x#—avax¢2.

Cau 3 : Mot hinh thoi ¢6 do dai canh la 20 cm, do dai mot dudng chéo la
24 cm. Dién tich hinh thoi dé la :

(A) 240 cm? (B) 192 cm? (C) 480 cm? (D) 384 cm?,

Cau 4 : Cho hinh hdp chid nhat nhu
hinh bén. Két luin diung 1a :

(A) mp (ABCD) // mp (DCFE)
(B) mp (AEHD) // mp (BCHE)
(C) mp (BCGF) // mp (ADHE)
(D) mp (ABCD) // mp (ABFE).

Céau 5 : Céc kich thudc cia hinh hp chit nhat
nhu & hinh bén. P dai doan AC' 1a :

(A) 67 cm e
(B) 847 cm ko) 9__5_?1_:;}5
(C) 13 cm ' B |sem
(D) 21 cm. D’ c
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Cau 6 : Noi moi dong ¢ ¢t A vdi mot dong thich hop ¢ cot B dé c6 két qua
dung roéi ghi tra loi ra to gidy lam bai thi.

- .

. CotA B CotB | Traloi |
1. Thé tich cda a) V=pd(p:ndachuviday, |1+..
hinh lang try d : trung doan) 2+ ...
dung la b) V = S.h (S : dién tich ddy, h
2. Thé tich hinh : chiéu Cao)
chép déu la

c) V=abc (g b, ¢ : db dai cac
kich thudc cua hinh)

1
d) V= 3 S.h (S : dién tich day,

h : chiéu cao)

II. PHAN TU LUAN (7,0 diém)
Bail: (1,5 diém)
Giai bat phuong trinh va biéu dién tap nghiém trén truc so :

_ e o
1 2x_2<1 ox.
8

Bai 2: (2,0 diém)
Mot xudng dét theo k& hoach moi ngay phai dét 50 chiéc do0. Xudng da dét
duge mdi ngay 60 chiéc do, nén da hoan thanh trude thoi han 1 ngay,
ngoai ra con lam thém duge 30 chiéc 40 nia. Tinh sé 40 xuéng phai dét
theo ké hoach.

Bai 3 : (3,5 diém)
Cho tam gidac ABC vuéng tai A ¢c6 AB = 12 cm, AC = 16 cm.
a) Tinh BC.
b) Vé dudng cao AH. Ching minh ring : AC* = CH.BC. Tinh CH.
¢) Vé BD la dudng phan gidc cia tam gidc ABC. Qua trung diém M cia
AC, vé dudng thing song song véi BD cdt BC, AB lan lugt tai E va F.
Chiing minh ring AF = CE.
Hubng ddn
I. PHAN TRAC NGHIEM
Caul. ChoncauD
Cau2. ChoncauC
Caul3. ChoncaduD
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Cadud4. ChonciaucC
Caus5. ChoncduC
Caub. 1+b;2+d

Il. PHAN TY LUAN

1-2x 0. 1-5x%
8

Bai1 : & 2(1-2x) - 16 < 1 - 5x

o 2-4x-16 <1 - 5Bx
< -4x+5x<1 -2+ 16
& x < 15,

Bai2: Goisd do phai dét theo k& hoach 1a x (céi) {diéu kién : x € N*)

Phuong trinh 1ap dugc : D 200 + 1
50 60
X = 450. A
Bai3: a) AB?+ AC?=BC? D
BC = 20 cm. M
b) AABC «o AHAC (g-g) B ~
E H
- A6 _BC . Ac?=cHBC /
CH AC =
2
= CH = AG
BC
162

CH= — =12,8 (cm)
20

DA _AB _ BC _AB
DC BC DC DA
AF _AM _ AF _AB

AB AD  AM DA
CE_CM _ CE_BC

BC DC CM DC

AF _CE

Tu (1), (2) va(3)cod: AM - CM

c) AABC co6 BD la dudng phan giac =

(1)

AAFM c6 BD /1 FM =

(2)

ABDC c6 EM //BD =

(3)

Ma AM = CM
Do dé6 : AF = CE (dpcm).
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MUC LUC

PHAN DAl SO
Chuong I11I. Phuong trinh bac nhat mét an
§1. MO PAUVE PHUONG TRINH ‘ 5
§2.  PHUONG TRINH BAC NHAT MOT AN VA CACH GIAI 8
§3. PHUONG TRINH DUA BUJC VE DANG ax + b = 0 1
§4. PHUONG TRINH TiCH 17
§5. PHUONG TRINH CHUA AN 0 MAU 21
§6. GIAI BAI TOAN BANG CACH LAP PHUONG TRINH 30
ON TAP CHUGNG 1l 39
Cau hdi trdc nghiém chuong 11l 44
Chuong IV. Bat phuodng trinh bac nhat mét an
§1.  LIEN HE GIOA THU TU VA PHEP CONG 54
§2.  LIEN HE GIJA THU TU VA PHEP NHAN 55
§3. BAT PHUONG TRINH MOT AN 59
§4.  BAT PHUONG TRINH BAC NHAT MOT AN 61
§5.  PHUONG TRINH CHUA DAU GIA TRI TUYET DOl 68
ON TAP CHUGNG IV 71
Cau hdi trac nghiém chuang IV 76

PHAN HINH HOC
Chuong Ill. Tam giac déong dang

§1  DINH LI TA-LET TRONG TAM GIAC 82
§2  DINH Li DAO VA HE QUA CUA DINH Li TA-LET 85
§3  TINH CHAT DUONG PHAN GIAC CUA TAM GIAC 93
§4  KHAI NIEM HAI TAM GIAC DONG DANG 99
§5  TRUONG HOP BONG DANG THU NHAT (C.C.C) 102
§6. TRUONG HOP DONG DANG THU HAI (C.G.C) 105
§7  TRUONG HUP DONG DANG THU BA (G.G) 107
§8 CAC TRUONG HOP DONG DANG CUA TAM GIAC VUONG 113
§9.  UNG DUNG THUC TE CUA TAM GIAC DONG DANG 118

ON TAP CHUGNG Il 120

Céu hoi tric nghiém chuang Il 126

Chuong IV. Hinh lang tru didng. Hinh chép déu
A. Hinh ldng try ding

§1.  HINH HOP CHU NHAT 135
§2  HINH HOP CHU NHAT (tiép theo) 137
§3  THE TICH CUA HINH HOP CHU NHAT 141
§4.  HINH LANG TRU DUNG 148
§5.  DIEN TICH XUNG QUANH CUA HINH LANG TRU DUNG 151
§6. THE TICH HINH LANG TRU BUNG 153
B. Hinh chép déu _
§7.  HINH CHOP BEU VA HINH CHOP CUT BEU 159
§8. DIEN TICH XUNG QUANH CUA HINH CHOP BEU 161
§9  THE TICH HINH CHOP PEU 165
ON TAP CHUONG IV 171
C4u hoi tric nghiém chuang IV 179
Bai 6n tdp cufi ndm 185
DE thi ki€m tra hoc ki Nl 199
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Chiu trdch nhiém xudt ban :
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