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§1. TAP HOP PHAN TU CUA TAP HOP

A. KIEN THUC CO BAN

bé viét mot tap hop thuong cé hai cach.
Liét ké cac phan tu cua tap hop.
Nh¢ rang:  * Modi phan tu chi viet mot 1an
* Viéet theo thua nao cang dugec.

Vidu: A=1{0:;3;5 havA=1{5;0;3)

A=lc:f:h) hayB=1{f;h;el
- Chi ra tinh chat dac trung cho cac phan tu cua tap hgp dé
Vidu: A={xeN/x<5b} trongdé N la tap hop cédc s6 tu nhién

I Chuy: Nguoi ta con minh hoa tap hop bang rot

vong kin (biév dé Ven) trong do moi phan tuv cuz

tiap hop duge biéu dién boi mot dau cham bén

I trong vong kin (hinh 1)
B. BAITAP

1. Viét tap hgp cac s tu nhién nho hon 6.

Giai N
Cach 1. Liét ké cac phan tu cia tap hgp A={0;1;2;3; 4 ; 5}
Céach 2. Chi ra tinh chat dac trung cho cac phan ti caa tap hop dé.
A ={x eN/x < 6}

2. Viét tap hgp cac chit cai trong tit “CON CONG”

Giai
Tap hop cac chir cai trong tir “CON CONG” 1a: {C; O ; N ; 0:G}

3. Cho hai tap hgp A = {a ;1 ; ¢c; 3}; B={neN/x<5}. Hay
diung ky hiéu € va ¢ dé ghi cac phan ti thugc A va khong
thuoc B




Giai

acAvaae¢B; ce Avaceg B

4. Cho tiap hgp A = {x € N/x < 10}. Hay viét tap hop A the» cach
liét ké cdc phan ti caa no.
Giai
A={0;1;2;3;4;5,6;7;8;9}

C. CAU HOI TRAC NGHIEM

» Hay chon cdu tra loi dung
Cau 1. Dé viét mot tap hop ta thudng dung
A. Cach liét ké c4c phan tir cia tap hap
B. Céch chi ra tinh chit dac trung cho cde phan ti cia tap hyp ds
C. Hai cach trén déu ding
Cau 2. Cho tap hgp A = {x e N/x <4} cau nao sau day dung

A 4 A B.0 g A C.3cA
Cau 3. Cho hai tap hop: E={1;3;a;f} va F={1;a;0}. Hay chon

cdu dung trong cac cau sau:

A.feEvafel B.3<Evad3ePF C.feEvif eF
DAP AN
Cau 1 2 a
ChonlC C A

D. TOAN Ty LUYEN
1. Cho céc tdp hop: A = {ban, ghé, tu} va B = {tu, giuong} Har dling ky
hiéu €, ¢ dé ghi cac phén tu
a) Thudc A va thujc B b) Thudc A va khong thigc B
Huéng dén

a) the Avata e B
b) ban e Avaban¢ B; gh€ ¢ Avaghée¢ B

2. Cho hai tdp hgp A = {a, b} va F = {1, 2} viét cédc tar hgj gfm hai
| phén tif trong d6 mét phan ti thuoc A va mot phan ti taudc F

Hudng dén
{a, 1} ; {a, 2} ; {b, 1} ; {b, 2}



§ 2. TAP HOP (AC SO TU NHIEN

A. KIEN THUC CO BAN

I. Tap hgp N va tap hop = ‘

Tap hop cdc 80 tu nhien dugic v hieulaN; N =10;1;2;3; .}
Moi s6 tur nhién duoe biéu dién boi mot diém trén tia so.

L . e gy

0 1 2 2 1

Tap hop cdc so tu nhien khiac 0 duoc ki hiéula N
N ={1:2:3:4;
2. Tha tu trong tap hop s6 tu nhién
I a) Hai s6 tu nhién khac nhau. 6 mot s6 nho hon s6 kia. Khi sé6 a nho

hon so b ta viet a < b hoac b > a. Hai diém trén tia s, diém bén
trai biéu dien so nho hon. Nguai ta cang viét
b

e b>adéchib>ahoach = a

e a-bdechia<bhoaca

H

b) Neua<bvabccthiac<c

¢) Moi s6 tu nhién c6 mot o lién sau duy nhat
d) So6 0 1a so tu nhién nho nhat, khéng ¢6 sé tu nhién 16n nhat
e) Tap hop céc s6 tu nhién c6 vo so phan tu.

B. BAITAP

1. Viét cac tap hop sau bang cach liét ké ciac phan ta

n)A:{xa'N/x<9} b)Bz{xeN*/x<4}
Giai

a) A=10;1:;2:;3;4;5:6;7:8;;

b) B=1{1;2; 3}

2. Cho a,be N. Khi so sanh hai s& a va b c6 thé xay ra céac
truong hop nao ? Hiy cho a va b vai gia tri thich hgp dé thw
lai.

Giai
a,be N co thé xay ra 3 truong hop: a < b hoaca =h hoaca>b
Cho:a=1,b=2sécba<b;a=3 b=3sécoa=D>b
a=7,b=1sécoa>bh

3. a) Viét s6 tu nhién nhoé nhat cé 7 chit s6 khac nhau
b) Viét sé tu nhién 16n nhit c6 7 chit s6 khac nhau




Giai
a) So tu nhién nho nhat cé 7 chu so0 khac nhau: 1023456
b) Sé tuf nhién 16n nhat c6 7 chit s6 khac nhau: 9876543

4. Viét tap hgp cic sé tu nhién 1é nhé hon 15

Giai
Tap hop cdc s6 tu nhién le nho hon 15: E=1{1;3;5;7 ;9 ;11 ;13}

5.Choa, b, ¢, la cac s6 tu nhienvaa<b;b<ec
a) Hiy dién dau thich hgp (<; > ; =) vao 6 trong dL:] c

b) Cho a, b, ¢ vai gia tri thich hgp dé thi lai.

Giai
a) Dién dau vaoétr6ng:ac
b) Vai gia triciaa;b;cdéthtlai:choa=5;b=7;¢c=9
Vi:5<7vaT7<9=5<9; a<bvab<c=acxec

C. CAU HOI TRAC NGHIEM
» Hay chon cdu tra loi dung
Cau 1: Hai diém trén tia sd, diém bén trai biéu dién:
A. S6 nho hon
B. S6 16n hon
C. Ca hai truong hgp trén déu sai
Cau 2: Trong tap hop N
A. S8 0 1a s6 tu nhién nho nhat
B. S6 1 l1a s6 tu nhién nho nhat
C. Khong ¢6 s6 tu nhién nho nhat
Cau 3: Trong cdc dong =au, dong nao chi ba sé tu rhién lién tiéj
A .a-1;a;a+1viiaeN
B.aja+1;a+3vdiaeN
C.a+l;a:a—2v61aeN
PDAP AN
Cau 1 |2 ]3|
Chon | A | A | A




D. TOANTY LUYEN
1. Hay dien so lien trudge va so lien sau vao moi s6 sau de co cac bo ba
<0 lién tieép tang dan: 19 ; 31,
Huong dan
S6 hen trude cua so 19 la: 18
SO lien sau cua so 19 la: 20
Viy bo ba so lien tiép tang dan: 18, 19, 20
Tuong tu ta ¢co bo ba: 30, 31, 32
2. Trong tat ca cac so tu nhien tur 100 den 1000 ¢6 bao nhiéu s co ding
ba chi s0 giong nhau.
Hudng dan
B la cac so: 111, 222, 999 (chin s0) va so 1000

§3. GHI SO TU NHIEN

A. KIEN THUC CO BAN
1. S6 va chi s6. Vi mudi chir s6: 0 ;1 ;2;3;4;5; 6;7;,8 ;9 ta ghi
dudge mot so tu nhién
2. Hé thap phan
Trong hé thap phan cd muoi don vi ¢ mot hang thi lam thanh mot
don vi ¢ hang lién trudge no.
Vi du: 222 = 200 + 20 + 2
ab =a.10 + b véiraz0
abc = a.100 + b.10 + ¢ vdia =0
3. Chu y: Cach ghi s6 La Ma
I 11 I 1Iv v VI VII VIII [X X
||12345¢~378 9 10
« Néu thém vao bén trai moi so trén
- Mot chir <6 X ta duge so La Ma tir 11 dén 20
~ Hai chif s6 X ta duoe so La Ma tir 21 dén 30

B. BAITAP

1. Tap hgp ciac s6 nguyén ty nhién gom 5 chit s6 c6 bao nhiéu
phan tu ?




Giai
S6 tu nhién nho nhat ¢6 5 chir s6: 10000
S6 tu nhién 16n nhat c6 5 chir s6: 99999
So cac s6 ty nhién c6 5 chir s 1a:
(99999 - 10000) + 1 = 89999 + 1 = 90000 so6
Vay tap hop céc s6 nguyén tu nhién c6 5 chir s6 c¢6 90000 phian tu

. D& viét tat ca cdc s ty nhién tit 1 dén 99 phai dung bao

nhiéu chi sé 5

Giai
*+ Céc s6 géom 1 chir sé c6: 1 chit s6 5
*+ Cac s6 gom 2 chif s6 cé:
e fhang don vi c6: 9 chir s§ 5
e J hang -huc c6: 10 chir s6 5
Vay ¢35 viét 4c sd tu nhién tir 1 dén 99 phai dung 1 + 9 + 10 = 20
chit s¢ 5.

Cho 4 chit s( 0, 2, 3, 7. Hay viét tat ca cac sd tu nhién ¢é
bon chr’ s6 mra cac chit s6 khiac nhau.

Giai
b6 1a cac s6: 2037 ; 2073 ; 2307 ; 2370 ; 2703 ; 2730 ; 3027 ; 3072 ;
3207 ; 3270 ; 3702 ; 3720 ; 7023 ; 7032 ; 7203 ; 7230 ; 7302 ; 7320

Mét s6 tu nhién thay déi nhu thé nao néu ta viét thiém vao

cudi sé dé mot chi¥ sé 0.

Giai
Khi viét thém moét chit s6 0 vao cudi mot s6 tu nhién thi s6 d6 tang
gédp 10 lan

. C6 bao nhiéu sé ty nhién cé hai chi¥ s6 ma chit s6 hang

chuc 16n hon chif s6 hang don vi

Giai
S6 ab phai c6 a > b nén:
* Néua=1thib=0 (c6 1 s6 thoa dé bai)
*+ Néua=2thib=0:1 (c6 2 s6 thoa dé bai)
* Néua=3thib=0;1;2 (c63 sd thoa dé bai)
* Néeua=9thib=0;1;.;8 (c69sb6 thdéa dé bai)
Vaytatca 1 +2+3 +...+9=45s0



C. CAU HOI TRAC NGHIEM

~ Hay chon cau tra loi dung

Cau_1: Khi viét thém har chia 0 0 vao cuoi mdt so tu nhién thi so d6

tang:
A gap 10 lan B gap 100 lan C. gap 1000 lan

Cau 2: Vai hai chir 6 La Ma: I va V ta ¢o the viét:

A. 4 chu so [V; VI; VII; VIII
B. 2 chu so [V; VI
C. Ca 2 cau déu sai

Cau 3: Tap hgp cac chu so cua so 2000 co:

A. Bon pharn tu B. Ba phan tu C. Hai phan ta
DAP AN
Ccau |1 2 3 |
Chon | B | A C

D. TOAN TY LUYEN

1.

Mot sO ¢6 hai chir s6 néu ta viét xen vao gitra hai chir s6 d6 mot chu
s0 0 thi 86 mdi Ign hon so ci bao nhiéu don vi
Huong dan
ab =10a+b ; a0b =100a+b
Vay s0 mdi 13n hon: 100a + b - (10a + b) = 90a

Mot s6 ¢6 hei chit s6 néu ta xen chir s6 0 vao gitra hai chit so cua so

do 1a 2, 3 chit s6 0 thi s6 mdi 16n hon s6 ci bao nhiéu don vi.

9



4. SO PHAN TU CUA MQT TAP HOP
TAP HOP CON

A. KIEN THUC CO BAN

1. Sé phan t& cia mét té-p hgp. Mot tap hop ¢6 thé c6 mot phan tu,
¢6 nhiéu phan tu, c6 vo s6 phan tu.
Chu y: Tap hogp khong c¢6 phan tr nao goi la tap hop ring. TAp hap
rong ky hiéu @

2. Tap hgp con: Tap hgp A la mot tap hop con cua tiap hcp B néu
moi phan tu cua A déu thuge B
Ki hiéu: A <= B hoac B - A va doc la: A la tap hgp con cha E, hoac A
duoc chua trong B, hoac B chua A
Chuy: ntuAcBvaBc AthiA=B

B. BAI TAP

1. Viét tap hop E gom cac sé tu nhién nho hon 15 va cho biét
tap hgp E c6 bao nhiéu phan tu
Giai
E={0:1: 2 ... ; 14} . Tap hop E c6 15 phan tu

2. Cho tap hop A ={1; 2 ; 4}. Viét cac tap hdp con cua tip hgp
A c¢6 hai phan tu

Giai
Cac tap hgp con cua A ¢6 hai phan tila: {1;2};{1;4}; {2, 4}

3. Hay liét ké cac tap hgp concuataphgp A={a; b; c|
Giai
Cac tap hop con caa tap hgp A gom:
@ ;{a}; {b}: {c}; {a:b}; {bic}: {asc}; {asbic)
4.Cho 2 tap hop E={1;3;5;7}va F={3;5}. Tap hoo F cé
phai la tip hop con cua E khong ? vé biéu doé Ven

Giai

e 7 OO

3eFvaldek

heFvabekE

B, F
}:>I*c}']

10



5. Cho tap hop A - {:1 b e df

a) Hay xac dinhwip hopEbiét Ec AE+J;a¢ E;d ¢ E
b) Vé biéu do Ven cua A va E

Giai
ar Tap nop B duge xe¢ dinh nhu cau: ¥ = b ¢}

by A

C. CAU HOI TRAC NGHEM
» Hay chon cau t-a loi diing
Cau 1: Cho tap hop E = {x e N/x - 10 = 15}
A K co 2 phan tu B.E= J C. ¥ c6 1 phan tu
Cau_2: Cho tap hop X ={1:2:3:4} va tap hgp Y = {1; 3}. Cach viét
nao sau day dung
A Y X B Xz ¥ C.X=Y
Cau_3: Moi tap hop la:

A Tap hygp con cda h nyno B. Bang chinh no
C. Ca A va B deu dung
DAP AN
Cau o] 2 ' 3
s el - y . +
Chon | C | A | C

D. TOAN TY 'UYEN

1. Co 3 con duong a,, 2., a; di tu A dén a, b,

B va 4 con duong di tt B dén C ABC
(hinh). Tap hap cac con duong di tur A W%
dén C va-qua B c6 bao nhiéu phan .

Huéng dan
C6 12 con duong (ab,, wib,, a1by, a by ; asby, asby, asby, asb,, asb,, asb.,
asb,, asby)

2. Cho bon chu 86 0, 2, 4, 7 ta ¢o thé viét bao nhiéu so tu nhién ¢6 hai
chit 56 khac nhau.
Huéng dan
D6 1a cac so: 20, 24, 27; 40, 42, 47: 70, 72, 74

11



§5. PHEP CONG VA PHEP NHAN

A. KIEN THUC CO BAN

1. Téng va tich hai sé tu nhién
* Phép cong hai s6 tu nhién bét ky cho ta mét s6 tu nhién duy nhat
goi la téng cuda ching.
- a  + b = ¢
(s6 hang) + (s6 hang) = Tong
* Phép nhan hai so tu nhién bat ky cho ta mot s6 tu nhién duy rhat
go1 la tich caa chung
a . b =4
(thira sd). (thita s6) = (Tich)
2. Tinh chit cua phép céng va phép nhan so6 tu nhién

Phép tinh Cong Nhan -
Tinh chat - -
Giao hoan a+b=b+a a.b = b._a_%ﬁ_v__:
Két hgp (@a+b)+c=a+(b+c) (a.b).c = a.bc) |
Cong va1 0 a+0=0+a=a
Nhan véi 1 al=la=za |
Phan phoi caa
phép nhan dai vai atb + ¢) = ab + ac
phép cong o
B. BAI TAP
1. Tinh nhanh téng: 11 + 12+ 13 + 14 + 16 + 17 + 18 + 19
Giai

11+12+13+14 +16+ 17 +:18 + 19
‘ (11 +19) +(12+18) + (13 +17) + (14 + 16)
= 30 + 30 + 30 - 30 = 120

2. Viét méi so sau day dudi dang
a) Téng hai s6 bing nhau: 8 ; 24 ; 36 ; 82
b) Tong ciia ba s6 bing nhau: 18 ; 21 ; 42 ; 57

Giai
a) 8=4+4:24=12+12:36=18 +18 ; 82 =41 + 41
b) 18=6+6+6;21=7+7+7;42=14 + 14 + 14; 57
=19 + 19 + 19

12



3. Tinh cac tich sau dayv bang cach hop ly nhat:

a)2.9.5 : 7.4.25
b)125.8.6 8.12. 125
c)9.4.25.8.125 ; 8.25.2.4.5.125
fiiai
a) 2.9.5=(25,9=10.9 =90
7.4 .26=79.(425)=7. 100 = 700
by 125 8 6 =(125.8)6 = 1000 . 6 = 6700
B.12 . 125 =(8.125,.12 = 1000 . 12 = 12000
¢l 9.4.25.8.125=214.25)(8.125) =9 . 100 . 1000 = 900.000
8 .25 . 4 .5 .125 =18,125)1.425.4).(5.2)

= 1000 100G, 10 =

1000000

4. Tinh nhanh cac gia tri sau:

a)27 .38+27.62 ; 19.25+19.45+19.30
b) 53 .11 ;28,101
Giai
a) 27.!)‘8+27A52=3 38 + 62) = 27100 = 2700
19 .25 +19 . 15 + 19 .30 = 19(25 + 45 « 30! = 19.100 = 1900
b) 53 . 11 = 53.(10 + 1) =53 .10 + 53.1 = 530 + B3 = 583
28 . 101 £ 268.(100) + 1} = 28.100 + 28.1 = 2800 + 28 = 2828

5. Tichcual .2

« 3.

. 9. 10 tan cung bing bao nhiéu chi¥ sé 0

1.2.3.9.10=13.254 ..

Giai

9.10 = 1.3.4 .. 9.100

Nén két qua tich trén c6 hai con s6 khong tan cung
C. CAU HOI TRAC NGHIEM

» Hay chon céu tra loi dung
Cau l: Cho a,be N néua+b=mthi

B. meN
Cau 2; Trong tap hop N cia cdc s6 tu nhién tich cia mot s6 vdi sé 0 thi

A. megN

bang
A. bang 0

Cau3: Tim s6 tu nhién x biét (x - 5).2 =0

A . x=0

C. meN

B. bing 1 C. bang chinh s& dé
B.x=2 C.x=5
DAP AN
Cau 1 2 3
Chon B A C

13



D. TOAN TY LUYEN
1. Tim hai so tu nhién biét rang tong cua ching bang 157, néu gach bo
chit s6 3 ¢ hang don vi cua s6 ldn thi duge sé nho
Huéng dan
S6 16n bang 10 lan s6 nho cong thém 3

- Hai s6 phai tim la: 143 va 14

bé viét cac so tu nhién wr 1 dén 99 ta phai dung bao nhiéu cha s6

X

Huéng dan
Ta phai dung 1 .9 + 2. 90 = 189 chif s6

§ 6. PHEP TRU VA PHEP CHIA

A. KIEN THUC CO BAN
1. Phép tru hai sé6 tu nhién

Cho hai s0 tu nhién a va b, néu ¢6 s6 tu nhién xsaocho> + x = a
thi ta c6 phéptrra-b =x
a - b = X
(S6 bi trir) — (S6 trir) = (Hiéu)
biéu kién dé thuc hién duge phép trir la sé bi trir 16n 10n hoac
bang s6 tru
2. Phép chia hét va phép chia cé du
Cho hai s6 tu nhién a va b, trong d6 b # 0. Néu ¢6 s6 tv nhién x
sao cho b.x = a thi ta n6i a chia hét cho b va ta c6 phép chia hét
atbh=2
a 3 b = X
(S6 bi chia) :  (sd chia) = (Thuong)
Cho hai s6 tu nhién a va b trong d6 b # 0 ta luén tim duyc hai so

tu nhién q va r duy nhat sao cho:
a=b.q+r trongdd0<rc<b
Néu r = 0 thi ta ¢6 phép chia hét
Néu r # 0 thi ta co phép chia ¢6 du

14



B. BAITAP

1. Tim x biét:
WM (x-27)-75=0 b) 32 + (147 - x) = 175
¢)112-(x + 14) = 61

A (x=27-THh=0=x-27T=T5 @x=Th +27 <> x= 102
b) 32 + (147 —x) =175 +> 147 - x =175 - 32 = 143

c> Xx=147-143 <> x =4
¢) 112 -(x+14)=61 =2 x+14 =112 - 61 =61

Xx=61~14 < x =47

2. Trong tap hdp N cac sé6 tu nhién, phép chia cho 3, cho 4, cho

5 ¢6 thé c6 sé6 du bang bao nhiéu ?

Giai
Vi s6 du phai nho hon 6 chia nén:
Phép chia cho 3, s6 du co thé bang: 0, 1, 2
Phép chia cho 4, so du co the bang: 0, 1, 2, 3
Phép chia cho 5, s6 du 6 thé bang: 0, 1, 2, 3, 4

3. Trong tap hop N cac s6 tu nhién, mét phép chia hét cé
thuong la 7, s6 bi chia 16n hon sé chia la 84. Tim s6 chia va

s0 bi chia

Giai

(o1 a la s0 chia, theo dé bai ta ¢o:
a.7=a+ 84 > a.7-a=84
> a.6 =84 s a=841:6=14

Vay so chia la 14; so bi chiala 14 + 84 = 98

I

4. Tim hai s6 tu nhién biét ring hiéu cia ching bing 68 néu

gach boé chit s6 5 & hang don vi cua sé 16n thi duge s6 nhé
Giai

(vor a 1a so nho thi 530 lgn la 10a + 5

Theo dé baitaco: 10a+5=a+68 >9a=68-5=63 >a=7

Vay hai so do la: 75 va 7

15



a’

5. Tim hai s6 tu nhién cho biét téng cia ching la 14§ Biét
ring s6 1dn gap 3 1an s6 nho
Giai
Goi a la s6 nhd, thi s6 16n 1a 3a
Theo dé baitacé: 3a+a=148 <> 4a=148¢>a=148:4= 3"
Vay s6 nho la: 37; s6 16n =37 x 3 = 111

C. CAU HOI TRAC NGHIEM

Cau_1: Diéu kién dé thuc hién phép trir trong tap hgp N cdc sd "u nhién
la:
A. S trir va sé bi trir déu 1a cac s6 khac khong
B. Sé trir 16n hon sé bi tru
C. S6 bi trif 16n hon s6 tru

CaAu 2: Phép chia hét a : b -~ ¢ thuc hién duge trong tap hop N ddc s6 tu
nhién khi:

A.az0vab=z0 B az0 C.b=0
Cau 3: Trong tap hop N cac sé tu nhién hay tinh x khi: 16(x - 12) = 16
A = 12 B.x=13 C.x=14
DAP AN

[(Jo)

Cau 1 2
Chon C C B

D. TOAN TY LUYEN

1. Téng hai sé la 3587. Biét rang lay s6 thd nhat chia cho s& thit 2 thi

duge thuong 1a 6 va s6 du la 3. Tim hai s6 d6
Huéng dén

Goi a la s6 tha 2 thi s6 tha nhat la: 3587 - a
Ta sé tim dugc: S6 thit nhat 1a: 512 ; S6 that hai 1a: 3075

2. Cho biét tong hai sé tu nhién la 43, hiéu cda ching la 7. Tiim hai
s6 dé.

Huéng dén
Hai s phai tim 12 25 va 18
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§7. LUY THUA VOI1 SO MU TU NHIEN
NHAN HAI LUY THUA CUNG CO SO

A. KIEN THUC CO BAN

l. Liy thia véi s6 mi tu nhién: Lav thia bac n cua a (a # 0) la
tich cua n thua sé bang a

a" =a.a...a(n=#a) agoi lacoso, nlasoma.

n thua so

m+n

2. Nhan hai liy thira cung cd s6: a™.a" = a
Cht y: a® con goi la a binh phuong (hay binh phuong cua a)

a® con goi la a lap phuong (hay lap phuong cua a)

B. BAITAP

1. Tinh 10°, 10°, 10, 10°, 10°

Giai

9

10° = 10. 10 =100

10° = 10 . 10 . 10 = 1000 (10" = 10*.10 = 100.10 = 1000)

10* = 10 . 10 . 10 . 10 = 10000 (10* = 10°.10 = 1000.10 = 10.000)

105 = 10. 10 . 10 . 10 .10 = 100000(10° = 10*.10 = 10000.10 = 10.0000)
10°=10.10.10.10.10.10 = 1000000 (10° = 10°.10 = 100000.10
1000000)

I

)

I

W\

2. Viét cac soé sau dudi dang liy thiua caa 10.
10 000 000 ; 100 000 000
Giai

10 000 000 = 10" 100 000 000 = 10°

03 2
3. So sanh 22" va 3% ; 4% va 2°

Giai
3 & 5. i
a) 2% 29292922 — 444 =64
2
92" =3292 59 §]
a3 2
Vay: 22" « 32 ‘
b) 4° = 4.4 = 16
. ¢
129229292 =16 - L ‘ / Bt 5’2/4 .

Vay: 4% = 24
17



4. Tinh gia tri ciac biéu thuc dudi dang lay thia
a) 5.8° + 3.8° b) 9°.5'.9%.3% - 9°.5*
Giai
a) 5.8°+38°=(5+3)8°=88"=8'""=8"
b) 92.5°9°3% - 9%.5* = 9%.9°.3% 5* — 98 5°
= 9%29°95'-9°5'=9%5" _9°%5' =0

5. Viét tich cac liy thua sau diy dudi dang 1 liy thua:
a) 27.3°.3%.9 b) 9°.81.9°

Giai
a) 27.3°.32.9 = 33353232 = 33+5+2+2 _ 312
b) 9 .81.9% = 99293 = 9¥+2+3 _ ¢°
'C. CAU HOIT:AC NGHIEM

» Haiy choi cdu tra loi dung
Céau 1: Trong tap hop N cdc s tu nhién. Tinh x, biét rang (x— 2)16 = 16

A x= B.x=9 C.x=12
Cau 2: Tini gia tr; biéu thic E = 5x* + 6x — 7 vdi x = 2
A. E =27 B.E =25 C.E =28
Cau 3: Viét két qua dudi dang lay thira: 3°. 4°
A 12° B. 7° 0. 120
DAP AN
Cau 1 2 '3
Chon B B A

D. TOAN TY LUYEN

1. a) Tinh1+3;1+3+5;1+3+5+7
b) Du dodan két qua cua tong sau day:
1+3+5+7+9;1+3+56+7+9+11
Hudng dén
So sanh 1 + 3 v6i 2°; 1 + 3 + 5 vdi 3°
2. Téng cta 3 sé bang 41. Cho biét sé tht nhat nhiéu hor s6 thut hai 6
don vi nhung lai it hon sé tha ba 2 don vi. Tim 3 s6 do.
Huong dan
Goi a la so tha 2. Thi so tha 1 la: a + 6 va s6 tha 3 12 a. + &. 3a so
phai tim 1a: 15, 9, 17
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§ 8. CHIA HAI LUY THUA CUNG €O SO

A. KIEN THUC CO BAN
acat=a" "ttas0:m - n)
Taquy udca =1
Chu y: Mot so tu nhiéen déu vier duge duoi dang tong cac lay thua
cua 10
B. BAITAP

1.

Viét két qua cac phép tinh sau dudi dang luy thua
b)5°.5":125

19
a2 :16
Giai
oy 11 + 9 P 5
gl 27:168=28"12=2" "=8
~ ~ ¢ B+ 4 3 ~-12 B 12 3
by 5% 54125 =581 -5 =57 .55 = 5°
91 90 90
b) 5° -5 :5

, a2l € 207
2. Tinh: a) (2°'% + 2299 : 2
Giai
= 2~1., : 220. + 2212 : 2‘20: - 2212 207 + 2209 207

a) (2212 + 22')9) : 2207
9° 4+ 92232 +4 =36
L-\f)l : 5% _ 590 : 590 - 591*90_ 590—90 - 51 ___ 50

~ 90
Y

by (5% - 5%
== ] =4

Chung té rang (a.b)" = a"b"vdia,b,n e N

Giai
(ab) ..(ab)=aa...a b...b=a"b"

Ta ¢o: (a.b)’ =
n thifa s6 n thifa sé

n thua so6 |

Vay: (ab)*~ = a"b"

So sanh hai s tu nhién a, b. Biét ring: a = 27° va b = 243°

Giai
Tacs: a=27 = (8°F = 85345730 3% = gitdedriid , g8
b = 2435 o (3%)1 = 3‘)3535 = 35#545 - 315

Tuidésuyraza=b=23"

19



5. Tim s6 tu nhién n, biét rang:
a) 3° = 91 ; b) 5" = 3125 ; c) 20" = 1
Giai
a) 3"=91 = 3"=3* = n=4
b) 5" = 3125=> 5" =5° = n=5
c) 20'=1 = 20"=20° —= n=0
C. CAU HOI TRAC NGHIEM

» Hay chon cdu tra loi dung
Cau 1: Khi thuc hién phép tinh chia hai lay thitra cung co sé trong tap
hop N cédc s6 tu nhién a™ : a" = a™ " thi phai cé diéu kién

A.a#0;m=>n B.az0;m<n C.a»0
Cau 2: Tim x € N biét: 2’ : 2° = 2*. Chon cau tra 11 dung troag cic cau
sau :
A x=12 B.x=5 C.x=12
Cau 3: Nguoi ta goi mot s6 tu nhién la sé chinh phuong khi:
A. S6 d6 la binh phuong cia mdt sé tu nhién lé
B. S6 d6 1a binh phuong ctia mét s6 tu nhién chan
C. S6 d6 la binh phuong cua mot sé tu nhiér
DAP AN
Cau 1 | 2 | 3 |
Chon A C

D. TOAN TY LUYEN

1. Tim s tu nhién n, biét: 8" : 512 = 8§’
' Hudéng dén
8":512=8"= 8":8 =8
2. Tim n sao cho n thoa diéu kién: 8 < 2" < 128
Huong dén
2°<2°<2" > n=4,56
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§9. THU TU THUC HIEN CAC PHEP TINH

A. KIENTHUC CG BAN

1. Nhac lai vé biéu thue: Cac s6 duge noi voi nhau bai ddu cac phép
| tinh (cong, tru, nhan, chia. nang lén lay thia) lam thanh mot biéu
th e
Chuy:

1) Mo s6 cung duagc cot la méot biéu thue
5 Trong biéu thice c6 thé co cac dau ngoac dé chi tha tu thue
hior cac phép tinh
2. Thu tyu thue hién cac phép tinh trong biéu thic
a) For val biéeu thuc khong ¢o dau ngoac: Luy thita — nhan chia
- cong tru

b1 A1 vol biéu thuc cd dau ngoac: () = [ ] - { )

B. BAl TAP
1. Tinh
a) (15141 + 29.15 + 7.15) : 15 ; b) (3% :5%+3%.3Y - (2°+ 5%
Giai
a) (15141 + 29.15 + 7.15): 15 = (141 + 29 + T)15 : i5 = 141 + 29 + 7
= 177

b) (5°:5°+3°3H-(2%4+5%)=5°"%4+3")_- (8 + 25)
=52 +3% -33=1(125+729) - 33 = 854 — 33 = 811

2. Tinh: [(12.15) + 3.2'] - (27+93):5

Giai
[(12.15) + 3.2 - (27 + 93): 5 =180 + 3.16 — 120 : 5 = 180 + 48 — 24
= 228 — 24 = 204
3. Tinh gia tri cua x khi: (2°x + 3’x)16 = 51.4%
Giai

(2°x +3°%)16 = 51.4%> = (8x + 9x)16 = 51.16 = 17x.16 = 51.16
= L7t =51.16:16=51 =>x=51:17T=>x=3
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4. Ching té rang: (a™" = a™

Giai
n s6 hang
Tacé: (a™)" = a™...a™m =Mt M = g™
——
n thira s6

vﬁy (am)n= amn
5. Tim sé ty nhién n biét réng: 8" ' =16
' Giai

8 1=16=2) '=22=>n-1=1=>n=1+1=>n=1Y

C. CAU HOI TRAC NGHIEM

CAau 1: Chon cau dang trong cac cadu sau

A 374+3 =7 B.5°:5°=5 C.2° 4*=2

Céu 2: Tim x kh1 16 + 3x + 14 = 150. Hay chon cau tra 101 dtinz trcng cac
cdu sau | :
A x =28 : B.x=20 C.x=40

Céu 3: V:i&t tong sav thanh mdt binh phuong: 1° + 2° + 3% + 4° Hay chon
clu tra loi ding t.ua, 4c ciu sau
A 11° F.. 10° C. 8*
DAP AN
Cau 1 2 3
Chon C C B

D. TOAN TY LUYEN_

1. Chiing minh ring néu ab = 2cd thi abed 67
' Huéng dén
abcd = 100ab + cd = 100.2cd + cd = 201cd = 67.3cd
2. Tim x biét 2° . 3° — (x - 6) = 11 4 2579°
Huéng dén
2% .3 (x-6)=11+2579°232 x27-(x-6)= 11+ |
= 864 - (x-6)=12 = x-6=864-12 = x =858
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§10. TINH CHA'T CHIA HET CUA MOT TONG

A. KIEN THUC CO BAN

. Nhac lai vé quan hé chia hét: So tu nhién a chia hét cho sé tu

nhien b khac 0 néu ¢o so tu nhién k sao choa = bk
Ky hicu: a chia hét cho b la a:b . Néu a khong chia hét cho b ta ky
hieu a/b

2. Tinh chat1: aim va bim = (a+b)im

Ky hiéu “=” doc la suy ra (hoac kéo theo)

Chu y:

a) Tinh chat 1 cang dung véi mot hiéu (a > b)
aim va bim > (a-b)im

b) Tinh chat 1 cang ding véi mot tong ¢o nhiéu s6 hang
a:m, bm vacim = (a+b+c¢)im

3. Tinh chat 2: a/m va b'ia = (a+b)/m

Chu y:
a) Tinh chat 2 cang dung déi véir mot hiéu (a > b)

a/m vdi bim = (a-b)/m

b) Tinh chat 2 cing dung d6i véi mot tong c6 nhiéu so hang, trong
d6 chi ¢6 mot s hang khong chia hét cho m, cac so6 hang con lai
déu chia hét chom
a/m, bim va cim = (a+b+c)/m

B. BAI TAP

1. Chuing t6é ring trong hai sé tu nhién lién tiép cé mot s6 chia
~ hét cho 2

Giai
Goin van + 1 la hai sé tu nhién lién tiép
Néun = 2k thi n:2
Neun=2k+1thin+1=2k+1)+1=2k+2:2

2. Chiing té ring ba sé tu nhién lién ti€p c6 mot sé chia hét
cho 3
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| Giai
Goi n,n+ 1, n+ 21abasd ty nhién lién tiép
Néu n =3k thi n:3
Néu n=3k+1thin+2=3k+1+2=3k+3:3
Néu n=3k+2thin+1=3k+2+1=3k+3:3

. Ching tb ring tdng ciia bén sé tuy nhién lién tiép la mot 6

khong chia hét cho 4

Giai
Goia,a+ 1,a+2,a+ 3144 sdtunhién lién tiép :
a+(a+1l)+(a+2)+(a+3)=4a+6
4a‘4 va 6/4 nén 4a+6/4. Vay tdng 4 so tu nhién lién tiép khong
chia hét cho 4

Ching minh ring tich hai sé chdn lién tiép chia hét cho 8

| Giai
Goi 2n va 2n + 2 12 hai s6 chén lién tiép
Néu n = 2k thi 2n(2n + 2) = 4k(4k + 2) = 16k’ + 8:8
Néun = 2k + 1 thi 2n(2n + 2) = 2(k + 1)[2(2k + 1) + 2]
=2k + 1)04k + 2) = 2(k + 1).4.(k + 1) = 8(k + 1)*i8
Vay tich 2 s6 chdn lién tiép chia hét cho 8

Ching minh riing téng ciia ab +cd chia hét cho 9 thi abed
chia hét cho 9

C.

Giai
Ta c6 : abed =100§)+a=99a_b+(§)+c_d)
Ma 99ab:9 va ab+cd:9
Vay  99ab + (ab + cd):9. Hay abcd:9

CAU HOI TRAC NGHIEM
» Hay chon cdu tra loi dung

CAul:Choa=b.c(a,b,ce Nvaaz0). achia hét cho 56 nao ?

24

A. a chia hét cho b
B. a chia hét cho ¢
C. a chia hét chob va choc



Cau 2: Hay chon cau dung trong cac cau sau

A. Néu mot tong chia hét cho mot s6 thi méi s6 hang cua tong déu
chia hét cho so do

3. Néu moi s6 hang cua mot tong déu khong chia hét cho mot so thi
tong cung khong chia het cho s6 do

(. Néu chi ¢6 mot s6 hang cua tong khong chia hét cho mot so, con
cac s6 hang khac deu chia hét cho so d6 thi tong khong chia hét
cho so dé.

Cau 3: Néu a:6 va b'9 thiténga + b

A. Chtia hét cho 3 B. Chia hét cho 6 C.Chia hét cho 9
DAP AN
Cau 1 2 3 i
Chon 1 C C _A

D. TOAN TU LUYEN

1. Ching minh rang tong ab + ba chia hét cho 11
Huéng dan
ab+ba = (10a +b) + (10b + a) = 11(a + b) 11
2. Chang minh ring téng abe + def chia hét cho 37 thi abedef chia hét
cho 37

€

Huéng dan
1000abc + def = 999abc + (abc + def)

abedef

IT127abc~+(abc+-def)§37

§11. DAU HIEU CHIA HET CHO 2, CHO 5

A. KIEN THUC CO BAN

1. Dau hiéu chia hét cho 2: cac s6 c6 chir s6 tan cung la chi s6 chdn
thi chia hét cho 2 va chi nhitng s6 d6 chia hét cho 2

2. Dau hiéu chia hét cho 5: cac sd ¢6 chir s60 tan cung la 0 hoac 5 thi
chia hét che 5 va chi nhing s6 dé6 méi chia hét cho 5

25



B. BAI TAP

1. Ching minh ring tich cua hai sé 1é la mot so 1é
Giai
Goi2k + 1 (ke N)va2n+ 1(n e N)la 2 so le bat ky
2k + D(2n + 1) = 2k(2n + 1) + 2n + 1. ’
Ta nhan thay: 2k(2n + 1):2
2n : 2
1 7 2
nén 2k2n+ ) +2n+1 /7 2 hay (2k + 1)(2n + 1) / 2
Vay tich cua hai so 1é 1a mot so lé
2. T 1 dén 100 c6 bao nhiéu s6 chia hét cho 2, ¢c6 bao nhiéu sé
chia hé&t cho 5

Giai
* Céac so chia hét cho 2 1a: 2, 4, 6,......, 100
S6 cac so chia hét cho 2: (100 - 2) : 2 + 1 = 50 (s0)
* Cé4c s6 chia hét cho 5 1a: 5, 10, 15....., 100
Sé cdc so chia hét cho 5: (100 - 5) : 5 + 1 = 20 (s0)
Vay tir 1 dén 100 c6 50 s6 chia hét cho 2 va 20 s6 chia hét cho 5

3. Tim tap hgp cac s6 m chia hét cho 2 va cho 5 bié't ring:
615 < m < 690 |

Giai
Céc sb vua chia hét cho 2 vira chia hét cho 5 phai c¢6 chit s6 tin cung
la 0. Theo dé bai tap hgp cdc s6 m la: {620; 630; 640; 550; 660; 670;
680; 690}
4. Khéng lam phép tinh cho biét hi¢u 2002%°"' - 2001°” ¢é chia
hét cho 2 khéng ?

Giai
Ta c6: 2002%°°' = 2002.2002%°%° = 2(1001).2002%°°: 2
Ta lai ¢6 tich cha hai s6 1é 1a mot s6 lé (em ¢ BT 1) nér: 2001°°° tich
cua 2000 s6 1é cang la mot s6 1é
Vay hiéu 2002%°°! - 20012972 -

5. Chitng minh ring véi moi sé tu nhién n thi tich (n + 3)(n + 6)
chia hét cho 2.

(4
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Giai
Neun=2kthhn+6=2k +6:2
Neun=2k +1thin+3=2k +4:2

Tir do suy ra: tich (n + 3%n + 6) chia het cho 2 vdi moin « N
C. CAU HOI TRAC NGHIEM

~ Hay chon cdu tra loi dung
Cau 1: Cau nao dang trong cac cau sau:
A Cac 30 tu nhién ¢o chu <6 tan cung bang 8 thi khong chia hét
cho 2
B SO tu nhién co chi <0 tan cang bang 2 thi chia hét cho 4
. Cac 30 ¢6 chu =0 tan cung bang 0 thi chia hét cho 2 va cho 5
Cau 2: Trong cac tong hicu <au, t¢ ng hiéu nao chia hét cho 2 va cho 5
A 136 + 420 B. 425 —~ 320 C. 328 + 362
Cau 3: Cho 3 so: 4. 0. 5 ta ghep duoe bao nhiéu s6 ¢6 3 chu s6 khong
giong nhau chia het cho 2
A Ghép duve 2 so la: 504 510 B.Ghép duge 2 so la: 450; 504
C. Ghép ducce 3 <0 la: 504; 510, 450

DAP AN
Cau 1 2] 3|
Chon ' C ' C , C '
—

D.TOAN TY LUYEN

1. Chung minh rang tong: A =3 +3° + 3% + 3 + 3%+ 3° + 37 + 3% 3°
chia hét cho 13

Huéng dan
Ta nhan thay: 1 + 3 + 3* = 13
A=31+3+3)+31+3+3)+3(1+3+3%

2. Goi E 1a tong cac s6 chdn khong vugt qua 2002, F 1a tong cadc so 1é
khong vuot qua 2002. Hoi hiéu E - F ¢6 chia hét cho 2 va cho 5
khong

Hudng dén
E=2+4+6+...+2002c6 1001 s6 hang
F=1+3+5+... + 2001 ¢6 1001 s6 hang
E-F=2-1)+ 4 -3) +...+ (2002 - 2001) = 1001
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§12. DAU HIEU CHIA HET CHO 3. CHO 9

A. KIEN THUC CO BAN
1. Dau hiéu chia hét cho 3: cic sd c6 tong cac chit s6 chia hét cho 3
thi chia hét cho 3 va chi nhiang s6 d6 mdi chia hét cho 3
2. Dau hiéu chia hét cho 9: cdc s6 c¢6 tong cac chir s6 chia hét clo 9
thi chia hét cho 9 va chi nhing s6 do6 chia hét cho 9
B. BAITAP
1. Dién s6 vao diu * dé:
a) 3 * 4 chia hét cho 3 b) 7 * 2 chia hé&t cho 9
Giai

a) 3+4:3= (7+2)i3=>%¢ {2,5,8}
b) 7+2:9=(9++):9=>=*€{0,9}

2. Tim sé tu nhién a, sao cho E = 123a 12 mét sé chia h&tcho9

Giai
E'9=>1+2+3+a=6+a:9 vi0<ac<9nén phaichona=3
E = 1233

3. Cho s6 A = 341ab. Tim cac chif sé6 thich hgp thay cho a b dé

A:5va A:9

Giai
A'9=>3+4+1+a+b=(8+a+b):9
A:5=>b=0,5

* Néub=0=>8+a+0=8+2a:9 vi0 <a <9 nén phdi chona =1
Trong trudng hgp nay A = 34110

* Néub=5=>8+a+5=13+ai9 vi0<a<9nénphdichona=5
Trong trudng hop nay A = 34155

4. Cho a e N'. Chiing minh ring (4" + 1)(4" + 2) chia hét cho 3

28

Giai
Ta cé: 4° ; 4°+ 1 ; 4°+ 2 1a 3 s6 tu nhién lién tiép nén cé6 mot sd hia
hét cho 3 nhung 4%/3
Tiu d6 suy ra 4°+ 1 ; 4"+ 2 c6 mot so chia hét cho 3
Vay (4a + 1)(4a + 2)53



5. Chitng minh rang 107" + 8 chia hé't cho 3 va che 9

(x1at
Ta co: 105" L8 = 160000 + 8 = 100, .08

e e o .

20020001 w0 ) 2001 ehir 8O U

Vay =0 107" 4+ & chia hét cho 3 va cho 9 vi co tong cac chit s6 1a 9

chia hét cho 9 va cho 3
C. CAU HOI TRAC NGHIEM

~ Hay chon cau tra lov dung
Cauw 1: Tong cha ba 50 tu nhién lien tiép chia hot:
A Cho9 B. Cho 2 va cho 3 C. Che 3
Cau 2: Thm cau sai trong cac cau sau
A S ¢o tong cac chit s6 chia het cho 3 thi chia hét cho 3
B. SO chia hét cho 3 thh chia het cho 9
C S0 chia hét cho 9 thi chia het cho 3

Caw 3: Trong 3 s6 tu nhién Lién uep co dung 1 s0

A Chia hét cho3 B. Chia hét cho 9 C.Chia hét cho 5
DAP AN
TEQY“fEWTET“ET

i(‘hoﬁ 0 B A

‘D. TOANTY LUYEN

B . i P ; 5 2
1. Cho a e N tim s6 du cua phép chitza a® cho 3

Huéng dan

a” chia 3 du 0 hoac 1
2. Trong bon s6 td nhien lién tiép bao gio cang co it nhat hai g6 ¢6 hiéu
chia hét cho 3
Huéng dan
Goi ay, ag, a4, a4 1a 4 s6 ty nhién lién tiép, néu chia cdc so6 nay cho 3
taco: a;=3q,+r; vidi 0<r; <3
ar=3qu+ 12 vél 0<ry<3
a;=3qa + 13 vl 0<ry<3
a3 = 3qy+ry vol 0<ry <3
Vi ry, ry, r3, r; chi nhan mot trong 3 gia tri 0, 1, 2 nén c6 it nhat hai
truodng hop bang nhau, gia st r, = ry.
Suyraa; —a; =(3qq +1r4) - (3q4 +14) = 3(qq — q1):3
29



§13. UGC VA BOI

A. KIEN THUC CO BAN

1. Udc va boi: Néu co so t nhién a chia hét cho so tu nhién b thi ta
néi a la bdi cua b, con b goi la ude cua a
. Cach tim udc va boéi
* Ta c6 thé tim cdc bor cua mdt so bang cach nhan so6 do lam lugt
v610, 1,2 3.
* Ta co thé tim udc cia a bang cach lan luot chia a cho cac so tu

)

nhién tor 1 dén a dé xét xem a chia hét cho nhang so nao, khi
l' do cac s6 ay la udc cua a

B. BAITAP

1. Tim cac s6 c6 2 chif s6 la bdi cta: a) 31; b) 27
Giai
a) Lan lugt nhan 31 vdi 1, 2, 3..... sao cho tich 1a mot s ¢5 hai chir s6
ta duge: 31, 62, 93...
by Tuong tu ta nhan 27 véi 1, 2, 3. ta duge: 27, 54, 71

2. Tim cic s6 c6 2 chit s6 la udc ciia: a) 48 b) 50
Giai
a) Chia 48 cho 1, 2,3..vdi cac phép chia thue hién dugc va thuong la
s co 2 chir s6 ta duge cac so: 48, 24, 16, 12
b) Tuong tu ta chia 50 cho 1, 2, 3.. ta dugc cac so: 50, 25, 10

3. Tim tap hop cdc sé tu nhién sao cho a + 17 la bdi cua a + 2
Giai

Néua+17=(a+2)+ 151la boicua(a+2) = 151a bdi ciaa + 2

> a+ 21a udc cua 15(vdia + 2 22) = a+2e€ {3,515}
Néu:*a+2=3 = a=1

*a+2=5 = a=3

*a+2=15—= a=13
Vay ae {1,313}

4. Tim tap hop cac s6 tu nhién a sao cho a + 3 la uéc cia 5a + 22
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Taco: 52+ 22=5a+15+T7 =8+ 3) + Tvia+ 3 -5 la ude eua
ha + 22 nén la wde cua 7 v a+3€{7thay a + 3 =7 : a =4 hay
Ak 1:1}

5. Chosé tu nhien X =3+3"+3"+3'+3 +3"+3" + 3"
a) X la sé6 chan hay 1é ;
b) X co phai la bi cua 10 khong?

Giai
) X la tong cua mot <0 chan (8 s0) cac 0 le nen la mot so chan
by X=3+3 +

Ll

oy P h o o=
+ t)‘ + 1; + r} + t; o '))
=3+3 +

3
35 2 837 4+ 3743 8%+ FF

= 801 + 3%+ 8%1 % 3% + 31 + 8% + 3%3 + 3%

= (1 +33+3°+3 +39=103+3°+3+3% 110

Vay X la boi cua 10
C. CAU HOI TRAC NGHIEM

Cau l: Cho x =yv.z v4i x ¢ N'. Tim cau dung trong cac cau sau
A v,z la udc caa x B. x la boi cua y va z
(. Hai truong hop A va B deu dung
Cau 2: Tim tap hgp cac so6 tu nhién x sao cho x ¢ B(0; 2) va x < 10. Hay
chon cau tra lo1 dung trong cac cau sau:
A {2,4,6,8} B.{0,2,4,6,8} .{0,2,4,6,8,10}

Cau 3: Goi E la tap hop cac boi cua 2 nho hon 10, F la tap hgp cac boi

caa 1 nho hon 10. Hay tim cau ding trong cac cau sau

A EC-F B.F« E C.F=E
DAP AN
G [l
Chon | C | B | B

D. TOANTY LUYEN

1. Tim =6 tu nhién n sao cho n +3i(n -1)

Huéng dan
n+3=(n-1+4=>n-1laudccuadvan>1= nei235}

2. Chung minh ring s6 ty nhién aaa chia hét cho 3
Huéng dan
aza= 100a + 10a + a = 111a = 3.37a
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§14. SO NGUYEN TO, HOP SO.
BANG SO NGUYEN 10

A. KIEN THUC CO BAN

1. S6 nguyén té, Hop s6: So6 nguyén to la so6 tu nhién l6n hon 1,
chi ¢6 hai uge 1a 1 va chinh né6. Hop sé la sé tu nhién l6n hon 1, cé
nhiéu hon hai ugc
Chu y:

a) S6 0 va s6 1 khong 1a s6 nguyén td va ciing khong la hap s6
b) Cac s6 nguyén to nho hon 10 1a 2, 3,5, 7
¢) S6 nguyén td nho nhat la 2 va cang la s6 nguyén to chan duy

nhat.
. B. BAITAP
1. Chiing minh ring A = 2001 x 2002 x 2003 x 2004 + 1 la hop sd

Giai -
Tich: 2001 x 2004 1a s6 c6 chir s6 tan cung bang 4
2002 x 2003 la sé c6 chir s6 tan cung bang 6
Suy ra: 2001 x 2002 x 2003 x 2004 1a s6 ¢6 chif sé t4n cung bang 4
Vay: A la sd ¢6 chif s6 tAn cung bing 5 nén A:5 hay A la hop s6.

2. Tim s6 tu nhién cé 4 chit s6 giong nhau sao cho né chi cé
hai udc 1a cac s6 nguyén té
Giai
Goi M = aaaa 1a sd ¢6 4 chif s§ giong nhau:
M = 1000a + 100a + 10a +a=1111a = 11.101a vi 11 va 101 déu
la s6 nguyén t6. Suy ra a = 1
Vay M = 1111
3. Néu p la s6 nguyén t6 16n hon 3 va 2p + 1 ciing la s6 nguyén
t6 Chiing té rang 4p + 1 la hop sé ~
Giai

p la 58 nguyén t 16n hon 3 nén 4p/3 < 4p+2=2(2p+1)/3

Nhung 4p, 4p + 1, 4p + 2 ia 3 s6 tu nhién lién tiép nén phai cé it
nhat mot so6 chia hét cho 3.
Vay 4dp+1:3 vadp+1>4x3+1=13

Nén 4p + 1 1a 1 hgp s6
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4. Tim sé tu nhién a dé 28 + 7° la s6 nguyén to

Giai
Néua=0thi 28 + 7°=28 + 1 =29 la s6 nguyén té
Neua»0thi28+7°=4x7+7%7.
Vay so 28 + 7" la mot s6 nguyén to khia =0

5. Ching minh riing sé abcabc la boi ctia 7, 11 va 13

Giai
abcabe = abc.1000 + abe = abe (1000 +1) = abc.1001 = abe.7.11.13
Vay abcabc 1a boi cda 7, 11, 13
C. CAU HOI TRAC NGHIEM
Ca

u 1: Trong tap hop N cdc s6 tu nhién s6 0 va so 1 la:

A. S6 nguyén to B. Hop so
C. Khong phai s6 nguyén t6 cang khong 1a hop s6
Cau 2: S0 2 la 35 nguyén to
A. Nhé nhat B. Chan duy nhat C. Ca 2 cau trén déu dung
Cau 3: Trong tap hop N cac s6 tu nhién:
A. Moi s6 chdn déu la hop sé
B. TAat ca cac s6 nguwén to la sé lé
C. Cdc so nguyén to 16n hon 2 déu 1a s6 1é
DAP AN
[ cau | 1] 2
“Chon | C | C | C

L

w

D. TOANTY LUYEN

1. Chung to rang so tu nhién c6 6 chi s6 giong nhau 1a mot hgp sé

Huéng ddn
M = aaaaaa = a.111i11 = 21.5291a
2. Chosdé E=11.......... 1 . Hoi E 14 s nguyén té hay hop so
2002chir s6 1
Hudng dan

.......... 1=10%°" 4 10%°%,; . . +10°+102+10+1
2002chiasé 1

(10 + 1) + 10%(1 + 10) +......+ 10%°°°(1 + 10)

11(1 + 10% 4.+ 10%°% : 11

E

]
p—
[

]
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A.

§15. PHAN TiCH MOT SO RA
THUA SO NGUYEN TO

KIEN THUC CO BAN

Phan tich mét s6 tu nhién 16n hon 1 ra thira sé nguyén to la viét so

dé du6i dang mot tich cac thira sé6 nguyén to
Chu y:

a) Dang phan tich ra thita s6 nguyén t6 cida moi s6 nguyén to la

chinh s6 d6
b) Moi hop sé déu phan tich duge ra thira s6 nguyén té

BAI TAP

. Chiing t6 riang 105 la tich ctia ba sé 1é lién tiép

Giai
Phan tich 105 ra thira sd nguyén to ta c6: 105 = 3.5.7
3,5, 71a 3 sd 1é lién tiép

2. Tim sé tu nhién A biét ring: A’= 28224

Giai
Phan tich s6 28224 ra thifa sé nguyén té ta c6: 28224 = 2°.3%.7°
=(2°3.7°=A> > A=2%37=168

8. Tim tap hgp cac udc cua sé6 48

Giai
Ta c6: 48 = 2'3
+ Ubccta2'va3d: 1; 2 4(=2%;8(=2%; 16(= 2%
1; 3

*+ Nhén tirng s6 ¢ hang thd 2 v6i ting s6 ¢ hang thd 1 ta c6 bang

gbm cdc udc cha 48
1 2 4 8 16
3 6 12 2448
Vay: U48) = {1,2,3,4,6,8,12,16,24, 48}

Chiéng té ring xyxy la mét hgp sé
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Giai
xyxy = 100xy + xy = 101xy = 3.37xy
Vay xyxy la mot hgp so




5. Ching to rang tong cua 4 so6 tu nhién lién tiép la mot hgp sé

Giai
Goia.a+1,a+ 2, a+3ladsotynhién lien tiép
Tacora+(a+1)+(a+2)+(a+3)=4a+6=2(2a+ 3):2
vaZa+3d>3

Vay: Tong cua 4 s6 tu nhién hén tiép la mot hop so
C. CAU HOI TRAC NGHIEM

Cau 1: Trong cac so sau day so nao la so nguyén to: 191, 303, 751, 621.
Hay chon cau dung trong cac cau sau:
A, 303 B. 191 va 751 C. 621
Cau 2: Co 3 s0 1é lien tiép déu la sé nguyén té hay chon cau ding trong
cac cau sau:
A 1,.3,5 B. 11, 13,15 C.35,7
Cau 3. Chon cau duang trong cac cau sau:
A. Moi s nguyén to déu le
B. Co hai so tu nhién lién tiép deu la s6 nguyén to
C. Tong hai s6 tu nhién lién tiép l1a mot hac sé

DAP AN

Caw | 1 | 2 [ 3 |
Chon | B | C B |

D. TOAN TY LUYEN

1. Ching to rang néu p la s6 nguyén t6 16n hon 3 thi: (p — 1)p + 1) 4
Huéng dan

p-1,p p+11la3so tunhién lién tiép. Vi p 1a s6 nguyén t6 16n hon
3 nén pla so le
Viplé nénp-1,p+ 11a2s6chéanliéntiép = (p-1)p+1) i4
2. Tim s6 nguyén to p sao cho p + 94 va p + 1994 déu 1a sé nguyén té
Hudng dén
p=3=p+94 =97 va p+ 1994 = 1997 la cac sO nguyén to.

Néu p la s6 nguyén td 16n hon 3

Néu p=3k+1=p+ 1994 =3k + 1995 :3
p=3k+2=>p+94=3k+96:3

Vay p = 3 1a s6 nguyén t6 duy nhat thoa dé bai
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§16. UGC CHUNG VA BOI CHUNG

A. KIEN THUC CO BAN
1. Uéc chung: U6c chung cta hai hay nhiéu s6 1a uéc ctia tat ca cic
s6dé xe UC(a,b)néu aix va bix
¥ € UC(a,b,c)néu aix va bix va ¢'x
2. Bjoi chung: Boi chung cia hai hay nhiéu s6 1a boi ctia tat ca cdc s
d6 x e BC(a,b)néu x:ia va x:b
x € BC(a, b, ¢) néu x:a, x:b va x:c
Chué ¥: Giao cha hai tdp hop 1a mot tdp hop gédm cdc phan tir chung
cha hai tap hop dé
B. BAITAP
1. Cho 3 tap hgp A ={1,2,3,4,5,6}; B ={2,4,6} va C={1,3,5}
Tim:a) AnB; b) AnC; c)BnC
Giai

a) AnB={24,6] bANC={1,35 <BnC=0

. Cho céc tap hgp: A ={a,b,c,d,e,f}; B ={a,c,e}; C ={c,e,f}

a) Ching té rang Bc AvaCc A
b)Sosinh AnBvdiBvaAnCvgiC

Giai

a) Tac6: aeBva acA

ceBva ce A

eeBva e A
Moi phdn tl cua tap hop B déu thudc tdp hop Anén Bc A
Tuong ty: Cc A
b) AnB={a,c,e}=B

ANnC={cef}=C

3. Tim udc chung cia hai sb6 999 va 555

~36

Giai
Ta c6: 999 = 3°.37
= U (999) = {1,3,9,27,37,111, 333,999}
555 = 3.5.37
= .U (555) = {1,3,5,15,37,111,185,555}

Vay: U (999,555) = U (999) n U (555) = {1,3,37,111}



4. Tim: bdi s6 chung nho hon 50 cua hai s6 6 va 8

Giai
B(6) =10,6,12,18,24,30.36,42,45.54, ...}
B(8) =10.8,16,21,32,40,48,56.. }

Goi A la bor chung nho hon 50 cua 6 va 8 ta c6: A = {O, 24,48}

5. Tim bdi chung cua 4,5 va 7
Giai )
B(4) ={0,4,8.....140, .} ‘
B(5) = {0,5,10......140,.....}
B(7) ={0,7,14,....140, ... }

Vay boi chung cua 4, 5 va 7: BC(4,5,7) = {0,140, 280, .....}

C. CAU HOI TRAC NGHIEM

Cau 1. Hai tap hop X va Y dugec minh hoa bing bi€u d6 Ven nhu hinh
dudi. Hay chon cau dung trong cdc clu sau:

A. X ={a;b;1},Y ={d;f;h} X

XAY = {c;0} ¥
B. X ={a;b;1,0;c};Y = {c;0,d; f; h}

XY ={c0}
C. X={a;b;c;0};Y = {c;0;h;d; f}

XNY = {c0}

Cau 2: Tap hgp cdc ude chung cta ba sd 3, 5, 7 ¢6 bao nhiéu phan ti
A UC (3,5, 7) chi ¢c6 1 phan tu
B. UC(3,5, T =0
C. UC (3,5, 7) ¢6 vd s6 phan ti

Cau 3: Néu E 1a tap hop con cia F (E ¢ F) va E # & thi:

AAENF=0 BE~AF=F CENF=E
DAP AN
Cau ] 2 3
Chon B A | C
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D. TOAN TY LUYEN
1. Goi E la tap hop cac s6 tu nhién chia hét cho 2. F la tap hop cac so tu
nhién chia hét cho 4. Tim E N F

2.

Hudng dén

ENF ={4,8,12.}

o - ; o R 2 ; . -
Tim tat ca cac s6 tu nhién n sao cho: n” + 3n + 1 chia hét chon - 1

Huéng dan

Néun®+3n.+1:(n-1véin>1

>n‘-n+4n-4+5=nn-1)+4n-1)+5": (n-1)
5:n-1)=>n=26

U6C CHUNG LON NHAT

A. KIEN THUC CO BAN

I
]
L
g
!
|
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1.

2'

Uébc chung lén nhdt (UCLN): Uédc chung 16n nhat cua hai hay
nhiéu sd la s6 lon nhat trong tap hop cdc udce chung cua cac s6 do.
Tim wéc chung lén nhdt bang cach phéan tich cac sé ra thita
86 nguyén t6: Muén tim UCLN cta hai hay nhiéu sa lon hon 1, ta
thuc hién ba buéc sau:

Bugc 1: Phan tich mdi s6 ra thita s6 nguyén té

Budce 2: Chon ra céac thira sé nguyén té chung

Buéce 3: Lap tich cac tera s6 da chon, mbéi thira so lay vdi s6 mu
nhé nhét cGa né. Tich thita s dé 1a UCLN phai tim

, 2

Chu y: ._

a) Néu cac s6 da cho khong c¢6 thira s6 nguyén t5 chung thi UCLN
cia chung bing 1. Hai hay nhiéu s6 ¢6 UCLN bang 1 goi la cac

* 0 nguyén to cung nhau

b) Trong cac s6 da cho, néu s6 nho nhat la ugc cua cac s6 con lai
thi UCLN cua céc sé da cho chinh 1a s6 nho nhat ay

. C4ch tim udc chung thong qua tim UCLN. Pé tim uéc chung cia

c4c s6 da cho, ta c6 thé tim cdc ude cua UCLN cua cac s6 do



BAI TAP

1. Chitng té rang tich ctia ba s6 tu nhién lién tiép chia hé't’
cho 6 ' l
Giai
Goin,n+ 1, n+ 21a3sotunhién lien tiép tich cua chung la:
p=n(n+ 1)(n + 2)
TH c6:
« Tich 2 s6 tu nhién lien tiépn(n + 1) 12 = p:i2
«+ Trong 3 s6 tu nhién lién tiép c6 mot sé chia hét cho 3 = p:3
Vi 2 va 3 la hai sé nguyén to cung nhau nén p:6
2. Ching to rang:
a) Trong nam sé tu nhién lién tiép c6 mot sé6 chia hét cho 5
b) Tich nidm sé tu nhién lién tié€p chia hé&t cho 120
Giai
a) Goin-2,n-1,nn+1,n+2lanam so ty nhién lién tiép
* Néun:5 bai toan da duoge giai
* Neéeunchiabdulthin-1:5
+ Néunchiabdu2thin-2:5
+ Néunchiabdu3thin+2:5
* Neéunchiabdudthin+1:5
Bai toan da dugce chirng minh
b) Goip=(n-2)n- 1}n)n + 1)}n + 2)
Gia su n chén thi tich 3 s6 chan lién tiép (n - 2)n(n + 2):8 = p:8
Tu két qua cau a/ = p:b
n,n+ 1, n+ 21a 3 sd tu nhién lién ti€p nén c6 mot sd chia hét
cho 3 = p:3, nhung: 8, 5, 3 1a 3 s6 nguyén to cung nhau
Vay p:8.5.3 hay p: 120
3. Tim s6 tu nhién n sao cho n -1 la udc cian + 2

Giai
n-llauwscciant 2 >n+2(n-1)=>(n-1+3:(n-1) = 3:(n-1)
Néun-1=3 = n=4

Néeun-1=1 = n=2

. Ching té ring hai s6 2n + 1 va 4n + 3 1a 2 sé6 nguyén té cung

nhau véi vn € N
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Giai
Goid € UC (2n + 1, 4n + 3)
= (4n+3):dva(2n+1):d
= (4n+3)-22n+1):d > Un+3-4n-2):d=>1id=>d=1
= UC {2n +1,4n + 3} = {1}
Viy 2n + 1 va 4n + 3 1a hai s6 nguyén té cung nhau
5. Tim s6 tu nhién n sao cho 12n + 3 c6 mgt uwdc la 5
Giai
Theo dé bai ta c6: (12n + 3):5 = [10n + (2n + 3)] :5 = 2n + 3:5
= 2n+3-5):5 = 2n-2=2(n-1) 5
Vi25)=1=>(n-1):5 =>n=5k+1,keN

C. CAU 401 TR A\C NGHIEM

Céu 1. Udc chung 16n nh4t cta 75 va 105 la:
A. 15 B.5 C.25

Céu 2. Tron r cdc ¢ 'udng hop sau day, hay chi ra trudng hop nao cé cdc so

la s6 ng :yén t¢ cung nhau.

A. 1250 va 1375 B.11va 13 C. 24 va 27
Cau 3. Cho a, b 1a hai 88 nguyén t6 cung nhau néu cia, c:b thi:
A c/(a-b) B.ci(a+b) C.ciab

DAP AN
Cau 1 2 3
- Chon C B C

D. TOAN TY LUYEN
1. Tim UCLN (4a + 3,5a + 7) v6i Va e N
Huéng dén
Goid € UCLN (4a + 3,5a + 7) = 45a + 7) — 5(4a + 3) id = d =1
hoac d = 13
2. Choa+b =186 va UCLN (a, b) =31 va,b e N. Tima, b
Huéng dédn
bat a=31x va b=3ly
Véi x,ye N va (x,y)=1 .
= 3l(x+y)=186 =>x+y=6 = x=5,y=1hoacx=1y=5
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§18. ROI CHUNG NHO NHAT

A. KIEN THUC CO BAN

| 1. Boi chung nhoé nhat (BCNN): Boi chung nhé nhat cua hai hay
nhiéu sé 14 s6 nho nhat khac 0 trong tap hop cdc boi chung cta céc
so dé.
Chu v: Moi s6 tu nhién déu la boi cua 1. Do d6 vdi moi s6 tu
nhién a va b (khac 0) ta ¢c6: BCNN (a, 1) = a, BCNN (a, b, 1) =
BCNN (a, b)

2. Tim béi chung nhé nhat biang cach phan tich cac sé ra thiva
s6 nguyén t6: muon tim BCNN cha hai hay nhiéu sé 16n hon 1, ta
thuc hién ba buéc nhu sau:

Bugc 1: Phan tich moi so ra thita s6 nguyén to

Bugc 2: Chon ra cdc thira s6 nguyén té chung va riéng

Bugce 3: Lap tich cac thira s6 da chon, mdi thira sé 1dy vdi s ma
lén nhat caa né. Tich d6 14 BCNN phai tim

3. Cach tim bi chung théong qua BCNN. Dé tim boi chung cédc sd
da cho, ta ¢6 thé tim cac boi cia BCNN cua cac sé d6

B. BAITAP
1. Tim BCNN (45, 75)

Giai
Ta c6: 45 = 325
75 = 3.5° = BCNN (45, 75) = 32.5% = 225
2. Tim BCNN (56, 70, 126)

Giai
Tacé: 56 =2°7: 70 =2.5.7: 126 = 2.3%7
= BCNN (56, 70, 126) = 2°.3%.5.7 = 2500
3. Tim sé tu nhién nhé nhat, biét rang khi chia sé dé cho 36, 40
va 42 thi c6 s6 du lan lugt 1a 34, 38, 40
Giai
Goi a 1a s6 tu nhién phai tim. Theo dé¢ bai ta c6:
a:36cos6dulad3d = a+2: 36
a:40c6s0dulad3s8 = a+2: 40
a:42c6s6duladd = a+2: 42
Vay a + 2 1a BCNN (36. 40, 42) = 2520 = a + 2 = 2520 = a = 2518
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4. Chiing minh rang BCNN (a, b).UCLN (a, b) = ab
Giai
Pat d = UCLN (a, b)tacé: a=md, b =nd vdi (m, n) = 1
— BCNN (a, b) = m.n.d
— BCNN (a, b) . UCLN (a, b) = (m.n.d)d = md.nd = ab
Vay BCNN (a, b) . UCLN (a, b) = ab
5. Tim hai s6 tu nhién a, b biét rang:
a.b = 8400 va BCNN (a, b) = 420

Giki
BCNN (a, b) = 420 = 420:a va 420b
Pat  ay =220 ya b, = 33—9 thi UCLN (ay, by = 1
a

¢

420 420 B 420.420
a b a.b

vi a; va b; 1 2 s6 nguyén té cung nhau nén ta cé: a; = 3; b; = 7 hoac
a = 7; bl = 3
Vay hai s phai tim la: 140 va 60

C. CAU HOI TRAC NGHIEM

» Hay chon cdu tra loi dung

ma a.b = 8400 (gt) nén a;.b; = 21

Ta c6: a;.b; =

Cau 1. Trong cac s6 tu nhién sau, s6 nao la BCNN (3, 5, 8) ?

A. 240 B. 120 C. 360
Cau 2: Cho x € N, néu nhan x véi 2 roi tru di 8 sau dé chia cho 3 thi
duoc 4. Vay:
A x=8 B. x=10
C.x=12 D. Mgt két qua khac

Cau 3: Viét tap hop sau bang céach liét ké cdac phan ti
E={xeN/30ixv12ix}

A. E={1,2,3,6} B. E ={2;3;6} C. E ={1;2;6;12}
DAP AN
 Cau 1 | 2 | 3
Chon 3 B A
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TOAN TU LUYEN

Mdat bay bo ¢6 so bo nhicu hon 700 nhurg it hon 800. Neu dém bo
tung 8 con mot, tung 12 con mot hoac tung 15 con mot thi luon luon
du 7 con. Hor dan bo 5 bao nhieu con bo.
Huong dan
GGoi1 a la so con bo phit tm 700 < a < 800
Taco: (a- 7):8, (a- 7):12, (a~7):15
(a 7)) ¢ FC (&, 12 15)

. Tim mot s6 nho nhat va mot so6 lgn nhat trong khoang tur 20.000 dén

35000 biét rang trong phép chia hai so d¢ c¢ho 36, 54 va 90 déu ¢ so
dula 12

Huong dan
bat van dé nhu bai 1

BAJ TAP ON CHUGNG 1

. Cho tap hgp A ={a.b.c,d}. Chobiet Bc A, B+ &, a ¢ B, ¢ ¢ B xac

dinh B. Vé bieu do ven |
Tap hop E ={xe N/ 12 <5x < 25}. Hay viét tap hop E bang phuong
phap liét ké cac phan tu.

Tim s6 tu nhién n cad cho (2n + 7)i(n + 1) |
Cho hai s abc va def , déu khong chia hét cho 37, nhung abe + def 137
Gia su abe < def . Chumng minh: abedef © 37

Chung to rang 30" + Y9n + 7 khong chia hét cho 6

6. Mot so khi chia cho 3 thi du 2, khi chia cho 5 thi du 4. Hoi s6 nay khi

chia cho 15 thi du bao nhiéu

7. Tim sA tu nhién c6 hai chir s6 1dn gap 8 lan tong hai chit s6 cia no.

8. Tim hai sd tu nhién a, b biét rang: UCLN(a,b) = 36 va BCNN(a,b)=756

9. Mot khu vuon hinh chu nhat dai 120m, rong 48m. Truong dinh trong

thém cay xung quanh vuon (moi goc c6 mot cay) sao cho khoang cach
gitta hai cay bang rhau. Hoi khoang cach lén nhat gitra hai cay la bao

nhiéu? It nhat trong dugc bao nhiéu cay ?
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10.

10.
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Cé 3 chiéc thuyen, thuyén thd nhat ci 6 ngay cap bén moét lan,
thuyén thi hai e 5 ngay va thuyéen thi ba cir 10 ngay. Néu ba thuyén
cung cap bén mét lan thi sau d6 may ngay: thuyén thi nhit cung cap
bén vadi thuyen tha hai, thuyén thi nhat véi thuyén tha 3, thuyén thua
hai véi thuyén thit 3, va ba thuyén cung cap bén mét lan

Huong dan va dap sé

B = {b,d}

E ={3; 5}

n=0,4 :

1000 abc + def = 999abc + (abc + def) = 37.27abc + (abc + def)

3n°+9n+7=3n"+3n+6n+6+1=3nn+1)+6(n+1)+1
Goi n 12 s8 phai tim
n+1):3; (n+1):5; 3,5)=1
(n + 1):15 = n chia cho 15 du 14
S6 d6 1a 72
252 va 108
Khoang cdch 16n nhat 1a UCLN (120, 48) = 24
S cay: (120 + 48).2 : 24 = 14
Thuyén mét va thuyén ba cung cip bén lién tiép theo: BCNN(6, 5)
Thuyén hai va thuyén ba: BCNN (5, 10)
Thuyén ba va thuyén 1: BCNN (6, 10)
Ca ba thuyén: BCNN (5, 6, 10)



CHUONG I1.

§1. LAM QUEN V@1 SO NGUYEN AM

A. KIEN THUC CO BAN

l. S6 nguyén am: Ben canh cdc s0 tu nhién, nguoi ta con dung cac sd
vGi dau “-” dang trude nhu. -1, -2, -3.. (doc 1a 4&m 1, 4&m 2, am 3.
hoac trir 1, trir 2, trir 3..) Nhing s6 nhu thé duge got la s6 nguyvén
am.

to

Truc s6: Ta biéu dién cdc s6 nguyén am trén tia doi coa tia sd va
ghi cac s6 1, -2, - 3.

B. BAITAP

1. Biéu dién cdc sé sau trén truc so: —4; -2; 3; 4; 0

Giai

4 =2 6 3 4

2 A B .
-4 0 4
Cac diém A, B, C & hinh vé trén biéu dién nhitng sé nao

Giai

A B  C N

-4 -3 -1 0 2 4

Piém A biéu dién =6: -3
Piém B biéu dién so: -1
Piédm C biéu dién s0° 2

8. Ghi cac sé -3, -4, -5 vao truc sé6 & hinh sau

~
- -+ + A4 7

-6 2.1 0 1 2

.

Giai

5 4 3 2-1 0 1 2
Ghi lan lugt tir phai qua trai -3, -4, -5 ta duge nhu hinh trén

-t

4. V& mot truc sé va cho biét nhitng diém niam cach diém -1 ba
don vi bon don vi
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5 4 -1 0 2 3
* Nhing diém cach diém -1 ba don vi la diém -4 va diém 2
» Nhing diém cach diém -1 bon don vi la diém -5 va diém 3

5. V& truc sé va ghi nhitng di€ém nam gia hai di€m -5 va 1.

Giai

\ 4

+

. -5 4 -3 -2 -10 1

Nhitng diém nam gica hai diém -5 va 1 la: -4, -3, -2, -1, 0
§2. TAP HOP CAC SO NGUYEN

KIEN THUC CO BAN

1. S6 nguyén
e Cac s¢ tu nhién khac 0 con goi la sé nguyén duong.
e Cécso -1, -2, -3,.. la cac sd nguyén am
e Tap hop {...- 3,-2,-1,0,1;2;3...} gom cdac s6 nguyén am, s6 0 va

cdc s6 nguyén duong la tap hop cac sé nguyén. Tap hop cac so
nguyén duoc ky hiéula Z.

»

Chu y:

* S6 0 khong phai la s6 nguyén am va cung khong phai la sé6 nguyén
duong.

* Diém biéu dién s6 nguyén a trén truc sé goi la diém a

2. S6 d6i: Trén truc so cac diém 1 va -1; 2 va -2; 3 va -3 cach déu
diém 0 va nam hai phia cia diém 0. Ta néi cdc s6 1 va -1; 2 va -2;
3 va -3 1a cac s6 ddi nhau. 1 1a s6 d6i cua -1; -1 1a s6 d6i cua 1; 2
la 86 d6i caa -2; -2 la so do61 cua 2. Trudng hop dac biét: s6 doi
cia 0 1a 0.

B. BAITAP

1. Trén truc sé sau day biéu dién cac diém -1, 2. Hiy ghi diém

o« . X , s a’ a” A”e » . ~* ~%e -
biéu dién cua cac so: so 0, s6 ddi cua -1 va sé6 doi cua 2.

h
Cal

+

1 2
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Giai

. ‘ + . N >

-2 10 1 2

* biem 0 cach diéem 2, hai don vi vé ben trai va diem -1 mot don v

ve bén phai

* biem 1 biéu dién <0 doi cua 1 cach diem 0 mot don vi ve ben phai
* DPiem 2 bieu dién so do1 cua 2 cach diem 0 hai dan vi vé ben trai.

2. Cho tap hgp E = {-5; 7;0;2;4} viét tap hop F cdc phan tu la

s6 dé6i cua cac phan tu cua E

Giai
Sodorcua -5 lab
So doicua -7 la 7
So doi cua 0 la 0
So déicua?2 la -2
So déicuad la 4
Vay tap hop F ={5;7,0,-2; -4}

3. Chirng té rang tap hop cic s6 tu nhién N la tap hop con cia
tap hop cdac s6 nguyén Z

Giai
Ta biét:
*+ Cac s6 tu nhien khac 0 con duoce goi 1a s6 nguyén duong
*+ Tap hop gbm sé nguyén am, s6 0, s6 nguyén duong la tap hop cac
s0 nguyén. Vay moi phan ti cia tap hgp N deu thuoc tap hgp Z
nén: Nc 7

4. Goi Z+ la tap hgp cac sé6 nguyén duong. Chitng minh rang :
Z+ =N’

Giai
Taco: N ={1,2,3..}
Z, ={1,2,3.} "
Suy ra: * Moi phan tir cia N~ déu thudc Z,
* Moi phan ti cua Z, déu thuoe N’
Vay,: N cZ,vaZ cN =N =27,

5. Viét tap hop E cac s6 nguyén Am 1é c6 mot chit sé

Giai
E = {-9,-8,-7,-6,-5,-4,-3,-2, -1}
417




§3. THU TU TRONG TAP HOP CAC SO NGUYEN

A. KIEN THUC CG BAN

1. So sanh hai s6 nguyén: Khi biéu dién trén truc sé (nAm ngang),
diém a nim bén trdi diém b thi sé nguyén a nhé hon sé nguyén b.
Chu y: S6 nguyén b goi 14 86 lién sau ciia s6 nguyén a néu a < b va
khoéng c6 sé nguyén nao nim giita a va b (16n hon a va nhé hon b).
Khi dé6 ta ciing néi a 1a s& lién truéc cia b. Chdng han -5 1a sd lién
trudc cua -4

2. Gia tri tuyét d6i cua mét s6 nguyén.
Khodng cach tit diém a dén diém 0 trén truc so la gid tri tuyét ddi
cua sd nguyén a.
Nhan xét:
* Gi4 tri tuyét d6i cia s6 0 1a sd 0
* Gié4 tri tuyét ddi cia mot s6 nguyén duong 1a chinh né.
* Gi4 tri tuyét d6i cia mot s6 nguyén am la s6 d6i cha no6 (va la

mot s6 nguyén duong)
*» Trong hai s6 nguyén 4m, s6 nao c6 gia tri tuyét doi nho hog thi
16n hon.
*+ Hai s6 d6i nhau c6 gid tri tuyét déi bing nhau.
B. BAI TAP
1. So sanh cac cdp s6 nguyén sau:
a)-3,5 b) -3, -6 c)7, -8 d) 6, -6
Giai
a) -3<5 b) -3 > -5 c)7>-8 d) 6> -6
2. Sdp x&p cdc s6 nguyén sau theo thy tu ting din: 2; -1; -5;

7: 0; 4

48

Giai
Trudc hét ta sdp xép cdc 8§ nguyén Am: sd c6 gia tri tuyét doi 16n sdp
trugce.
Tiép theo 1a cdc s6 nguyén duong: sd c6 gid tri tuyét ddi nhé sdp
trugdc
Két qud ta c6 day sé: -5, -1, 0, 2, 4, 7



3. Viét tap hgp cac s6 nguyén sau theo cach liét ké ciac phan
ta cua tap hogp.
a) E={xeZ/-5<x<2} b) F={xeZ/|x| <3}

Giai
a) Tap hop E gom edc so nguyén 16n hon -5 va nhé hon 2
nén:E = {-4,-3,-2,-1,0,1}
b) Tap hop F gom cac s6 nguyén cé gia tri tuyét déi nho hon 3 gom
cac so: -2,2,0, -1, 1
nén:F ={-2-1,0,1,2}

4. Trong moéi truong hop dudi day, hiy gach chéo phan truc sé
khéng chita ciac diém biéu dién ciac sé nguyén théa man
diéu kién di cho '
a)-3<x<4 b) x| <2

a) = e e P R —D
-3 -2 -1 0 1 2 3 4
Phan khong gach chéo gom cac diém biéu dién cdc s6 nguyén -2,
-1,0,1,2,3
D) aa0aMee0R————t————t——eOe—>
-2 -1 0 0 1 2
Phan khong gach chéo biéu dién cac sé nguyén cé gia tri tuyét doi
nho hon 2 gom ¢6 s3 -1, 0, 1

5. Xac dinh s6 nguyén:
a) Nho nhiat co6 hai chit s6 b) Lén nhat ¢6 hai chit s6

Giai
Ta biét: 99 1a s6 nguyén l6n nhat ¢6 hai chir s6. Tu d6 suy ra:
a) S6 nguyén nho nhat c6 hai chir s6 1a -99
b) S6 nguyén ldn nhat c6 hai chir s 1a 99
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C. CAU HOI TRAC NGHIEM

» Hay chon phuong an dung
Cau 1: V§i moi s6 nguyén a, b ta cé:

A |aj=|b|] néu a=>b
B. |aj=|b|] néu a=-b
C. Hai cau trén déu dang

Cau 2: Hay chon cau phat biéu sai trong cac cau sau:

A .aeN = aelZ
B. |a|>0 vae Z
C

. laj.»|b] = a>b VvabeZ

Cau 3. Gi:t tri tu) ét d6i cia mot s6 nguyén a:
A. La mot sé tu nhién
B. La moét s6 1guyén
C. Cau i va B déu sai

DAP AN
Chu 1 2 3
Chon C. C A

D. TOAN TY LUYEN
‘1. Cho 2 tap hop A ={—4,-3,-2,-1,0,1,2} ; B ={-3,-2,-1,0,1,2,3}
a) Tim AnB -
b) Viét tdp hgp A » B bing cdch néu tinh chit dac trung cta cac
phan tu.
Huéng dén
a) AnB={-3-2-1,0,1,2}
b) AnB={xeZ/-3<x<2}
2. Cho tap hgp A ={-3,-7,2,5}
a) Viét tap B c6 cdc phan tir 12 s6 déi cdc phan tif cua tap hop A.
b) Viét tap hop C c6 phan ti 1a gia tri tuyét déi cua cac phan tu cua
tap hgp A.

Huéng dan
a) B={3,7,-2-5) b) C={3,7,25)

50



§4. CONG HAE SO NGUYEN CUNG DAU
§3. CONG HAI SO NGUYEN KHAC DAU

A. KIEN THUC CO BAN

1. Cong hai so6 nguyén duong: (‘ong hai s6 nguyén duong chinh la
cong hai so w nhién khac O
2. Cong hai s6 nguyén am: Muon cong hai s6 nguyén am, ta cong
hai gia tri tuyet do1 cua chung roi dat dau “-7 trude két qua.
3. ¢ Hai s6 nguyén doi nhau co6 tong bang 0
e Muon cong hai s0 nguven khac dau khong d6i nhau ta tim hiéu
hai gia tri tuyét doi cua chung (s6 1dn trir s6 nho) roi dat truge
két qua tim dugce dau cua 80 ¢6 gia tri tuyét doi 1dn hon

B. BAITAP

1. Tinh :
a) 537 + 164 b) (-30) + (-27)
c) (-524) + 232 d) 674 + (-432)

Giai
a) 537 va 164 la 2 s6 nguyén duong nén: 537 + 164 = 701
b) -30 va 27 1a 2 s6 nguyén am nén:
(-30) + (-27) = (| -30] + [-27]) = - (30 + 27) = -57
¢) -524 va 232 khac dau nén:
(-524) + 232 = - (|-524| - |232]) = - (524 - 232) = -292

d) 674 va -432 khac d4u nén:
674 + (-432) = (|674| - [432]) = (674 - 432) = 242

2 Dién ky hiéu (<; > ; =) thich hgp vao 6 vudng.

a) 15| |[-10]/+(-5)
b) 20 +|-12| 18 + 17
c) 108 + |-22| |-72| + |-58|

Giai
a) |-10/+(-5)=10+(-5)=(10-5)=5
nén:15 | > | [-10| + (-5)
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b) 20+|-12] = 20 + 12 = 32
18 + 17 =35
nén: 20 +|-12| | < |18 +17
c) 108 +|-22 = 108 + 22 = 130
|-72| + |-58| = 72 + 58 = 130

nén: 108 +|-22| | = | |-72| + |-58|
8. Tinh x, bi&t:
a) x =|-18| + 2 b) x = |-13| + |-20]
Giai

a) x=|-18/¥2=18+2=20
b) x =|-15|+|-20| = 15 + 20 = 35

4. Cho a la mét s6 nguyén duong, b la sé6 nguyén am. Hiy so
sdnh |a| va |b| n€u: a + b 1a m§t sé nguyén duong
Giai
Theo dé bai thi a va b 1a hai s6 nguyén khac dau. Téng a + b 1a mot
sd nguyén duong nghia 12 téng c6 dau cia a.
Vay |a| > |b|

5. Tim s& x € Z sao cho [x| = -20
Giai

Khong c6 s6 x nao thoa dé bai vi Ix| 20 voi moi x € Z

C. CAU HOI TRAC NGHIEM
» Hay chon dap an diung
Cau 1. Hay chon ciu dung trong cac céu sau:
A. Téng cia mot s§ nguyén duong va mot s6 nguyén am la mot sé
nguyén am. )
B. Téng ciia mét s6 nguyén Am va mot s nguyén duong la mot so
nguyén duong.
C. Téng hai s6 nguyén 4m la mot s6 nguyén am.
CAu 2. Cho tap hop E = {x e Z/|x| < 1}. Hay viét E theo cach liét ké cac
phan td.
A E={-11} B. E={0,1} C.E={-1,0,1}
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Cau 3. Cdc so nguyén a, b e dac diém gi néu a + b = —(|a| + |b])
A a, b 1a hai s6 nguyén cung diu
B. a, b la hai s6 nguyen am
C. a, b la hai s6 nguyén duong.

DAP AN
Cau | 1 | 2 3 |
| Chon cC | C B

D. TOANTY LUYEN
1. Chdng minh ring: [a+bj <|aj+|b] Va,be.Z
Huéng dén
* Néua<0,b<0hodca=0,b>0 thi l.a+b|s|a|+]b|

* Neéua, b khéac dau:
e la| > |b| thi: |a + b| = |a| - |b| <|a| < |a| + |b|
e |a| <|b| thi: |a + b| =|b|-|a| < |b] <|a| +|b]
Vay trong moi trudng hgp: |a + b| < |a| + |b]|
2. Chingtéringvéiae Z, |[aj<4=>-4<a<4

Huéng dén .
a € Z, |a| < 4; a chi nhéan céc gi4 tri -3, -2, -1, 0, 1, 2, 3. Trén tryc s6

diém biéu dién cac gia tri trén déu & bén phai cla -4 va bén trai
cia4. Viy -4 <a< 4
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§6. TINH CHAT CUA PHEP CONG
CAC SO NGUYEN

A. KIEN THUC CO BAN

1. Tinh cl At giao hoan:a+b=b +a

2. Tinh cnat két hgp: (a+b)+c=a+ (b +¢)
3.Congvlisd60:a+0=0+a=a

4. Cong véi s6 ddiza +(-a) = 0

B. BAITAP

1. Tinh tong:
a) (-3572) + 274 + (-276) + 3574
b) (-3246) + (-30) + 3246 + 32 _
Giai
a) (-3572) + 274 + (-276) + 3574
= (-3572) + 3574 + 274 + (-276)
= [(-3572) + 3574] + (274 + (-276)]= 2+(-2)=0
b) (-3246) + ‘-3)' + 3246 + 32
(-3246) + T+ (-30) + 32
[(-3246) + 5246, + [(-30) +32]= 0+2=2

2. Tinh tdng S =1 + (-2) + 3 + (4) ... + 2001 + (-2002)

 Giai
S = [1+(-2)] +[83+(-4)] +...+[2001 + (-2002)]
= (-1) +(-1) +...+-1=-1001

3. Tinh tdng cdc s6 nguyén x, bi&t ring |x| <7
Giai
Céc 88 nguyén x théa diéu kién |x| <7 la: -7, -6, -5, -4, -3, -2, -1,
0123,4,5,6,7
Vay: 7)) +(6) + (-8) + (-4) + (-3) +(-2) + (-1) + 0+ 1 + 2 + 3 + 4 +
+5+6+T7=[(-T)+ 7] +[(-6) + 6] +[(-5) + 5] +[(-4) +4] + [(-3) + 3]
+[(-2)+2]1+[(-1)+1]1+0=0

4. Tinh t8ng cdc 88 nguyén x, biét ridng: -5 <x < 4
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Giai

(‘ac so nguyén x thoa dieu kien 5 < x < 4 la:

& =, =9:-8; =14 1.4, 94

Tong: ( D)+ 4+ 3H+02)+01D+0+1+2+3+4

=(-H)+ -+ 4]+ [(-3)+3]+[-2)+2]+[-1i+1]+0=-5

5. Tinh gia tri cua x khi:
a)x+(-5)=0 b) x+|-7/ =0

a) x +(-5) =0 = xla so doi cua (-5). Vayx =5
by x+/-7=0 == x+7=0 = x1asd déicia 7

Giai

—

Vay x = -7

C. CAU HOI TRAC NGHIEM

Caul.Choa.be Z, a bcoédacdiém ginéu: a+b=—(lal+]b))

~ Hay chon phuong an dung

A.a>0 vab<0 B.a<0 va’b >0
Cau 2. Cho a,

A b=0, a<0 va al <|b|

C.bz0, a=0 va al>|b

Cau3.Choa,b e Znéu |a+b|=|a +|b| thi:

A.a>0 vab=0

Ca<Ovabz<O
b e Z a, bcodacdiém gi néu: a+ b = (bl -|a

B.bz0, a<0 vala >|b

B.a>0 vab<0 Ca<0Ovab=>0

PAP AN
Cau [ 1 [ 2
Chon C A
TOAN TY LUYEN
Tim 86 nguyén x sao cho: |x + 5/ =0

Huéng dén
x+5/=0 = x+5=0 = x=-5

Ching minh ring: a +|aj=2a néu a>0
a+laj=0 néu ac<0

Huéng dén

lajl=a néu az=0

laj=-a néu a<0
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§7. PHEP TRU HAI SO NGUYEN
§8. QUY TAC DAU NGOAC

A. KIEN THUC CO BAN

1. Hiéu cuaa hai s6 nguyén: Mudn trif s§ nguyén a cho s6 nguyén b,

| tacongavdisdddiciab:a—-b=a +(-b)

1 2. Nhan xét: Phép tru trong N khdong phdi bao gi¢ cing thuc hién

dugc, con trong Z ludn ludn thue hién dugc

] 3. Quy tdc ddu ngodc: Khi bé ddu ngoidc c6 ddu “-” ding trudc, ta

phai d6i ddu tat cad cdc sé hang trong ddu ngoac : ddu “+” thanh “-”

va ddu “-” thanh “+”. Khi bé d4u ngoic c6 ddu “+” ding trudc thi

| d4u c4c sd hang trong ngo#c van giit nguyén.

| 4. Téng dai sé | '

Trong mdt téng dai s ta c6 thé

e Thay d4i tuy y vi tri cdc s6 hang kém theo d4u cha ching

a-b-c=-b+a-c=-c-b+a

e DPiat ddu ngoéic A€ nhém cdc s§ hang mét cdch tuy y véi chad y

ring néu tru6c ddu ngoidc la ddu “-” thi phdi ddi ddu t4t cd céac

s6 hang trong ngoic
B. BAITAP
1. Tinh:a) 9-1 b) -5-(-12)
c) -8-10 d) 7-7)

Giai
a) 9-16=9 + (-16) = -7
b) -6§-(-12)=-5+12=7
¢c) -8-10=-8 +(-10) =-18
d7-1N=7T+7=14
2. Tim x € Z, biét rdng :
a) x|+2=5 b) |x|-2=7
Giai
a) |x|+2=5 = |x|=5-2 = |x|=3 = x=3hoficx=-3

b) [x|-2=7 = |x|=7+2 = [|x]=9 = x=9hoscx=-9
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3. Don gian biéu thuec :
a)x-(y-x)+y-(x+ z) b) ((m+n)-p-(n+m-p)

Giai
a) x-(y-x)+y-(X+z2)=X-y+X+y—-Xx-2
=x+x-x)+(y-yl-z=x-2
b) m+n-p-(n+m-p)=m+n-p-n-m+0p
=(m-m)+(n-n)+(p-p)=0

4. Ching minh ring :

a)(x+y-z)-(x-2z)=Yy b)(m-n)-(p-q) +(n+p)=m+q

Giai
a) x+y-2z)-(x+z)=x+y-z-x+z=Xx-x)+(z-2)+y=Yy
b) im-n)-(p-q)+(n+p)=m-n-p+qQ+n+p
=(n-n)-(p-p+m+q=m+gq

5. Tinh téng: S =1+ (-2) + 3 + (—4) + .. + 2001 + (-2002)

Giai
S =[1+(-2)]+[3+(-4)] +.. +[2001 +(-2002)]
= -1 + -1 + +-1

= -1001

C. CAU HOI TRAC NGHIEM

> Hay chon phuong an dung
. Tim x € Z biét rang |x|=5

sk

Cau
A x=5 B.x=-5 C.x=5hodcx=-5
Cau 2. Tinh gid tri cia x € Zsao cho: |x + 1| = -2

A x=1

B. Khong c6 gia tri nao cua x d€ |x + 1| = -2

C.x=0

Cau 3. Pon gidn biéu thic: (a — b) + (c - d) - (a - d)
A.(a-b)+(c-d-(a-d=£b-c
B.(a-b)+(c-d)-(a-d)=-b+c
C.(a-b)+(c-d-(a-d)=-b-c

DAP AN
Cau 1 2 3
Chon C B B
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TOAN TU LUYEN

. Ching minh ridng: (x + y) - (u+v) = (x—u) + (y = v)

Hudéng Ddn

(X+y)-(U+V)=X+y-u—-Vv=X—-Uu+y—-Vv =(x-u+(y-v)

’ ChL‘meé minh rang: (x - y)+ (u-v)=(x+u) - (y + v)

Huong dédn

(x—y)+iu—-v)=x—y+u—v=x+u—y—v=x+u—(y+v)

§9. QUY TAC CHUYEN VE

KIEN THUC CO BAN

1. Tinh chdt ddng thite: Khi bién déi cac ddng thuc, ta thudng 4p
dung cédc tinh chat sau:
Néua=bthia+c=b+c
Néua+c=b+cthia=b
Néua=bthib=a
2. Quy tdc chuyén vé : Khi chuyén mot s6 hang tif vé nay sang vé
kia cha mot ddng thic, ta phai déi ddu s hang do : dau “+” doi
thanh ddu “-” va ddu “-” d6i thanh dau “+”

B. BAITAP
1. Tim x € Z biét rang :
a)x-5=2-(-7) b)7-x=-9-(-12)
Giai
a) x-5=2-(-7 = x-5=2+7 =x-5=9
= x=9+5=14
b) 7-x=-9-(-2)> 7-x=-9+2 =27-x=-7
= (+T=xXx>x=14
2. Tim x € Z cho biét:
a) |x-5/=0 ‘ b) [x+2/=5
Giai
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by 'x+2/=5 = x+2=5hoacx+2=-5

Néux+2=5 »5x=5-2 > x=3
Neux+2=-5=2x=-5-2=-5+2)=-7
Vay, x = 3 hoae x = -7
3. Ching minh rang : Va,b,ce Z
a)a>b > a+c>2b+ec b) a+c>b+c =>a>b

Giai
Va,b,ce Z
al] Tacorazb=s a-b20=>a-b+e-c20
a+c-b-c=a+c-tb+c¢)>0 > a+cz2zb+c¢
b) Neu: a+ezb+ec = a+ece-b-e20 = {(a-b)+(c-0¢)20
= a-b>0 = a>h |

4. Tim x € Z, biét rang x - 2/ > 1

Giai
X—-2/>1=2x-2<-] hoacx-2 > 1

Ap durn:g két qua bai tap 3, ta 6.

# Néux«2x=«] » x=-242<=1 42321 =3%x=0,+=]1, =2
*+ Néux-2>1 = x-2+2>51+42 =3x>3=x=4,5,86, ..

(S]]

.Cho a€e Z.Tim x biét rang a - x = 8 - (-5)

| Giai
a-Xx=8-(-3) = a—-x=8+5 = a-x=13 = x=a+13
C. CAU HOI TRAC NGHIEM

» Hay chon phuong an dung
Caul. Vae Z néu ja+1/= 0 thi:

A a=1 B.a= -1 C.a=0
Cau 2. Vae Z néua+x =7 thi:
A . x=a-"17 B.x=7-a C.x=7+a
Cau 3. Vx € Z néu |x| <2 thi: |
A x=-1,0,1,2 B.x=-2,-1,0,1 C.x=-2, -1,0,1,2
DAP AN
Cau 1 2 3
Chon B B C
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D.

10

TOAN TY LUYEN
Tim cdc gid tri cia x € Z sao cho :
a) [x+3/=x+3 b) x-2/=2-x

Huéng dan
a) |x+3=x+3 khix+3>0=>x2>-3

b) 2-xlasdddiciax—2nén: [x-2/=2-x khix-2<0=x<2

. Tim gia tri cGa x € Z saocho: 8+|x-2| =15

Huéng dén
B+|x-2=15=|x-2=15-8=7
* Néux-2=7 > x=7+2=9
* Néux-2=-7T=> x=-T+2=-5

§10. NHAN HAI SO NGUYEN KHAC DAU
§11. NHAN HAI SO NGUYEN CUNG DAU

KIEN THUC CO BAN
1. Quy tdc nhdn hai 36 nguyén khac déu
Mudn nhéan hai sd nguyén khdc ddu, ta nhan hai gid tri tuyét doi
cda ching roi dat ddu trif truée két qua nhén dugc
2. Quy tdc nhén hai 36 nguyén cung déu
* Nhan hai s6 nguyén duong: nhan hai s6 nguyén duong chinh 1a
nhéan hai sd tu nhién khéac 0
* Nhan hai 86 nguyén 4&m: muén nhan hai s6 nguyén 4m, ta nhan
hai gid tri tuyét ddi cha chang
8. Két lugn: a0=0.a=0
» Né&u a, b cung ddu thi a.b =|a.|b]

e Néu a, b khac ddu thi a.b = - (|a]. |b])

Chua y: ¢ Cach nhéin biét ddu caa tich :

(+).(+) > (+)
). (=) » (+)
(+).(=) » (=)
).+ » )

e ab=0thia=0hoacb=0

e Khi di ddu mot thira sd thi tich d8i ddu. Khi ddi ddu hai
thira s6 thi tich khong thay déi



B. BAITAP

1. Tim x € Z, biét rang :

a)x(x-5)=90

b) (x-2){(x+7)=0

Giai

a) x(x=5H)=0=>x=0hoacx-5=0

5=10

Vay, x =0 ; x - 5X =29

Ta c6 hai gia tri cea x thoa dé bai la:

X=0holicx=5

+ 7 =0

by (x- 2)(x+7)=0 = x-2 =0 hojcx -
Neux-2=0->x=2
Neux+7=0-x=-7

Vay c6 hai gia tri cua x

thoa de bai la: x

i

2 hoac x = -7

2. Tim x € Z, biét rang :

a) (12-x)(x-2)-0

bi(x/-5)(x-7)=0

Giai

al (12-x)(x-2)=0=12-x=0 hoac [x-2/=0
Neul2 -x=0 - x=12
Néu|x-2/=0 = x-2=0 =X = 2
Vayx = 12 hoge x = 2

by (x|-5)(x-7)=0=x-5=0 hoscx~7=0
Néu |x|-5=0={xl=5= x=5 hoacx = -5
Néeux-7=0 =>x=17

Vay ¢ 3 gia tricua x thoa dé bai: x =

D, Xx=dHvax="7

3. Ching minh riang : a®20; -a°<0 véi VaeZ
Giai
Néua=0=a’=0"=0
Néua+0
«~ a® =aa =lal.Ja|> 0 (tich hai s6 nguyén cung dau la mot s6 duong)

¢ = (a)) = () (-a) = (.
dau la mot s6 am)
Tém lai: a®>>0va -a*><0 VaeZ

)<0 (tich hai s0 nguyén khac

4. Tim x € Z biét rang : (lxl + 5) (x - 2) -

0
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Giai
x| 20, vx € Z = |x|+52>5 1a 56 kh4c 0
Vay (jx/+5)(x-2) =0 khix~2=0=x=2

5. Cho a, b € Z va a # b. Chitng minh rang tich (a - b)(b - a) la
mét s6 nguyén am

Giai
Ta c¢6: (b - a) = «(a - b)
= (a-b)b-a)=(a-b)~a-b)]l=-a-b’<0
Vay tich (a, b)(b — a) l1a mo6t sd nguyén am
C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung
Cau 1: Cho a la sé nguyén dugng, b 1a s6 nguyén am. Tich a.b ia :
A. mot sé nguyén duong B. mot s6 tu nhién
C. mot s6 nguyén am
Cau 2: Cho biéu thitc E = (x = 5) (x + 3) — x v4i Vxe Z. Khi x = -2 thi
biéu thic E c6 gia tri 13

A E=5 B.E=-5 | C.E=7
Cau 3: Chobiéuthitc F = x (x - 5), Vx € Z. Néu F = 0 thi x c6 gid tri la :
A x=0 B.x=5 C.x=0hoacx=5
DAP AN
Céau 1 2 3
Chon C B C

D. TOANTY LUYEN

1. Tim gia tri nho nhat cia biéu thie : A = (x — 5)* + 27, Vxe Z
, Hudng dén
Ta c6: (x-5)°>0 VxeZ
Suy ra: (x — 5)% + 27 > 27. Vay A = (x — 5)° + 27 c6 gi4a tri nhé nhat
khi x — 5 = 0. A ¢6 gia tri nho nhat bang 27 khi x = 5.
2. Chung minh rang : |a.b| =|al.lb] va,beZ.
Huéng dan :
Néu a, b cung d4u thi a.b =|a|.|b|. Vay |a.b| = |ja|.|b]| = |a|.|b]
Néu a, b khdc dau thi ab = -[a].|b]. Vay [a.b| =|-]a|.|b|| = |a].|b|
Tom lai: |a.b| = |a].|bl
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B.

§12. TINH CHAT CUA PHEP NHAN

KIEN THUC CO BAN

1. Tinh chat giao hoan: ab = b.a

2. Tinh chat két hgp: (abic = a.(b.c)

3. Nhan vdi so 1: al=1la=a

4. Tinh chat phan phéi cua phép nhan dé6i véi phép cong:
alb + ¢) = ab + ac

Chu y: Tinh chat trén cung dung doi véi phép trur atb -~ ¢) = ab — a

BAI TAP

1. Chitng minh riang: -1.a = -a, Va € Z

Giai
Ta co: a+(-a)=0
Talaicora+(-la)=la+(-ha=[1+(-1]a=0a=0

Tu d6 suy ra: -1.a = -a

2. Tinh gia tri cac biéu thuc:
a) -563 + (-20)563 b) (4)(-3)(-25)(11)

Giai
a) -563 + (-20).563 = -1.563 + (-20).563
= [-1 + (-20)].563 = (-21).563 = -11823
b) (-4)(-3)(-25)(11) = (-4)(-25)(-3)(11)
= [(-4)-25)]((- 3)11] = 100(-33) = -3300

3. Ching minh ring: a + a+ ... +a=n.a vdiVaeZvane N*

=

n thua s6

Giai
Tacé: a+a+ ... +a=1a+la+ ... +la

=g1+1+ ...... +1)a=n.a

n s6 hang

4. Chitng minh ring Va, b € Z
(-a).b = a(-b) = -(ab)
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Giai
Ta cé: (-1)a = -a (xem bai tap 1)
Suy ra: (-a)b = [(-1).alb = (~1)(a.b) = —(ab)
a(-b) = a[(-1).b] = a.(-1).b = (-1)a.b = —(ab)
Tém lai: (-a).b = a(-b) = —(ab)

5. Ching minh rang: Va,b,c € Z
a(b-c)-b(a-c)+c(a-b)=0

Giai
Taco: alb-c)—bla-c)+c(a-Db)
= (ab — ac) - (ab - be) + (ac — be) = ab — ac — ab + be + ac — be
= (ab — ab) + (ac — ac) + (bc - bc) =0

C. CAU HOI TRAC NGHIEM

» Hay chon phuong an ding
Cau 1: Cho a, b 1a hai s nguyén duong, c 1a s6 nguyén am, tich a.b.c la:

A. S6 tu nhién B. S nguyén am  C. SG nguyén duong
Cau 2: Cho biéu thic E = 2x’y néu x = -2, y = -3 thi gi4 tri cta E la:
A E=-24 B. E=24 C. E=-12
Cau 3: Biéu thuc X = (-7)°.(-2)* ¢6 gi4 tri bing s6 nao trong céc sé sau
A. 1372 B. -1372 C. -1370
DAP AN

Cau 1 2 3
Chon B A B

D. TOANTY LUYEN

1. Ching minh ring (a + b)a — b) = a? - b® véi va, b € Z
Huéng dén
(a+b)a-b)=ala-b)+bla-Dh)
= a’ -ab + ab — b% = a® + (ab — ab) - b% = a® - b?
2. Chung minh ring: (a + b)? = a® + 2ab + b®
| Huéng dén
(a+b)? =(a+bla+b)=a(a+b)+ba+b)
=a’+ab+ab+b%=a’+2ab+ b’
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§13. BOI VA UGC CUA MOT SO NGUYEN

A. KIEN THUC CO BAN

1. Béi va udc cua mét s6 nguyén: choa,b e Zvab 0. Néu cé sb
nguyén q sao cho a = bq thi ta néi a chia hét cho b. Ta con néi a
la béi cua b va b la ude cua a
Chu y:
* Néu a = bq (b # 0) thi ta con néi a chia cho b duge q va viét
a:b=gq
S6 0 1a bai cia moi s6 nguyén khac 0
S6 0 khong phai la ugce caa bat ky sd nguyén nao
Cac s6 1 va -1 ia udc cua moi s6 nguyén
Néu ¢ vira la ude cua a vira 1a ude caa b thi ¢ cang duge goi la
udc chung cuaava b
Wl 2. Tinh chat:
* Neéu a chia hét cho b va b chia hét cho ¢ thi a cing chia hét cho ¢
a:b va bic = a:ic
* Néu a chia hét cho b thi bdi cia a cang chia hét cho b

*

*

v
x

E .3

a:b = am:b (m ¢ Z)
* Neéu hai sé a, b chia hét cho ¢ thi tong va hiéu cia ching cang chia
hét cho ¢
aic va bie =>((a+b):cva(a-b):c

B. BAITAP
1. Cho a, b € Z, chiing minh ring néu a la bdi cia b thi -a ciing

la bypicua b

Giai
Va,b e Z néualabdiciaab thicé q € Z sao cho:
a=bq=>-a=-bgq=b(-q)viqe Znén —q € Z
Vay tit hé thic -a = b.(-q) tasuy ra -ala bdi cia b

2. Va, b € Z néu b l2 uéc chaa a thi -b la udc cia a
Giai
Va, b € Z néu b la udc cia a thi c6 q € Z sao cho:

a=bgq=>a=(-b(qviqeZnén qe 2
Vay tir hé thic a = (-b)(-q) ching tb ring -b 12 uéc cha a
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3. Tim s6 nguyén nsaocho:(n+2) : (n-1)
Giai
Tacé: n+2): (n-1)=>[(n-1+3]:(n-1)
Suy ra: n -- 1 la udc cua 3
hay: (n-1) e |1, -1, 3, -3}

* Neu n-1=-1 >n=0

n-1=1 => n=2
n-1=3 => n=4
n-1=-3 > n=-2

Vay cdc gid tri cua n phai tim la: 0, 2, -2, 4

4. Tim cdac cap s6 nguyén (x, y) sao cho: (x-2)8-y)=-5
Giai
Tacé:x,yeZ=>(x-2),3-y)el
Theo dé bai (i—2)(3—y)=-5 suy ra (x — 2) va (3 — y) la cac udc
caa -5
Céc ufc cia -5 gom: 1, -1, 5, -5
* Khix-2=1thid-y=-5suyrax=3,y=8
* Khix-2=-1thi3-y=5suyrax=1,y=-2
* Khix-2=5thi3d-y=-1suyrax=7,y=4
* Khix-2=-5thi3-y=1suyrax=-3,y=2
Vay cdc cap s6 phai tim 1a: (3, 8) ; (1, -2) ;(7,4) ; (-3, 2)

5. C6 tén tai mot cip s6 nguyén (a, b) nao théa man déng thic:
240a - 96b = 1910

Giai
Tacé: 240 : 3 = 240a : 3
-96 : 3= -96b : 3
Suy ra: 240a - 96b : 3
nhung: 1910 / 3 |
Vay khéng tdn tai cap sé nguyén (a, b) nao dé 240a — 96b = 1910
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C. CAU HOI TRAC NGHIEM

» Hay chon phuong an dug
Caul: Voi x ¢« Z, neu 12x + 10 = x - 12 thi gia tri caa x la:

A x=3 B. x=2? C. x = -2
Cau2:Choa,b,ce Z a=0néua=b.cihi

A. b la udce cua a B. -claudccuaa C. Ca A va B déu diang
Cau 3: Cho x ¢ Z néu [2x — 4 =2 thi gia tr1 cua x la:

A. x=1hoacx =-3 B. x=1hoacx=3 C. x=-1hoacx =3

PAP AN

Cau | 1 ] 2 | 3 |
—+- 4

' Chon C ! E

D. TOANTY LUYEN

1. Tim cdc s6 nguyén la ude chung cua cdc s6 nguyén 6 va —12

Hudng dan

Cac ude s6 nguyén cia6: 1,-1,2, -2, 3, 4,6, -G
Cac udc sd nguyén cua 12: 1, -1, 2, -2, 3, -3, 4, 4, 6, -6, 12, -12
Céc s6 nguyén la udc chung cua 6 va -12 la: 1, -1, 2, -2, 3, -3, 6, -6
2. Tim x € Z sao cho (x - 7)(x" + 3) = 0
Huéng dén

VxeZ x2>0=>x"+3>3nénx>+3#0

x-T)Nx2+3)=0khix-7=0=>x=7
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10.

68

BAI TAP ON CHUONG 11

. Tim cédc s6 nguyén n biét rang

a) 5<n<3 b) 5<n<6
Viét cac tap hop dudi day bing cach liét ké cac phan tu:
a) E={xeZ/-1<x <€} b) F={er/1<|x|s4}

Tim céc s6 nguyén x sao cho x* + 4x + 5 chia hét cho x + 4
Tim céc s6 nguyén x sao cho: [2x - 2| = x + 14 |
Ching té ring a, b € Znéu a:b va bia thia=bhoaca=-b

Tim céc cap s6 nguyén a, b sao cho:

a) ab=11 b) ab=-6

Tim x € Z biét rang:

a) 5(x-4)-3x-2)=T7-x b) x(x—4)— (x> +5)=3x+2
Tim gi4 tri nhé nhat caa

a) A=[x-2/+12 b) B=-14 + (x — 1)

Tim gid tri 16n nhat caa

a) E=-5-x+3 b) F=14-(x+1)?

Tim x, y € Z biét réing: 3(x — 2) + 2(v - 7)* =0
Hudng dén va c6 dap én

a) n=-4-3,-2-1,0,1,2,3

b) khong tén tain € Zsaocho 5 <n <6

.a) E=10,1,23,4,5)
'b) F = -4, -3, -2, 2, 3, 4]

X*+4x+b6=x(x+4)+5
Néux+420=>x=-4

Thi: x* +4x +5=x(x+4) +5: x +4
Khi x # 4 va x + 4 1a udc caa 5.
Suy ra: x = -5, -3, -9, 1
Néu2x-220=>x21thix=16
Néu2x-2<0=>x<1thix=-4



Neve a:b ->a=kb, ke
h'a =>b=ha he d
a=kha=>hksl
Khih=1thik =1
Khi h=-1thik =-1

Vavia=bhoaca= b

ar a.b =11 = a, b ¢o cac gia tri 1a cdc v6c cua 11 : 1, -1, 11, ~-11

Vav cac cap s0 phai tim la: (11, 1), (-11, -1)

b) Tuong tu cac uge cua -6 la: 1, -1, 2, -2, 3, -3, 6, -6. Tu d6 suy ra
cac cap s6 phai tim: (1, -6), (-1, 6), (2, -3), (-2, 3), 3, -2), (-3, 2),
(6, -1), (-6, 1)

a) x=17 b) x = -1

8. a) A c6 gia tri nho nhat 1a 12 khi x = 2

10.

b) B c¢6 gia tri nho nhat 1la -14 khix =1

a) E cé gia tri 16n nhat la -5 khi x = -3

-1
3x-2°+2y-77=0khix-2=0=x=2vay-7=0=>y="1

b) F ¢6 gia tri ldn nhat la 14 khi x

)
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CHUONG \Il. PHAN SO

§1. MO RONG KMA NIEM PHAN SO
§2. PHAN SO BANG NHAU

A. KIEN THUC CO BAN
1. Khai niém phin s6:
Téng quat: Nguoi ta goi % véia,b € Z, b #0la mot phan so, a la
td s6 (ti), b 14 mau sé (méu) cha phan sé
Chu y: Moi s6 nguyén a c6 thé viét la Eli-
2. Phan sé bing nhau:

Hai phan s6 % va 5 goi 12 bang nhau néu: a.d = b.c

B. BAITAP

véin € Z

1. Cho phan sé A =
n-3

a) Tim diéu kién cia n dé phan sd a ton tai
b) Tim Akhin=-2van=8
Giai

a) Phansd Atontaikhin-320=n #3

b) Ehin=-2thi A=—2 =4
-2-3 -5
Jhi o= 8 tht & =2 =2
8-3 5
L : ? -~ ~ a’ 2n+5 o a? A I
2. Tim gia tri caa n € Z dé phan so6 g la s0 nguyén
n+
Giai
. 2n+5 - . . . .
Néu — lasdnguyénthi2n+5: n+1vanz-1

n+1
> 2n+5=2n+2+3=2(n+1)+3:n-1=n+11laudccaal
Cacuéccua 3la: 1, -1, 3, -3
Néun+l=1 =n=0

n+l=-1 =>n=-2
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n+1=23 =T

n+l=-3 =>r=-4
Vay: dé i & o la so nguyén thin =20, -2, 2, 4
n+1
3. Tim x € Z biét:
a) E:_’f_ b) ii},:;l_
4 -8 9 3
Giai
3 X
a) —=— =4x=3(-8)=>4x=-24 = x = -6
4 -8
b) x+1:;1 = 3(x+ 1)=-1(9)
9 3
= 3Xx+3=-923x=-9-3=-12=>x=-4
4. Tim x,y € Z sao cho : x+2:gvélm:+y=10
yv+3
Giai
(+2 2
idw . *= > (x+2)3=(y+3)2
y+3 3
> 3x+6=2y+6 = 3x=2y (1)
xX+y=10 = x=10-y (2)

Tiu (1) va (2) ta suy ra: 3(10 — y) = 2y
= 30-3y=2y=>30=5y=>y=6
Viyx=10-y=10-6=4
Gidtricuax,ylaix=4,y=6

5. Tim s6 nguyén a sao cho 571_ =-5
Giai
Ta co6: E—al—=m»5::»—"1:—.é:>a.1=(-~.‘5).7_—_:>a=—35
7 7 1

C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung
Ciu 1: Cho a, b € Z phan so % ton tai khi

A b>0 B.b<0 C.bz0
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Cau 2: Cho phan s6 A =

E. Dé A 1a s6 nguyén thi cdc gid tri cua x la
X

A . x=1,3" B.x=1-1,3 C.x=1,3, -3, -1
Cau 8;: Cho phén s B = “g v % & 7 B thn tai khi:
x_
A x#3 B. x 2 -3 C.x# -2
DAP AN

Céau 1 2 3
Chon C C A

D. TOAN TY LUYEN

n2+7

n+l

1. Chohidnsé A = véin e Z

Tim cic gi4 ¢ -i cia n dé A 12 s6 nguyén
Huéng dén

Giai tuo—g ty Hai tap 2
n= 9, -5, -3,-2,0,1,3,7

2. Cho A - vaB=x+1.Timx,ye ZdéchoA=B

y -2
Huéng dén

Véix,yeZvay=2
A=B= —> —x+1 =5=(y-2)x+1)
y-2

= (y — 2) va (x + 1) 12 udc cua 5 gom céac sé nguyén: 1, -1, 5, -5

Néu x+1=1 thi y-2=5 vidy x=0,y=7
x+1=-1 thi y-2=-5 vy x=-2,y=-3
x+1=5 thi y-2=1 vdy x=4,y=3
x+1=-5 thi y-2=-1 viy x=-6,y=1
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§ 3. TINH CHAT €O BAN CUA PHAN SO
§ 4. RUT GON PHAN SO

A. KIEN THUC CO BAN

1. Tinh chat co ban cua phan sé:
“ Neéu ta nhan ca tu va mau cua mot phan s6 vdi cung mot <o

nguyén khac 0 thi ta dusc mot phan so bang phan so da cho

8_8M (4imeZvam=0

b bm
Néu ta chia ca t va mau cia mot phan so cho ciing not ude chung
cua chung thi ta duge mot phan s6 bang phan s6 da cho

8_83:1 4ine (a, b)

b b:n

. Cach rit gon phan sé:
Quy tdc: Muén rat gon mot phan so, ta chia ca td va mau cua
i)hén s6 cho mdt ude chung (kh4dc 1 va -1) cia chiing
. Phan sé t6i gian:
Phan s6 t6i gian (hay phaan s6 khong rat gon duge nia) la phan so
ma tu va mau chi ¢é ude chungla 1 va -1

B. BAI TAP

1. Tim tap hgp cdc phan sé bing phan sé 2625
2727
Giai
9525 25101 25
a co: = e
2927 27101 27
3 3 3 A g A P %25 ]
Vay tap hop A cac phan sé biang phan so la:
2727
B={-2—5£, nez n;f.O}
21n

2. So sanh hai phan so:

2727 va 27272727
3232 32323232

Ta cé:

Giai
2727 27.101 27

3232 32.101 32
27272727 27.1010101 27
32323232  32.1010101 32
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L 2727 27272727 27
¢ do suy ra: = = —
3232 32323232 32

3. Xac dinh mét phan sé c6 tong cua ti va miu biang 29 va

hiéu ctia miu va ti bing 5

Giai
Goi % véia;b e Zvab #0laphin sd phai tim

Theo dé baitacé:a+b=29vab-a=5

* b-~a=5=23b=5+a

* a+b=29=a+5+a=29=2a+5=29
= 28=29~5=24 =38 =12

Vay:a=12vab=5+12 =17

Phin s6 phai tim la: %

Tim phan sé téi gian biét ring néu cong tit véi 9 va cong
mau vdi 15 ta dudc mot phan sé bang chinh phan sé dé

Giai

Goi % v6ia, b e Zvab#0 la phan s3 phai tim

74

Theo dé bai ta c6: 3 = a+9 = a(b + 15) =b(a +9)
b b+l
= ab + 15a=ab + 9b = 15a =9b = 5a = 3b
a 3
=5 = —
b 5
5. Chitng minh ring phéan sé Y la phan s6 téi gian véi
+
vnelZ
Giai

Goi d =UCLN(3n + 2,4n + 3),d € N*

dla udcciaa3n + 2 vadn + 3
Suy ra d la uéc cua: 4(3n + 2) - 3(4n +3)=(12n + 8) — (12n + 9) = -1
Dodéd=1

3n + 2

Vay 1a phan s6 tdi gian




C. CAU HOI TRAC NGHIEM

» ay chon phuong an dung

A - G ald ol x - . " 2
Cau i: Trong cdc gid tri 1 sau day, g2 tri ndo dé Al
e 3
A a=-11 B. a =29 C.a=12
) o . . L , w5
Cau 2: lap hap L cac phan so baryg phan so & la:
. J’:;‘.m ,
AL E={—— mneZ n=z0
L 4n
‘ I 3.n ' 3.0 ‘
5. I<Z=<u-.r;eZ,n¢U]L (J.t—{~u neN
Cau 3: Phan s§ —— la phan <9
3535
i o ; . . =32
A Toéi gian B. Bang phan s6 ——
1
C. Ca A va B deu sai
DAP AN
N et
Can_ |1 | 2|3
o ! i
.  Chon B 1 B | B |

D. TOANTU LUYEN

A 4 2 ~ = A~ ~ 19 ~ " ~ A ,
1. Cong ca td va mau phan so e cho cung s6 nguyén a roi rat gon ta

e

- tim a?

duge phan sd

5
Hudng dén
. 19+ a 3
Tacé: ——=— = (19 +a)5 =(35 + a)3
5+a 5

= 95 +ba=105+3a=>2a=10=>a=>5
2. Ching minh riang fl—_l; - Abab ababab
cd cded cededed
Huéng dan
abab _ 101.ab _ ab " ababab _ 10101.ab _
cded 10led cd cdeded  10101.cd

@ B abab ababab

8!

D e = ——— =
cd cded cdeded



§ 5. QUY DONG MAU NHIEU PHAN SO
§ 6. SO SANH PHAN SO

A. KIEN THUC CO BAN

1

Quy dong miu nhiéu phin sé

Muén quy dong mau nhiéu phan s6 va mau duong ta lam nhu sau:
Buce 1: Tim mot boi chung cia cdc mau (thuong la BCNN) dé 1am
mau chung

Buwoe 2: Tim thira s6 phu cia mdéi mau (bang cach chia mau chung
cho tirng mau)

Bude 3: Nhan td va mau cia mdi phan sé vdi thira sd phu tuong
ung '

. So sanh hai phan sé ciing mau:

Trong hai phan sé c6 cuing mot mau duong, phan sé nao c6 tir 16n
hon thi 16n hon

. So sanh hai phan sé khéong cung miu:

Mu6én so sdanh hai phin s6 khoéng cung mau ta viét chang dudi
dang hai phan sd ¢6 cuing mdét mau duogng réi so sanh vdi nhau:
phan s6 nao c6 ti 16n hon thi 16n hon

B. BAITAP
1. Quy dong maiu sé:
19 o1 b 13 o, 17
22 32 54 24.3.53 3.72.11 32.7.13
Giai
a) MC la BCNN (22.3%5% 243.5%) = 2 3% 5
19 19.22 11 11.3.5

b)

- —

223251  9ig2gt’ 9igp5l ot g2pt

MC la BCNN (3.7%.11, 3%2.7.13) =3%.7%.11.13
13 13313 1323

8711 %7°4118 3°7°11.13

17 '17.7.11

32713 3272.11.13

a)

. Riit gon roi quy dong

131313 4747 b) 1515 va 17171717
555555 ° 7373 3131 62626262

L
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Giai
13 14747 47.101 47
555555 55.10101 55 ° 7373 173.101 73
MC = 55.73 = 4015
13 949 47 2585
55 4015° 73 4015

131313 13.10101

b 1515 1(17}9'1 15 ; 17171717 _ 17 1()710170.1 _ %
3131 31.101 31 ' 62626262  62.1010101 62
MC
15 00 ...1
31 62 62

3. Tim phan sé6 cé6 mau bang 7, khi cong tit véi 16, nhan mau
|  vdi 5 thi gia tri ctia phan 56 d6 khong thay déi

Giai
Goi a € Z la ti cua phan s6 phai tim
ey . a+ib a "
Theode baitaco: ——— =-—- = a+1l6=ad=>4a=16=a=4
7.5 7

Vay phan s0 phai tim la: -

4. Choa,b,c,d e Z,b>0,d>0. Ching minh rang

a)Né‘“%<'§--thiad<b(‘ b) Néu ad < be thi z<%
Giati
a) =< §'£‘—<~t~)~( = ad < be
b d bd bd
b) ad < be :*»E»<-bg X
bd bd b d
a+c
5. Choa,b e N,a<bvac € N*. Chung minh réng < -
b b+c
Giai
Quy dong mau s6 hai phan so 2 p 3tc
b b+c

Ta c6: 2 = alb+c) ab+ac

b bb+e¢) blb+c)
a+c bla+c) ab-bc
b+c bb+c) bb+c)

Vi:a<b =>ac<bc=ab +ac <ab + bc

Vay: 9_<a+c
b b+c
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C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung

Cau l:x € Z, khi e x =20 thi gia tri cua x la
18 90
A x=5 B. x=-5 C. A va B déu sai
Cau 2: Cho hai phan so E = L s B = e
1717 17171717
Hay chon két luan dung trong cac két luan sau khi so sanh E va F
A. E<F B. E>F C.E=F

Cau 8: Khi so sanh hai phan s6 «f—} va g két luan nao sau day la dung

A 2.3 | B 22 C. Ca A, B déu sai.
16 176
DAP AN
Cau 1 2 3

) | Chon B C A

D. TOANTY LUYEN

1. TihxeZ ki onX X252
3 5

Huéng dén

5;x=x;5:>2(5—x)=3(x—5):>x=5

2.CM&JqueZb>Qd>0va%<

alo

; s a a+c ¢
Cha h rang: — —
ng minh ring b<b+d<d

Huéng dén

Tacé:—%<§ = ad < bc = ab + ad < ab + be

b a_a+c
= a(b+d)<b(a+c)= b<b+d

Ta ciing ¢6: ad < bc = ad + cd < be + cd

a+c C
<..._

b+d d

= da+c)<ech +d) =

'I"émlagli:?—<a+c ¢
b b+d d
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§7. PHEP CONG PHAN SO

§8.

TINH CHAT CO BAN CUA

PHEP CONG PHAN SO

A. KIEN THUC CC BAN

1. Coéng hai phan sé cung mau

Quy tdc: Mudn céng hai phan s6 cung mau ta cong cac tir va gii

] A
nguyén mau. — + — =

b a+b

m 1m m

2. Cong hai phan sé6 khong cung mau:

Quy tdc: Muén cdng hai phan s6 khong cung mau, ta viét chung

dudi dang hai phan s6 c¢6 cung méot mau roi cong cac tua va gid
nguyén mau.
3. Cdc tinh chat:

a) Tinh chat giao hodn : AP -
b d d b
A
b) Tinh chat két hop : ffi 9_+E:E+(E+P]
\b dJ q b \d q
c) Cﬁngv6i560:3+0:0+3:3
b b
B. BAITAP
1. Tinh :
-3 5 5 -1 -333 8888
a) s i h) —_— ——— c) +
7 2 -8 20 556 7777
Giai
3 5 -6 35 -6+35 29
a) — +— = —
72 14 14 14 14
by 5 ,°1_-5,-1 25 -2 -25-2 -27
8720 8 20 40 40 40 40
333 8888 3 8 21+40 19
555 7777 5 1 35 35
» . S 1
2. Tim xc Z bidtring: 5+ 2< X 1,1
, 4 3 12 3 4
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Giai

3 2 X 1 1 9 -8 «x 4 3

o e e o o i Ty i Y s g i o e

4 3 12 3 4 12 12 12 12 12
1 X

3.—

<——<l::>x=2,3,4,5,6
12 12 12

3. Tim x € Z sao cho S=x+2+x1-26 1a s6 nguyén

80

a+b c+d
a b c d
Vay: : 2
o a+b+c+ a+b+d+b+c+d+a+-c+d<

Giai
S_x+2+x—6_(x+2)3+x—6_3x+6+x—6_:4_:_(__§
4 12 12 12 12 12 3
Vay Sla sé nguyén khix =3k (k€ Z)
4. Chitng minh ring:
1 1 1 1 1 1 | 1 1 1
e e e e e e e e e e B
11 12 14 15 16 17 18 19 20 2
Giai
TaC6 _l_>.i,u}_>_%_’ _____ ’_];.>i.’_.}_.: 1
11 20 12 20 19 20 20 20
Su ra'—1~+-l—+ +—1-—+'—1—>—l—+—1—+ +—1—+—1—-—-1—9——1—
TR T R 19 20 20 20 U 20 20 20 2
IOs()'Yhang
Va)’:—L+-}-+~L+ ..... +m-‘>~1~
11 12 13 20 2
5. Cho a,b,c,d € N*. Chitng minh ring:
a b c d
+ + + - <2
a+b+c a+b+d b+c+d a+c+d
Giai
Ta c6:
a a b . b C c d
< ; < ; < ; <
a+b+c a+b a+b+d_ a+b b+c+d c¢c+d a+c+d c+d
a b c a b c d
= + + < + + +
a+b+c a+b+d b+c+d a+b a+b c+d c+d
=a+b+c+d.:1+1=2




C. CAU HOI TRAC NGHIEM

» Hay chon phuong an dung
Cau 1: Trong céac tong sau day, tong nao ¢6 gia tri la sé nguyén

A. ;§+—é—+l B. L +g»+§ C.z+—:1+l
7 & 2 2 3 6 8 2 4
Cau 2: Nhing s6 nguyén x nao sau day thoa: == o <X S e
19 19 19 19 19
A -2,-1,0 B. 01,2 C. 1,23
" e . ) . . —13 11 . _ A
Cau 3: V61 gia tri nao cua a € 7Z sau day dé — + — la s6 nguyén
a a
A a=-1,1,2 B . a=-1,1, -2 Ca=-1,1,-22
DAP AN
Cau 2 3

N T—

————

1
Chon | B | B | C
D. TOAN TY LUYEN

1. Mot voi nude chay vao bé trong 5 gio thi day bé. Mot voi nudc khéc
chay vao bé trong 7 gid thi day bé. Hoi ca hai voi cung chay thi 1 gig
duge may phan bé.

Hudng dan

Trong 1 gid : voi thd nhat chay duoc % bé

vdi thit hai chdy duge % bé

. . . i 1 1 12, .
Vay t 1 ¢10 ca hai voi chay duge — + - = —beé
ay trong 1 gio ca hai voi chay duge = 3 S
2. Ching minh ring : — + E 3 + + 1 <1
w ANRE £ 701 102 " 200
Huong dén
1 1 1 1 1 1
< : & T g ol
101 100 102 100 200 100
1 1 1 1 1 1 100
—_—t—+ ...+ < 4 — + ..... 4 —=—=1
101 102 200 ]00 100 100 100

100 s6 hang
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§9. PHEP TRU PHAN SO

A. KIEN THUC CO BAN

1. Sé dé6i: .
DPinh nghia: hai s6 goi 1a d6i nhau néu téng cua ching bang 0.

Ki hiéu s6 ddi cia phan sé 8 1a 22 Tacs: 2 +(—?—J =0
b b b b

a_ a _-a

b -b b
" 2. Phép trit phan sé
| Mt 'n trir mot phan s6 cho mot phan sd ta cong sd bi tri véi s6 doi

| cﬁa36trir,'1—£=3+(_EJ
o d b d
B. BAITAP
1. Timx ¢ Z a8 22 17 1a mot s6 nguyen
vr+1 x+1
Giai

12 17 12-17 -5

x+1 x+1 x+1 x+1

"51 1a s nguyén khi x+1 14 u6c cha -5
X +
Suyrax+l=-1,1,-5,5 ’ . v

* khix+1=-1=>x=-2
* khix+1=1 =x=0
* khix+1=-6=>x=-6
* khix+1=56 =>x=14
Vayx =-2,0, -6, 4

enrs % 1 1 1 1 1
2. Tim x, biét rang (5‘5)“[“‘[2*5]}"&
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9 4 4 8 8 9 8+9 1

X — = S X = - — R N
24 24 24 24 24 24 24 24
3. Ching minh rang LN S 1 - vOiae N*
a a+l a(a+1)
Giai
e Bl &  dxi=B 1
a a+1 ala+1) ata+1r alta+1) a(a-+1)
4. Tinh tong: 3 + 3 + e + 3
2.5 5.8 17.20
Giai
., 93 1 1 3 1 1 s 1 1
Tach: — =—--2; — =z -2 ——— = — -
25 2 5 58 5 8 1720 17 20
Suy ra:
4,3, ,s8 1111 1 11110 1_ 9
26 58 1720 2 5 5 8 17T 20 2 20 2 2 20
5. Ching minh ring: . .
1 1 1 N | 1 1
= g e (2 2)} —t 5t twt+t— <1
n? n-1 n 22 32 42 n?
Giai
: ;s 2 1 1
Yn2>2 tacéi:n>n-1 > n°>n-1=— <
nz n-1
. . 1 1 £ . \ - 2 A
Ta lai co: = - — (xem lai bai tdp 3 & trén)
nn-1 n-1 n
Suy ra : 1 % 1 1
n? n-1 n
Tu cau a ta co: ~1— <I—}~;—}—<—1——l;. ,i< 5
92 232 2 3 n n-1 n
Suy ra —1—+——+ ..... +—n‘—<1—l+l—l...—l<1~l<l
92 g2 2 2 2 3 n n
C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung
Céu 1: Cho hai phan so % va % b= 0,d # 0hiéu %— cEl la phan sb nao
trong cac phan so sau:
A B B A°¢ c. 8d - be
b-d b.d b.d
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Céu 2: ChoE = 3242 1 E c6 gia tri nao trong cac gia tri sau:

7171 17
A E. 3232-11 3221
7171 -17 7154
B E. 3232-11 3221
_ 17 17 .
C E< 32 _11_3217-1171 237
T 17 7117 1207

Cau 3: Cho E =(x - %J - g— Vi gia tri nao cia x sau day thi E = 0

A.X=——1 B_x=—7— C.X:E
12 12 12
DAP AN
Cau | 1 2 3

Chon C C B
D. TOANTY LUYEN

. o x 5 25

1. Tim s6 nguyén x dé hé thuc sau dung: —+ — = —

s ;e San Gung: 3770 T 30
1 1 1 1

et + A cvcgsen + +
1.2 23 34 98.99 99.100

£

2. Tinh téng:

§ 10. PHEP NHAN PHAN SO
§ 11. TINH CHAT CO BAN CUA
PHEP NHAN PHAN 30

A. KIEN THUC CO BAN

1. Phép nhén hai phan s6: Muén nhan hai phan sd, ta nhan céc tu

véi nhau va nhan cAc miu véi nhau
a ¢ ac

b d bd
2. Nhan xét: Muén nhan mot s6 nguyén véi modt phan s6 (hodac mot
phan s6 véi mot s6 nguyén) ta nhan sé nguyén vdi tif cua phan so
va gilt nguyén mau

b ab
a— = ——
c
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3. Cac tinh chat cd ban cia phép nhan phan sé:

I a. Tinh chat giao hoan: rREe £ 4
b d db
’ e ac)p afcp
b. Tinh chat két hgp: | 2.S| P2 [P
inh chat két hgp (bd)q b(qu
g .8
b b

c. Nhan vdi sé 1: %.1

d. Tinh chat phan phéi ctiia phép nhéan déi véi phép cong:

1

1l

ajE Pl BE. AP
bld q bd bgqg
B. BAITAP
"% gare ¥ 2 7
1. Tim x biét rang (x+§](x—z)=0
Giai
(x+g)(x—z)=0 =3 x+g=0 hoac x—z=0
3 4 3 4
Néu x+g=0 = ).::-wg
3 3
x—Z—O =7
4

2

Vay ( )( ) 0 khi x = hoac x = 4
3 4

> T 11,118
13 7 13 4
Giai
-11 1 —-11 3 -11 1 3 -11 25 —275
Ta c6: —.= ge o BTN o
13 7 13 4 13 7 4 13 28 74
3. Tinh [§_§1+3§, 1,1_1)
7 71 87)\2 3 6
Giai
Tacé: l_l_lzl_[l+l)=§._(i+£)=
2 3 6 2 3 6 12 12 12
Suyra §.__9_1+.?.§_)(1_1_1J 0
7 71 87)\2 3 6
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Giai
() O R ) ) GO R
2 3 5 6 Y 2345617
_ 3456.7.8 8
"~ 234567 2
5. Cho phén so % va phan sé B c6b+c=a (abceZ),b=z0,
c
¢ # 0. Chitng minh ring 22 aRg B
b e b ¢
Giai
Tacs: =.2-242
, b ¢ bec
a a ac+ab a(b+c¢) aa . ‘
Va —+— = = = ib+c=
b ¢ b.c be b.c Ebae =8l
aa a a
Tudéosuyra: —.—=-—-+—
s bec b ¢
C. CAUHOI IRAC NGHIEM
» Hay chon phuons an dung
Céau 1. Néu xu-g« = :52—$ ¢hi x c6 gia tri nao trong céc gia tri‘sau day
cua x
80 145 81
" 140 " 140 " 140
CAu 2: Mot t&m vai dai 15m. Vay g- b vai dai
A. 12m B. 10m C.11m

Chu 3: M&i mot gid xe 6t6 di duge 42km. Sau g gio 6t6 di dugc mot

quang duyng la

A. 28km B. 30m C. 32m
DAP AN
Cau 1 2 3
Chon C B A
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D. TOAN TY LUYEN

o 30000

Hudng dan
Cach giai tuong tu bai tap 4 (trang 86)

2. Tim hai phan sé biét rédng : tong va tich ctia ching biang nhau
Huéng dan

Goi 2 phan so6 phai tim la % va % (a,b,c,d e Z,b #0,d 2 0)

, a ¢ ac ad + bc ac
Tacd: —+—=—.— > = — = ad + bc = ac
b d b d bd bd
—~ ac—ad=be »> 2=_F
b c¢-d
:Vidu:gzﬁth'iE:——l?—:E;—
d 5 b 13-5 8
_1_§ E_13.8+13.5_13(8+5)_13.13_}5_3_ 13
5 8 5.8 5.8 5.8 5 8

§ 12. PHEP CHIA PHAN SO

A. KIEN THUC CO BAN
1. S6 nghich dao: Hai s6 goi 1a nghich ddo cha nhau néu tich cia né
bang 1
2. Phép chia phan s6: Mudn chia mot phan sé hay mot sé nguyén
cho mét phan sé. Ta nhan s6 bi chia v6i s6 nghich ddo cha s6 chia

B. BAITAP

1. Tim x biét ring
3 4 2 2 -5
a. - —X=— b. - x=—:—
7 11 5 3 7
Giai
-3 -3 4 7 -28
4. —X=— DX=— ! —=—X—= —
7 11 11 7 11 -3 33
b 24-2.75 2,27 _14  _-14.2
5° 37 57 3'-5 -15 15 ' 5
-14 5 -7
—t W e BT e
15 2 3

87



+

803030
" 202020

2. Thuc hiéx} phép chia

SIS I

crinvjen| e
4
WinNee| W

: Giai
1 1 1

_ 3(8—5 9]

1 1 1)
2(5 - a + 5)

303030 3.101010 _ 3
202020 2.101010 2

Ta c6:

I
=33 W
tolw

'

oo w

5
IOl w

303030
© 202020

/N~ W

OvipNfOv| o
+

3. Tim x bi€t riing x2-5= x(x—

| o
~—

Giai

x2~5=x(x—§):>x2—5=x2-§x=>—§—x=-'-5
4 4 - 4

= x=—5:—§——5i 20
4 3 3

4. Tim cdc s8 nguyén c6 s§ nghich dio biing chinh né

Giai

Goi a la s8 nguyén phai tim thi ;11— l1a s8 nghich ddo ctia a (a # 0)

Theo dé bai ta c6: a=—1-::>a2=1=ba=—1;1
a

5. Mot bé dang chia higng nudc biing gdung tich bé. Ngudi ta

mé& mdt voi nude cﬁéy vao bé, méi gi¥ chay dugc %bé. Hoi

sau dé6 bao lau thi ddy nudc

Giai
Phén bé chua c6 nuéc : 1 —-3- = _i_

Theo d& bai 1 gid vdi nuée chay vao -é-béf, Nén dé nuéc ddy bé voi

nudc phdi chdy trong thoi gian f % :11- % = 2(giy)

| -
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C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung

Cau l: Cho ae N vaa>1 phan so i la so

A. 16n hon 1 B. nho hon 1 C. s6 nguyén
CAu 2: Mot phan ¢4 chia cho 1 thi thuong:

A. bang chinh phéan so dé

B. 16n hon phan s6 dé

C. bé hon phan s6 d6

Cau 8: Néu dong 120 lit nuée khoang vao loai chai glit. Thi s6 chai nuéc

khoang cé dugc la

A. 120 chai B..160 chai C. 180 chai
DAP AN
Cau 1 2 3
Chon B A B

D. TOANTY LUYEN
1. Tim sd nguyén x, biét rdng x + 3—?}( = 258
Huéng ddn

x+gx=258 = X 1+Z?- x=258:>i§x=258
21 21 21

43 _ 258x 21

= x=258: = =126
21 43
4x% + 2 . ) cx bt s i
2. ChoEz%:%E,T‘lmcéchétr;cuaxezdéEcégAétnlaso
nguyén
Hudng dén
p_2x 4x’+2x 2x 2x(x+1) _2x 15 _ 3
5 15 5 15 5 2x(x+1) x+1

E c6 gia tri la s6 nguyén khi x + 1 14 uéc cua 3
= x+1=-1,1,3, -3 =>x=-2,0,2,-4
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§ 13. HON SO. SO THAP PHAN. PHAN TRAM

A. KIEN THUC CO BAN

1. Hon sd: Phan s6 c¢6 thé viét dudi dang hén sé nhu sau:

z =1 + _:i =1 _§_
4 41\ 4
Phan nguyén phan phan sé
. 1 me L
cha — cha —
4 4
* Ngugce lai, ta cing c6 thé viét mét hén sd dusi dang phan sd,
chdng han : L |
4 4 4
2. S6 thap phan: Phan s6 thap phan 12 phan s6 ma méu la lay thira

cua 10

S6 thap phan gom hai phin

- Phéan s6 nguyén viét bén trai ddu phiy

I - Phan thap phan viét bén phii ddu phiy
Sé chir s6 cia phan thap phdn bang s6 chif s6 0 § mau cha phan s6
thap phan

3. Phan tram: Nhiing phdn s ¢6 miu 1a 100 cdn dugc viét dudi

|| dang phan tram vdi ky hiéu %

B. BAITAP
l.Tinh:a.lli— 2i+5—-—3— b. 0,7.2—2~.20.0,375.—5—
13 7 13 3 28
Giai
a. ll—q——(2£+5£J=(11—:—)’~—5—3-)—2-:41
13 7 13 13 13 7
= 6,2ﬁ=4_i=3§=3§
7 7 7 7
b. 07222003752 =~ 890370 5 _o5
3 28 10 3 1000 28

’ 1 2 2 2 2
’ 0 nhié ho: 6-:4— 10— +2—-(-6—
2. Tim so tu nhién x sao cho 3 9<1::<[ 9+ 5) 9
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Vay : é<x<6—
2 5

x=2,3,4,5,6
3. Tim s6 nguyén y biét ring 2y + 30%y = -2,3

Giai
2y + 30%y = -2,3 = y(2+ 30%)=-2,3
230
= —y =-23 23y =-23 = = -1
100)’ - y -y
4. Tim x khi : 2~l—xw§~2—x: —E
3 7 7
Giai
ol a2, ,_-11 (23,_E'_%\x:_}_1_
3 7 7 : 7) 7
(7 23] -11 -20 -11
= —_——— X = —— | X &
3 7 ) 21 7
-11 =20 . -11 21 33 33
= —— = X = R e £ e X = —
7 21 7 -20 20 20
5. Tinh: ll 11.11 ..... 1---1-—-
3 4 999
Giai
3«
iyl L9 45 10001000 o,

2 '3 4 999 2 34 999

C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung
Cau 1: Phan s6 thap phan la phin so
A. Cé mau la mot lay thira cha 10 .
B. MAu chi chida cac thita s6 nguyén t6 2 va 5
C. Hai cau A, B déu dung

91



Cau 2: Trong cdc gia .tri sau cua x. Hay chon gia tri thich hgp dé

Céu 3: Cho phan s6 E =

2§x+x=:—§9
4

A.x=—1—1— B.x=1l C.x=1g
7 7 7

'a € N*. Diéu kién nao sau day dé A déi

2".5".3

. ra dugc phan s6 thap phan

A. VYae N’ E d8i ra duge phan sé thap phan
B. a:3 thi E d6i ra dugc phan sd thap phén

- C. E khéng thé d3i ra duge phan s thap phan

92

DAP AN
Cau 1 2 3
Chon C| A B

TOAN TY LUYEN

n+3

Ching minh ring phan s6 5 khong thé viét duge dugi dang sé

thap phan

Huéng dén
Tacé: Tn:7: 5n+3/7

'Méu chia hét cho 7. Tit khong chia hét cho 7 nén khi phén s& t6i

gidn, miu vén chita thira sé nguyén t& 7

Dod6 5n + 3
n

Tim cédc phan s6 t6i gidn c6 miu khac 1. Biét réng tich caa tr va mau
bang 220 va phén s6 d6 viét duge dudi dang so thap phan
Huéng dén

khong thé viét du{fc du6i dang thap phan

Goi %[(a, b) = 1] 12 phén sé t6i gian phdi tim a,be Z va b= 0,1

Theo dé bai : a.b = 220 = 2%5.11

b khong chda thifa s6 nguyén t6 11 va b = 1 nén b = -4, +4, +5, -5,
+20, -20

Ta tim dugc céc s6 thap phén sau 13,75 ; 8,8 ; 0,55



id

§14. TiIM GIA TRI PHAN SO cUA
MOT SO CHO TRUGC

KIEN THUC CJ BAN

2 o ; 184 ; 5 ; 5 m
Quy tac: Muon tim —— cua s0 b cho trude, ta tinh b -~ (myne N,n # 0

r n
BAI TAP
- 5 . - }
.a) Tim ; cua 140009 d b) Tim 2—‘i cua 120kg
Giai
5 . 5
al - cua 140000 d la: 140000. - = 1000004

b) zl clia 120%kg T3: 1202 = = 120. - = 280 kg

: 3 3

4 . A\ Le ~* ~ ‘ at 2 ~ A~ 2 =
. Mgt té6 cong nhan co 36 nguoi, s6 nid chiém 5 tong s6. Hoi

v

s6 cong nhan nam la bao nhiéu nguoi?

Giai

. § e e 2 i
S0 cong nhan na la: 36. - - 24 nguo
3

S6 cong nhan nam la: 36 - 24 = 12 ngud:

. Mt vudn cAy an trdi co 72 ciy gom mit, cam, xodi s6 cay mit
s A7 1 ~ ~r ~” -~ s A7 2 ~ ~’ P s ) ~
chiém 1 tong s0, s6 cay cam chiém - tong so. Hoi vuon cay

L]

an trai co bao nhiéu cay xoai

Giai
e e ] o
SO cay mit: 12,—1-- = 18 cay

2.~ = 48ca
3 y

(1

=1

So6 cdy cam la:

S6 cay xoai la: 72 - (18 + 48) = 6 cay

’, e ~ » ’ . [ .. x 4 .
. Mot cai bé nudc co chiéu cao 1,2m, chieu dai bang 3 chiéu

[ - ) 3 . .. » ~ ” 2 , e 2
cao, chiéu rong bang 5 chiéu dai. Tinh theé tich cua cal.be
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Giai

Chiéu dai cia cdi bé 1a: 1,2, = 1,6m
]

Chiéu rong cua cai bé la: 1,6. g =0,6m

Thé tich cta céi bé 1a: 1,6.0,6.1,2 = 1,152m"°
5. Mot thiwa diat hinh chi® nhat c6 chiéu dai 60m, chiéu rong

béng % chiéu dai. Ngudi ta trong cay an trai hét % dién

tich thita dat. Héi phan con lai 1a bao nhiéu?

Giai

Chiéu rong thira dat: 60% =40m
Dién tich thira dat: 60.40 = 2400 m®
Phén trdng cay an trai: 2400.% = 2000 m>
Phan dién tich con lai: 2400 — 2000 = 400 m®
C. CAU HOI TRAC NGHIEM
» Hay chon phwng an dung
Cau 1: An c6é 25 vién bi, An cho Binh % s6 bi cua minh. Hoi Binh ¢6 bao
nhiéu vién bi
A. 15 vién bi B. 10 vién bi C. 20 vién b

Cau 2: Mot 16p hoc c6 35 hoc sinh trong dé s6 hoc sinh nir chiém 3 tdng

%)}

86 hoc sinh. Héi 16p hoc d6 cé bao nhiéu hoc sinh nam
A. 20 hoc sinh nam B. 21 hoc sinh nam C. 24 hoc sinh nam
Céau 3: Mot nguoi bay ban 120 ch4u hoa gom cuice, thuge duge va hudng

duong. S0 chau cidc chiém 29%, s6 chdu thugc dugc chiém % trén
tong sé cac chau hoa. Héi c6 bao nhiéu chau huéng duong

A. 70 chau B. 56 chau C. 66 chau

' DAP AN
Cau 1 2
Chon A C C

(Vb
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TOAN TY LUYEN

o
. Mot cua hiéu ban 12 thung mi goir thi con lai trén ké hang SO

thung mi luc dau. Hoi cura hieu da bay ban bao nhiéu thung mi goi?

Huong dan

-
Cach 1: S6 thung mi con 1—31 nghia la s6 thung mi bay bdn co 11

phan thi da ban 11 - 5 = 6 phan
Suy ra s6 mi cua hiéu bay ban la: (12 : 6)11 = 22 thung
Cach 2: Goi x 1a s6 thung mi dugce cira hiéu bay ban thi s6 thung mi

: g5 B

con laila —x
11

Tac():x—~5-x:12:> 1_3, X =12
11 11

= £x=12:>x:12:—6—:12.}—1:22 thung mi
11 11 6

. Mot nguoi dem ban mot gio cam sau khi ban % va 4 trai thi con lai

20 trai. Hoi s6 cam ngudi 4y dem ban di 1a bao nhiéu trai
Huéng dén

Cdch 1: S6 cam ngudi 4y dem di ban chia ra 5 phan thi ngudi ay da
ban 2 phan va 4 trai. VAy s6 cam con lai 1a 3 phan bét di 4 trdi. Hay
3 phan s6 cam 1a 20 + 4 = 24 trai

Cach 2: Goi x 1a s6 cam ngudi ay dem di ban

Thi s6 cam da ban la: %x +4
e X G ik 2
S0 cam con lai la: x —(gx + 4) =20

= x-%x—fl:‘20:x(1—-§)=20+4:>x=24%=4O trai
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§15. TIM MQT SO BIET GIA TRI
MOT PHAN SO CUA NO

A. KIEN THUC CO BAN
| Quy tdc: Mudn tim mot s6 biét M ctané bang b,
n
ta tinh b: E(m,n e N*)
n
B. BAITAP
1. Tim m@t s6 biét
) —:— ctia né bang 35 b) 1% ctia né bing 30
- Giai

'a) Goi x 1a s phai tim thi x =35 —2— = 35.% = 56

2

b) Goi y la s6 phai tira thi y =30 1§ =30:— =18

2. Xuan cé 1204 ; % s tién cua Ha bing

s0 tién cua Xuan.

winjwlo

Hoi s6 tién ctia Ha la bao nhiéu?

Giai
2 oaw. b . 2
§ so tién cua Xuin la: 120.5 =80d

Sé tién cha Ha c6 la: 80: —g— = 80.% =100d -

3. Mét 16p hoc cé 33 hoc sinh, biét ring —;— s6 hoc sinh ni¥ bing

= s6 hoc sinh nam. Tim s6 hoc sinh nam, ni¥ ciia 1ép hoc

96

Giai
Cach I: % s6 hoc sinh nit bing % s6 hoc sinh nam thi s6 hoc sinh
nir bing: 3 : 1. §-~2— o A hoc sinh nam
-5 2 b1 b

Viy s6 hoc sinh ni chia ra 6 phan bing nhau thi s6 hoc sinh nam la
5 phan
S6 hoc sinh ¢6 trong 16p hoc: 6 + 5 = 11 phan



S6 hoc sinh nit la: (33 : 11)6 = 18 hoc sinh
S6 hoc sinh nam la: (33 : 11)5 = 15 hoc sinh
Cach 2: Goi a 1a sé hoc sinh nam. Thi s6 hoc sinh nif tinh theo s
hoc sinh nam la: Daag—e i BBy
5 2 5 1 5

S6 hoc sinh nam la:
6 6
a+—a=33:>a[1+~—)=33
5 5

= a.H=33:>a333:—1—1—=33.—5-=15 hoc sinh
5 5 11

S6 hoc sinh nu la: 33 — 15 = 18 hoc sinh

. Tudi con bing % tudi cha. Tong sé tudi cua cha va con la 55.

Tim tuéi cha va tudi con

Giai
Cach _1: Néu chia tudi cha 1am 9 phan thi tudi con 1a 2 phan
Vay: tudi cha va tudi con ¢6: 9 + 2 = 11 phan
Tudi cha la: (55 :11).9 = 45 tudi
Tubi con 1a: (55 : 11).2 = 10 tudi

Céach 2: Goi a la tudi cha thi tudi con la —g—a

Ta cé: va+—§-a=55:>a(1+-§]255

= a.—1—91=55:>a=55:-1—1=55.%=45tu6i

Vay tudi cha la: 45 tudi
) 2 v 2.
tudi con la: 45. 9 = 10 tudi (hoac 55 — 45 = 10 tudi)

. Mot t6 cong nhan lam dudng dia lam xong 3 chiéu dai con

dudng va con phai lam ti€p 270m thi hoan thanh con dudng.
Tinh chiéu dai con dudong.

Giai

Phan sé chi phan dudng phai lam tiép la: 1 - 1t

74
Chiéu dai con dudng la: 270 : % = 270.% =630 m

2.2
7T
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C.

CAU HOI TRAC NGHIEM
> Hay chén phuong an dung

Céau 1: Mot s6-a ma g cua n6 bang 12 thi

A.a=9 B. a=16 C.a=12

Cau 2: Mot s6 b ma Zg cua né bing —331— thi

& b=— i B. b=-L C. b=?2
8 8 8

Cau 3: Mot hop dung 44 vién phdn géom phdn mau xanh va phan mau

98

vang. Biét ring s6 phdn mau xanh bing % s6 phdn mau vang thi so

phan mau xanh va s6 phan mau vang tinh dugc la:

A. 16 vién phdn mau xanh va 28 vién ph4n mau vang

B. 16 vién phan vién mau vang va 28 vién phan mau xanh
C. 18 vién phan mau xanh va 26 vién phdn mau vang

DAP AN
Cau 1 2 3
Chon B B A

TOAN TY LUYEN

. Ban Hung doc xong cudn sdch trong 3 ngay. Ngay thd nhat doc —2—

cudn sich, ngay thd hai doc%cué’n sach, ngay tha 3 doc not 49 trang

sdch con lai. Tinh xem cuén sdch d6 ¢6 bao nhiéu trang?

Huéng dén
Phan sd chi phin trang sdch ban Hung doc trong hai ngay dau:
L + L 14 cudn sach
8 3 24

Phan s6 chi s6 trang sach Hung doc ngay thu 3
17 24 17 7

T S —

24 24 24 24

Sé trang cua cudn sach la:
49 : L = 49.%— = 168 trang
24 7



2.

3.

Ba voi nude cung chay vao mot ho chira. Néu chi dé voi thir nhat chay
vao ho thi phai 8 gio mdi day hd. Néu chi dé voi thda hai chay thi
phai 10 gir mdi day ho. Néu chi dé voi tha 3 chay thi phai 15 gig méi
day ho. Néu ca ba voi cung chay thi bao lau mdi day ho.

Huéng dan

T i : | I
Mot gio voi that nhat chav duoc: , ho
) 8 s oo o 1 F
Mot g1 voi tha hai chay duge: 1) ho

Mot gi voi thit ba chay dugc: -1}5- hé

Mot g1 ca ba voi cung chay duoc: l + = + L hé
8 10 15 4
Vay thoi gian dé ba voi cung day ho la: 1: % = 1.% =4 g

§ 16. TIM Ti SO CUA HAI SO

KIEN THUC CG BAN

1. Ti sé hai sé6: Thuong trong phép chia s. a chosé b (b = 0) goi la ti
sbavab
Khai niém ti s6 thudng dung khi n6i vé thuong cua hai dai lugng
(cung loai va cung don vi do)

2. Ti s6 phan tram. Muén tim ti s6 phdn tram cta hai s6 a va b, ta
nhan a vdi 100 roi chia cho b va viét ky hiéu % vao két qua:
a.100
b

3. Ti 1é xich: Ti lé xich T cia mét ban vé (hoic mdt ban déb) 1a ti lé
khoang cach a gitta hai diém trén ban vé (hodc ban d6) va khoang

Y

cach b giita hai diém tuong ng trén thic té& T =% (a,b c6 cung

don vi do)
BAI TAP
1. Tinh ti s6:
a) 25cm va §m b)§ va 1g ‘
7 5 S5
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Giai
a) 25cm = 0,25m

1
026 4 _17_17
3 3 43 12
4 7
3 3
5 5_35_3
b) Rl AR A
5 5

. Trér. ban dé ti 1&¢ xich 10.%(’0 Hai thanh pho A va B chch

nhau 103cm. Tinh khodng cich trén thuc t& cia hai thanh
phd A va B.

Giai
Khodng céch trén thuc té& cia hai thanh phd A va B la:
103.10000 = 1030000 cm= 10.3km

8. Myt thita d4dt hinh chi nhat cé dién tich 1250m2 Trén ban

dé ti 1& xich 3(1)“6’ thita d&'t 6 c6 dién tich bao nhiéu ?
Giai
Khodng cach trén ban dé gidm 500 l4n so v6i khodng cach thuc t&é. Vi
vay chiéu dai thia dat trén ban dé giam 500 l1an va ch:eu rong giam
500 lan so vé6i thuc té.
Do d6, dién tich thia dat gidm: 500.500 = 250000 1an
Vay dién tich thia d4t trén ban 46 la: %500 = 1 m? = 100cm?
250000 100
4. Ti 86 hai 6 1a g hiéu hai s6 1a 24. Tim hai s& d6.

100

Giai
Céch I: Ti s6 hai 88 biing g: néu s6 16n c6 7 phan thi s6 nhé 3

phén. Viy 88 16n hon sd nhé: 7 — 3 = 4phén
Suy ra: s§ 16n bang: (24 : 4).7 = 42
s6 nhé bing: (24 : 4).3 = 18

hg'Goisﬁ'nhéléa,s6ldnlébtac6:b—a=24:>b=24+a

3 a 3
Talaicé: —==-= =—=>324 +a) =
algics: =7 = o =g MG




4 72+3ar—-7a:>72=7a—3a=4a:-‘>a:-—g—%:l& b=24+18 =42

Vay 2 sd phai tim la 18 va 42

5. Ti s6 cia hai sé la g- néu bdt s6 nho di 5 don vi thi ti sé cua

|
o o
chung la -2~ tim hai so6 do.

Giai
Goialasdnhé,blésc‘)'lé‘ntac():%z—
., a-58 1 a 5 1 3 5 1
Ta lai cé: o o B s o il B Y e e
2 b b 2 4 b 2
w22 bl Lo p o B, g
b 4 2 b 4 b 4 20 4

CAU HOI TRAC NGHIEM

» Hay chon phuong an dung _
Cau 1: Hai thanh phé trén thuc té cdch nhau 35km thi trén ban 46 ti lé

)

xich

cadch nhau m¢t khodng la:

500000 '
A. 7cm B. 7dm C. Tmm

Cau 2; Ti s5 hai s6 1a % Téng cia hai s6 1a 35 thi hai s5 d6 1a:
A. 15va 20 B. 10 va 25 C. 5va 30

Cau 3: Ti sd caa hai s6 1a % néu thém vao s6 nhé 5 don vi thi ti 18 s cha

chang 1a % Vay hai s6 dé6 la
A. 25 va 50B. 15 va 50 C. 20 va 50

DAP AN
Cau 1 2
Chon A B C

w
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102

TOAN TY LUYEN

. Ti s6 hai s6 tu nhién la -2— Tinh hai s6 d6 biét rang tich hai so

bing 432
Huéng dén
Goi a 1a s6 nho, b 1a s6 16n ta c6: %:%::»a=§~b

Ta lai ¢6: a.b = 432 = gb.b - 432 - gbz - 432

32.% =576 =242 =>b = 24

Ban Hda doc mét cudn sdch, ngay thi nhat ban Hoa doc duoc g cudn

sach, ngay thdt hai ban Hoda doc i cuon sach. Ngay tha 3 Hoa doc

ndt 7 trang sach con lai. Héi cudn sach c¢6 bao nhiéu trang
Hudng dan
Phan s6 chi s6 phan sach Hoda doc trong hai ngay dau:
5 1 20 9 29

4= 4= === (cubn sach)
9 4 30 30 36
29 7

Ph ) chi phan siach Hoa d aytht3:1- —=—
an sd chi phan sac a doc ngay “ %6 " 38

S3 trang cua cuén sach la: 7: 57(—5 = 7.%6— = 36 trang



10.

. Chung to rang r—f‘lw

. Tinh bang cach hgp ly: A =

. Rut gon phanso : P = °

BAI TAP ON CHUONG II1

1 1 .
- B e W Yo N*
nin + 1) n n+l

1 1 1 1
—— 4 - 4 4o e
3.7 711 11.15 203.207

e o noss ) P & @ . R i S (P
Tim gia tr1 cua cdc sé tu nhién n dé phan so T to1 gian.
n +

2

.’ﬁmxbﬁtl%x—37-7

9ﬁ27324
812.3" 5°

. Tim phan so té1 gian b’ néu cong tu so6 vdr 6, mau sé6 vo1 14 thi gia
)

tri cia phan s khong thay doi.
3 6 4

. Cho biéu thuc: P= . 5

n-1 n-1 n-1
Tim cac s6 nguyén n dé biéu thuc P co gia tri nguyén

Chung to rang: --1-w < b vneNn2>2
nz nin - 2)

Mot chiéc bé c6 3 voi nudce : Hai voi chday vao va mot voi thao ra. Voi
th 1 chay 4 gio thi day bé, voi thi 2 chay 3 gig thi day bé. Voi tha 3
thao 2 gio thi can bé. Biét rang bé dang can, néu md ba vdi cung mot
lie thi sau bao lau nude day bé ?

Ba cong nhan cung lam mot cong viée, néu lam riéng thi nguoi tha

nhat hoan thanh cong viéc trong 10 gio, nguoi tha hai trong 15 gig

~ va nguoi tha ba trong 30 gig. Néu ba ngudi cung lam chung thi sau

bao lau sé hoan thanh céng viéc ?

Hudng Dén Va Dap S6é
1 n+1 n n+l-n 1

n+1:n(n+1) nin+1) nn+1) n+l1
1 4 1 1(1 1]
7 3.7 89 418 7

1(1 1 1 1 1 1 I 1]
DAz |t — b — - — 4 e = ——
4\3 7 7 11 11 15 203 207

n+7 n+3+4 4
=1+

n+3 n+3 n+3

1
n
1
3
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n+7

t61 gidn

661 gikn khi —2
n+3 n+3

Suy ra 4 va n+3 phdi 1a hai s6 nguyén té cung nhau, ugc khac 1 va 4
cia 4 12 2. vy néu n+3/ 2 khi n+3#2k = n = 2k - 3 (vdi

ke N,k # 0). Thi phan s3 e +; tdi gian.

n +
4. l—l—x—32=7<:>£—1-x-—}-1~=7
3 3 3 3
4 11 32 32 4 2 3
& —xX=7T+—=— DX=—.—=—.—=8
3 3 3 3 3 3 4

5 p- ot27l24 _ 9*3%32° 93923
312373°2% 94373298 g¢3%9d

6. Thec dé bai a c6:

§_=_a+6 = a(b+14) = b(a + 6) =>ab + 14ab = ab + 6b
b b+14
= 14a = 6b = 7a=3b-_~>3=§

b 7

3 . 6 4 3+6-4_ 5
n-1 n-1 n-1 n-1 n-1
Vay p c6 gid tri nguyén khi 5:n-1 hay khi
n-1=5 = n=6

7. p= vinz1l

n-1=-5 > n=-4
n-1=-1 :>Ii=0 v

9. Trong 1 gid¥ ca ba vodi cung chay:
1 1 3+4-6

1,1 1 - L (thé tich ca bé)
43 2 12 12

Thai gian ba vodi cung chdy ma nuéc vln ddy bé : 1: % =12 gid

10. Phén cong viéc 3 c6ng nhén 1am chung trong 1 gid
1 1 1 3+2+1 1

—_—t — — ———
10 15 30 30 5

Thoi gian 3 ngudi 1am chung dé xong cong viéc : 1:—:_; = 5 gid
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PHAN HiNH HOC

CHUONG I. DOAN THANG

§1. DIEM . DPUONG THANG

A. KIEN THUC CO BAN

1. Piém: D4u chdm nho trén trang giay la hinh dnh cia mot diém .
Ngudi ta diing cac chir in hoa A, B, C . . .dé dat tén cho diém.
A B
) D ) A C

Hinh 1. Hinh 2

« Hinh 1 : ba diém phan biét A, B, D

* Hinh 2 : hai diém A va C trung nhau

Chu y : Bat ct hinh nao ciing 12 mét tap hop cic diém . Mot diém

cang 12 mét hinh .
2. Puong thiang: Sgi chi cang thing, mép bang . . . cho ta hinh anh
, cia dudng thdng. Pudng thidng khéong bi gidi han vé hai phia.
Nguoi ta dung c4c chir cai thudng a, b, . . . m, p dé dat tén cho céc
dudng théng

p
a .
Hinh 3 \

3. Diém thuéc dudng thing . Diém khéng thu$c dudng thing

Hinh 4
Hinh 4:

Diém A thudc duyng thing d ki hieu 1a A € d. Ta con néi : diém A
nim trén dudng thing d, hoac dudng thing d di qua A hodc dudng
thdng d chia diém A

* Diém B khong thudc dusng thdng d ki hiéu 1a : B ¢ d. Ta cdn néi:
diém B ndm ngoai dudng thing d hoac dudng thdng d khong qua
diém B hoac dudyng thdng d khong chia diém B.

*
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B. BAITAP

1‘ [ ] F
/
M Hinh5

Nhin hinh 5 hiy cho biét dudng thing cé6 chia hay khong
chyva cac diém M, F ?

Giai

Tt hinh 5 ta nhin thdy: dudng thing a chita diém M (M € a) va
khong chua diém F (F ¢ a)

2. Vé hinh theo cach dién dat sau:

a. Pi€m E nim trén duong thing x.

b. Puong thing y khéong qua diém F.

Giai ~
a) Diém E nim trén dugng thing x: /
S Hinh 6

b) Pudng thing y khéng di qua diém F: . y
g 8 F Hinh 7

3. Xem hinh 8. Hiy dién ki hiéu thich hdp vao 6 trong.
a
F

b
F a E b (
M a M F b
Giai
Fle | a Ele| b Hile | a
Mle | a Mile|b Fle|b
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1. Cho ecac diém A, B, , D va cic duorg
thang x, Yy, z nhu ‘h.r.h 9)
a) Hiy cho biét di¢ém A thudéc ducng
thang nao
b) Puong thang vy di . ua nhitng diém r 0. Hinb 9
Giai
a) Biem A thuoc duer.g thang x va diem A cuarg thuoc duong thang z
b) Puong thang v di qua cac diem B, D, C.
5. Cho cac diém A, B \hudoc dudong tharg x va diém C khéng

thujc duong thang x. Hiy vé hinh , viét ki hiéu.

C.

Giai

-C

X A B
Hinh 10 #

bBiem A thuoc duong thang x : A € x.
bBiem B thudc duong thang x : B & x.
biéem C khong thuéc duong thang x : C ¢ x.

CAU HOI TRAC NGH.EM

» Hay chon phuong an dung

Cau_1. Hay chon tir thich hgp dién vao ché trong : vdi nhitng diém, ta

xay dung cdc hinh, bat ¢¢ hinh naocang la . . . .. ... .. Mot diém
cangla ...........
Cau 2.
A
a B .¢ Hinh 11

Xem hinh 11, cho biét khang dinh nao sau day ding.

A. Piém A khong thudc dudng thang a.

B. biém C thudc dudng thing a.

C. Pudng thiang a di qua hai diém A, B va khong di qua diém C.
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Cau 3. Xem (hinh 12)

Hay chon cdu ding trong cac cau sau:
A.Oea va Oghb.
B.Pga va Pe b.
C.Oe€ea va Oeb.

DAP AN

Cau 1. V4i nhitng diém ta xay cac hinh. BAt ¢ hinh nao cing la tap hap

cdc diém. Mot diém ciing 1a mét hinh

D.
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DAP AN
Cau 1 2 3
Chon X C C
TOAN TY LUYEN
N
x M
v~ Pt
Hinh 13

Xem (hinh 13). Hay tra 191 cd4c cdu hoéi sau bing ngdén ngid thong
thuong va bing ki hiéu

a) Pudng thing x di qua nhitng diém nao ?

b) Nhitng dudng thing nao di qua diém P ?

¢) Piém N nam trén dudng thing nao ?

d) Pudng thdng t khéng di qua diém nao ?.



§ 2. BA DIEM THANG HANG

A. KIEN THUC CO BAN .

1. Ba diém thang hang .

* Khi ba diém A, B, C cung thugoc méot duosng thing, ta néi ching
thang hang (hinh 14)

A B C

- -5

Hinh 14
» Khi ba diém D, E, F khdng cung thudc bat ki mdt dudng thing

nao, ta néi ching khong thang hang (hinh 15).

)
L/

—F Hinh 15.

2. Quan hé gi®a ba diém thing hang :
Nhéan xét : Trong 3 diém thang hang c6 mot di€m va chi mét diém

nam giva hai diém con lai .

B. BAITAP
1. R ’}/ ,.
~ ¢ Hinhie
Xem hinh 16. Hay cho biét diém O nim gi&a hai diém nao ?

Giai
* O nam gida A va B.
* Onamgita D va E
* O nim gita Cva E.
2. V& hinh theo cach dién dat bing l¢i nhu sau :
| a) Ba diém P, Q, R thing hang
b) Ba diém A, B, C thing hang va diém C nim giia hai diém
A va B.
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Giai

a)
P Q R
Hinh 17
b)
A C B
Hinh 18

3. Xem (hinh 19), hiy cho biét :
a) Ba diém nao thing hang .
b) Ba diém nao khong thing hang .

Hinh 19

Giai
a) Ba diém A, C, D thing hang.
b) Ba diém A, B, D ba diém A, B, C; ba diém D, B, C la ba diém
khong thdng hang.

4. Vé hinh theo cach dién dat bang 10i : vé bon diém X, Y, Z ,
T sao cho: diém T nim gida Z va Y, diém Z nim gida X va T.

Giai

X 7 T Y
Hinh 20

5. Cho ba diém A, B, C thing hang c6 may trudng hgp vé hinh
dé€ diém C & gida hai diém A va B.
Giai
C6 hai trudng hgp vé hinh nhu sau : hinh 21 va hinh 22.

Hinh 21 Hinh 22
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CAU HOI TRAC NGHIEM

» Hay chon phuong an dung

Cau 1. Phat biéu nao sau day la dung .

A. Ba diem D, E | F cung thuoc mot duogng thang, ta noi chung thang
hang.

B. Trong ba diém thang hang ¢6 mot diém va chi mot diem nam gita
hai diém con lai.

C. Hai cau A va B déu dung.

Cau 2. Tir hinh 23 khang dinh nao sau day la ding .

A Bon diem M, N, P, Q thang hang
B. Piém O nam gitta hai diem N va Q.
C. A dang , B sai.

a A E F

Hinh 24 Hinh 23
Xem (hinh 24). Chon cau sai trong cdc cau sau

A. Ba diém E |, F, G khong thang hang .
B. Piéem G nam gida hai diem A va E.
C. buong thang a di qua ba diém A ,E | F.

DAP AN
Cau 1 2 |3
Chon C C B

D. TOANTY LUYEN

|

Cho ba diém D | E | F thang hang , c6 may trudng hgp hinh vé .
Huéng ddan
Co 6 truong hop hinh ve (hinh 2. 12) ‘
D E F F E D

E D F F D E
D F E E F D
Hinh 2. 12
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2. Vé hinh theo cach dién dat bing 10i sau :
Piém P nim gita hai diém M va N, diém P nim giita hai diém X va
Y. Ba diém P, X, N khong thdng hang .

Huéng dén

Hinh 25.

§ 3. DUONG THANG DI QUA HAI DIEM .

A. KIEN THUC CO BAN

1. V& dudng thing .
Vé dudng thing di qua hai diém A va B nhu sau :
- Dat canh thudc di qua hai diém A va B .
_— Dung d4au ¢hi vach theo dudng thuée .
C6 mét dudng thidng va chi mot duong thing di qua hai diém A va B
2. Tén dudng thing .

*

%

Ta da biét cach dat tén duong thdng bing mét chir c4i thudng .
Ta con diat tén dudng thidng bing hai chit cdc thuong (hinh 26)
hoac bing tén hai diém ma dudng théng di qua (hinh 27).

X y A - B
Hinh 26 Hinh 27

3. DPudng thing trung nhau, cdt nhau, song song .

*

*
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Hai duyng thdng c6 hai diém chung trd lén thi ching trung nhau.
Hai dudng thdng chi c6 mot di€ém chung thi chung cdt nhau

(hinh 28)
a

b 0
Hinh 28

Hai dudng thing khong c6 diém chung nao thi ching song song vdi
nhau. a '

b

"Hinh 29



Hai dudng thiang khong trung nhau con duge goi la hai
duong thang phan biét. Hai duong thidng phan biét hoac chi c6 mot
diém chung hoac khé ..g ¢6 diém chung nao .

B. BAITAP.

1. Cho ba diém A, B, C khéng thzzmg hang, ké cic duong thing
di qua hai diém trong ba diém dé. Héi c6 bao nhiéu duong
thing

Giai
C

/A W Hinh 30

Qua A ta ké hai duodng thdng l1a AB va AC.
Qua C ta ké dugc 1 duosng thang la CB.
Qua B khéng con ké dugc dudng thing nao nita (vi sé trung vdéi cac
dusng thing da ké ¢ trén).
Tém lai : ta chi ké dugc ba dudng thing : AB , AC , CB (hinh 30).

2. Vé bondiém E,F, G, H sao cho F, G, H thing hang ; E, G,
H khong thing héng Cd qua hai diém ta ké mot dudng
thing. Héi c6 bao nhiéu dudng thﬁng

Giai \ / /
Vi F, G, H thing hang ta c6 1 dudng G/F
thing 12 HF (hoac HG |, GF ...)
Ta con ké dugc cac dung thing : EH
okl EA Hinh 31

Tém lai : ta c6 4 dudng thing (hinh 31).
3. Cho bon diém E, F, G, H trong d6 khong cé6 ba diém nao

thing hang. Ké cic dudng thing di qua céc ciap diém. Dé la

nhitng dudng thing nao ? cé bao nhiéu dusng thing tat ca.

Giai

Qua E ké 3 dudng thdng : EF, EG, EH

Qua F ké 2 duong thing : FG, FH.

Qua G ké 1 dudng thing : GH.

Tém lai : ta chi ké dugc 6 dudng thing:

EF , EG,EH, FG, FH, GH (Hinh 32)

Hinh 32
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4. Cho dudng thing d di qua ba diém A, B, C. Hai diém M, N
nim ngoai dudng thing d. Ké cdc dudong thing di qua cac
ciap diém. Cé bao nhiéu dudng thing phﬁn biét. Do la nhitng
dudong nao ?.

Giai
Ta c¢6 : dudng thing d di qua ba diém
A B, C
Tu M ta ké 4 dudng thing: MA, MB,
MC, MN.
Tit N ta ké 3 dudng thing: NA, NB, NC
Tém "ai ta c6 8 dudng thing: d, MA , Hinh 33
MB, i1C, M} | NA, NB, NC .

5. Cho ‘i duon 1 thing phan biét a, b, ¢, d. Hiy vé 4 dudng thing
trén sao ch« chiing khéng cé diém chung nao .

Giai

a
b
C

d

Hinh 34

Khi bdn dudng th&ng' a ,b, ¢, d song sonrg v6i nhau ting d61 mét thi
ching khéng c6 diém chung nao . (Hinh 34).

C. CAU HOI TRAC NGHIEM

» Hady chon phuong an dung
Cau 1. Ph4t biéu nao sau day ding.
A. Hai dudng thidng c¢6 ding 2 diém chung thi ching song song véi
nhau.
B. Hai dudng thdng chi c6 mot diém chung thi ching cdt nhau.
C. Hai dudng thdng khong c6 diém chung nao thi ching trung nhau.
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V)
B ~

y ™~

)/A (\
Hinh 35.

Xem (hinh 35) cho biét khang dinh nao sau day dang ?

A AcxvaAcey. B.CezvaC e x. C. BezvaBex
Cau 3. Xem hinh 36 cho biét nhitng khang dinh nao sau day sai ?
A. Giao diém ctia dudng thing m vdi /
duong thang EF 1a E. i E
B. Hai duong thang n va FE chi c6 mét I /
diém chﬁng la F. /
C.CaAvaB dég sal. H:nh 36
DAP AN
Cau 1 2 3
Chon B C C

D. TOAN TY LUYEN
1. Cho 4 dudng thiang phan biét. Hay vé sao cho ching c6 ding 5 giao

diém ,
2. Cho 4 diém phan biét, qua hai diém ta ké mot dudng thdng. Hay
chon 4 diém sao cho chi ké dugc 4 dudng théng di qua ching .
Huéng déan
Chon 4 diém trong d6 <6 3 diém thing hang.
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§ 5. TIA

A. KIEN THUC CO BAN

1. Tia: Hinh gém diém O va mét phan dudng thidng bi chia ra badi

diém O dugc goi la mot tia goc O (con goi 1a nia dudng thing

goc O) y

Hinh 37
Trén hinh 36 ta c6 tia Ox va tia Oy .

. Hai tia d6i nhau.

Hai tia chung géc Ox va Oy tao thanh dudng thing xy (hinh 36)
dugc goi 1a hai tia d61 nhau.

Nhan xét : Mdi diém trén dudng thing 1a géc chung cua hai tia déi
nhau.

. Hai tia trung nhau.

A B X

L4 v

Hinh 38

Trén hinh 38 tia Ax va tia AB 12 hai tia trung nhau.
Chi y : Hai tia khéng trung nhau cdn dugc goi 1a hai tia phan biét

B. BAITAP

1. Trén dudng thing xy, 14y ba diém M , N, P theo thy tu dé.
Ta xac dinh dugc trén duong thing dé cé bao nhidu tia .

Giai
X M N P y
) Hinh 39 ) )
C6 6 tia dugce x4c dinh la : Mx, My, Nx, Ny, Px, Py .
x  E F G v
- Hinh 40

Xem hinh 40 cho biét cac tia géc E trung nhau.
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Giai

Cac tia EF, EG va Ey la cdc tia gic E trung nhau.



3. Hai duong thang xy va uv giao nhau tai I, tao thanh may tia

va c¢6 bao nhiéu cap tia.

Giai
b

u
\></
X
Hinh 41, Y

Hai duong théng xy va uv giao nhau tai I tao thanh 4 tia gom 2 cip
tia d61 nhau la : Ix , Iy va Iu , Iv (hinh 41).

4. Cho hai tia d6i nhau Ax va Ay . Lay diém M thujc tia Ax,
hai di€m N va P thugc tia Ay (N nim gid@a A va P). Cho biét .

a) Tia trung vdéi tia NP b) Tia dé6i vdi tia NP
Giai
X - — - y
M A N P '
Hinh 42.

a) Tia trung vai tia NP la tia Ny.
b) Céc tia d6i vai tia NP gdm: NA, NM, Nx.

5. Cho duong thing xy . Piém O thuoc duong thing xy, lay
diém A thudc tia Ox va di€ém B thudc tia Oy. Hay cho biét
trong ba diém A, O, B diém nac ndm giia hai di€ém con lai .

Giai
X f} O B y

Hinh 43.
A thudc tia Ox , B thuoc tia Oy 1a hai tia 461 nén O nam giita A va B

. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung
cau l. X E F y

. P

1inh 44.

Xem hinh 44. Khéng dinh nao sau day sai ?
A. Ex va Fy 1a hai tia d6i nhau. '

B. Ex va Ey la hati tia d6i nhau.

C. EF va Ey 1a hai tia trung nhau.
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0) Hinh 45
N y

Xem hinh 45 khing dinh nao sau day dung.
A. Ox, Oy la hai tia doi

B. Tia Ox va tia OM déi nhau.

C. Tia ON va tia Oy trung nhau.

Céu 3. Cho ba diém A, B, C thing hang. Néu diém A n3m gida hai diém

118

B,C khing dinh nao sau day sai ?
A. Hai tia CA, CB trung nhau.

B. Hai tia AC , AB ddi nhau.

C. Ca A va B déu sai.

PAP AN
Céu 1 2 | 3
Chon A C C

TOAN TY LUYEN

. Cho hai tia d6i nhau Ox , Oy. Hai diém C ,D thude tia Ox (C ndm gida

O va D). Diém E thudc tia Oy. Hay k€ tén.
a) Tia trung véi tia CO.
b) Tia d6i véi tia DE

Huéng dén

x D C O E y

Hinh 46.

a) Tia trung véi tia CO la : CE , Cy.
b) Tia d6i véi tia DE la : Dx.

. Trén dudng thidng xy ta 14y hai diém A , B . Hay ké tén.

a) C4c cap tia d6i nhau.
b) Cac cap tia trung nhau.



§6. DOAN THANG
§7. DO DAI DOAN THANG
§8. KHI NAO AM + MB = AB ?

KIEN THUC CO BAN

1. Poan thing: Poan thing AB la hinh gém diém A, diém B va tat
ca cac diém nam gita A ,B.
Poan thang AB con goi 1a doan thang BA.
Hai diém A , B 1a hai muat (hoéc hai diu) cha doan thing AB.

A B

o
r

Hinh 46
2. Poan thing cdt doan thing, cit tia, cit dudng thing.”

A
A D A
0 N\ x X y
o J K
C I B \
Hinh 47 Hinh 48 B Hinh 49

* Hinh 47 biéu dién doan thing AB va CD cit nhau, giao diém 1a L.

*+ Hinh 48 biéu dién doan thdng AB va tia Ox cit nhau, giao diém,
giao diém J.

* Hinh 49 biéu dién doan thidng AB va dudng thidng xy cdt nhau,
giao diém K.

3. Po doan thdng: Mé&i doan thing c6 mét do dai . Po dai doan
thidng 12 mot s6 duong.

4. So sanh hai doan th.ing.

A, — ' B
G = + + +D
E. 1 F

Hinh 50

Ta c6 thé so sanh hai doan thdng bing c4ch so sanh dd dai cia ching

* Hai doan thing AB va CD bing nhau hay c6 cung d6 dai va ki hiéu
AB = CD.

* Doan thing EF dai hon (16n hon) doan thidng CD va ki hiéu
EF > CD.

* DPoan thdng AB ngidn hon (nhé hon) doan thdng EF va ki hiéu
AB < EF \

119



5. Khi nao thi AM + MB = AB ?
A v B

Hinh 51.
Né&u difm M ndm gida hai diém A va B thi: AM + MB = AB. Ngugc
lai néu AM + MB = AB thi diém M nim gitia hai diém A va B
(hinh 51)

B. BAITAP

1. Trén dudng thing xy, lan lugt 14y cdc diém A, B, C, D theo
thi ty d6. Ci hai di€ém ta c6 moét doan thing, ké tén céc
doan thing d6 ?

Giai .
X A B C D y

Hinh 52
Cé 6 doan thiang la : AB, AC, AD, BC, BD, CD (hinh 52).

2. Cho bon diém E, F, G, H trong dé cé6 3 diém thing hang, cd
qua hai diém ké dugc mot doan thing, c6 bao nhiéu doan
thing, ké tén cic doan thing

Giai F
Cé6 6 doan thing 1a : g H
EF ,EG, EH , FG, FH, GH (hinh 53). ’

E Hinh 53
3. Cho 4 diém M, N, P, Q, trong d6 khéng cé ba di€ém nao thdng
hang, ci qua hai diém ké dugc mét doan thidng. Hoi cé thé
ké dugc bao nhiéu doan thing, ké tén cdc doan thing.

Giai Q
C6 6 doan thing la : B
MN, MP, MQ, NP, NQ, PQ M
(Hinh 54)

4. Trén dudng thang xy lay 4 diém A, B, C, D theo th¥ tu dé.
NéuAB=3cm,BC=4cmva CD =3 cm.
Ching t6é rang AC = BD
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Giai

Hinh 55

Theo thd tu A, B, C, D, nén tacé :
« BnimgitaAvaCsuyra: AC=AB+BC=3+4=7cm.
* CnamgitaBvaDsiwyra:BD=BC+CD=4+3=7cm
Tu dé suy ra: AC = BD =7 em.
5. Cho doan thing AB = 8 cm. Goi I la diém nim gida AB va
Al = 8 cm. So sanh hai doan thiang Al va IB.

Giai
Vil nam gida Ava Bnén : Al + IB=AB. , I B
3+IB =8. . - —
IB = 5 (cm). Hinh 56

Tudé suyra: Al < IB (3 < 5).

C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung
Cau 1. Cho ba diém A, B, C thing hang vd AC + CB = AB, thi :
A. Diém A § gitra hai diem Bva C .
B. Pi€ém B & gitta hai diém A va C .
C. Piém C & gita hai diém A va B.
Cau 2. Trén dudng thing xy lay 3 diém A , B, C sao cho AB = 4 cm,
BC = 6 cm va AC = 2 cm. Khéng dinh nao sau day dung .
A. Piém A § giita hai diém B va C.
B. Piém B § gitta hai diém A va C.
C. Ca A va B déu sai :
Cau 3. Cho hai tia déi Ox va Oy. Trén tia Ox ldy diém A sao cho
OA = 5 c¢m, trén tia Oy lay diém B sao cho OB = 4 ecm. Tinh d6 dai
doan thing AB. Két qua nao sau day dang.

A. 9 cm. B. 7 em C. 8 cm.
PAP AN
Cau 1 2 3
Chon C A A
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D.

1.

122

TOAN TU LUYEN

Trén dudng thang xy 1dy 4 diém A, B, C, D theo thu tu dé. Cho biét
AC = BD, ching to rdng AB = CD.
Giai

Hinh 57

Theo thad tu A, B, C, Dnén tacé : AB + BC=AC ; CD + BC = BD.
Ma: AC=BD . Do d6: AB = CD.

. Cho n di€m (n € N, n > 2). Qua hai diém ta ké mét doan thdng. Hoi

c6 tat cad bao nhiéu doan thing .

Giai
Qua mdt diém va n - 1 diém con lai ta ké duge n — 1 doan thang. Véi
n diém ta ké duge: n(n — 1) doan thdng. Nhung mdi doan théng dugc

. , q g
tinh hai lan. Vay s6 doan théng ké duoc 1a : 9—(“2—)



§9. Vi DOAN THANG CHO BIET DO DAI
§10. TRUNG DIEM CUA BOAN THANG

KIEN THUC CC BAN
1. Vé doan thiang trén tia: Trén tia Ox bao gif cang vé duge mot
va chi mot diém M sao cho OM = a ( don vi do dai). (hinh 58)
0] S M X

-
- - o
- -

Hinh 58

2. Vé hai doan thﬁng trén tia: Trén tia Ox, OM = a, ON = b, néu
0 < a < b thi diem M nam gira hai diém O va N. (hinh 59)

(2____51._ hi N X

- -
R

Hinh 59

3. Trung diém doan thiang: Trung diém M cia doan thiang AB la
diém nam gitta A, B va cach déu A, B (MA = MB). Trung diém cua
doan thang AB con goi la diém chinh giita clia doan thdng AB

A M B

- L o AL 5

Hinh 60
4. Cach vé trung diém cta doan thing AB

Cach 1: Trén doan AB vé diém M sao cho AM = ézg

*

*

Cach 2: Ve doan thing AB trén giay can ( gidy trong). GAp gidy
sao cho diém B trung: vao diém A. Nép gap cdt doan thidng AB tai
trung diém M can xac dinh.

BAI TAP

. Trén tia Ox, ta ldy cac diém A, B, C sao cho OA = 2 cmq
OB = 5 cm; OC = 6 cm. So sanh hai doan thing AB va B_.

Giai
0 A B x
: Hinh 61
A va B thuoc tia Ox va OA < OB (2 < 5) nén A nadm gida Ové B,
tac6: OA+AB=0B=>2+AB=5=>AB=5-2=3(cm)
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Ta lai c6 B va C thudc tia Ox va OB < OC (5 < 6) nén B nam gita O
va(C,tac6: OB+BC=0C=5+BC=6=>BC=6-5=1(cm)
Vay, AB > BC.

. Cho doan thing MN dai 6 cm. trén tia MN ldy diém P sao

cho MP = 2 cm. Trén tia NM lay diém Q sao cho NQ = 1 cm.
tinh d6 dai doan thing PQ

Giai
M L Q N
Hinh 62
* DPiém Q thuoc tia NM va NQ < NM (1 < 6) nén diém Q nim gida
M va N, ta c6: ‘
NQ+QM=NM=1+QM=6=>QM=6-1=5 (cm)
Hay MQ = 5 (cm) |
* Trén tia MN c6 hai diém P, Q va MP < MQ (2 < 5) nén diém P
nam gitta M va Q, ta c6:
MP+PQ=MQ=>2+PQ=5=PQ=5-2=3(cm)
Vay, PQ =3 cm

8. Goi M la trung diém cua doan thing AB va C la diém bat ki
& gita A va M. Ching tb ring: CM = EB_é_Cé.
Giai
A C M B
Hinh 63

* ViMla trung diém ctia AB va C & giita A va M nén ta cé:

MA = AzB S EA+CB (o (A + OB = AB)
+ Talaicé:CM + CA =MA = CM=MA- CA
L om_CA+CB .. _CB-CA
T2 - 2
4. Trén duong thing xy ldy 3 diém A, B, C theo thy tu dé, goi
M la trung diém ciia BC. Ching té ring: AM = ;AE%AQ
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Hinh 61

* Vi ba diem A, B. C theo thu tu do nén:
AB + BC = AC —= BC = AC - AB

+ Vi M la trung diém cia BC nén: BM = 529 _ Bk . ab
Ta lai c6: AM = AB + BM = AB + _‘?‘_9%5_5 : t‘lfifzf_ég

5. Trén diuong thing xy cho ba diém A, B, C theo thi tu dé.

Goi M va N lan lugt la trung diém cia AB va BC. Ching té

ring: MN = ab +BC

2

Giai
A M B N C

s A o

Py

Hinh 65
. ol ) . AB
M la trung diém cia AB nén: MB = 5

N la trung diem cua BC nén: MC = BC

2

Suy ra: MN = MB + BN = -‘%3+§§:AB;BC=‘;C

C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung
Céu 1. Cho doan thdng AB , cdu nao sau ddy diing khi diém M la trung
diém cua doan thdng AB
A. MA =MB
B.AM+MB=ABU& MA = MB
C. AM + MB = AB
Cau 2. Cho doan thdng AB, néu diém M ndm giita doan AB thi:
A. AM + MB = AB
B. AM + MB > AB
C. Cd A va B déu dung.
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Cau 3. Trén tia Ox, OM = a, ON = b néu 0 < a < b thi:

A. Piém N ndam giiza hai diém O va M
B. Biém M ndm giita hai diém O va N
C. Cd A va B déu sai

PAP AN
Cau 1 2 3
Chon | B A B
D. TOAN TY LUYEN
1. Trén dudng thing xy, ldy bon diém A, B, C, D theo thu tu dé, va
AB = CD. Ching té rang AC = BD
Huéng dén
A B C D
Hinh 66
AC = AB + BC va BD = BC + CD ma AB = CD. Suy ra AC = BD
2. Cho dudng thidng a va bén diém A, B, C, D theo thi tu d6 nim trén
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dudng thidng a. Biét ring AB = 3 em. BC = 8 cm va CD = 3 cm.
Ching té rang hai doan thing AD va BC c6 chung trung diém.

Huéng dén

A B 0w ¢ D
Hinh 67

Tac6: AD=AB +BC+CD=3+8+3=14 (cm)

Goi M la trung diém cta AD thi AM = MD = -éég =7 cm

Goi N 1a trung diém ciaa BC thi: BN = NC = B_ZC =4 cm
MaAN=AB+BN=3+4=7cm

Suy ra AN = AM

Vi M, N ¢ gitta A va D nén M va N thung nhau.



P

10.

1.

ON TAP CHUONG I

. Cho 4 diem M, N, P, Q trong d6 khong c6 ba diém nao thang hang.

Cu qua hai diém ke duge mot duong thiarg. Cé bao nhiéu duong
thang, ké tén cac dugng thang ?.

ho 4 diéem E, F, G, H trong d6 c6 ba diém F, G, H thang hang va
diem E nam ngoai duong thang di qua 3 diéem F, G, H. Ke cac duong
thang di qua cac cap diem. C6 bao nhiéu duong thang phan biét. Ké
tén cac dudng thang do ?. )

. Cho4 diem M, N, P, Q . Piém N nam gidta M va P. Diém Q thudc tia

NP va khong trung v6i N. Chung to rang N & gita M va Q.

. Bien vao chd tréong trong phat biéu sau :

Hinh gom hai diém A, B va . . . nam gita A, B dugc goi la . ..
Hai diém . . . duge goi la . . . chia doan thing AB.

. Cho doan thidng AB, 14y hai diém M, N ¢ gita A va B cho biét

AM = BN. Ching to ring AN = BM .

. Trén tia Ox, 1ay ba diém A, B, C sao cho OA = 3 cm, OB = 5 cm,

OC = 4 cm. Héi trong ba diém A, B, C diém nao nim giita hai diém
con lai. |
Trén tia Ox lay hai diém A va B sao cho OA = 3 cm, OB = 7 cm.
Trén tia BO lay BC = 3 ¢m. Tinh d6 dai doan thdng AC.
Cho ba diém A, B, C. Biét ring AB = 3 cm, BC = 5 cm va AC = 4 cm.
Chung té rang 3 diém A, B, C khong thing hang.
Cho doan thang AB = 16 cm, C 1a diém nam giita A va B. Goi H va
K lan lugt 1a trung diém cta AC va CB. Tinh d6 dai cta doan thing
HK. :
Cho 12 diém cif qua hai diém ta ké dugc mét doan thidng. Hdi c6 bao
nhiéu doan thing tat ca.

Giai
C6 6 dudng thing MN, MP, MQ, NP, NQ, PQ.

M N

7 \P Hinh 68
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2. C6 4 duyng thing phan biét : EF, EG, EH va GH.

Hinh 69a .

Hinh 69b

* Di€m N nam gidta M va P nén hai tia NM va NP d6i nhau.
*+ Diém Q thudc tia NP va Q khéng trung véi N.
Nén hai tia NP va NQ trung nhau.
* Suy ra hai tia NM va tia NQ d6i nhau do d6 N & gitta M va Q.
4. Hinh gom hai diém A, B va tat cd cdc diém nim gitta A, B duge goi
1a doan thing AB.
Hai diém A, B dugc goi 1a hai mit (hodc hai diu) cta doan thing
AB.

! \
A M N B A N M__B

—
T

Hinh 70 a Hinh 70 b
Xét hai truong hop .
a) Trudng hgp 1 (hinh 70 a).
Ta c6 : AN = AM + MN:
BM = BN + NM.
Nhung: AM = BN ; MN = NM (gi4 thiét).
Suy ra: AN = BM.
b) Trudng hgp 2 (hinh 70 b).
Ta c6: AM = AN + NM.
BN = BM + MN.
Nhung : AM = BN ; MN = NM (gia thiét).
Suy ra : AN = BM.
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6.

9.

*

*

Vay diém B khong thé nam gitta hai diém A va C .
Tuong tu diém C khong thé nam giita hai diém A va B va diém A

0 A C B <

Hinh 71

OA < OB (3 <5)nén A 3y gitta O va B.

Vivay :OA + AB=0B > AB=0B-0A=5-3 =2 (cm).

OA <OC (3 <4)nén A Jgita O va C .

Vivay :OA + AC=0C > AC=0C-0A=4-3

OC<OB(4<b5)nén Cogita Ova B.

Vivav :0OC +CB=0B »CB=0B-0C=5-4

1 (cm).

1 (em).

Tu cac dieu kién trén, taco : AC+ CB=1+1=2= AB. Va 3

diem A, B, C thang hang .
Vi vay diém C o gitra hai diéem A va B.

O 1‘% C B X

P -5 & 5

Hinh 72

BC < BO (3 < 7) nén C ¢ gitta O va B.

Vivay :BC+ CO=BO=CO=BO-BC=7-3=4(cm).

OA < OC nén A nam giita Ova C .

Vivay :0OA+ AC=0C =>AC=0C-0A=4-3=1 (cm).
. Gia st diém B nam gida A va C thi :

AB+BC=AC=>3+5=4voly.

khong thé nam giia hai diém B, C.
T6m lai : ba diém A, B, C khong thing hang.
Tuong tu bai tap 5

10. St dung két qua bai 2 (toan tu luyén)
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CHUONG ILI. GOC

§1. NUA MAT PHANG.
§2. 6OC

KIEN THUC CO BAN
1. Nt&a mit bd a.

*

. Géc: gbéc 1a hinh gdm hai tia

Hinh gém dudng thdng a va mot phdn mat phéng bi chia ra béi a
duge goi 12 nira mat phdng by a.
a

hinh 73
Ha nda r at phidng c6 chung bé dugc goi 1a hai nita mat phing
dér nhau. .
B4 ki duv g thing nao trén mat phidng cing la by chung cla hai
nda r.at pb ‘\ng déi nhau.

. Tia ;1 :4m g 7a hai tia :

Cho ! a tia Ox, Oy, Oz chung goc. LAy diém M bat ky trén tia Ox,
ldy diém N bat ky trén tia Oy (M va N déu khéng trung vé1 diém
0). Tia Oz cit doan thdng MN tai mdt diém n3m giitra M va N. Ta
néi tia Oz n&m gita hai tia Ox va Oy (hinh 74).

)
I
X O Y
a. N b,

Hinh 74

chung géc. Géc chung cta hai tia 1a

dinh cia géc. Hai tia la hai canh

caa géc. (hinh 75)

Hinh 3 : Géc xOy ho#c géc yOx hoac goc O. Hinh 75. ¥
Ki hiéu 1a xOy, yOx, O.

4. Géc bet: goc bet 12 géc c6 hai tia d6i nhau (hinh 76)

X O y

Hinh 76.




5. Vé goc: bé vé goc ta can ve dinh ¢
va hai canh cua né6. Khi can phan
biét cdc gbéc c6 chung dinh ta dung O

ki hi¢u O1,02 nhu hinh 77
6. DPiém nam trong géc: Khi hai tia X
Ox, Oy khong dé6i nhau, diém M 12
di€ém nAm bén trong géc xOv néu

X
tia OM nam gita Ox va Oy
(hinh 78). M
’ O

Hinh 78

y
B. BA!TAP

1. Cho ba diém A, B, C khong thing hang, duong thing d cit
cac doan thing AB, AC va khéng di qua A, B, C. Ching té
ring dudng thing d khong cit doan thing BC.

Giai
* d cdt doan thdng AB va doan thdng AC J A

nén B va C cing nam trong nita mdt phdng -
déi cia nita mdt phdng bo d chita A (hinh BQ
79). Nén duong thdng d khéng cdt doan C

Hinh 79

thdang BC.

2. Trén duong thing xy, l1ay ba diém A, B, C diém B nim gi®a
hai diém A va C. Mot diém O khéng thudc duong thing xy.
Vé cac tia OA, OB, OC. Cho biét tia nao nim giita hai tia con

lai

Giai
Diém A thuéc tia OA va khdc O.
Diém C thuéc tia OC va khdc O.
Tia OB cdt doan thdng AC tai diém r A B C
B ndm giita A va C nén tia OB ndm / \ N
gita hai tia OA va OC i 50

pA

3. Cho hai tia chung goc Ox, Oy khéng ddi nhau. Ké hai tia Oz,
Ot ndm gi@a Ox va Oy. C6 bao nhiéu géc dinh O cé hai canh

la hai tia trong cac tia trén, dé la nhing goc nao .
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Giai X
Cé tdt ca la 6 goc gém cdc goc : O £
x@z, x@t, xﬁy, 261;, zf)y, t6y t

Hinh 81 Y

4. Cho 5 diém A, B, C, D, E nim trén duong thing d va mét
diém O nim ngoai d. Vé cac tia OA, OB, OC, OD, OE. Cé bao

nhiéu géc nhin O lam dinh, hay liét ké cac géc doé ?.
- Giai 0
C6 tét cd 10 géc gébm cdc goc :
AOB, AOC, AOD, AOE, BOC, BOD
BOE, COD, COE, DOE.

B\C\D\E

d A
/ K\ N Hinh 82.

5. Cho 5 diém A, B, C, D, E. Trong dé khéng cé ba diém nao
thing hang va khéng nim trén duong thing d. Héi duong
thdng d cdt doan thing nio va khong cit doan thing nao ?
Néu D, E thudc cung mét mta mit phing bod d va A, B, C
thufc ni¥a mat phing déi cia nita mit phdng néi trén.

Giai 2
Duong thdng d cdt 6 doan thdng : A
AD, AE, BD, BE, CD, CE va khéng C
cdt 4 doan thdng : AB, AC, BC, DE.

C. CAU HOI TRAC NGHIEM D~/ Hinh 83

» Hay chon phuong an dung
Cau 1. Xem hinh 84. Cho biét khdng dinh nao sau

ddy dung : D\ / E
A. Hai - diém D va E ndm cung phia déi voi —d_

duong thdng d.

B. Diém F ndm trén nita mdt phdng d6i vdi F  Hinh 84
niza mdat phdng bo d chiza diém E.

C. Cd A va B déu ding.
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Cau 2. Xermm hinh 85. Cho biét khdng dinh
Cau 2. Xem hinh 85 10 bié ng din a\D /E/F

nao sau day sat.

A Tia EO nam giza tia ED va tia EF.
B. Tia EO ndm giia tia OD va tia OF.
C. Tia OE nam giza tia OD va tia OF.
Cau 3. Xem hinh 86. Cho biét khang dinh
nao sau day ding.
A. Tia Ox nam giiza hai tia Oy va Oz.
B. Tia Oz ndam gia hai tia Ox va Oy.

C. Ca A va B déu sai. 5 Hinh 86
DAP AN
~ Cau 1 2 3
Chon C B C

D. TOAN TY LUYEN

1. Cho 4 diém E, F, G, H trong dé khong c6 ba diém nao thing hang,
va khong nim trén dudng thing d. Hoi dudng thdng d cit bao nhiéu
doan thang c6 hai ddu mut 1a hai diém trc~g cac diém da cho.

Huéng dén
Cé 6 doan thing : EF, EG, EH, FG, FH, GH. Xét c4c truong hop sau.
a) d

E, sl
F. G Hinh 87
b)
E
d
G Hinh 88
Fo [ ]
» H
E
d "H
G- N
Fe Hinh 89
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2. Trén dudng thing xy cho n diém A;, A;. .. A, (ne N, n > 2) va mdt
diém O n&m ngoai dudyng thing xy. Hoi c¢6 tat cd bao nhiéu géc dinh
O ma cédc canh la cdc tia gdc O di qua mdi diém da cho.

Huéng dén
0]
x Aj/AA4d A} Ag— A, y
/ N s B
Hinh 90

* Mo6i mot tia tao v6i (n — 1) tia con lai (n— 1) géc.
* V6i n tia tao v6i (n — 1) tia con lai n(n — 1) géc.
* Nhung trong d6 mdi géc dugc tinh hai 14n nén s8 gbc dé6 1a:

n(n2 1) g6c

§3. SO PO GOC
§4. KHI NAO THi xOy + yOz = x0z.

A. KIEN THUC CO BAN

" 1. Po géc: Mdi géc c6 mot s6 do. SG do cua géc bet 1a 180°% S& do

cia mdi géc khong vugt qua 180°. P& do géc ta dung thudc do géc.

2. So sanh hai géc: Hai géc bing nhau néu s§ do cia ching bang
nhau.

+ Hai géc bing nhau (hinh 91) ki hidu : xOy = ulv.
+ Hai géc khong bing nhau (hinh 92) : Néu s§ do géc sOt 16n hon
goéc ﬁq.Kihiéulﬁ sOt > 666 hoac 56& < sOt.

2NN e

Hinh 91
3. G6c vudng, géc nhon, géc tu.
Géc c6 s6 do bang 90° 1a gée vudng, cdon duge ki hidu la 1 v.

it * Go6c nho hon géc vudng 1a géc nhon .
! Géc 16n hon vudng nhung nhé hon géc bet 1a gée tu .

Hinh 92

*

*



(i6c vuong Géc nhon Goc tu Goc bet

X X

: X y
O y o y O y )
xOy = 90° 00 <a<90®  90° <a<180°  xOy =180
Hinh 93
4. Khi nao thi tong sé do hai géc xOy va yOz bing sé do
goc x0z. ’
Néu tia Oy nadm giita hai tia Ox va Oz
thi xOy + 37(35 =x0z . Y
Nguge lai néu xOy + yOz = xOz thi tia 0 X
Oy nam giita hai tia Ox, Oz. Hinh 94

5. Hai géc ké nhau, phu nhau, bu nhau, ké bu.

N

9 X X 0] z
i) Hinh 95 )

*+ Hai géc ké nhau la hai géc ¢6 mdt canh chung va hai canh con lai
nam trén hai nita mat phidng déi nhau c6 by chda canh chung.
(hinh 95).

» Hai géc phu nhau 12 hai géc c6 téng sd do bang 90°.

« Hai géc bu nhau 1a hai géc c¢6 tdng s§ do bing 180°.

» Hai géc vira ké nhau vira bu nhau 12 hai géc ké bu (hinh 95).

BAI TAP

. Trén dudng thing xy 18y di€m O. Trén cing nia m#t phing
bd xy, ké hai tia Oz, Ot. Bi&t xOz = 40° va tOy = 50°. Héi géc
zOt la gée gi ?

Giai
Hai g6c xOt va tOy ké bu nén : 7 t
xOt + tOy = 180°
40 50°

xOt + 50° = 180°
ey 0 0 0 X y
= - — 1
xOt = 1807~ 50 ' = 130 A . Hinh 96
Tia Oz ndm giita hai tia Ox va Ot nén :
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x0z + zOt = xOt

40° + zOt = 130"

zOt = 130° - 40° = 90° = 1v
Vay géc zOt la géc vudng.

2. Cho 3 géc xOy, yOz, zOt theo thi ty dé. Cho bi&t xOy = 35°;
yOz = 120°; zOt = 25°. Chiéng minh ring hai tia Ox va Ot la

hai tia déi nhau.

Giai

Tacé:ﬁ=x()y+§6._z+ﬁ A
120"

%0t = 35% +120° + 25° = 180° \ .
o 35 25
Vay xOt la géc bet hay hai tia X o t.
Ox va Ot la hai tia déi . Hinh 97

3. Hai dudng thing xy va uv cdt nhau tai di€m O. Cho bié&t
xOu = 40° Tim sé& do goc vOy .

Giai
Hai géc xOu va uOy ké b nén : xOu + uOy = 180°
Hai géc vOy va uQOy ké bu nén :

xOy + uOy = 180 2
' 4
Tit hai hé thuc trén ta co : . (0] o
xOu + uOy = vOy + uOy Hinh 98

Védy : xOu = vOy = 40°

4. XOy va yOz la hai géc ké bu. Cho bi&t xOy = %,T(‘)‘i. Tinh s&

do méi géc.

Giai
xOy va yOz ké bu nén: xOy + yOz = 180°.
Nhung : %0y = 5 50z

Vay : %3765+§62=1800

g’cii=1800.—_>3765=180";§=135°

0
xOy = % = 459,
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li¢t ké cac cap goéc ké bu dinh O ?

5. Cho ba dudng thang: xy, uv va mn cung di qua diém O. Hay

Giai

Co tdt ca 6 cap goc ké bu : xOu va uOy

xOm va r‘ﬁ—(—)} - xOn va IT(-); xOv va

———— o —

\TGV : uOn va nOv : mOu va vOn.
C. CAU HOI TRAC NGHIEM

» Hay chon phuong an dung.

Céu 1. Xem hinh 100. Cho biét xOt = étf);

Viy hai géc xOt va tOy c6 gia tri nao sau ddy.

A. 40° va 50°.
B. 30° va 60°.
C. 30° va 40°.
Céu 2. Xem hinh 101. Cho biét khdng
dink nao sau ddy dung .
A. Tia OB nam giita hai tia OA va OC.
B. AOB = AOC + COB.
C. Cd A va B déu ding.

n
Hinh 99

y
|
(@) x
Hinh 100
O
B
/ \
Hinh 101

Cau 3. Cho cdc goc xOy, yOz va zOt nhu hinh 102. Tinh s6 do goc zOLt.

Két qud nao sau ddy ding. z
o Yy
A. 20t = 70°
— 0 30°
c. zOt = 60°. Hinh 102
PAP AN
Cau 1
Chon B A

137



D.

1.

TOAN TY LUYEN

Cho dudng thidng xy di qua diém O. Trong cuing mdt nifa mat phing
bd xy. Ta k& hai tia Oz va Ot sao cho xOz = 120° , yOt = 150°. Tinh
s6 do géc zOt.

Huéng dén
Hai géc xOt va tOy ké bu nén : t z
xOt + fa;' - 180°.
xOt = 180° - 150° = 30° X o) y
Ta lai cé6 : xOt + tOz = xOz Hinh 103

30° + tOz = 130°

o u Vv
tOz = 130° - 30° = 100°.
2. Xem hinh 104. Cho biét xOu = vOy .

138

Chung té riing xOv = uOy. X 0 y
i = Hinh 104
Hudéng dan _
+ xOu va uOy ké bu nén : xOu + uOy = 180°
» yOv va xOy ké bu nén : yOv + xOy = 180°.
Nhung xOu = ;(TU (gid thiét) va tir hai ding thic trén ta c6 :
uOy = xOv.



§5. VE GOC CHO BIET SO DO
§6. TIA PHAN GIAC

A. KIEN THUC CO BAN

1.

Vé géc trén nita mat phing :
Trén nia mat phing cho trudc c6 bd chira tia Ox, bao gio cing vé
duge mot va chi mot tia Oy sao cho ;(—); =m (do)

. Vé hai géc trén nita mit phiang

Z
45" 7y

20()

. Tia phan giac cua m¢t goéc: la tia

. Cach vé tia phan gidc cia mgt goc :

0O X
Hinh 105 Hinh 106
Trén hinh 106, xOy= m°, xOz = n° vi m° < n° nén tia Oy nim

gitta hai tia Ox va Oz

nidm gita hai eanh cda géc va tao vdi 0 t
hai canh 4y hai géc bang nhau.

Hinh 107

Céach 1 : Dung thuéc do géc

Cach 2 : Gap gidy

5. Chu y : Pudng thing chia tia phan gidc clia mot géc 1a dudng
phan giac cua géc dé.
B. BAITAP
1. Trong mdt m¥a mjt phidng bd chia tia Ox. V& tia Oy va Ox

sao cho i'(:)"y = 87° va xOt= 70°. Goi Oy’ la tia d8i cia tia Oy.
"B "
Tinh s8 4§ géc y'Ot.

——

Giai

+ Vi xOy < xOt (37° < 70°) nén Oy nim giita hai tia Ox va Ot :

VAay ta c6 : @~+yﬁ = xOt
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+ Talaicé: yOt va tOy ké bu nén :

37° + yOt = 70°
yOt = 70° - 37° = 33°

y'Ot + tOy = 180° =
y'Ot + 33° = 180° , Hinh 108
o7 y

y'Ot = 180° - 33° = 147°

2.

Trén mit phing cho tia Ox. Héi cé may tia Oy sao cho
xOy = 30°

Giai
* Pudng thang chia tia Ox chia mat y
phidng ra lam hai nda mat phing
d5i nhau bd chia tia Ox. " by

*+ Trén méi nita mat phing c6 mot va 300
chi mét tia Oy sao cho xOy = 30°. y Hinh 109
Tém lai trén mat phdng ta chi tim
dugec hai tia Oy va Oy’ sao cho
xOy = 30° va xOy’ = 30°

Cho dudng thing xy va mjt diém O & trén dudng thing xy.
Vé trén cung m$t ni¥ta mit phing bd chiva duong thing xy.
Cic géc xOt va yOz sao cho xOt = 130° va yOz = 120°. Géc

" Om va On la cac tia phan gidc cia cac géc xOt va yOz. Tim |

s do cdc géc xOm va yOn
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Giai
« yOz va zOx ké bu nén :

yOz + zOx = 180°
120° + zOx = 180°

zOx = 180° - 120°

zOx = 60° X 0 y
Vi tia Om la tia phan giac xOy suy ra : Hinh 110
xOm = %;65: = 60° = 30°



« Tuong tu ta co : vﬂ(-St = 180" 130" = 50"

— 1 —  50°
yOn = Qy()t = ==

-

¢)lr)"'

4. Goc Ot la tia phan giac cua goc xOy, Om, On la cac tia phan

giac cua cac goc xOt va yOt. Ching minh rang tia Ot ciing

la phan gidc cua gée mOn

Giai
« Ot la tia phan gidc cua goc xOy, vi vay Ox, Oy nam trén hai nua
mat phang doi nhau bg chira tia Ot.
* Om va On la cde tia phan gidc cua goc xOt va yOt nén Om, On

cing nam trén hai nia mat phang doi nhau by chia tia Ot. Hay

Ot nam gira Om va On. i t
Talaicé:tﬁﬁ:%)ﬁlﬂa @:}6@ Q ’
. m
Vay tOm = ll @ I f
e Jeme o :
Tuong tu : tOn = p xOy Hinh 111

Tu dé suy ra : tOm = tOn
Két luan : Tia Ot nam gidra hai tia Om va On tOm = tOn nén Ot la

tia phan giac géc mOn.

5. Trén nia mat phiang bo chia tia Ox vé cac tia Oy, Oz sao cho
xOy = 40° va x0z = 120°
a) Tinh 37(72
b) Cac tia Om, On la cac tia phan gidc cua cac géc xQy va yOz.

Tinh mOn.

Giai
a) Trén cung nira mat phang b chua tia Ox;
x0y < x0z (40" < 120°) nén tia Oy &
gitra hai tia Ox va Oz do dé:
xOy + yOz = xOz

40° + yOz = 120°

Hinh 112
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yOz = 120° - 40° = 80°
b) Theo trén tia Oy g giira hai tia Ox va Oz. Om
va On la cac tia phan gidc cua ;6} va 3762
nén Oy cing nam giita hai tia Om va On

Tacé:mAOnzfﬁb?+§6;=—;~@+é-@
-1 X0y + 702) = 1302 = L120° = 67°
T Y TYRE =g =g e s

C. CAU HOI TRAC NGHIEM
» Hay chon phuong an dung.
Cau 1. Hay chon cau sai trong cac cau sau :
A. Hai géc ké nhau la hai géc c6 mdt canh chung
B. Hai géc phu nhau 14 hai géc c¢6 tdng s6 do bang 90°
C. Trén nia mat phéng cho trudc c6 b chua tia Ox, bao gid cang chi
vé dugc mot va chi mét tia Oy sao cho ;('); = m(do)
Cau 2. Trén cing mot nda mit phdng by chia tia Ox vé hai tia Oy va
Oz sao cho xOy = m° v xOz = n°. Néu n°® > nf thi :
A. Tia Ox nam giira hai tia Oy va Oz
B. Tia Oy nim giifta hai tia Ox va Oz
C. Tia Oz nim giira hai tia Ox va Oy
Céau 3. Cho géc xOy va tia Ot ta két ludn duge tia Ot 14 tia phan gidc

cua goéc §6\7 khi nao? Hay chon cau tra 11 ding trong cédc ciu sau :

A. xOt= tOy

B. xOt + tOy = xOy

C.)ﬁ+@=@vé@=@
DAP AN

Cau 1 2

Chon| A | B | C

Qo
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D. TOANTY LUYEN

1. Chung minh rang: “Gdéc tao bdi cac tia phan giac cua hai goe ké bu
la goc vuong”
Hudng dan
Goc hai tra Ot va Oy la hai tia phan giac

cua hai géc ké bu xOy va vOz.
Ta c6:

+ 0u - 0% - | 50 ; g
* ;(69 - TC)Z 21800 Hinh 113

Tl(&@ﬁ%’@}%?&

o
= é‘(@-’-@): %9—»=90°
2. Trén nia mat phang by chia tia Ox. Ve tia Oy va tia Oz sao cho :
xOz = 150°, @ = 50° tia Om la tia phan gidc caa goc 3762 Chung
to rang tia Oy la tia phan gidc cua goc xOm
Huéng dén

Ta c6 }"—62 = xOz - }T(j;/ . E.m y
= 150° - 50° = 100" 3
Tia Om la tia phan giac goc ;62 nén: :
A 1 == 0 @) x
yom = o y02 =80 Hinh 114

——— 0

Tia Oy ¢ gitra tia Om va tia Ox va @ = yOm = 50

nén Oy la phan gidc géc xOm
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§8. PUONG TRON

KIEN THUC CO BAN

1. Dudng tron va hinh tron:

*

*

*

Pudng tron tdm O, ban kinh R 1a hinh gom cac diém ciach O mot
khoang bang R, ki hiéu (O, R) hinh 115

Hinh tron la hinh gom cdc diém nim trén dudng tron va céc
diém nim bén trong dudng tron

Hinh 115

a)
M la diém ndm trén (thudc) dudng tron
N la diém nam bén trong dudng tron

P la diém nam bén ngoai dudng tron

. Cung va day cung :

Hai diém A, B nim trén dudng tron tdm O, chia dudng tron
thanh hai phan, méi phan la mé6t cung trdn (goi tdt 1a cung). Hai
diém A va B la hai mat cia cung.

DPoan thang néi hai mat 1a day cung (goi tdt la day). Day di qua
tam la duong kinh. Pudng kinh dai gap déi ban kinh.

A F
B
Ef\

a) Hinh 116 b)

BAI TAP

1. Cho doan thing AB dai 3cm. Vé duong tron (A, 3cm) va
duong tron (B, 3cm). Chiing t6 ring dudong tron (A, 3cm) di
qua diém B va dudng tron (B, 3cm) di qua diém A
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Giai

Ta ¢ - AB = 3em nén B o tren duong

tron (A, 3em) hay duong tron (A, 3em) B
di qua diem B. Tuong tu duong tron
(B. 3em) di qua diem A, Hinh 117
2. Cho doan thing OO’ = 4 cm. Puong tron (O, 3 em) va duong
tron (O’, 2 ecm) cat nhau tai C va D. Tinh d6 dai OC va O’'D
Giai
C o trén duong tron (O, 3cm) ¢
Suy ra OC = 3em 0
D o trén duong tron (O’, 2cm)
Suv ra O'D = 2em
Hinh 118
3. Cho doan thing AB = 6 cm. Puong tron (A, 3 cm) cat doan

thang AB tai M. Puong tron (B; 4,5 cm) ciat doan thang AB
tai N. Ching t6 rang
a) M la trung diém cua doan thing AB.

b) N la trung diém cua doan thiang AM.

Giai
a) Tacéo: AM =3 cm
Vi M trén dugng tron (A, 3 cm) M ¢ gidta
AB nén: AM + BM = AB ‘
3+ MB=6 = MB =3 (cm) '
Suy ra: AM = BM = 3 (cm)
Va M o gitra A, B
Vay M la trung diém AB
b) Vi N g trén duong tron (B; 4,5 cm) nén BN = 4,5 cm
N o gida A, Bnén : AN + NB = AB
AN +45=6<AN=6-45=15
ViAN<AM (1,6 <3)nénNggitaAva M
Ta c6 AN + NM = AM .
= 15+NM=3«<NM=3-15=1,5cm
Vay N la trung diém cua doan thang AM

Hinh 119
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§9. TAM GIAC

KIEN THUC CO BAN

Tam gidc ABC la gi ?

* Tam gidc ABC la hinh gém 3 doan thang AB, BC, CA khi ba diém
A, B, C khéng thing hang.

* Tam gidc ABC dugce ki hiéu l1a A ABC.
Ta con goi tén va ki hiéu tam giac ABC la : M
ABCA, ACAB, AACB, ACBA, ABAC

* Ba diém A, B, C la 3 dinh cta tam gisc

* Ba doan thédng AB, BC, CA 1a 3 canh cia tam giéc.

* Ba géc BAC, CBA, ACB la 3 géc cua tam giéc.

* Diém M (n3dm trong ca 3 géc cha tam gidc) 1a diém naAm bén trong

*N

& Hinh 120

tam gidc. Piém N (khdong nidm trong tam gidc, khong nam trén

canh nao cua tam gidc) la diém nam bén ngoai tam giac.

BAI TAP

Hay vé tam giac ABC cho biét: AB = 5cm, BC = 4cm,
AC = 3cm

Giai
- Vé doan thidng AB = 5 cm ¢

- Veé cung tron tdm B ban kinh 4 cm 3 em 4 cm
— V@& cung tron tdAm A ban kinh 3 cm

5 cm

— Lay mdt giao diém ciGa hai cung trén goéc A
giao diém d6 1a C. Hinh 121
- V& doan thiang AC, BC

. Cho 4 diém A, B, C, D & trén cung moét dudng thing d. Diém

O khéong & trén d. Héi c6 bao nhiéu tam gidac ¢6 dinh la cac

diém trong 5 diém noi trén. Liét ké cac tam giac d6?
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Giai 0)
C6 6 tam giac gom \OAB, \OAC, AOAD,
AOBC, AOBD, AOCD. d
A B C D
Hinh 122




3. Cho 5 diém A, B, C, D, E. Trong d6 C, D, E ¢ trén cung moét
duong thang. Hai diém A, B ¢ ngoai dudng thang dé. Hoi ¢o

bao nhiéu tam giac co dinh la cac diém trong 5 diém noi

trén. Liét ké cac tam giac do?

Giai
(o 9 tam giac gom AABC, y: B
\ABD, AABE, AACD, AACE, AADE,
\BCD, ABCE, A BDE s ¢ “E,

Hinh 123 D

4. Cho 5 diém A, B, C, D, E. Trong dé6 khoéng cé6 ba diém nao

thang hang. Hoi ¢6 bao nhiéu tam giac c6 dinh la cac diém

trong 5 diém ndéi trén. Liét ké cac tam giac dé6?

Giai
Co 10 tam gidc gom : A ABC, A ABD,
A ABE, A ACD, A ACE, A ADE, A
BCD, A BCE, A BDE, A CDE. A

C

D
E Hinh 124

5. Cho doan thing AB = 6 cm. Puong tron (A, 4 cm) va dudng
tron (B, 3 cm) cit nhau tai C va D. Tim d$ dai cac canh cua
A ABC va A ABD

Giai
C ¢ trén dudng tron (B, 3cm) nén BC = 3cm Y
C ¢ trén duong tron (A, 4cm) nén AC = 4cm 1‘\
Vay A ABC c¢6 cac canh : ‘ ’
AB = 6 cm, AC = 4cm va BC = 3cm D
Tuong tu A ABD c¢6 céac canh : Hinh 125

AB = 6cm, BD = 3ecm, AD = 4cm.
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5.

ON TAP CHUONG 11

. Cho duong thiang d di qua 3 diem M, N, P trong dé diéem P ¢ gita M

va N. Mot diém O ¢ ngoai dudng thang d.
a) Cho biét trong 3 tia OM, ON, OP tia ndo nidm gira hai tia cdn lai?
Vi sao ?

b) Tia PO nam giira Lai tia nao?

. Cho hai géc ké bu xOy va yOz. Goi ot 1a tia phan gidc cua géc xOy.

Tinh s6 do géc zOt biét ring xOy = 120°

. Cho ba tia Ox, Oy, Oz va tia Oy nim giita Ox va Oz. Cho biét xOz =

100° ; 2x0y = 3yOz. Tinh xOz va zOy .

Cho hai tia Ox, Oy khéng déi nhau, ké thém 3 tia kh4c nadm giita hai
tia Ox va Oy. Hdi ca 5 tia tao thanh bao nhiéu géc.

Cho hai dudng thing xy va uv cdt nhau tai O. Trong nifa mat phing
b xy chifa tia Ou ké tia Om. Cho biét xOu = 35° va yOm = 50°. Hay

tinh s& do cdc géc uOm, vOx, yOv.

. Cho hai géc ké xOy va yOz, Om va On lan lugt 13 céc tia phan gidc

cia xOy va yOz. Tinh s6 do géc mOn, biét riing tdng s6 cia hai géc

xoy va yOz la 130°.

. Cho xOy = 135°. Trong géc xoy k& hai tia oz va ot sao cho xOt = 40°

va yOz = 40°. Ching té ring yOt=xOz

Cho hai tia Ox, Oy d6i nhau trén cung nia mat phéng bd xy vé cic
tia Oz, Ot sao cho : xOz= 160°, 376% = 120°. Om la tia phén giac tOz.
Tim s6 do géc mOz

. Cho dudng thing xy di qua diém O. trén cung nita mat phdng by xy

ké c4ac tia Om, On, Ot sao cho : yOm = 40°, ;(-)-ﬁ= 80° , xOt = 80°.
Ching td ring tia On la tia phén gidc cha géc mOt

10. Ve tam gidc ABC biét AB = 3cm, BC = 4cm, ABC = 30°
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1.

2.

Giai
4 OP g gira OM va ON
by PO o giaa PM va PN
xOt + zOt = 180"

L <Oy + 20t = 180"

e

60" +z/(\)t = 180"
20t = 180° - 60" = 120"

. Theo dé bai ta ¢6 : xOy + yOz= xOz

Nén : ;-{6;' + ;(3:2= 100°
Nhung : 2x0y = 3y0z
Suy ra : @:600; )765 = 40°

4. C6 10 géc
5. Ta c6 : yOm + xOm = 180°
50° + xOm = 180°
xOm = 130°
+ xOu < xOm = (35° < 130%)
xOu +- uOm = 130°
uOm = 130° - 35° = 95°
+ vOx + xOv = 180°
vOx + 35° = 180°
vOx = 180° - 35° = 145°
«+ xOv + vOy = 180°
145° + vOy = 180°
vOy = 180° - 145° = 3¢
6. mOn = r_r—;(—); + ;6;
=l@+l§6§= —1-(@4—3755)
2 2 2
= %130":650
7. *+ yOz + zOx = xOy = 135°

—

40° + zOx = 135°

™M P\ N\

Hinh 126

Hinh 127

O  Hinh 129
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10.

150

z0x = 135" - 40° = 95° z

* x’(jz + tﬁ; = )T(—); = 135° Y t
40° + tOy = 135° 40°
tOy = 135° - 40° = 95° 0
T O
Tu d6 suy ra : yOt =xOz Hinh 130

. xOt + tOy = 180°

xOt + 120° = 180°
xOt = 60°
xOt < xOz (60° < 160°)
Nén tia Ot ¢ giita 2 tia Ox, Oz
xOt + tOz = 160° x

60° + tOz = 160°
tOz = 160° - 60° = 100°

z0m = L t0z = L100° = 50°
2 5

Hinh 131

Ta ¢6 : yOt + tOx = 180°

yOt + 60° = 180°
yOt = 180° - 60° = 120° - m
* yOm < 376;1 < 376-t 80°

(40° < 80° < 100°) = 10

‘Nén On ¢ giita Om va Ot X O
Ta lai ¢6 : m + -mOn = 80° Hinh 132
40° + mOn = 80°
mOn = 80° - 40° = 40°

yOn + nOt = yOt = 120°
80° + nOt = 120°
nOt = 120° - 80° = 40°
Suy ra mOn = nOt = 40°
Vi vay On 14 tia phan gidc géc mOt

Hinh 133
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