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PE CUONG ON TAP HE NAM 2014 - MON TOAN
DANH CHO HOC SINH LOP 10 LEN 11

PHAN I: LUONG GIAC

CHUYEN DPE 1: ON TAP CONG THUC LUQNG GIAC
Bai 1. Cho sina = -2/3 v6i = < a< 37 /2. Hay tinh cdc gid tri lugng gidc clia %; 2a.

Bai 2. CMR céc biéu thiic sau doc 1ap doi véi x

sin* x+3cos’ x—1

1)
sin® x +cos’® x+3cos’ x—1

2) 2(sin*x + cos*x + sin’x.cos’x)” — (sin’x + cos®x).
3) (1+cotx)sin’x + (1 + tanx)cos’x — sinx — cosx
Bai 3. Chiing minh c4c dang thiic lugng gidc sau:

2
1+ 1-cosx)’ |—tan® x 1
1) ciosx 1—( — ) =2 colx 2)( 5 ) e =il
2sinx sin” x 4tan” x 4sin” x.cos” x
oy 1
3) tan50° - tan40° = 2tan 10° gy T BB RCOID), o

2cos’ a+cosa—1

sina +sin 8 _ sin(a +)-sin (e - B)

sinfa+b+c¢
= 6) tanag +tanb +tanc —tanatanbtanc = ( ) .
a-p 2cos 3 cosacoshcosc

)

o+
tan 2ﬁ+cot

Bai 4. Riit gon céc biéu thiic sau:

l+sina [1-sina sin’ 2a—4sin* a
1) —if : 2 — =
1-sina l+sina sin“ 2a+4sin“a—4
T
1+COS(E+GJ 1+cosx x
3) tan(£+E —_— 4) tan® = —cos® x
2 . (n ] 1—cosx 2
sin E+a

Bai 5. 1) Cho cos(2a + b) = 1 CMR: tan(a+b) — tana = 2tan% .
2) Cho sinb =sinacos(a +b). CMR: 2tana = tan(a +b).
3) Cho sin?b =sinacosa. CMR: cos2b =2cos’(a +%) S
Badi 6. Riit gon céc téng va tich sau:

T 3n Sm 2n+1)m
1) 8 :cos—+cos—+cos—+...+cos(—2—~
n n n n

2)322.1 _1 +...+‘1 .
sin2x sin4x sin2"x

n

3) P= cos > cos Xcos:...cos .
2 4 8
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Bai 7. Tinh

1) A=cos12° +cos18° —4cos15° cos21° cos24°.

2) B =4sin® 50° + 3cos140°

3) C =cos'15+sin" 15— 6¢os” 15sin* 15

Bai 8. Tim diéu kién ctia p, q dé biéu thitc sau khong phu thudc vio x
A = p(sin® x +cos® x) — g(sin* x + cos* x) .

Bai 9. Chiing minh rang:

<1 v6i (nel;n=22). .

1) ’sin”x+cos”x
: + +Y .
2) COSXTEY < cos222 véi -T<x+y<m.
2 2
3) 4sin3x+5=4cos2x +5sinx.
Bai 10. 1) Tim gia tri I6n nhét va nhd nhét cia y = sin® x +cos® x .
2) Tim gid tri 16n nhét clia y = cosx++/2—cos’ x.
3) Tim gi4 tri 16n nhét va nho nhat clia y = sin® x—3sinxcosx +1.

CHUYEN PR 2: HE THUC LUGNG TRONG TAM GIAC

Bail. CMR trong moi tam giac ABC luén cé:

1) tanétanf— + tanﬁtan£+ tan-C-tan£= 1
2 2 2 2

2) cotﬁ + cotE +Cot£ = coté .COI-E .cot£
2 2 2 2

3) a’sin2B + b%*sin2A = 2ab.sinC.
Bai 2. Tam gidc ABC c6 dic diém gi néu:

a) tanA + tanB + tanC = 33 b) sin6A + sin6B + sin 6C = 0.
c) cos’A + cos’B + cos’C =1 d) tanA +tan B = 200t§.

Bai3. CMR tam gidc ABC vuong néu:

a) sin2A + sin2B = 4sinA.sinB

b) sinA + sinB + sinC = 1- cosA+cosB+cosC

¢) 3(cosB + 2sinC) + 4( sinB + 2 cosC) = 15.
sinA+sin B+sinC
cos A+cos B+cosC

Bai 4. CMR tam gidc ABC cé it nhat mot géc 60° <

Bai 5. CMR tam gidc ABC la tam gidc déu < cosA.cosB.cosC = 1/8
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Bai 6, CMR tam gidic ABC Ia tam gidc can néu: a(cot = tanA) = b(tanB ot )

Bai 7. Nhan dang tam gidc ABC thoa man mot trong cdc diéu kién sau:
b’ +c-a 5
—_—=q : C

1) btc-a 2) a’sin2B+b*sin24=c" COtE'

sin BsinC :E
4

Bai 8. Cho tam gidc ABC noi ti€p trong mot dudng tron ¢ ban kinh bang 1. Dat T =a® +b* +¢*. Chiing
minh tam gidc ndy vuong, nhon hay ti khi va chi khi : T = 8 hoac T > 8 hoac T < 8.

Bai 9. Chiing minh ring v6i moi tam gidc ABC ta luodn c6 sin E: .
27 2vbe

THHS suy ra sin Ssin sin g,
PRI

Bai 10. Ching minh ring trong moi tam gidc ABC ta luon c6:

L€ L 5B

A 5
1) 5 ot 2 rod D e L33
2 2 2 2

A .
* Zefsin®
2

2) ESsin E+sin2£<1.
4 2

CHUYEN PE 3 - CHUYEN DK 8

Bai I: Giai cac phuong trinh sau:

1) sin(2x+ =) = sin(x + ). 2)sin(x + Z)+1=0
) sin( 12) sin( 4) ) sin( 4)
3) cos3x + cos 2x =0 4) sin( X + %) + cos(3x - %) =),
5)cos(3x + %) + sin2x = 0. 6) tan(4x +1). tan(x — 1) = 1.
7) sin?( 5% + 2?”) ~cos® 2x+ 2) =0. 8) 2sinxsinx + 2) = cos'2x — sin2x.
0 0 * \/§
9) tan(3x — 60%) — cot(30" — 2x) = 0. 10) cos(sinx) = Tk
11) sin(8cosx) = 1. 12) sin(x* — 4x) = 0.
Bai 2: Giai cac phuong trinh sau:
1) 6sin’x — 13 sinx +5=0 2) 2c0s2X + cosx = 1
3) 3cos® x = 2 sin’x + 4sinx 4) 3 -3+ 2unk
COS X
5) tanx + cotx =2 6) cos4x — 3+/2 cos2x +2 =0,

C
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7)cos3Xx —cos2Xx +cosx —1=0
9) sin*x + cos*x +sin2x =5/2
Badi 3: Giai cic phuong trinh sau: -

1) V3 sinx + cosx = /2

3) 3sinx + 4cosx = 5/2
5)2+2 (sinx + cosX)cosx = 3 + cos2x

7 2cos§ : \Esing =7
Bai 4: Giai phuong trinh :
1) 3.sin” X + 8sinx.cosx + 4cos’x = 0.
Dilool ™, 4 Lt 18 X e
2 2 2

5) cos’x + sinx — 3sin’x.cosx = 0.

Bai 5: Giai phuong trinh :
1) sin2x — 12( sinX — cosx) + 12 =0

3) +/2 (sinx + cosx) — sinx.cosx = 1

Bai 6: Giai cic phuong trinh :
1) 2sin2x — S5cosx =0
sin2x
cos2x+1
5) 2sinX.cos2x — 1 + 2c0s2x —sinx =0
7) (1 —tanx)(1 + sin2x) = 1 + tanx

9) tanx + cot2x = 2cot4dx

8) cos4x + 6sinx.cosx = 1
10) 3cosdx — 2cos*3x = 1. -

) 1
2) cos3x —sin3Xx = ———.
: N

4) 2sin’x — 5sin2x = 5.
6) 2c0s3x + /3 sinx + cosx = 0.

2) 4sin’x + 3+/3 sin2x — 2cos’x = 4

1
COS X
6) 2sin® x — sin®x.cosx + 2sinx.cos’x — cos’x = 0

= 4sinx + 6COSsX.

4)

2) sinx + cosx = 1 — 2sin2x.
4H(1 + 2 )(sinx — cosx) + 2sinx.cosx =1 + /2 .

2) (tan2x — 1)cos2x = 0.
4) sinX = /2 sin5x — cosx.

6) 3 + 2sinx.sin3x = 3cos2x
8) tanx + tan2x = sin3X.COSX.
10) 2sin2x.cos3xX — cosx = 2sin2X.cosX — cos3x

Bai 7. 'Tim nghiém duong nhé nhét va nghiém 4m 16n nhat cta phuong trinh

(sin3x + cos3x)* = 2cos” 4x.

Bai 8. Tim cdc nghiém thuoc [0;27] ctia phuong trinh 3sin x +1= 4sin® x(sin x + 2cos® x) .

sin3x—sinx

Bai 9. Phuong trinh sau ¢6 bao nhiéu nghiém thudc khoang (0;27): ————=sin2x +cos2x.
' ) \1—cos2x

Bai 10. Giai c4c phuong trinh

1§ stz |2003x—1]
2cosx—1

3) 2sin(3x +3;_) =/1+8sin2xcos® 2x

sin’ x =sin® x V6i (0 <x SZfr)

2) |cot x| = tan x + —
sin x

4) \J4-x* (sin 27 x —3cosx) = 0



Pé cudng én tip hé ndm 2014 — Mén TFodn lép 11 Teuwong TIOPT WH. T. Minh Khai

Bdi 11. Tim m dé c4c phuong trinh sau c6 nghiém:

m sin’x+m-3 (7: 'n)

1) m(sin® x +cos® x) = cos 4x. 2 = — =
s g : l-tan"x  cos2x

Bai 12. Tim m dé phuong trinh sau c6 nghiém duy nhét 3cos® x + 2|sinx| = m.
Bai 13. C6 bao nhiéu gid tri nguyén clia k dé phuong trinh sau ¢6 nghiém: 2sin® x + 6 cos? ; =5~2k.

Bai 14. Giai cdc phuong trinh sau:

1) sin® x—cos* x =1 e 2) sin2x-_|—sin%—2=0-
3) 8cos4xcos’ 2x ++/1—cos3x +1=0 4) l+c0t2x:#
sin” 2x

Bai 15. Cho phlIO‘ng trinh sin® x +cos2x +mcos® x = 0.
1)Giai phuong trinh v6i m = 2.

2) Tim cdc gid tri cia m d€ phuong trinh ¢6 nghiém trén khoang (O;%J.
Bai 16. Cho phuong trinh cos4x + 6sinxcosx =m.

1) Giai phuong trinh v6im = 1.

2) Tim m dé€ phuong trinh da cho c6 hai nghiém phan biét thuoc [0; %J

Bai 17. Tim m d€ phuong trinh sau ¢6 diing 7 nghiém thuoc khoang (—%; 2%]:

cos3x—cos2x+mcosx—1=0.

cosx+2sinx+3 5
a *™° trong khoang (—m;7).

Bai 18. Tim gid tri 16n nhat va gid tri nho nhit cha y = -
2cosx—sinx+4

Bai 19. Cho ham s6 y, = 2XC0s¥+k+1
cosx+sinx+2

1)Tim gid tri 16n nhét va gid tri nh6 nhat ctia ham s6'y, tng véi k = 1.
2) Xéc dinh tham s6 k d€ gi4 tri 16n nhét cia him s6 v, 12 nhd nhét.

Bai 20. Tim gia tri 16n nhét va gia tri nho nhét clia ham s6 y =+/sinx ++/cosx v6i x e [g,%}
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PHAN 2: HINH HOC

CHUYEN BE 1: ON TAP HINH GIAI TICH TRONG MAT PHANG

Bai 1. Trong mit phing Oxy cho ba diém A(-1; 1), B(3; 1), C(2; 4).

1. Chiing minh rang ba diém A, B, C tao thanh ba dinh ctia mot tam giéc.

2. Tinh chu vi va dién tich tam gidc ABC.

3. Tim toa d¢ trong tam G, truc tam H tam I dudng tron ngoai ti€p tam gidc. Tir d6 chitng minh

ring ba di€ém H, G, I thing hang. '
4. Tim toa d¢ diém M sao cho 3MA4 +2MB + MC = 0.
Tinh d¢ duong trung tuyén AM va do dai dudng phan gidc trong AD clia tam gidc.

Bai 2. Cho hai diém A(-3; 2) va B(4; 3).

1. Tim diém E dé t gidc AOBE 12 hinh thang Vuéng day AO va BE.

2. Tim di€ém M thuoc Ox dé tam gidc MAB can tai M.

3. Tim diém N thuoc Oy dé (NA + NB ) dat gid tri nho nhAt.
Bai 3. Cho tam gidc ABC v6i A(-2 ; 1), B(4 ; 3) va C(2 ; -3).

1. Lap phuong trinh tham s6 va tng quat ctia canh BC.

2. Viét phuong trinh dudng cao AH.

3. Lap phuong trinh qua A va song song véi BC.

4. Viét phuong trinh dudng trung truc ctia BC.
Bai 4. Cho dudng thang (d) c6 phuong trinh : 3x + 4y — 12=0.

1. Tim toa d6 hinh chi€u H ctia géc toa do O trén dudng thing (d).

2. Tim diém M trén dudng théng (d°): y - 2x + 3 = 0 biét M céch (d) mot khoéng bang 2.

3. Viét phuong trinh dudng thang (d,) d6i xing v6i dudng thing (d) qua O.

4. Viét phwong trinh dudng thang (d,) tao véi (d) géc 60°.
Bai 5. Cho dudng thing (d): x +y -5 = 0.

1. Viét phuong trinh dudng thang déi xing véi (d) qua dudng (d) : 2x + y—1=0.

2. Viét phuong trinh dudng théng déi xing véi (d) qua (d°): x +y + 3 = 0.
Bai 6. Cho diém P(3; 0) va hai dudng thing (d,): 2x —y — 2 =0; (d,): x + y + 3 = 0. Viét phuong trinh
dudng thang (d) qua P va cit (d,), (d,) 14n luot tai A va B sao cho P 1a trung di€m ctia AB.
Bai 7. Vi€t phuong trinh cdc canh ctia tam gidc ABC biét dinh B(2; -1), dudng cao va phan gidc trong
qua dinh A, C 1an lugt c6 phuong trinh (d,): 3x — 4y +27 =0, (d,): X + 2y -5 = 0.
Bai 8. Cho hai dudng thang (d,): 2x +y +1 =0 va (d,): x + 2y — 7 =0. Lap phuong trinh dudng thing (d)
di qua goc toa d¢ sao cho dudng thang (d) tao véi (d,), (d,) mot tam gidc can c6 dinh 1a giao diém cta
ching. Tinh dién tich tam gidc can dé.



PDé cuidng én tap e ndam 2014 - Mon Fodn l6p 11 Truong TIHPT H. T. Minh Khai

Bai 9. Cho duong 'théng (d,): X cosm + ysinm + 2cosm + 1 = 0.véi m 13 tham s6.
1. Tim nhitng diém trén mat phang toa do ma (d,,) khong bao git di qua cho dll m nhén bat ki
| gia tri nao.
2. Chtng minh ring cdc dudng thang (d) luon t1ép xtic v6i mot du’o‘ng tron c6 dinh.
3. Cho diém I(-2; 1). Dyng IH vudng goc v6i (d,,) va kéo dai IH sao cho HN = 2HI. X4c dinh
toa do ctia N theo tham s& m.
Bai 10. Lap phuong trinh dudng trdn trong céc trudng hop sau:
Puong tron di qua diém A(3; 1), B(5; 5) va cé tam nam trén truc tung.
dudng tron c6 tam I( -1 ; 2) va tiép xidc véi dudng thang c6 phuong trinh : x — 2y -2=0.
Duong tron ngoai ti€p tam gidc ABC véi A(-2; 4), B(6 =23, C05: 5)
Dudng tron ti€p xiic c6i hai dudng thang (d): 2x —y =0, (d’): x — 2y + 2 =0 va c6 tam thuoc
dudng thang c6 phuong trinh: x +y— 1 = 0.
5. Pudng tron ti€p xic véi hai truc toa do va di qua diém A(4; 2).
Bai 11. Cho tam gidc ABC c6 phuong trinh cdc canh AB: 2x—y+4=0,BC:x+y—1=0va
AC:x+2y+2=0. -
1. Xac dinh toa d6 tdm va bén kinh dudng tron ngoai ti€p tam gidc ABC.
2. Viét phuong trinh dudng tron néi ti€p tam gidc ABC.
Bai 12. Cho ho dudng cong (C,,) ¢6 phuong trinh: x* + y* — (m — 2)x + 2my — 1 = 0.
1. Ching minh ring (C,,) 12 ho dudng tron. Tim quy tich tam cla cdc duong tron do.
2. Ching minh ring khi m thay déi cdc dudng tron (C,,) Iuén di qua hai diém c6 dinh.
3. Cho a= 2 va diém Q(3 ; 0). Viét phuong trinh cia 1i€p tuyén ctia duodng tron (C.,) ké tir Q.
Bai 13. Cho dudng tron (C): x* + y* = 4 va mot diém M(2 ; 4). Tir M ké hai ti€p tuyén MT,, MT, vé6i
duong tron trong d6 T, T, 1a cdc tiép diém.
1. Viét phuong trinh dudng thang T, T,.
2. Viét phuong trinh cic tiép tuyén ctia (C) biét tiép tuyén song song véi T, Ts.
Bai 14. Cho dudng tron (C): (x — 1)* + (y — 2)* = 9. Viét phuong trinh dudng thing di qua diém
M (2; 1) va cat duong tron (C) tai hai diém A, B sao cho M Ia trung diém clia AB.
Bai 15. Cho dudng tron (C): (x — 1)* + (y — 2)> = 4 va dudng thing (d): x—y - 1 =0.
1. Viet phuong trinh ti€p tuyén ctia (C) biét ti€p tuyén vuong gée véi dudng thing c6 phuong
trinh y = 3x — 1.
2. Viét phuong trinh dudng tron doi xiing x6i dudng tron (C) qua (d).
3. Tim toa d¢ cdc giao di€ém ctia (C) va (C).
4. Viét phuong trinh céc ti€p tuyén chung cia (C) va (C).
Bai 16. Cho dudng tron (C): x* + y* = 4 va mot diém A(2 ; 0). Gia st M 1a mot diém di dong trén (C).
Goi H Ia hinh chi€u ctia M trén Oy. Tim quy tich giao diém I cia AH va OM.

:P*.UJ!‘Jt—*
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CHUYEN DPE 2: PHEP BIEN HINH VA PHEP TINH TIEN.

Bai 1. Cho v # 0. Phép tinh tién T. bién dudng thang d thanh dudng thang d’. Khi nao thi:

a) d’ triung d. b) d’ song song véi d ¢)d’ catd.
Bai 2. Cho hinh binh hanh ABCD tam O. .

1. Dung anh cua tam gidc ABD qua phép tinh ti€n theo véc to BC.

2. Goi M, N, P, Q I4n luot 1a trung diém clia AB, BC, CD va CA. Hay chi ra mot phép tinh tién

bién hinh binh hanh AMOQ thanh hinh binh hanh ONCP.

Bai 3. Trong mat phang Oxy cho diém A(3; -1), dudng thing (d): 2x —y + 4 = 0, dudng tron
(C): x* + y*- 2x + 5y + 2= 0 va véc (o v(2;-1). Tim anh clia A, (d), (C) qua c4c phép tinh tién :

a) T. | b) F. ) T,

2

Bai 4. a) Trong mat phiang Oxy cho dudng thing (d): x — 5y — 1 = 0. Tim phép tinh tién theo véc to c6
phuong song song véi truc Ox bién d thanh dudng thang d’ di qua goc toa do. Viét phuong trmh duong
thing (d’).

b) Vho phép tinh ti€n 7. v6i v(2;-3). Tim m biét ring qua phép tinh tién 7. dudng thang
(d): (m + 1)x — my + 3 = 0 bién thanh chinh né.
Bai 5. a) Cho diém M (v/2;-1) va véc to u(1;—2+/2). Tim toa do diém N sao cho M I anh cfia N qua
phép tinh tién ..

b) Trong mat phiang Oxy cho hai dudng thang (d,) : 3x — 2y + 1 =0 va (d,): 3x - 2y —5=0. Tim
toa d¢ cha véc to v c6 gid vuong géc véi dudng thing (d,) dé (d,) 12 anh cha (d, ) qua L.
Bai 6. Cho tif gidc ABCD néi ti€p dudng tron tam O bén kinh R trong AD = R. Dung cdc hinh binh
hanh DABM va DACN. Chiing minh rang tim dudng tron ngoai ti€p tam giac DMN nam trén dudng
tron tdm O ban kinh R.
Bai 7. Cho tam gidc ABC. V& hinh chit nhat BCDE bén ngoai tam gidc. Goi d,, d, 1an luot 1a cdc dudng
thang qua D va E va vuong géc véi AB, AC. Goi K 1 giao diém ctia d,, d,.

1) Phép tinh ti€n 7., bi€n d,, d, thanh hai dudng nao, bién K thanh diém nao?

2) Tir trén chitng minh ring AK vuong géc v6i BC.
Bai 8. Cho hai diém B, C c6 dinh trén dudng tron tam O ban kinh R va A 12 mot diém thay déi trén
dudng tron d6. Tim quy tich truc taAm H cla tam gide ABC.
Bai 9. Trong mat phiang Oxy cho phép bién hinh f bién diém M(x; y) thinh diém M’(x’; y*) thod man

3 4
x'==x-=y
> 3 (bidu thitc toa do clia phép bién hinh f)
'=—x+—
yi=gEtCy

1) Chiing minh rang f 1a mo6t phép doi hinh.
2) Tim 4nh clia dudng thing (d): x —y =0 qua f.
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CHUYEN DE 4: PHEP QUAY VA PHEP POI XUNG TAM.

Bai 1. Cho tam gidc déu ABC, tryc tam H. Goi M, N va P l4n luot 12 trung diém c4c canh BC, AC, AB.
Tim 4nh ca tam gidc HMC qua phép quay tam H voi: '
a) Goc quay 120°.
b) Géc quay -120°.
Bai 2. Trong mat phang toa do xOy cho diém M(x; y). Goi M’ = Q(M) trong dé Q 1a phép quay quanh
tam O géc 90°. Chitng minh rang M’= (-y; x). '
Bai 3. Trong mat phing toa d6 xOy cho dudng tron (C): x>+ y?- 8x + 6y - 3 = 0. Viét phuong trinh
dudng tron (C’) 12 anh cta dudng tron (C) qua phép quay tam O, géc quay 90°.
Bai 4. Cho dudng tron (O; R), A 1a mot diém c6 dinh khong tring tam O, BC 1a mot day cung cta (O),
BC di dong nhung s6 do clia cung BC luén bing 120°. Goi I 1a trung diém cta BC, vé tam gidc déu Al.
Tim tap hop di€ém 1J.
Bai 5. Cho hai dudng thang (d) va (d’) song song va mot diém A khong ndm trén (d) va (d’). Hay dung
diém B trén (d) va C trén (d’) sao cho tam gidc ABC la tam gidc déu.
Bai 6. Cho ba diém thing hang A, B, C v6i B nim giita A va C. Dung vé mot phia duong thang AC céc
tam gidc déu ABE va BCF.
a) Chitng minh ring AF = EC va géc giita hai dudng thing (AF, EC) = 60°.
b) Goi M va N l4n luot 1 trung diém ctia AF va EC. Chiing minh rang tam gidc BMN déu.
Bai 7. Cho tam giac MNP cé M(1; -2), N(1; 2), P(5; 2)
a)Tim toa do tam I dudng tron ngoai ti€p tam gidc MNP.
b) Tim toa do cdc dinh ctia tam gidc M’N’P’ qua phép d6i xtng tam 1.
c)Viét phuong trinh dudng tron ngoai ti€p tam gidc M’N’P’.
Bai 8. Cho hai dudng thing (d,) va (d,), hai diém A, G khong thudc (d,), (d,). Hay dung tam gidc ABC
c6 trong tam G va hai dinh B va C 14an lugt thudce (d,) va (d,).
Bai 9. Cho hinh (H) trén mat phing xOy gém hai dudng tron (C): x>+ y*- 8x + 6y - 11 =0 va
(C): x>+ y*+ 4x - 6y - 23 = 0. Chiing minh ring ton tai mot phép doi xing tam A bién (C) thanh (C’).
Xdc dinh toa do diém A.
Bai 10. Trén cdc canh ctia hinh binh hanh ABCD dung cc4 tam gidc déu & ngoai hinh binh hanh dé:
ABM, BCN, CDP, ADQ. Chitng minh rang tit gidc MNPQ ciing 14 hinh binh hanh.
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Bai10.a) Cho Z.(M)=M"' va T.(M")=M". Tim phép doi hinh bién M thanh M".
b) Chitng minh rﬁng hop thanh cta hai hay nhiéu phép doi hinh 12 mét phép doi hinh.

CHUYEN PE 3: PHEP POI XUNG TRUC

Bai 1. Tim 4nh cla diém 4(2+/2;-1) va dudng thing c6 phuong trinh : X + 3y = 1 qua phép d6i xiing
truc Ox, Oy. _

Bai 2. Tim truc cua phép doi xing biét:

a) Diém M’(2; 3) 1 4nh cha diém M(-4; 5). ,

b) Budng thang x - y + 2 =0 14 anh clia dudng thing x —y + 6 = 0.

¢) Pudng tron x* + y* — 4x = 0 1a 4nh ctia dudng trdon x> + y* + 6y + 5 = 0.

Bai 3. Cho géc nhon xOy va mot diém A nam trong géc d6. Tim hai diém B va C 14n Iugt ndm trén hai
tia Ox, Oy sao cho chu vi tam gidc ABC nhd nhit.

Bai 4. Cho tam gidc ABC la tam gidc déu. X4c dinh phép d6i xing truc bién tam gidc ABC thanh chinh
né. Tir d6 chi ra cdc truc d6i xing cla tam gidc.

Bai 5. Cho tam gidc ABC néi tiép trong duding trdn (O; R). Goi H 12 truc tam clia tam giéc.

a) Ching minh rang cdc diém d6i xing ctia H qua céc canh clia tam gidc ABC nim trén dudng tron
(O; R). Tix d6 suy ra cic duong tron (HBC), (HCA), (HAB) va (O; R) bang nhau.

b) Goi O,, O,, O; lan lugt 1a tam cic dudng tron (HBC), (HCA), (HAB). Chiing minh riang tam giac
ABC va tam gidc 0,0,0; bing nhau.

¢) Gid st B, C la hai diém c6 dinh va A 1a diém thay d6i trén dudng tron (O; R). Ding phép d6i xing
truc dé chiing minh rang H chay trén mot dudng tron 6 dinh.

Bai 6. Cho dudng théng xx’ va hai diém P, Q ciing nim mot phia d6i vé6i xx’. Dung diém A thuoc xx’
sao cho PAx = @Ax.

Bai 7. Tim trén truc hoanh di€m P sao cho téng khodng céch tir P tGi cdc diém A va B 13 nhé nhit bist
A(1 ; 1), B(3; 3). Tim gid tri nhd nh4t d6.

Bai 8. Cho tam gidc ABC bi€t phuong trinh canh BC : 4x — y + 3 = 0 va hai dudng phan gidc trong clia
cac goc B, C ¢6 phuong trinh (dg): x =2y + 1 =0va(do) : Xx+y+3=0. Lap phuong trinh ccd canh AB,
AC.

Bai 9. Cho A(-1; 3), dudng thing (d): x — 3y + 1 =0 va dudng tron (C): x*+ y*+ 2x - 6y + 1 = 0.
a)Tim 4nh cia A, d, (C) qua phép d6i xting D,

b)Tim anh ctia A qua D,.

c¢) Tim anh cua (C) qua D,.

Bai 10. Cho ham s6 y = ﬁ% . Chitng minh réng dudng théng y = x + 2 1a tryc d6i xing ctia d6 thi ham
X+

sO.
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CHUYEN BE 5: PHEP VI TU

Bai 1. Cho tam gidc ABC véi trong tdm G. Dung anh ctia tam gidc ABC qua cédc phép vi tu sau:
a)Phép vi tu tam G ti s6 1. 3

b) Phép vi tu tam A ti s6 2.

¢) Phép vi tu tam G ti s6 -1.

Bai 2. Cho duong tron tam (O; R) duong kinh AB. Mot dudng tron (O’) tiép xiic vdi (O) va doan AB
14n luot tai C, D, dudng thang CD cét dudng tron (O; R) tai I. Chiing minh ring cung AI =BL

Bai 3. Cho hai dudng tron (O) va (O°) ¢6 bén kinh 14n lugt 1a R va 3R ti€p xtc trong véi nhau tai A.
Tim ti s6 k ctia phép vi tu tam A bién dudng tron (O) thanh (O”).

Bai 4. Cho diém A va dudng thing d ¢6 dinh. M 12 mot diém di dong trén d. Tim tap hop trung diém
ctia doan AM. |

Bai 5. Cho dudng tron (O; R) va A 1a mot diém c6 dinh trén dudng tron; BC 1a mot day cung di dong
clia dudng tron nay va BC c6 do dai khong ddi bing 2d (d < R). Tim tap hgp trong tam G clia tam gidc
ABC.

Bai 6. Trén canh BC clia tam gidc ANC, lay hai diém M, N sao cho BM = CN. Qua M va N 14n luot v&
cdc dudng thing song song v6i AB, AC. Chiing minh giao diém clia hai duong thing nay nim trén
dudng trung tuyén qua A ctia tam gidc ABC.

Bai 7. Cho dudng tron (O) trén d6 c6 diém M di dong. Mot doan thing AB bén ngoai dudngd tron (O),
cdc tia AM, BM léan lugt cat dudng tron (O) tai diém thr hai A’, B’. Dung diém M sao cho A’B’ // AB.
Bai 8. Goi M, N, P Ia trung diém ba canh BC, CA, AB ctia tam gidc ABC. H, G, O 14n luot & trurc tam,
trong tam, tAm dudng tron ngoai ti€p tam gidc ABC. I la tam dudng tron ngoai ti€p tam gidc MNP.

a) Chiing minh ring tam gidc MNP I 4nh clia tam gidc ABC trong phép vi tu tim G, ti s& —%. Tur do
suy ra 4 diém O, G, I, H thang hang va I 14 trung diém doan OH.
b) Ching minh rang phép vi tu tam H ti s6 % bién duong tron (ABC) thanh dudng tron (MNP). Tir d6

suy ra trong mét tam gidc trung diém 3 canh, chan 3 dudng cao, trung diém cdc doan ndi truc tAm véi 3
dinh 12 9 diém ciing thuoc mot dudng tron.
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